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A Statximekt bt the Publishbb 

Tlie Atomic BomL 

The present widespread interest m the atomic bomb leads us to call 
attention to certain sections of this hook in which the author has dis^ . 
cussed in detail the principles of the bomb. Although the bomb itself 
is new> information concerning the conversion of mass mto energy^ the 
splitting of uranium %S5^ the tremendous energy released by this 
splitting, and the production of the new elements 98 and 94 (recCnliy 
named neptumum and plutonium) by neutron bombardment of uramum 
is contained herein The author is to be congratulated upon incor- 
porating so much of the information pertinent to the atomic bomb m a 
book published m 1942 

The basis of the bomb is the conversion of mass into energy Energy 
IS released or absorbed m all atomic disintegrations. When ^uranium, 
thorium, protoactinmm and apparently the new element plutonium are 
disintegrated by neutron bombardment, the atom is split mto two 
roughly equal fragments. Large amounts of energy are released 
Uranium 236, and apparently plutonium, are of unusual importance 
because they can be split by slow neutrons Development of the atomic 
bomb itself has been largely a matter of accumulating enough of the 
uranium 285, or the plutonium, to release the required energy, and to 
control the splitting of these atoms so that they will not be split tintil 
desired butvcan all be split in a short interval of time when it is desired 
Details of separating uranium 235 from the more abundant but still rare 
uranium 283, and details of making the plutonium from uranium 238 on 
a su£&ciently large scale, have not yet been released. 

For the convenience of the reader who is interested m developments 
leading to the atomic bomb, we call attention to the foUowmg specific 
discussions m this book 

Interchangeability of Mass and Energy, pp 185, 374, 387, 396, 445, 449. 

Energies Associated with Atomic Disintegrations, pp. 445-447 

Splitting of Uranium, pp. 447-449 

Energy Eeleased m Splitting Uramum 285, pp. 449-460 

The New Elements, Neptunium and Plutomum, pp 448, 451-452 
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PREFACE 

1 he study of the fundamental particles of physics is unusually interesting 
to most students. At the same time it constitutes one of the most basic 
fields of preparation for understanding the modern concepts of atomic 
structure. It is essential to an appreciation of research being carried, on 
in many fields. Out of these studies have come many important discoveries. 
There are, for example, the atomic character of electricity, the existence 
of isotopes, the photon character of radiant energy, the positron, the 
neutron, the mesotron, the artificial disintegration of the elements, the 
nature of radioactive processes in both natural and artificial radioactivity, 
the nature of cosmic rays, and the all-important discovery of the conversion 
of mass into energy, and vice-versa. 

For the past fifteen years it has been the author’s pleasant duty to give 
annually to a class of juniors, seniors and beginning graduate students at the 
University of Kansas, a survey course in the field of modern physics. This 
course has been built around the ‘‘particles” of modern physics, the elec- 
tron, positive rays, photons, positrons, neutrons, mesotrons, X-rays, 
a, j(3, and 7 -rays, and cosmic rays. It is essential that one proposing to 
study in the field of physics becomes familiar early in his program with the 
(‘xperiinental evidence for the existence of these “particles,” and with the 
many physical concepts to which studies of this character have led. A 
great many of these concepts are equally important in chemistry, and in 
certain fields of biology, and of electrical engineering. Through the years 
the author has attempted to present these concepts and the evidence which 
serves as their foundation, in a relatively simple yet thorough manner which 
can be followed by any good student who has had the usual courses in 
general physics. The enthusiastic response of students, as evidenced by 
eager interest in the classroom and by numerous statements made by 
former students, has convinced the author that he has been successful in 
this attempt. 

The present book covers essentially the same material as has been 
prescuited to these classes, and the order of presentation is much the same. 
Naturally, more detailed discussions have been incorporated in the book 
than have been possible in class lectures. Many parts of the book have been 
mimeographed in abbreviated form in past years and used by students. 
The author hopes the book will serve two purposes. First, it is intended to 
convey to the student early in his career many of the essential fundamental 
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PREFACE 


concepts of modern physics. The experimental foundation for these con- 
cepts has been stressed throughout. Second, it is intended to serve as a 
valuable reference book for the more advanced student. Many specific 
references have been incorporated for this purpose. It has of course been 
impossible to make these references all-inclusive in any given field. Specific 
references have generally been given to the early works in a particular field, 
to a number of the more important intervening ones, to numerous of the 
recent researches, and to published summaries. From the last two of 
these, the student can obtain an excellent start on the literature in a given 
field. 

In writing this book, the author makes no claim to originality of material. 
The author’s contribution has been only to keep himself well read in this 
periodical literature, and to arrange in a logical and teachable form what are 
generally regarded as the most significant concepts which have sprung from 
these researches. In this undertaking the author is greatly indebted to 
authors of books in specialized fields. The material contained therein, and 
often referred to specifically, has been valuable in helping the author decide 
just what to include in a general survey of this character. The writer 
is also indebted to those authors and publishers who have so kindly allowed 
the reproduction of numerous photographs, and he takes pleasure in express- 
ing his appreciation at this time. He is grateful also to his colleagues who 
have offered criticisms of this work. Particularly does he wish to express 
his appreciation to Dr. Richard M. Sutton of Haverford College in this 
connection. The author wishes to express his appreciation also for con- 
siderable stenographic work and for some drafting work furnished by the 
N.Y.A. 


J. D. Stkanathan. 

University of Kansas 
{March, 1942) 
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ChapltT 1 

GASEOUS IONS AND THEIR BEHAVIOR 

». GENERAL CONCEPTS OF IONIZATION 
*(om« SUniMiUiry ObHrvKtioni 

I'mlpr iiiiriiinl riniilitiMiiH khm-s «n* lUiumK th«‘ best insulators of elec- 
tfirity kiumu TTiry nr«* siieli kiioiI insulators tbnl, in the early days of 
uririirr, wrKiiiiiritl Mro«- iih to whether they e<mduet eleetrioity at all. It 
t* now known (IimI nil Kates under all praetieal conditions do conduct 
•otiirwhni Hul under normal conditions the cunduetivily is .so small that 
i-arrful oliMTx ationt «re ins-estary to |>rove that it e.xist.s. From the first 
tiiidir* of rlrstrieilx it Wat known that u Kohl leaf ele(‘tTosc‘o{>e or other 
i-harKol IsmI.v Krnibtally loses its eharKe rcKurdh^ss of precautions taken to 
iiisnrr icssl msidiilion Hut it was not kn»)wn whether the conduction of 
rierinrily fn.iii tile ehiirKi'd Isnly t<wik place entirely throuKh or over the 
surface of the wdnl insulators us«sl, or whether the surroumliiiK air or other 
Kas was also coioluctuiK 

('oiiloinli' was the tirsi to conclude that, after allowiiiK for the charge 
lost by a IhmIv .Iuc t.i conductivity of the solid insulator used, there remained 
an addilKu.al loss of cliarKc which must he attributed to leakage through 
thr siirfoun.ling air This eoncliision was repeatedly verified as other 
obsrM rrs added further mf..riiiatioH.’ I'erhaps the most ilirecl proof that a 
normal gas d-a-s conduct somewhat was rurnished by a .simple experiment 
l»rrform»s| almost simultainsiusly by T'. It. Wilson* and by Geitcl.* 
Wilson iiscl an ilrs-t roscopc such as shown in Fig, 1. It differed from the 
usual tyiw o.dv III the addition of a second in.sulator li and a switch /). 

n.r rbstrowojH ssas rouiiccted to a fixed potential difference, 

and tio leaf svst.tn f charged by tipping the in.strnment until .switch I) 
mad. contacl riic switch was then allowed to open, but f' was left con- 
1 , IS ted to the SI.IIICI of poiciitiiil. It was observeii that the leaf .system 
gradually lost its charge, n.is could not be due to leakage across the 

• r \ « .br.WrmiV./cs.SciVno*. fllg (17Hfi) . 

• J J n.n.i.s..!. sicl I , IV rifiiisoii. tWiiiWiWi ../ Kh-Ctnntv I hrnuyhdnaeK, (3rd od., 

",1.;:..... iv... ,<«->. v..i - .'-■.■i.'"""- 

• It l.olrl, I’UlfS ZoO . 1 , tta tlWKI). 
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insulator 5, for since C is maintained at its original potential, any leakage 
across the insulator would tend to keep the leaf charged. The air itself 
must conduct electricity from the leaf, and in this experiment the leakage 
through the air was more than could be compensated by that across the 
sulphur insulator B. 

Numerous other workers contributed jfurther information.® Leakage 
through a gas depends upon the diflPerence in potential between the charged 
body and its surroundings. Or, more properly, it depends upon the 
electrical field strength in the gas. The leakage current grows larger with 
increases in field strength, gradually arriving at a maximum value which 

remains constant for any further reasonable 
increase in field. The leakage is less the lower 
the pressure of the gas. Crookes® showed very 
early that a pair of gold leaves placed in a good 
vacuum retained a charge for several months. 
The maximum value of the leakage increases 
with the volume of the vessel inclosing the 
charged body. The maximum leakage is pro- 
portional both to the volume of the vessel and 
to the pressure of the gas. It is thus propor- 
tional to the total number of molecules nearby, 
just as if a given fraction of these contribute to 
the conduction. Peculiarly, the leakage de- 
pends upon the thickness of the walls of the 
vessel containing the gas, and even upon the 
thickness of some material such as lead which 
may be placed around the outside of the vessel. 
The leakage decreases rather rapidly at first as 
the surrounding lead is made thicker, due, as 
was found later, to the absorption of stray 
radioactive radiation which renders a gas 
conducting. After the thickness of the lead reaches an inch or two, the 
further reduction with subsequent increases in lead thickness is very slow 
indeed. Eegardless of any practical thickness of lead used, some leakage is 
still apparent. This is due to the very penetrating cosmic rays discovered 
not so many years ago. These render a gas conducting, and their effect 
has been observed® even after they have penetrated some 1,600 feet through 
the earth. It was found^ that the leakage through air in caves and cellars 
where the air is stagnant is much greater than in the open air. This is due 

^ W. Crookes, Proc. Roy. Soc., A, 28, 847 (1879). 

® V. C. Wilson, Phys. Rev., 53, 204, 337 (1938). 

J. Elster and H. Geitel, Phys. Zeits., 2, 560 (1901). 



F’ig. 1. — Illustrating the 
electroscope used by Wilson to 
show directly that a gas con- 
ducts electricity. A and B are 
sulphur insulators. P is a 
switch that can be closed 
or opened by tipping the 
electroscope. 
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to nunute quantities of radioactive substances in the earth; thes'e give rise 
t^ radioactive gases which diflFuse slowly through porous walls fnto the 
.^agnant air, rendering it conducting by their subsequent radiations. 
While It 18 evident that the normal leakage through air depends greatly 
upop a number janable quantities, it is always very small, something 
of the order of 10 amperes per .cubic centimeter of air contained in a 
small vessel at atmospheric pressure. 

There are, however, many ways in which the conductivity of a gas 
can be increased tremendously. For example, the current carried by 
the ga.s in the usual neon sign, or in certain types of “vacuum” tubes, 
is millions of millions times the normal leakage current. The conductivity 
of a gas can be increased greatly by bombarding the gas with high speed 
particles, such as electrons. Or it is increased if any radioactive material 
is placed nearby; and this is the case regardless of whether the radioactive 
substance emits alpha, beta, or gamma radiation. Or if X-rays are allowed 



Kui. Si. — Illustrating that a gas retains the property of conducting electricity for a short time 
after the exciting agent is removed. 


to puss through the gas the conductivity is greatly increased. Ultraviolet 
light produces a similar effect, though visible light, infrared heat radiation, 
ainl radio waves have no effect. Or the gas can be made conducting by 
heating it to a high temperature, as with a Bunsen flame. In each 
of these case.s, the conductivity (the reciprocal of the resistance) varies with 
the potential difference established across the gas. Unlike the case of a 
metallic conductor, no fixed resistance can be assigned to a sample of gas. 
When sufficiently large potential differences are applied across a gas, the 
conductivity is found to increase rapidly with further increases in potential; 
finally the gas becomes so conducting that a spark discharge occurs between 
electrodes. These observations must all be considered in any theory of the 
manner in which a gas conducts electricity. 

Another significant fact is that if a gas be subjected to radioactive radia- 
tions, X-rays, ultraviolet light, or a flame, and be drawn immediately 
through a charged electroscope. Pig. the leaf system discharges rapidly; 
if the gas be allowed to stand for a few minutes after exposure and then be 
<lrawn thiough the electroscope, the conductivity is no greater than if the 
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gas had never been excited by one of the agencies mentioned. The gas doe^* 
retain the ability to conduct, however, for a good number of seconds aftef* 
the exciting agent is withdrawn; the conductivity gradually diminishes^ 
with time, finally approaching the value prevailing before the excitation. - 
There are several ways, however, in which the ability to conduct can be 
destroyed even though the gas is drawn through the electroscope immedi- 
ately after excitation. If the gas is made to pass through a glass wool plu^ 
placed in the tube at A, or made to bubble through water, or made to pasH 
between two small metal plates between which a strong electric field exists 
the gas is no more conducting than if it had not been subjected to the* 
exciting agent. 



V 

Fig. 3.— (a) An ionization chamber with radioactive material R to render the gas oonducting- 
(6) A typical current versus potential curve. 

The manner in which the current carried by a gas varies with the 
potential difference applied between the electrodes is also significant in 
forming any concept of the conduction process. Let us consider a gas, say 
air at atmospheric pressure, within a so-called ionization chamber as shown 
in Fig. 3(a). Let some radioactive material R be placed within the chamber 
so as to render the gas appreciably conducting during the experiment. 
If various potential differences V are now applied across the gas and the 
resulting currents i measured by some sensitive instrument G, the current i.s 
found to vary in the manner shown in Fig. 3(6). For very low applied 
potentials the curve starts off essentially as a straight line; that is, the gas 
approximately obeys Ohm’s law. At slightly higher potentials the current 
increases less rapidly than necessary to conform to Ohm’s law; the “resist- 
ance” of the gas has increased. At still higher potentials the current 
approaches an essentially constant value known as the saturation current; 
further increases in applied potential (within limits) fail to increase the 
current. At very much higher potentials the current again begins to mount. 
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slowly at first, and then, more and more rapidly, imtil finally a spark dis- 
charge occurs. The actual magnitude of the current at any particular 
applied potential, as well as the actual potential difference corresponding 
to any characteristic part of the curve, depends upon the strength of the 
radioactive material, the volume of the ionization chamber, and the position 
of the electrode within the chamber. Larger saturation currents result 
from stronger exciting agents, but a larger potential is required to produce 
saturation current. This saturation current is a measure of the strength of 
the exciting agent, provided other things remain the same. The final spark 
discharge occurs, in air at atmospheric pressure, when the potential is 
sufficient to produce a field strength of the order of 30,000 volts per cm. in 
the ga.s. 
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Methods of Measuring Small Currents 

Currents of the size indicated in Fig. 3(b) cannot be measured with 
the ordinary portable ammeter, or even with the most sensitive I>’Arsonval 
galvanometer. The limit of the former is 
around 10 amperes, while that of the latter 
is around 10“'®. There are other methods, 
however, which allow the measurement of 
currents far .smaller than this, currents as 
small as 10“'’ amperes; and often it is 
desirable to measure these minute currents. 

The oldest aiul most widely used method 
consists of observing the rate at which some 
form of (‘lectro.seope or electrometer loses or 
guiii.s charge* us the desired current is allow* ed 
to How to it. . Fig- 4 shows several forms ot 
.such iiistriiments, tlie details and u.se of 
which are dc.scriheel elsewhere.® ihe posi- 
tion of the gold leaf in the electroscope, 
the angular po.sition of the movable vane in 
I be (inadrant electrometer, or the position of 
the “string” in the string electrometer de- 
Iieiids iii>on the potential to which the 
movable cleineiit i.s charged. 

Lot K, ami V', be the potentials corres- 

it thi, s, mo.. 

ftm'L erit to th. posW«n a, the dsW “ 

. B, H«.g. 

pp. »fi6-4()8. 
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Fig. 4;. — Types of current meas- 
uring instruments, [a) Gold leaf 
electroscope, (b) Single fiber 
string electrometer, (e) Dolezalek 
quadrant electrometer, (d) Linde- 
maim electrometer. 
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charge or discharge it. If Q be the quantity of electricity which must be 
delivered to or taken from the insulated element to change its potential 
from Fi to F 2 , and if C be the electrical capacity of this element and all 
wires connected to it, then 

Q = C(y^ - Fi). 

But the current flowing to or from the instrument is given by 

Hence 


Knowing the potentials Fi and F 2 corresponding to the two positions 
between which the movable element was timed, and knowing the capacity 
Cy the current can be evaluated. In this way currents as small as 
amperes can be measured. For high current sensitivity it is essential to 
keep the electrical capacity of the insulated part of the electrometer, 
including all lead wires connected thereto, as small as j)ossible. This 
requirement is clear from the equation above. 

There is a considerably more convenient but somewhat less sensitive 
method of using an electrometer to measure small currents. In this 
method the current is allowed to flow through a very high resistance, of 
the order of 10^® ohms. Even though the current be very small, the 
potential drop across such a high resistance is appreciable. This small 
potential drop is then measured with the electrometer. Knowing th(^ 
resistance used and the potential sensitivity of the electrometer, the current 
can be calculated. The convenience of this method lies in the fact that the 
electrometer assumes a fixed deflection corresponding to a given current. 

In recent years vacuum tubes have often b^en used in measuring small 
currents. Various schemes® have been employed. In principle, most of 
these are much alike. The current to be measured is allowed to flow 
through a high resistance, say 10^® ohms. One or more vacuum tubes, 
comprising a direct current amplifier, are then used to amplify this potential 
drop. The amplified output, which is sufficiently large to measure with a 
sensitive D’Arsonval galvanometer, or in many cases with a portable 
instrument, gives a measure of the desired current. Currents as low as 
10“^^ amperes can he measured in this way. 

Regardless of what method is used to measure these small currents, many 
precautions are necessary if large errors are to be avoided. Leakage cur- 
rents across dirty insulators may be larger than the current one is attempting 

^ K. Henney, Electron Tubes in Industry (2nd ed,; New York: McGraw-Hill, 1937 ), pd, 
73 - 91 . 
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t/) measure. Leakage through the surrotinding atmosphere will often 
eiatirely mask the small current being measured. In order to avoid this, 
it is necessary to inclose all parts of the insulated system, including con- 
necting wires, within a grounded metal shield. This reduces the leakage by 
limiting the volume of air contributing to the leakage ; it also insures a much 
more nearly constant leakage. At the same time such shielding insures a 
constant capacity for the system. This is important in methods where this 
capacity is involved. 

The Ionization Theory of Conduction 

Interpretation of General Phenomena . — ^Let us now consider the actual 
conduction of electricity through a gas, particularly the manner in which 
this conduction takes place. In view of the various observations already 
mentioned, it appears that conduction can be interpreted best by supposing 
that the passage of radioactive radiations, X-rays, or cosmic rays through 
the gas, or the heating of the gas, produces charged systems within the gas. 
'I'hese charged systems are molecules which have either lost or gained an 
electron, thus making them positive or negative. They are called ions. . 
The agencies that render a gas conducting are said to ionize the gas. Actual 
conduction takes place by movement of the gaseous ions along the direction 
of the applied field, the positive ions drifting in the direction of the field and 
the negative ions in the opposite direction. Ionization of the gas surround- 
ing a charged electroscope would account for the fact that the leaf gradually 
loses its charge; the leaf attracts ions of sign opposite to its own, thus 
neutralizing the charge thereon. The fact that an electroscope or other 
charged body always discharges to some extent, indicates that the air is 
always slightly ionized. This condition is due to slight radioactive con- 
tamination in the earth and in walls of buildings, and to the ever present 
penetrating cosmic rays. With this concept of conduction in mind a great 
majority of the facts previously mentioned become obvious. For example, 
the leakage through a gas increases with the volume of the vessel containing 
the gas simply because the charged electrode can draw ions from a greater 
region. Likewise, the gradual decrease in conductivity of a gas after the 
ionizing agent has been removed means that positive and negative ions 
gradually recombine. During the many collisions of the ions with other 
molecules, ions of op])osite sign often come sufficiently close together that 
they unite, forming neutral molecules; they do not contribute further to the 
transfer of electricity. Removal of the ability to conduct by filtering an 
ionized gas through glass wool or water means merely that the ions have 
been removed by the filtering. 

The ionization theory, with certain logical additions, will also explain 
the general features of the current-potential curve shown in Fig. 3(6). 
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Let us say that there are q pairs of ions per ec. produced per second through- 
out a gas by the action of an ionizing agent. In general these ions disappear 
by three distinct processes. Some of them are urged to the electrodes of the 
ionization chamber by the applied electric field; these contribute the current 
observed. Other ions recombine before reaching the electrodes. Still 
other ions are lost by slow diffusion to the walls of the containing vessel 
and to the electrodes. In many cases the effect of diffusion is negligible; 
in other cases it cannot be ignored. Let us suppose that there are n pairs 
of ions present per cc, at any time, n positive ions and n negative ions. The 
probability that one particular positive ion will collide with some negative 
ion and thus recombine, is proportional to the number of negative ions 
present per cc., that is, to n. Since there are n positive ions present per cc., 
the chance of a collision between some positive ion and some negative ion 
is, therefore, proportional to The number of recombinations R per cc. 
per second is then given by 

R = an^ (1) 

where a is a constant called the coefficient of recombination, a constant 
which can be measured experimentally.^® If one allows an ionizing agent to 
act upon a gas continuously, there are q new pairs of ions appearing per cc. 
per second. If no electric field is applied the ion concentration increases 
for a time, but as more and more ions are furnished to the space, the chance 
of recombination grows larger. The actual ion concentration n continues 
to build up until the number of ions recombining per second is just equal to 
the number of new ions furnished per second. When equilibrium conditions 
are reached 

om? = q. 

Thus the number of pairs of ions actually present per cc. at any time is 

n = = a constant. (2) 

In case an electric field is applied across the gas the situation is in general 
quite complex. Let an electric field E be applied. The positive and 
negative ions will be set into motion by this field. The force acting upon 
any one ion with charge e and mass m is Ee, The acceleration of the ion 
is Ee/m, The ion will increase in speed until it collides with a molecule. 
It is assumed that on the average the ion loses all of the energy imparted to 
it by the field and that it again starts out after each collision with zero 

J. J. Thomson and.G. P. Thomson, Conduction of Electricity Through Oases (Srd ed.; 
London: Cambridge University Press, 1928), Vol. I, pp. 20-40, discuss a number of methods 
of measuring this coefficient. 
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velocity of drift. If r be the mean time between collisions of the ion with 
molecules, the final velocity the ion will acquire, on an average, between 
consecutive collisions is {Ee/m)r. The average velocity U is then 


u = ~E = uE 

%7ri 


where is a constant. That is, the average velocity with which an ion 
drifts through a gas is proportional to the field strength urging the ion. 
The factor of proportionality u is called the mobility of the ion; it is numeri- 
cally equal to the velocity imparted by unit field. This drift velocity 
imparted by the electric field is, of course, superimposed upon the velocity 
of thermal agitation which is shared by the ions as well as the molecules. 
It can be shown that the average kinetic energy of thermal agitation of a 
particle of mass m flying around with an average velocity v is given by 

= syjcT 

where fc is the Boltzmann gas constant per molecule appearing in the gas 
law, and where T is the absolute temperature. If one calculates the average 
velocity of an oxygen molecule at about room temperature, he finds a value 
approximately 5 X 10'^ cm/sec. This is 
roughly the velocity of a rifle bullet. It 
will be shown later that the average drift 
velocity imparted to an ion by an electric 
field of a few volts per cm. is only a few 
cm/sec. Thus, for reasonable fields, the 
drift velocity is very small as compared to 
the thermal velocity. But on the average 
the iqn gets nowhere due to its thermal motion; it drifts gradually toward 
the electrode due to the small drift velocity. 

Let us proceed now to calculate the current through an ionized gas when 
a field E is applied. The mobilities of positive and negative ions may well 
he different; let them be represented by u and v) respectively. Consi<ler 
any section through a gas taken perpendicular to the electric field. The 
current density through the gas is the charge passing through unit area 
of this section per second. The velocities of positive and negative ions are 
respectively 

U = uE and W = ?/?/? 

Then in one second all positive ions within a distance Fig. 5, on one side 
of the section and all negative ions within a distance IV on the other side 
of the section will pass through the section. If there be 7i ions of each kind 




-U“ 


Fig, 5 . 
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per cc., if each ion carry a charge and if A be the area of the section, the 
resulting current is 

i 5= n(uE + wE)Ae = nAeiu + w)E (3) 

This is in general quite complex, for w is a function of the current i. There 
are, however, two limiting cases which are simple. First, if the field applied 
across the gas is so small that the number of ions drawn to the electrodes 
is negligible as compared to the number recombining, then the number of 
ions present per cc. is essentially constant and equal to the equilibrium value 
given by Eq. (2) . Under such conditions the current given by (3) becomes 

Ae(u + w)E = (a constant) E 

Thus, for very small fields the current is proportional to the field applied; 
that is, the gas obeys Ohm’s law. This explains the initial nearly straight 
line section of the current-potential curve observed experimentally and 
illustrated in Fig. 3(&). Secondly, if the applied field is so large that prac- 
tically all of the ions are drawn to the electrodes before recombination takes 
place, the phenomenon represented by the horizontal section of the experi- 
mental current-potential curve results. If all ions are drawn to the elec- 
trodes an increase in applied potential can draw no more. Under such 
circumstances the current would be 

saturation current = qe (volume of gas ionized). 

This expression has been repeatedly verified as regards its dependence 
upon the volume of the ionized gas. The fact that the field required to 
produce saturation current depends upon the intensity of ionization in the 
gas and upon the shape of the vessel and the position of electrodes therein, 
is to be expected. The more intense the ionization the greater is the field 
necessary to produce saturation. Likewise, in a vessel of such shape that 
some of the ionized gas is far from the electrodes, the field necessary to 
produce saturation current would be large. 

Quantitative interpretation of that section of the current-potential 
curve lying intermediate to the part conforming approximately to Ohm’s 
law and the part representing saturation, is far more involved. Over 
this range the number of ions recombining is of the same order as the 
number reaching the electrodes; hence, neither of the above special treat- 
ments apply. Qualitatively at least, this section of the experimental 
curve runs as one would expect from the ionization theory. Also, the rapid 
increase in current for very large applied potentials is consistent with the 
ionization theory, provided one assumes that gaseous molecules can be 
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ionized when st.niek by ions of sufficiently high velocity. I^et us therefore 
investigate the possibility of ionization by collision. 

7'o‘umsiend\s' Theory of Ionization by i^oUmon. — Each atom that goes into 
the formation of a molecule is itself composed of a small, positively charged 
central nucleus surrounded by planetary electrons arranged in definite shells. 
It takes a definite amount of energy to detach one of these electrons from 
any particular kind of atom or molecule. Even before this detailed knowl- 
edge was available, it seemed logical that it might require a definite amount 
of energy to ionize a molecule of a certain gas, an amount of energy inde- 
pendent of the nature of the ionizing agent. One would expect that any 
agent capable of transferring this amount of energy to a molecule would be 
capable of ionizing the gas. An electron or a gaseous ion with sufficient 
velocity to possess the required amount of energy might ionize a molecule 
with which it collides. It is found experimentally that it often does. 

From extensive studies of the rapid increase in current at potentials 
nearing that necessary for the spark discharge to occur, Townsend concluded 
that the rapid increase in current accompanying an increase in applied 
field is (hie mainly to the production of new ions by collision. The ions 
initially present, those formed by the source of ionization, are given rela- 
tively high velocities by the applied field before they undergo a collision 
with a molecule. If the applied field is sufficiently high that the amount 
of energy re(iuired for ionization is imparted to the ion during its description 
of one free path, it may, upon collision at the end of this path, ionize the 
molecule which it strikes; thus additional ions are formed. In the same 
way these additional ions are given high velocities and they in turn ionize 
other molecules with which they collide. Tlu‘ process is ciimnhitive until 
in the end the s})ark discharge occurs through the gas. Except at pressures 
so low that the mean free path of the moh^cule is c.omi)arable with the 
dimensions of the vessel containing the gas, onc' would expect the field 
strength necessary to cause extensive ionization by collision and the conse- 
(|uent spark discharge, to be proportional to the gas pressure; for the mean 
free path is inversely pro])ortional to pressure, and the energy imparted to 
an ion between collisions is proportional to the [)roduct of field strength 
and mean free path. It is found experimentally that the field necessary to 
cause the discharge is closely ])ro])orti()nal to pr(\ssurc, down to pressures 
of the order of a cm. of mercury. From data on gases in non-uniform fields, 
say in a cylinder with a coaxial wire, Townsend concluded that the negative 
ion is more effective than the positive ion in producing ionization by collision. 

In studying quaJntitativcly the theory of ionization by collision, let us 
consider first only the ionization produced by negative ions.‘^ Consider 

" J. S. 'rownaend, Klcctriciti/ in (la.ir,i (Oxtonl: < Clarendon I’rpss, 1 015), pp. idO “33(1. 

“ J. S. Townsend. Phil. Mag., 1, 108 (1001). 
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one particular negative ion a distance a from the positive electrode. Fig. 6. 
In its passage to the positive electrode many additional ions will be formed. 
Let a be the number of new pairs of ions formed by collision per cm. length 
of path of an ion. And let n be the number of ions existing due to the one 
original ion, after the original ion has travelled a distance x on its journey 
to the plate; n includes the one original ion and all others formed either 

Within the small additional distance dx there 
will be more new ions formed. Let dn repre- 
sent the number of new pairs formed in the 
additional distance dx. Then from the 
definition of a 

dn = na dx 

In order to find the total number of negative 
ions Ua that finally reach the positive plate 
due to the one original ion that started a distance a from the plate, 
one needs only sum all of the small quantities dn corresponding to all 
possible elements dx between the values a; = 0 and x — a. Over this range 
of x the quantity n varies from the original 1 ion when x = 0 to the final 
value na when x == a. Thus 



Integrating each side of this equation, 

[log ?l]^ = na = 

That is, for every one ion starting a distance a from the plate, ions 
finally reach the plate. 

Now in any actual case the original negative ions may all start at the 
same distance from the positive plate; or they may start at various places 
within the gas, and hence at all possible distances from the plate. A 
practical way of causing all the original negative ions to start at the same 
distance from the positive plate is to use a photoelectrically active plate as 
the negative electrode and to shine ultraviolet light upon this. Electrons 
freed from the negative electrode provide the original ionizing particles. 
Whether these electrons are themselves the ionizing particles, or whether 
they attach themselves almost immediately to neutral molecules and thus 
form negative ions, is a question of importance, but one which will be 
deferred for the present. If the distance between the plates be d, and if 
there be No electrons freed per second per unit area of the negative electrode, 


directly or indirectly by it. 


dx 


Fig. 6. 
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tions, the one for which the negative ions were all formed at the negative 
electrode and the one for which they were formed uniformly throughout the 
gas, that there are no ions lost through recombination. As soon as ioniza- 
tion by collision sets in, the ion concentration is increased greatly by the 
new ions formed; even though the field strength necessary to produce such 
ionization is more than sufficient to draw normal saturation current, it is 
not certain that it will be sufficient to draw out the now more closely 

spaced ions before recombination sets 
in. Even so, recombination is fairly 
negligible in most cases. 

Although the contribution due to 
positive ion collisions has not yet been 
considered, it is nevertheless interest- 
ing to see how the concept so far 
developed fits experimental data. It 
is found experimentally that for elec- 
tric fields at which this phenomenon 
first sets in, that is, for fields just 
above those corresponding to the hori- 
zontal section of the current versus 
potential curve shown in Fig. 8(6), the 
negative particle is far more effective 
in producing ionization by collision 
than is the positive ion. Hence, the 
concept of ionization by collision of 
negative ions can be tested by con- 
fining measurements to fields which 
are relatively low, yet large enough to 
produce some ionization by collision. 
Using a pair of parallel plates adjust- 
able as to distance of separation, and 
using X-rays as a source of uniform 
ionization, Townsend^^ secured sufficient data to plot numerous curves 
similar to those reproduced in Fig. 8. Curves were obtained not only for 
various distances between plates, but also for various gas pressures and 
various degrees of original ionization. The theory was then tested by using 
experimental values of i/ib and d in the equation 

. - 1 

1 — io 

a 

and calculating the value of a. The fact that a is found to be constant for 
any one gas under a particular pressure and field strength, regardless of the 
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Fig. 8. — Showing the manner in which 
the current starts to rise due to ionization 
by collision of negative ions at high field 
strengths. Curves ar^ shown for three 
different plate spacings, 2, 1, and 0.5 cm. 
Note that for a given field the ionization 
current is larger for a large separation of the 
plates than for small separation. Data are 
for air at a pressure of 1.10 mm. of Hg. 
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degree of ionization and of the distance between plates, shows that the 
theoretical ec^uation fits the experimental curves. As one would suspect, 
a does depend upon the pressure of the gas and upon the electric field 
strength. 

Another method of testing the collision theory and of determining the 
value of a, a nmethod more convenient and more accurate than that utilizing 
uniform volume ionization, is one in which all of the original negative ions 
are formed photoelectrically at the negative electrode. It has been shown 
that under this condition 

i = 

If measurements are made for two different plate spacings di and using 
the same electric field strength and the same original ionization in each case, 
the two corresponding currents are given by 

ii — and 

Dividing one of these equations by the other, 

li ^ 

k 

Using the observed ratio of currents and the difference of the observed 
distances between plates in the two cases, one can calculate the constant a. 
For any given gas at a given pressure and field strength, the value found by 
this method agrees with that found by the uniform ionization method. 

Experiment shows that the quantity a varies with pressure and field 
strength in such a manner that the ratio a/p is some function of the ratio 
E/p, where p is the pressure of the gas and E is the electric field strength 
ai)plied across the gas. That is, specification of the ratio E/p determines 
(‘ompletely the ratio a/p. The data^‘ in I'able 1 are taken at several 
different pressures and field strengths so chosen as to bring out this func- 
tional relationshi]). Many data^^ of this character led Townsend to write 
the functional relationship 
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Experimental values of a for various pressures of hyclro^<en subjoeied to various field strea^?ths. 
IVessiires are in mm. of Hg; field strengths are in volls/cni. 
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where the form of the function / is undetermined. One can best test this 
general relationship by plotting values of ajf against corresponding values 
of E/p for any given gas. If the functional relationship holds, then the 
-individual data should fall on a smooth curve regardless of the values of 
pressure and field strength at which they are taken. Townsend’s test of 
this relationship is reproduced in Fig. 9. This curve was actually continued 
up to field strengths some six times the largest shown here, and the additional 
points were found to fall equally well on a smooth curve. More recently 
Sanders^® has made a far more accurate and extensive test of this relation- 
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Fig. 9. — Test for, a functional relationship between the quantities a/p and ^/p. 

ship, and found it to hold quite accurately. Whereas Townsend’s measure- 
ments were all made at or near atmospheric pressure, Sanders’ observation? 
were made at pressures of 1 mm. of Hg and 380 mm. of Hg. 

The existence of this functional relationship was regarded as strong 
evidence in favor of the concept of ionization by collision, for it can be argue( 
on quite general grounds that one would expect such a relationship. Th< 
argument can be made as follows: When a negative ion moves through \ 
gas under the action of an electric field, it collides with a number of neutra 
molecules, some of which become ionized as a result of the collision. On- 
would expect the fraction of collisions resulting in ionization to depend upoi 
the energy of the ion at impact. At any rate, as long as the gas pressur 
and the field are so related that the energy of impact is a certain definit 

w F. H. Sanders, P%«. Rev., 41, 667 (1932); 44. 1020 (1933). 
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value, one would certainly expect the fraction of collisions resulting in 
ionization to be constant, independent of the individual values of pressure 
and field. Now the energy of impact is determined by the field strength 
and the mean free path of the ion; it is proportional to the product of these. 
Since on the kinetic theory of gases the mean free path of a molecule or of an 
ion is inversely proportional to the pressure, that is, inversely proportional 
to the number of molecules per unit volume, it follows that the energy 
acquired by an ion between impacts is directly proportional to the field 
strength and inversely proportional to the pressure. That is, the energy 
of impact is pro?portional to E/p. Then since the fraction of collisions 
resulting in ionization is a function of the energy of impact, it follows that 
this fraction is a function of the ratio E/p. But the quantity a, the number 
of collisions resulting in ionization per centimeter length of path, is propor- 
tional both to the fraction of collisions resulting in ionization and to the total 
number of collisions made per centimeter of path. The number of collisions 
per centimeter of path is proportional to the pressure. It therefore follows 
that OL is proportional to p and also to some function of E/p. That is, 


ot ^ pf 




wherein the factor of proportionality is absorbed in the function /. This 
is precisely the relationship found to exist. 

Nothing has been said as yet concerning the form of the function/; 
as far as the above argument goes, it is unrestricted. It would be possible 
to determine the form empirically from an experimental curve such as that 
shown in Fig. 9, except that the curve should of course extend over a wider 
range of field strength. Sanders^^ obtained empirically a simple exponential 
function which fitted well over a restricte<l range, but it failed to fit when the 
range of E/p was extended. Several theoretical developments^'^ have been 
made. TownsemP' deduced a simple exponential relationship, but it does 
not hold over an extensive range. Townsend had supposed that the nega- 
tive particle responsible for ionization by collision was a negative ion, not a 
free electron. It has since been found that the ionizing particle is the 
electron, entirely nnattache<l to any atom or molecule. With this in mind, 
and assuming a Maxwellian <listribution of electron energies, and taking 
into account the energy loss of the electron per collision as well as the prob- 
ability that a collision will result in ionization, it is possible to deduce 
theoretically the form of this function on modern concepts. The result is a 
relatively complex expression which, at high values of E/p, reduces to the 


B. Loeh, Fundamental Proctmes of Electrical Ducharge in Oases (New York: John 
Wiley & Sons, 19S9), pp. 8S6-407, 
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original Townsend exponential form as an approximation. It is 
known that even the more general form does not hold accurately under 
all conditions. 

Let us now consider, with Townsend, the possibility of ionization by 
collision of positive ions with neutral molecules. Although it seemed 
certain that the initial rise in the current versus potential curve of Fig. 8(6) 
in that region just above the long horizontal section was brought about 
mainly through ionization by collision of negative particles, it was equally 
apparent that this same phenomenon could not account for the very rapid 
rise in current at still higher fields. It was assumed by Townsend that 
in this region the positive ions in the gas become effective in producing new 
ions by collision. Consider a gas between two parallel plates, Fig. 10, one 
of which is illuminated by ultraviolet light capable of ejecting no photo- 



electrons per unit area per second from the plate. Let the quantity a have 
the same significance as it had in the discussion of ionization by collision 
of negative ions only. Let ^ represent the number of new pairs of ions 
formed by collision per centimeter travel of a positive ion through the gas. 
As the original negative ions given off at the negative plate proceed toward 
the positive plate, they produce a. new negative and a new positive ions per 
centimeter of travel. The newly formed negative ions, as well as the orig- 
inal, proceed toward the positive plate, producing more new ions on their 
journey. The newly formed positive ions proceed toward the negative 
plate, producing /3 new negative and ^ new positive ions per centimeter of 
their travel. One desires to find how many negative ions, due to all kinds 
of ionization, reach the positive plate per second. Or one might equally 
well find the total number of positive ions reaching the negative plate per 
second. 

.T. S. Townsend, Electrician, 60, 971 (1903); Phil. Mag. 6, 598 (1903). 
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Referring to Fig. 10, let there be p pairs of ions formed per second per 
unit area of plate by collisions of both negative and positive ions between 
the negative plate and a plane x distant from this plate. And let there be q 
pairs of ions formed per second per unit area of plate by both processes 
within the region (d — a;). The total number of negative ions n reaching 
unit area of the positive plate per second is then 


n = 71 q + p + q 

The number of negative ions passing through unit area of the element dx 
per second is (uq + p), while the number of positive ions passing through 
this element per second is q. Recalling the physical significance of the 
quantities a and it is clear that these ions produce by collisions within 
the element dx a number of new ions each second given by 

dp = (wo + p)a dx + qfi dx 


Solving the previous equation for q and substituting the value in this 
equation, 

dp = (wo + p){ot — fi)dx + nfi dx 


This can be written 


dp 

(no + p) {a - ^) + np 


dx 


Integrating each side of this ecpiation, 

— - - loK [(rto + p)(a — P) + n/8] = X + log A 
a — p 

where log A is a constant of integration. Taking the antilog of each side, 
(/l() -f* p){0L — /?) + nfi — 


or 


//() + = 


a — 




O' — jS 


Now it is obvious that when x == 0, y? = 0. Therefore 

= ^ ^ or = -no +- 

a— *p a — p a — p a 

Substituting this in the equation above. 


n/3 
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Again it is obvious that when x — d, {no + p) = n, for under this condition 
g =» 0. Therefore 


71 => 




n/3 

Oi — P 


Solving this explicitly for the quantity n, 


n = no 


(a ~ 


Since the actual current density i and the saturation current density io are 
proportional to n and no, respectively, this may be written 

. {a - 


This is the complete Townsend equation, deduced nearly 40 years ago.^^ 
This expression can be checked against experimental data by observing 
the currents produced under various degrees of original ionization at the 
negative plate, and under various distances d between plates. Since 
a and P are functions of the field strength and the gas pressure, both of these 
quantities must be kept constant while securing the data. The effect of 
the intensity of original ionization can be tested by observing values of the 
ratio i/io for various intensities of ultraviolet light falling on the negative 
plate. The current i is measured while there is applied a high field, the 
field chosen for. making the test. Current is measured while a much 

smaller field is applied, a field sufficient to draw saturation current and yet 
not sufficient to cause any ionization by collision. It is found that the 
ratio i/io is independent of the intensity of original ionization, as is pre- 
dicted by the Townsend equation. That the variation of current with the 
distance between plates is also in accord with this equation is evident from 
the data reproduced^®- in Table II. 

TABLE II 


Comparison of the calculated and observed variation of current with changes of distance 
between plates. The data are for air at a pressure of 4 mm. of Hg, subjected to a field of 
700 volts/cm. The values of the ionization coefficients used are a == 8.10 and j3 — 0.0067 


d in mm. 

2 

3 

4 

5 

6 

7 

8 

% observed 

5.12 

5.11 

5.11 

11.4 

11.6 

11.6 

26.7 

26.1 

26.5 

61 

59 

62 

148 
133 

149 

401 

301 

399 

1500 

680 

1544 

i calculated from i — 

i calculated from i = io jg \a-P)d • • 


^®.J, S. Townsend and H. E. Hurst, Phil. Mag., 8 , 738 (1904). 
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Tnclnded in this tijble are the currents calculated on the supposition that 
the entire effect is due to ionization by collision of negative ions only. 
For this case i — Although currents calculated from this expression 

agree with those observed for the smaller spaciugs between plates, there 
are large discrepancies at the higher plate spacings. On the other hand, 
when the currents are calculated from the complete Townsend expression, 
that taking account of ionization by positive as well as negative ions, the 
values agree well with those observed. Townsend^^ presented many other 
data of this character in support of this equation and the concept on which 
it is founded. The constant /3 varies with both field and pressure, as does a. 
The ratio p/p turns out to be a function of E/p only, just as did, the ratio 
a/p. In more recent years an abundance of more precise data has been 
obtained. These data have been well summarized by Loeb.^'^ The equa- 
tion certainly leads to ionization currents in essential agreement with 
experiment. 

In spite of the apparent agreement between theory and experimental 
data, physicists have come to doubt seriously the entire correctness of the 
Townsend concept of ionization by collision. The doubt is cast upon the 
role played by the positive ions, not upon that played by the negative. 
It is certain that ionization by collision of negative particles, as conceived 
by Townsend, is the primary process in such phenomena, although it has 
turned out to be the electron rather than the negative ion that is the active 
particle. The role played by the positive ions is questioned, not because it 
fails to lead to the correct manner of increase of current with field, but 
because the physical process itself seems quite improbable at the lower fields 
for which it is necessary to suppose it exists. In many cases it appears^"^ *^ 
that this secondary phenomenon becomes effective at values of K/p so low 
that the potential drop per mean free path in the gas is only a fraction of a 
volt. Under such conditions the fraction of positive ions which would have 
actual free paths long enough to permit these ions to gain an energy ecjual 
to the ionization potential is exceedingly small, so small that the probability 
of the process occurring is negligible. Furthermore, there are^*^ recent 
experiments which show that positive ions do not ionize perceptibly until 
they attain energies many times the ionization potential of the gas. 
Whereas the ionization potential of a gas is of the order of 15 electron volts, 
a positive ion is found not to ionize most gases appreciably until it attains 
an energy of the order of 300 volts. The re(|uired positive ion energy is 
somewhat lower, about 60 volts, for ionization of some of the inert gases. 
Since there is such a small chance of a positive ion acquiring in one free 

J. J. Thomson and G. P. Thomson, Conduction of Elcctri.(nty Through Gaaes (Srd ed.-, 
London: Cambridge University Press, 19S3), Vol. 11, p. 516. 

18L. B.Loeb, Rev. Mod. Fhys., 8, 267 (1986). 
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path even the energy equivalent to the ionization potential, and since in 
order to produce appreciable ionization it must actually acquire an energy 
far larger than this, it appears impossible to regard ionization by positive 
ions as an important process in ordinary discharge phenomena. These 
same objections cannot be raised against the concept of ionization by col- 
lision of negative particles, even though this phenomenon sets in at still 
lower values of E/p. Under normal circumstances it is the free electron 
that produces ionization by collision, and the electron has a mean free path 
enough longer than that of a molecular ion to allow it to gain the energy 
required to ionize. Furthermore, experiment shows that electrons with 
energies only slightly greater than the ionization potential of a gas are 
capable of producing ionization, whereas positive ions must have much 
greater energies. 

There have been suggested several alternate concepts^"^’^® to displace 
that of ionization by positive ion collision. It is possible that by a photo- 
electric effect the radiation from the gas may produce additional electrons 
either at the cathode or in the gas itself. It is possible that additional 
electrons may be freed at the cathode surface or in the gas by the action of 
metastable atoms. Or it is possible that positive ions formed in the gas by 
electron collision may free additional electrons from the cathode when they 
impinge upon this electrode. In fact this latter concept was suggested early 
by Townsend^^ himself, but discarded in favor of that of ionization by 
collision. It has since been urged, however, by Thomson^*^ and many 
others^^’^® as the more probable of the two. Again following Townsend, 
let 7 represent the number of electrons freed at the cathode per positive 
ion bombarding this electrode, and let a have the same significance as it 
has had heretofore. It has already been shown that if there are no electrons 
liberated per unit area per second at the negative electrode, electrons 
will reach the positive plate. It is clear that — 1) of these were 

formed by collision in the gas. Then this also represents the number of 
positive ions formed in the gas. When these strike the cathode there will 
be liberated 7 ?io(€"‘^ — 1) additional electrons. These, multiplying through 
ionization by collision, will account for an additional number 7 no(€“'^ — 1)6“'^ 
reaching the positive plate. Since 7 ?io(€“‘^ — — 1) of these were 

formed by collision, there will be this many new positive ions to bombar<l 
the cathode. Thus the process continues. If n be the total number of 
electrons arriving per second per unit area of the positive plate, one can 
write 

n «= + 7 no(€®^ — + 7^o(€“^ — 1) V** _),... 

= no€^^[l + 7 ( 6 '“'^ — 1 ) + — 1 )^ + • • • ] 

^ad 

= 1 - _ 1) 
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or in terms of current density, 

^ad 

1 - - 1 ) 

This expression is quite similar in form to that resulting from the concept 
of ionization by positive ion collision. The constant a is called the first 
Townsend coefficient; y is known as the second Townsend coefficient. By 
proper choice of these constants this equation can be made to fit experi- 
mental data fully as well as did the original Townsend expression; but it 
fits no better. The two equations are so nearly alike in form that it is 
impossible to distinguish between them on the basis of present experimental 
data on the manner of variation of current. But nearly all auxiliary data 
seem to support the second concept, that of electron emission at the cathode 
due to positive ion bombardment rather than that of ionization by positive 
ion collision. This concept has been strengthened greatly in recent years 
by the direct observation that electrons are freed from metal surfaces by 
bombardment of positive ions.^**’*^^’ The weight of evidence is heavily 
in favor of this concept. Still another concept leads to an expression of 
essentially the same form as those deduced on the suppositions of ionization 
by positive ion collision and of positive ion bombardment of the cathode. 
This other concept is that the additional electrons are freed from the 
cathode by the photoelectric effect of radiation excited in the ionized gas. 
The similarity of form resulting from the various concepts of what con- 
tributes to the second Townsend coefficient has made it impossible to 
distinguish with certainty among the concepts. The original Townsend 
concept of ionization by positive ion collision is ruled out on other grounds. 
It is probable that several of the other phenomena contribute in varying 
degrees, with the likelihood that the release of electrons l)y positive ion 
bombardment of the cathode may be the predominating factor. 

Sparking Potentials. — Townseml^® pointed out many years ago that his 
theory of ionization by collision of both negative and positive ions led 
immediately to a theory of sparking potentials at least closely in agreement 
with fact. It has been shown that for plane parallel electrodes sufficiently 
close together that the electric fiedd between them is ess(Mitially uniform, 
the theory of ionization by collision of both negative and positive ions leads 
to the expression 

. _ . {a - 

a - 

M.L. K. Oliphant, Proc. Roy. Soc., A, 127 , H7.S (1980); 132 , 081 (1081). 

J. J. Thomson and (}. P. Thomson, (Conduction of Electrinty Through duscH (8rd cd.; 
Jx)ndon: Cambridge Universily Press, 1988), Vol. 11, pp. 206-218. 
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where a and ^ are the first and second Townsend coeflBcients and where d is 
the distance between electrodes. For a given field strength and a fixed pres- 
sure, this current increases as the distance between electrodes is increased. 
The data in Table II show this expected increase. As the distance between 
plates is increased the denominator of the above expression becomes smaller; 
it approaches zero for some particular value of d. Thus the current con- 
tinues to grow, more and more rapidly as d increases, finally approaching 
infinity for some particular value of plate separation. Because of resistance 
in the circuit the observed current never becomes truly infinite, but it does 
increase to a value many millions of times io. The plate spacing for which 
the current approaches this large value was interpreted by Townsend as 
the sparking distance corresponding to that potential applied between 
electrodes. Theoretically, sparking will occur when the demoninator of 
the expression for the current becomes zero, that is, when 

a = 


where d^ is now written for d because this particular value of plate spacing 
represents the theoretical sparking distance. Taking the logarithm of each 
side of this equation and solving for ds. 


d. 




If E be the field strength maintained between plates, and if Vs be the 
sparking potential, then 


Having already determined experimentally the values of a and P per- 
taining to the gas pressure and field strength used, the numerical value of 
the sparking potential can be calculated. This can be compared with the 
directly measured sparking potential. The close agreement between 
calculated and observed sparking potentials is illustrated by the data^’ 
in Table III. Equally good agreement has been found^^ for the sparking 
potentials in hydrogen, nitrogen, carbon dioxide, and argon. 

Such striking agreement between calculated and observed sparking 
potentials would seem at first to confirm convincingly the Townsend theory 
of ionization by collision of both negative and positive ions. Such is not 
necessarily the case, however. The mere fact that a theory leads to 
essentially correct numerical results does not necessarily prove the correct- 
ness of the underlying physical concept. It has already been shown that 
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TABLE III 

‘ calculated and observed sparking potentials for air at various pressures, 
s are given in volts/em., pressures in mm. of Hg, and sparking potentials 
in volts 



p 

r, calculat ed 

1% observed 


8 

803 

803 


8 

601 

003 


0 

601 

604 


. 4 

610 

615 


4 

477 

480 


2 

481 

488 


2 

403 

407 


1 

395 

398 


1 

364 

365 


.66 

338 

340 


.66 

335 

336 


iry t<) postulate ionization by positive ion collisions to interpret 
y the rapid rise in current at high field strengths. This 
was interpreted equally well by supposing the existence of 
• collision of negative electrons only, and by supposing that 
ictrons were freed from the cathode by positive ion bombard- 
electrode; This concept led to the expression 

^ 1 - - 1 ) 

esents the number of electrons freed per positive ion striking 
This concept also leads to a theory of sparking potentials, 
ifore, a spark should take place when the denominator becomes 
when 

1 = - 1 ) 

, has been written for d, for this particular plate spacing repre- 
.oretical sparking distance. Since the quantity is usually 
5 compared to unity, this condition is fre<iuently written in the 
form 1 = If one solves the exact expression for «"**, 

arithm of each side, and then .solves for the sparking distance. 


d. 



1 + 7 
7 


: potential V, is then given by 


r. 


K, 1+7 

— log 

a 


7 
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When experimentally determined values of a and 7 are used to calculate 
sparking potentials, the numerical agreement is fully as good as that result- 
ing from calculations based upon Townsend’s original concept. The theory 
just discussed is much preferred, however, because of auxiliary data bearing 
on the fundamental concepts involved. 

In quite recent years it has been shown that the spark discharge between 
parallel electrodes is by no means as simple as it here appears, and that 
neither of the simple theories of sparking potentials leads to a truly definite 
value for the sparking potential. It has been argued^ convincingly 
that the condition we have set for the theoretical sparking potential repre- 
sents in reality only the onset of a condition of instability, a condition which 
ultimately leads to a spark. It represents only a threshold below which a 
spark cannot pass. Beyond this condition a spark may pass immediately, 
or one may pass after considerable lapse of time, depending largely upon 
the probability of certain unusually large pulses of ionization taking place 
in the gas. In fact, it appears physically that the sparking potential is 
not a well-defined quantity; if one is willing to wait longer for the spark 
it may be produced by a lower potential. If this general interpretation be 
correct, then it is remarkable that values calculated in the usual way agree 
so closely with observed sparking potentials. This agreement certainly 
means that the spark actually takes place at a potential but little different 
from that representing the onset of the condition of instability ; the break- 
down always occurs within a very narrow range of potentials, a region 
bounded on the lower side by that value calculated theoretically. The spark 
discharge, even for the simple case of parallel plate electrodes, is a very 
complex phenomenon. The many details bearing on the phenomenon have 
been discussed admirably by Loeb.^^ This author has also given an 
excellent bibliography of recent work in the field. 

Only the most basic features of the simplest type of spark discharge, 
that between parallel plate electrodes sufficiently close together that the 
intervening electric field can be considered uniform, have been discussed 
here. The problem of the spark discharge between points, or between 
a point and a plane, or between two spheres, is greatly complicated by 
the nonuniformity of the electric field. The basic features of such dis- 
charges^®*2^~23 are the same as those which we have already discussed, but 
their application is much more difficult. There are available tables^^ 


B. Loeb and A. F. Kip, Jour. App. Phys.^ 10, 142 (1939). 

B. Ijoeh, Fimdamcntal Processes of Elect, rical Discharge in Gases (New York: John 
Wiley & Sons, 1939), pp. 408-5,59. 

J. J. Thomson and G. P. Thomson, Conduction of Electricity Through Gases (3rd ed.; 
London: Cambridge University Press, 1933), Vol. II, pp. 470-573. 

International Critical Tables (New York: McGraw-Hill, 1929 ), Vol. VI, pp. 79 - 80 . 
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giving the potential differences required to cause a spark between spherical 
electrodes placed various distances apart. These values are known to 
within a few percent, and they are frequently used in the actual measure- 
ment of high potentials. But these tabular values have been observed 
directly, not calculated from any theory. Such data show that it requires a 
potential difference of approximately 30,000 volts to produce a spark 
across a gap one centimeter long between smooth spheres in air at atmos- 
pheric pressure. The exact value of the potential required depends upon 
the temperature, upon the diameter of the spheres, and upon whether one 
of the two spheres is grounded. 

2. THE RECOMBINATION OF IONS 

It has already been pointed out that ions formed in a gas have a tendency 
to recombine. The ions no doubt share in the thermal agitation of the 
molecules, and in their repeated thermal excursions oppositely charged ions 
frequently come sufficiently close to one another that their electrical 
attraction causes them to reunite. It has already been argued that the 
number of recombinations R which take place per second per unit volume 
of gas should be given by 


R = an^ 

where n represents the number of pairs of ions per unit volume and where 
q: is a constant called the coefficient of recombination. This constant has 
no relation to the Townsend coefficient of ionization which was represented 
by the same symbol. 

The fact that recombination starts just as soon as there are ions present 
in a gas means that when an ionizing agent is turned on a gas the ion con- 
centration will not continue to grow indefinitely, but will gra<lually build 
up to such a value that the rate of recombination is just ecjual to the rate at 
which new ions are being' formed by the ionizing agent. If dn represents 
the increase in ion concentration which occurs in time dU and if q represents 
the number of new pairs of ions formed per second j)er unit volume by the 
activating agent, then 

dn = (g — an^)dt 
or 


— Uf 

q — an^ 

If this be integrated over the time interval /, during whicdi iiiter\al the ion 
concentration builds up from its original value zero to some value ?/, one 
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obtains 


n 


fg « I 

ya I 


This expression gives the ion concentration existing at any time t after the 
ionizing agent has been turned on. The concentration starts at zero and 
gradually builds up at a continually decreasing rate, finally approaching a 
fixed value \/q/a after a sufficient length of time. This represents an 
equilibrium condition; the rate of recombination of ions is just equal to the 
rate at which new ions are being formed. This theoretical relationship 
can be tested experimentally by making measurements of n simultaneously 
with* the shutting off of the ionizing agent at the end of various times t 
The quantity q is measured by drawing saturation current from the gas. 
Experiment shows that the theoretial relationship describes rather accur- 
ately the growth of the ion concentration. The time required for the ion 
concentration to approach fairly clo'sely its equilibrium value is normally 
of the order of a few seconds. 

It also requires an appreciable length of time for the ions to disappear 
by recombination after the ionizing agent is turned off. If dn again repre- 
sents the increase in ion concentration in time dt after the ionizing agent 
has ceased to act, then one can write 


dn = — (xnHt 


the negative sign appearing because the remainder of the right hand side 
of the equation represents a decrease rather than an increase of ions. If 
this be written 


and integrated over the time interval t after the ionizing agent ceases, one 
obtains 


1 


n 



where no represents the ion concentration at the instant the ionizing agent 
was turned off, and where n represents the concentration still remaining t 
seconds later. If this is written 

— 

1 noot 

it is apparent that the ion concentration gradually approaches zero after a 
sufficient length of time. This expression can be tested experimentally by 
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measuring n at various times t after the ionizing agent has been turned off. 
That the form of the expression is correct has been proved by many such 
experiments. It may take a few seconds or a few minutes for a majority 
of the ions to disappear, depending upon whether the original ionization no 
was large or small. 

Many methods have been devised for measuring the coefficient of 
recombination a. These have been discussed in detail elsewhere. . One 
of the earliest methods,^® and one of the simplest, though certainly not one 
of the most accurate, is illustrated in Fig. 11. Gas passing continuously 
through the system is ionized in the region A by X-rays. This ionized 
gas then passes with a uniform velocity through a tube having a series of 


±111 
T-T - T - T 


V//////////////////A 

Shield 


X-rays 

Ki<i. 11. Illustrating the Townsend method of determining the rate of recombination of ions. 

electrodes placed along its length. If saturation current is drawn from 
first one pair of electrodes and then another, the respective currents will be 
proportional to the ion concentrations still existing at the times the gas 
reaches the various pairs of electrodes. These times can be calculated from 
the measured velocity of the gas. Using these data in the expression 

1 -f- U()OLt 

the coefficient of recombination a can be calculated. The correctness of the 
analytical expression describing the decay of ionization is judged from the 
constancy of values obtained at different times. Early data'-^® indicated 
that the theoretical expression did describe the decay properly and that 
the value of a was approximately 1.6 X 10“® for gases at near atmospheric 

2*^ E. Rutherford, Phil. Mag., 44, 442 (1897); 47, 109 (1899). 

J. S. Townsend, Phil, Trans. Roy. Soc., 193, 157 (1900). 
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pressure. More recent data^"^ have yielded values agreeing essentially 
with this. Different gases have somewhat different coefficients, the values 
usually falling within a range of a factor of 2. 

More recent experimental methods of studying recombination have been 
summarized by Loeb,^^ and the general findings have been discussed by 
Thomson^'^ and by Loeb.^*^ The coefficient is affected greatly by the pres- 
ence of dust particles or minute quantities of impurities in the gas. Al- 
though various experimental findings are far from consistent, it is certain 
that the coefficient decreases rather rapidly with decreases in pressure 
below atmospheric. As the pressure is increased above approximately 
1 atmosphere the coefficient also decreases. Thus the coefficient of recom- 
bination is a maximum at a pressure in the vicinity of 1 atmosphere. 
Studies of the manner of variation of the coefficient with temperature are in 
sufficient agreement to show certainly that the coefficient decreases rather 
rapidly as the temperature increases. Although the rate of change with 
temperature is not constant, it has been found always in the same direction 
over a range of several hundred degrees extending well below and well 
above normal temperatures. 

The simple theory of the recombination process is inadequate to explain 
many of the details observed, for example, the manner of variation of ot 
with pressure. It has been found that a single recombination constant a in 
the expression for the decay of ionization does not suffice to describe accu- 
rately the decay. Several different recombination processes are now recog- 
nized,^^ and a different value of recombination coefficient is required to 
describe each. For example, free electrons recombine with positive ions at 
a different rate than do negative ions. Furthermore, the electron recombi- 
nation depends appreciably upon the energies given the electrons when 
they are formed by the ionizing agent. Also, different methods of ionization 
produce different relative concentrations of positive and negative particles 
at different places in the gas, and the recombination is affected by this 
distribution. The several recombination processes, together with modifica- 
^ tions of the simple theory necessary to interpret them, have been discussed 
in detail by Loeb.^*^ In many cases several of these processes go on simul- 
taneously. One process may predominate near the beginning of the decay 
of ionization by recombination, while another may be the more important 
near the end. ' It is, therefore, not surprising that one often finds a sig- 
nificant variation of the constant a during the time of decay. In view 
/ of the variety of recombination processes active, it is almost meaningless 
to state a value for the coefficient of recombination unless one states care- 
fully all of the conditions under which it is observed. 

B. Loeb, Fundamental Processes of Electrical Discharge in Oases (New York: John 
Wiley & Sons, 1939), pp. 86-160. 
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3. THE MOBILITIES OF IONS 

It han already been argued that an ion in an electric field should acquire 
a certain velocity of drift. The force exerted by the field causes the ion 
to be accelerated during its travel of one free path. This motion imparted 
by the field, and superimposed upon the much larger thermal motion, is 
interrupted wheTi the ion next makes a collision. It is assumed that on the 
average the ion loses all of the energy imparted by the field and must start 
anew after each collision. There will then exist an average velocity with 
which the ion drifts through the gas due to the presence of the electric field. 
It has alrea<ly been shown that this drift velocity should be proportional 
to the electric field applied. The average velocity of drift per unit of applied 
field is called the mobility of the ion. 


Experimental Methods 

Numerous workers have devised a large number of methods of measuring 
the mobilities of ions in various gases. The early methods and results 
liave Iwcii well summarized by Thomson,^* while the more recent works 
have been covered admirably by Loeb.^* Although many of the methods 
are tiuilc interesting and ingenious, attention will be called here to but one 
or two which arc rather typical. A majority of methods faU into one of 
three gcMieral cla.sscs. In one group are those which utilize a stream of gas 
to carry the ion-s in one direction while an electric field urges them m a 
t ran.sv<>r,se direction . These are called flow, or blast, methods. In another 
group are tho.se which employ an alternating or an interrupted fieW; 

Uve .listnn<-c the ion.s move between the known times of reversal of the field 
is uicasunxl. In a third group fall a number of so-called electrical shutter 
iindluxls wherein tlie times at which bursts of ions can enter an e 

h<* uliK'cd ill either of the la.st two groups. , , i j o,,,! 

big li illustrates the essentials of a simple flow method ^evekped and 

Iw Frikson 80 A uniform stream of gas IS caused to flow 

us(>d extcuisively by ^^ik^on A u 

,1... l«, ,»~l^ “though an .biliary chanibar, 

i 

Wiloy «= Sons. PP- 1-»S- 100 (ml); 20 . 117 (19^); 34. 50a tl9*4); 
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toward B. This ion is carried forward at the same time, due to the velocity 
of the gas. The combination of the two velocities causes the ions to move 
in the direction indicated. The plate B is constructed with a narrow insu- 
lated electrode D running crosswise of the plate. This electrode is con- 
nected to an electrometer and held at the same potential as the remainder 

A 

1 X D'..B 


' — ^ 

Fig. 12. — Illustrating Erikson’s apparatus for determining ion mobilities. 

of the plate. The position at which the ions reach the lower plate is deter- 
mined by moving the entire plate longitudinally until a maximum number 
of ions fall upon the insulated electrode. Having located the position at 
which these ions fall, and knowing the velocity with which the gas is moving 
along the apparatus, the transverse velocity imparted to the ion by the 
known electric field cail be calculated. Thence, the mobility of the ions 




Pig. 13. — Illustrating one of the electrical shutter methods of determining ion mobilities. 

is obtained by dividing this velocity by the field strength. The method 
is clearly applicable to the measurement of the mobility of either the positive 
or the negative ion; one needs only apply the electric field in the proper 
direction. Unfortunately, air flow methods are in general inaccurate and 
unreliable. Troublesome eddy currents can scarcely be avoided in such 
methods. 
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In one satisfactory alternating field method, Bradbury®^* utilized 
a narrow beam of X-rays to produce a very thin sheath of ionization within 
a region between two large, parallel plates. The essentials of this method 
are shown in Fig. 13, X-ray pulses coming through an opening in a rotating 
disk produce in an ionization chamber a thin sheath of ions at regular time 
intervals. These ions are drawn to the plates by an electric field applied 
intermittently by a commutator arrangement mounted on the rotating 
disk. After a certain interval of time the commutator reverses this electric 
field; the reverse field is not necessarily of the same strength as that pre- 
viously applied. This all takes place during one revolution of the com- 
mutator, before the succeeding pulse of X-rays forms a new sheath of ions. 
It is clear that the ions will move in one direction during application of the 
first field. If this field is not maintained sufiiciently long for all ions to 
reach the plate, the remaining ions are reversed in direction with reversal 
of the electric field. In general, therefore, the electrometer receives some 
negative and some positive ions. The fraction of these which are of one 
sign depends upon the frequency with which the disk, and hence the com- 
mutator, is rotated. For some particular frequency of rotation the current 
received by the electrometer is a maximum. Knowing the frequency 
leading to this maximum, the fraction of a period for which ions were 
drawn to the electrometer, the electric field applied during this interval, 
and the distance the ion moved during this time, it is possible to calculate 
the mobility of the ion. The maximum in the current versus the freqxiency 
curve is quite sharp; this leads to a well defined value for the mobility. 
The method has produced trustworthy results. 

A number of other workers®^"®® have used some form of electrical shutter 
method. The basis of this method is illustrated by the method of Tyndall 
and Powell.®® In Fig. 14 A, B, C and D represent gauze wire electrodes, 
and E represents the final collecting electrode. Ions are brought up to 
di by a small auxiliary field. An alternating potential applied between 
A and B allows a pulse of these ions to pass once each cycle from A to 
and thence enter the region JSC. At some later time, depending on the 
mobility of the ion and on the fixed electric field applied between B and C, 
these ions arrive at C. The same alternating potential is applied between C 

A. M. Tyndall and G. C. Grindley, Proc. Bjoy. Soc., A, 110, 341 (19Z6). 

32 N. E. Bradbury, Phys, Rev., 37, 1311 (1931); 40, 508, 524 (1932). 

33 A. M. Tyndall and 0. F. Powell, Proc. Roy. Noc., A, 129, 162 (1029); 134, 125 (1932); 
136, 145 (1932). 

C. F. Powell and L. Brata, Proc. Roy. Soc., A, 138, 117 (1032). 

R. J. Van de Graaff, Phil. Mag., 6, 210 (1929). 

N. E. Bradbury and R. A, Nielsen, Phyft. Rev., 49, 388 (1936); 61, 69 (1937). 

R. A. Nielsen, Phys. Rev., 60, 950 (1936). 

R. N. Varney, Phys. Rev., 42, 547 (1932). 
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and D as is applied between A and B. The pulse of ions arriving at C will 
proceed to D and thence to the collecting electrode E, only if the phase of 
the potential is the same as that at the time they passed from A \jo B. Thus, 
ions will be collected only if they require some whole number of periods to 
travel between the two electrical shutters AB and CD. One therefore 
measures the current to electrode E for various frequencies of alternating 
❖P ?? potential applied to AB and CD. If these 

I I lit currents be plotted against corresponding 

II I I ^ I values of frequency, sharp maxima in current 

II I _■!_ occur at those frequencies for which the ion 

II 1 ^ required some whole number of periods, to 

M ' I to CD. Knowing the period 

I ' II of the alternating potential, the distance be- 


Fig. I4.~niustrating the elec- tween the electrical shutters AB and CD, and 

electric field applied between B and C, the 
ion mobilities. mobility of the ion can be calculated. 

Modifications of this original electrical shutter 
method have been used by other workers.^' ^f The method leads to well 
defined values for ion mobilities. 


Results and Their Interpretation 

Results obtained by various methods of mobility study previous to 
1930 were in general inaccurate and unreliable. Air flow methods .suffered 
both from the effect of nonuniform flow and from the lack of a well-defined 
group of ions with which to work. While early alternating electric field 
methods were free from the first of these defects, they were subject to the 
latter. Most early works suffered also from failure to realize the marked 
changes in ion mobility produced by the presence of water vapor or other 
impurities in the gas being studied. Even minute traces of some impurities, 
traces so small that they are difficult or iinjmssible to eliminate, affect the 
mobdity seriously.’*.'.'* It was recognized rather early that the positive 
ion showed an aging affect; the mobility of the ion changed considerably 
with increases in the interval of time between formation of the ion and 
measurement of its mobility. As a consequence of these difficulties early 
values for the mobilitie.s of ions are not at all trustworthy. Since 1930 
the mobilities of a few ions in a few different gases have been obtained 
accurately under conditions which indicate that the values are reliable. 

The magnitude of the mobility is of the oriler of a few centimeters per 
second per volt per centimeter. Erikson,’" whose work was the most 
extensive and perhaps the most reliable of the earlier studies, obtained 
mobilities of 1.87 cm/sec/volt/cm. for both freshly formed positive and 

B. Loeb, Phys. Rev., 32, 81 (1928). 
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only 1.H6 after it at teincd an age of a few hundredths of a second A more 
w-ent and more rehahle determination^ of the mobilities in air of ions 
formed m air yiehleil a mobility of 2.21 for the negative ion and 1.60 for the 
ageii positive ion. 

The mobility of an ion depends both upon the ion and upon the gas 
Ihn.ngh whieh the urn moves. Hydrogen and helium ions in their respective 
gases have high mobilities, BradburyS^ finding 8.2 and 17.0 cm/sec/volt/cm 
resi>eetively. Tyndall and PowelP* found a mobility of 21.4 for helium’ 
at 76 cm. of mercury and 20° C, and this is perhaps the more reliable value, 
it has biHMi shown that ion mobilities are independent of the applied electric 
field over a wide range of field strength. In the case of air at atmospheric 
pr<*HHnro this range extends from less than 1 volt per cm. to 16,000 volts per 
cm. Kor h.Vilrogen no change in mobility is observed up to 20,000 volts 
fier vin. Stnne ions in certain gases do show changes of mobility at fields 
eousidernbly h‘.ss than these up])er limits. Theoretically the mobility should 
ehntigt' with fu'ld st.rtuigth otily for fields sufficiently high to give the ion, 
during imv path, a velocity comparable with that of thermal agitation. 
*rh«*t»reti<Mdly the ion mobility should be inversely proportional to the 
tMmecntration of gas molociiles. At constant temperature it should be 
itiversely proportional to pressure. This has been found true over a pres- 
Hure rnng<' from less than 1 min. of mercury up to 60 atmospheres. Mobility 
has hiMUi foutnl to change somewhat Avith temperature but the change is 
sinnih even ov<t considerable ranges of temperature, when the gaseous 
dtujsity is kept (‘onstant. It has been stated that the mobility of an ioii 
dt^pends both n])on the mass of the ion and upon the gas through Avhich the 
toft moves, 'riiis is shown clearly by the measurements of Tyndall and 
Powell** wliich are reproduced in Table IV. 

TABLE IV 

Th<' inobilit i(‘s of fUflFerent ions in argon, neon, and helium 



Mobility of ion (cm/sec/volt/cm. j j 

( in.s 

Sodium 

Potassium 

Rubidium 

C aesium 


3,21 

2.77 

2.37 

2.23 

Argon , , . 

8.87 

7.88 

7.08 

€.49 

Ihdium 

23.1 

^i.s 

20. S 

19.2 


In considcTiug theoretically the motion oi an un u. 
in an <>leetri<' fiel<l F., it. ha.s already been .shown that on the smple^t picture 
posmble the average velocity of drift U acquired by the ion is 
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u = = uE 

where u is by definition the mobility of the ion and where r is the average 
time between collisions of the ion with .gaseous molecules. If I be the mean 
free path of the ion and v the average velocity with which the ion is flying 
around, then the time between collisions is given by r = l/v. Since the 
drift velocity imparted by the electric field is small, the average velocity v 
is essentially that of thermal agitation. Ignoring the difference between 
the average velocity and the root mean square velocity, 

Making these substitutions for r one finds for the ion mobility 

_ e Z __ el 

This simple theory could not give more than a rough approximation 
to the truth for several reasons. It ignores the fact that ions have a wide 
distribution of actual free paths and uses only the average of these. It 
neglects the wide distribution of velocities about the mean, and even uses 
the root mean square velocity in place of a mean. More serious by far, 
it assumes that on the average each ion loses all of its drift velocity at each 
collision, whereas one should consider the interchange of momentum 
between the ion of mass m and a gaseous molecule of mass M. Further- 
more, it ignores any electrical force between the charged ion and the neutral 
but polarizable molecule with which the ion collides. Taking a number of 
these factors into account, Langevin"*® showed in 1905 that the ion mobility 
should be given by 

u = 

po 

where p is the density of the gas, po the density at 76 cm. of mercury and 
0° C, jKo the dielectric constant of the gas under these standard conditions, 
and Mq the molecular weight of the gas. Loeb^^ has arrived at the same 
type of theoretical expression, except that the constant factor is smaller. 

This theoretical expression, while by no means always accurate, has been 
found to work surprisingly well. For alkali ions in the pure gases A, Kr 
and Xe, for which the details of the theoretical development indicate that 
it should hold rather well, Powell and Brata®^ found that it holds well 
indeed. The values of the theoretical constant 0.235 they found necessary 

P. Langevin, Ann. Chim. et Phys., 8, 238 (1905). 

«L. B. Loeb, Phil. Mag., 48, 446 (1924); 49, 517 (1925). 
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to give the observed mobilities were 0.23, 0.24 and 0.245, respectively, for 
A, Kj and Xe. On the other hand, it does not hold well for Ne and He. 
Judging from the theoretical expression, different ions in the same gas 
should have mobilities proportional to \/{M -{■ m) /m; the mobility should 
decrease as the mass of the ion increases. Table IV shows this variation. 
The table shows also that the mobility of a given ion in the similar gases 
He, Ne.and A decreases as the mass of the gaseous molecule increases. 
While the mobility of the ion should be affected by both the mass of the ion 
and that of the gaseous molecule when these masses are comparable, it is 
interesting to look into two limiting cases. Recalling that Mo in the 
theoretical expression is proportional to My it is clear that for very light ions 
in a gas composed of very heavy molecules the ion mobility should be 
independent of the mass of the gaseous molecule; and it should be inversely 
proportional to the square root of the mass of the ion. At the other extreme, 
all heavy ions in a very light gas should have the same mobility; the mobility 
is theoretically independent of the mass of the ion. 

Since it has been assumed throughout that the velocity of drift acquired 
by the- ion in an electric field of the strength commonly used is small as 
compared to the velocity of thermal agitation, it is interesting to compare 
these velocities now that measured mobilities are at hand. Taking the 
mobility of newly formed ions in air as 2.2 cm/sec/volt/cm., the drift 
velocity acquired by an ion in a field of 100 volts/cm. is 220 cm/sec. On the 
other hand, the root mean square velocity of thermal agitation of an oxygen 
molecule, or ion, at room temperature, as calculated from the relationship 
is approximately 5 X 10^ cm/sec. This is more than 
200 times the drift velocity of an ion in a field of 100 volts/cm. The drift 
velocity imparted by the field constitutes, therefore, but a small directed 
motion superimposed tipon the much larger but random motion of thermal 
agitation. 

It has been remarked that, according to Erickson,'**^ whereas the negative 
and positive ions newly formed in air have e<iual mobilities, the mobilities 
of the two are quite different after the ions become a few hundredths of a 
second old. This aging effect has been found to occur quite generally, and 
has been the cause of many inconsistent results reported in the literature. 
Not more than a decade ago there was considerable doubt among workers 
whether a given ion actually possessed a definite mobility. Perhaps ions 
of one type exhibited mobilities distributed over a considerable range.'^'** 
The poor resolving power of early instruments made it difficult to tell 
whether the apparent distribution of mobilities was real or caused by the 
instrument. Today it seems certain'^-^ *-*'* that a given ion does have a 
unique mobility, one that does not change with time. It has been foumi 
42 L. B. Loeb, Phys. Rev., 38, 1716 (1981). 
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that the aging of an ion takes place abruptly, not continuously. For the 
first few ten-thousandths of a second, depending upon the purity of the 
gas, all ions, both positive and negative, are found to have the same 
mobility. Shortly after the aging process starts one finds a few ions of a 
different mobility, though most of the ions still have the initial mobility. 
Adittle later a still larger fraction of the ions are found to have the new 
mobility. That is, the ions gradually change from one mobility to the other, 
but each ion makes the change abruptly. There are no intervening mobili- 
ties. The aged mobility and the time required for complete aging, that is, 
the time required for all ions to take on the new mobility, depend upon 
the nature of and the amount of impurity present in a gas. 

Since simple theory indicated that the mobility of an ion should be 
inversely proportional to the square root of the mass of the ion, and since 
the ratio of mobilities for the newly formed and the aged positive ions in air 
was found to be 1.87/1.36 = 1.375, Erickson®® was led to believe that the 
original positive ion soon changed into a two-molecule ion. The closeness 
of the ratio 1.375, or 1.38 from later work,®^ to the square root of ^ indicated 
this doubling of the ion mass. Erickson supposed that the negative ion 
remained a single-molecule ion. Actually the aging process has proved 
far more complex than this. The difference between the mobilities of agetl 
positive and negative ions, as well as the aging process itself, is now attrib- 
uted to the presence of impurities. Since an ion in a gas at atmospheric 
pressure makes 10® collisions per second with gas molecules, it is clear that 
if an impurity is present to 1 part in 10® the ion will encounter this impurity 
on the average in Jd^ooo second. Either of two things may happen. First, 
the original ion may transfer its charge to the impurity molecule, thus 
forming an ion of an entirely different character. Second, the original ion 
may attach itself to the impurity molecule, thus forming a complex ion, 
again quite different from the original. It is known that transfer of charge 
does take place, and also that complex ions are often formed. Both 
processes are conditioned upon the characteristics of the impurity molecule. 
Some molecules are known to associate themselves readily with positive 
ions, some with negative, and some with neither. 

A great deal of experimental data since 1930 has supported this general 
view. Much of this evidence has been summarized by Loeb.^® The sign 
preferences shown by gaseous molecules are essentially the same as those 
shown by the same molecules in solution. The addition of a relatively 
heavy molecule which likes to associate itself with a positive ion reduces 
materially the mobility of the positive ion. The further addition of some 
lighter molecule with a stronger tendency to associate with positive ions 
increases the positive ion mobility. The lighter . molecule has now dis- 
placed the heavier in the complex ion. The negative ion has also been 
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found to suffer changes in mobility. For example, molecules of water or of 
the alcohols readily become attached to negative ions. This general view 
accounts readily for the difference between the aged negative and positive 
ion mobilities and for the change of mobility upon aging. It also accounts 
for the different mobilities observed by different workers for what was 
thought to be the same ion. There is every reason to believe that if one 
could obtain an absolutely pure gas an ion in this gas would have an unique 
mobility. Once the free electron originally formed in the ionization process 
combined with a molecule to form a negative ion, there would be no further 
change in either the positive or the negative ion mobility. In order to 
observe these unique mobilities one would have to work with the purest 
gases available, and should measure the mobility within say 10“^ seconds 
after ion formation in order to avoid the effect of those impurities neces- 
sarily present. 

Nothing has been said yet regarding the mobility of free electrons. 
The free electron originally formed when a gas is ionized usually attaches 
itself to a neutral molecule almost immediately, thus forming a negative 
ion. The average time for which the electron remains free depends upon the 
nature of the gas and upon the pressure of the gas. At low pressures, as 
one might expect, it remains free longer than at high pressures. In electro- 
negative gases such as oxygen and water vapor, this attachment takes pl^ce 
very soon. In certain other })ure gases such as nitrogen, hydrogen, and 
helium, the electron never does attach itself to a molecule. In these gases 
there is no negative ion; the negative particle remains a free electron. The 
mobility of free electrons is relatively great; it is thousands of times the 
mobility of an ion. Many early measurements of negative ion mobility 
gave far too high values because they failed to take into account the fact 
that the negative particle was a free electron during a part ot* the time over 
which its velocity was being measured, (■lear-cut measurements of ion 
mobility must eliminate in some way the effect of the presence of these free 
electrons. This is often done by applying momentarily an electric field 
which sweeps the free electrons from the chamber. This procedure is made 
possible by the very high mobility of these electrons. 

4. THE MANNER OF FORMATION OF IONS 

Although some of the more general properties of ions have been dis- 
cussed at some length, little has been said concerning the actual physical 
process by which ions are formed in a gas. Mainly for the purpose of a 
better understanding of phenomena to be discussed in succeeding chapters, 
it would be well to look briefly into the general structure of atoms and mole- 
cules, and into the physical processes by which various ionizing agents 
produce ions from these. 
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The General Structure of Atoms 

The present purpose will be served sufficiently well by a few bare state- 
ments of present day concepts regarding atomic stnicture. Evidence from 
which these concepts came will be presented from time to time in succeeding 
chapters. One of the most fundamental facts of observation is that elec- 
trons, very light particles bearing a negative electrical charge, can be forced 
out of every known substance — out of elements and compounds, of metals 
and non-metals, of liquids, solids and gases. Moreover, an electron obtained 
from any one material by any process whatever is found to be identical with 
electrons obtained from any other material. It is therefore natural to 
assume that the atoms of every material contain one or more electrons 
apiece. That is, the electron is one of the building stones of which all 
atoms are constructed. But the atoms of matter are electrically neutral; 
they possess no net charge. It therefore follows that atoms must contain 
positive charges in addition to electrons; and these positive charges must 
just balance the negative charge due to the electrons. 

Evidence to be presented later shows definitely that all of the positive 
charge associated with an atom is concentrated in a very small region called 
the nucleus. The diameter of this nucleus is less than 1/10,000 that of the 
atom itself. In spite of this, the nucleus accounts for almost the entire 
mass of the atom. Surrounding this nucleus are electrons, the actual num- 
ber depending upon the atom being considered. The number varies from 1 
for hydrogen to 9^ for uranium. These are called planetary electrons, for 
it is conceived that these execute orbits about the central nucleus. These 
planetary electrons are arranged at various well-defined effective distances 
from the nucleus; they are arranged in so-called shells. The outermost ones 
are easily removed from the atom; the inner ones require a great deal more 
energy for their removal. Evidence will be cited later to show how many 
electrons are associated with a given atom, and just how many of these 
normally reside in each of the various shells. The energy required to dis- 
lodge any particular electron from its shell and take it sufficiently far away 
that it is no longer under the influence of this particular atom is known for a 
great majority of atoms. Such details, however, are not necessary for the 
present purpose; they can be deferred for the time being. 

Molecules in general are made up of one, two, three or more atoms. 
These atoms are held together by forces which arise between the com- 
ponent parts of the atoms, forces which are probably of electrical or mag- 
netic origin. In any case the molecule consists of one, two, three or more 
atomic nuclei fairly well • bound together, these nuclei being held char- 
acteristic distances apart, and the entire configuration being surrounded by 
all of those planetary electrons which were previously a part of the com- 
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« tm- ..ewt.v.. eleelron and a positivdy charged atomic or moiSTr 
I her., arc ,u.mcn„„ ways hy which this ionictioa can be accompliahed' 
lU iilitiK H Kax to a Ingh temperature produces thermal agitation sufficiently 
euergetu- lo <-Hii.se iom/.ati()n by collision of molecules. High speed chargj 
tmrttcleH pnalm-e mmzatmii, the charged particles knocking off electrons 
IlmmKii tl»‘ eleetncul lorees they exert at close distances. Ultraviolet 
light. X-ra.vH ami gamma ray.s from radioactive materials likewise produce 
Mmiwilu.n, but the iihy.sioal process by which this is accomplished is not 
obvious without furtluT study. And lastly, the exceedingly penetrating 
vuHtniv rn<Uati4)n produces ionization. 


The Wilson Cloud Expansion Phenomenon 

iuHi lieftire the heginniug of the present century C. T. R. Wilson^® made 
iin iul 4*r<*Ht vn^ <li.s<*overy, the importance of which to moderri physics can 
Hciirccly Im‘ <iv<*r<‘slimule<l. It has made it possible to observe the paths of 
ftin^iClc idmrged particles, and has thus become indispensable in the study of 
iiiHiiy iinportiint plienomena. Among many other contributions, it has 
l<*ii tu a cleariT insight into the details of the ionization processes. It had 
huig lH‘cn known I hut the degree to which a region could be supersaturated 
with wat<*r vapor d<‘pend(sl greatly upon the care exercised in freeing the 
regi<m from .su<’h foreign Ixxlies as dust particles. It was known that when 
conileuHutlon took phu'c I'roni a supersaturated vapor, dust particles served 
udtuiraldy as nucl<‘i about which the droplets might start to form. In the 
abneiua' of .su<di particles a much greater degree of supersaturation could be 
nttuined Judon* th<‘ onset of condensation. 

Wilson inad(» a <’areful study of this phenomenon, using apparatus the 
priu<‘i|)!c of wliich is illustrated in Fig. 15. A small amount of water in the 
space H kept this n'gion sat\irated with water vapor at room temperature. 
.\ny desinxi degnx* of supersaturation could be produced by abruptly mov- 
ing tin* pistfui /* downwanl, thus expanding adiabatically the gas in region 
/f. I'he abrupt lo\V(unng of temperature produced by this expansion results 
in II IM’VV .satnratixl vajair pressure, one much lower than that existing just 
before the expansion. As a result the region R becomes supersaturated 
of the wat,er vapor originally present condenses. Any desired 


C. T. H. PInl. Tranx. R,ry. Soc., A. 189, 265 (1897); 192, 408 (1899). 
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degree of supersaturation could be produced by increasing the volume of tlie 
region R in the proper ratio- It was found that if the region were carefully 
freed from all foreign bodies this ratio could be made as great as 1.375 with- 
out causing condensation to set in. Under these conditions the vapor 
pressure after the expansion is eight times that required to saturate at the 

new temperature. At this degree of super- 
saturation a- fine mist develops, regardless 
of how carefully the region may have been 
freed from dust particles. It is presumed 
that the small droplets constituting this mist 
utilize as nuclei of condensation the mole- 
cules of gas present. Some particle of 
finite size is necessary to serve as a nucleus. 
It can be shown that the vapor pressure 
above a convex surface of liquid is greater 
than that above a flat surface. The excess 
vapor pressure above the convex surface is, 
theoretically, inversely proportional to the 
radius of curvature of this surface. Since 
Fig. 15 .— Illustrating the prin- vapor pressure is smaller for a large drop, 

chamber^^ Wilson cloud expansion ^ large drop might continue to grow whereas 

a small one would evaporate. In order to 
grow, a drop must start with some finite size; it therefore requires some 
nucleus of condensation. 

Wilson found, however, that when ions were present condensation set 
in at a much lower degree of supersaturation. An expansion ratio of 1.26, 
for which the final vapor pressure is some four times that required to 
saturate, was siifiicieiit to cause condensation on negative ions. When the 
vapor pressure exceeded six times the saturated value, resulting from an 
expansion ratio of 1.30, condensation was found to take place on positive 
ions also. It might be anticipated that the presence of ions would favor 
condensation. The potential energy of an electrically charged sphere 
becomes less for a given charge as the size of the sphere increases. Since 
any system tends toward a minimum of potential energy, the presence of 
the charge would favor growth of the droplets. One may also view the 
problem in a slightly different way. The surface tension of a liquid causes 
a drop to contract. Charges present on the surface of this drop repel one 
another, thus tending to make it expand. It is clear, therefore, that a 
charged droplet might grow whereas an uncharged one might not. The 
fact that negative ions serve more effectively than positive for the condensa- 
tion of water droplets is probably due to the known affinity of negative 
ions and water molecules. 
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yntrs afltT its original discovery, Wilson^^ utUized this condensa- 
Uuu ,>}H-n..nM;uon to make visible the actual paths traversed by high speed 
e par Ides m passing through a gas. As an ionizing particfe 

lirouKh « K«- >t leaves along its path many positive and negative ions. 
!f an evpansion ].<> produced immediately after passage of the particle, 
wat.T droplets , •onden.se upon these ions. Thus one sees water droplets 
distnhiiti'd along the path of the ionizing particle. This path can be seen 
visually, or it can be photographed. The Wilson cloud chamber has 
iind.TKone many rnodifications«-w in design and control, although theunder- 
lyiiiK prim-iple ha.s remained the same. Until 1934 a piston was used almost 
universally for [iroilucing the expansion. Since then nearly all chambers 
usi- a llesilih- rubber diaphragm to produce the change in volume. Most 
rhamlaTs today use alcohol vapor rather than water vapor. This vapor 
r«*ipur«*s a smalU-r expansion, ratio to produce the desired results, and has 
Hi'N vral oilier advantages. Many chambers today arejrom 15 to 30 cm. in 
diaiiM'ter. Many ns<‘ gases other than air, and some operate at pressures 
of "liO <tr more atmospheres. Today there are means of causing an ionizing 
parlic’le entering tin* chamber to trip” relays which in' turn produce the 
espansion an<! I'Xpose the {ihotographic film at the proper instant. A parti- 
eh* I'uii thus be inadi^ to take a photograph of its own track. Photographs 
are ordinarily taken from more than one direction. These stereoscopic 
\ ii'w H allow one to ealeulate the actual path, while a single photograph gives 
only the projeetioii of this path in one plane. 

Photographic Studies of the Maimer of Ion Formation 

At teiition should be called at this time to the noticeably different tracks 
left by differenl ionizing jiarticle.s. Some information regarding the manner 
of ii.iiizalioii eaii la- gathered from even casual inspection. Figures 16, 17 
mid IH reprodiK-e some of the earliest photographs obtained by Wilson.^* 
I-'ig. Its shoHH the (racks of two alpha particles given off by radium. These 
app.-ar very inl.-use. The alpha particle must form many ions per cm. of 
Irnvi-l. ions .,n wliich the innumerable water droplets have condensed. The 
ions formed din-elly by the alpha particle must all have been of very low 
speed- olh.Twise the track would not be as narrow and sharply defined. 

Vlphn’ parlii-h- tracks are relatively straight, although there are occasional 

** < '. T’, H. Wilsiiii. I'ror. Ron. Mw-, A, 86, 28.5 (1911): 87, 277 (1912). 

I'. M. S IMiickctl. Jour. Sri. Ituitr., 6, 184 (1929). 

•' 1.’: M. s"'»l"'k!.’tr!'Kl fri'.t’ rchiS'iVan.re. 130, 363 (1932); Prec. Boy. Soo., A. 

IV, M"’’Hrutmkrr an.i T. W. Uonner, B<^. Sri. 

■•.I (' Siro-t iiikI K. C. Slcvonson, Boo. Sci. /'iirir., 7, 347 (1 )• 

'■ Bo...Sri. /»../r..7.471 (1936). 
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abrupt bends as illustrated in the photograph. These abrupt deflections 
usually, though not always, occur near the ends of the tracks. They are 
often accompanied by a short spur, as is the one in the photograph. Occar 
sionally one finds a single track splitting into two, the new tracks proceeding 
for a considerable distance in quite different directions. These observations 
must bear directly upon important physical phenomena. We shall attempt 



Fig. 1 6. — A Fig. 17. — A cloud chamber photograph of the track 

cloudchamber left by a beta ray. 

photograph of the 
tracks left by two 
alpha particles. 


later to learn just what these may be. Fig. 17 shows the track of a beta 
ray, a high speed electron. This particle does not produce nearly as many 
ions per cm. as does the alpha particle. Furthermore, its path shows many 
gradual bends. 

Fig. 18 represents the ionization produced by a narrow beam of X-rays. 
The width of the X-ray beam used was much less than the width over whicl t 
the ionization extends. The individual tracks are those of high speed elec- 
trons. If one examines carefully photographs of this character, he finds 
that all electron tracks start within the narrow beam of X-rays passing 
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through the gas. They proceed outward in all directions. One concludes, 
therefore, that X-rays produce most of the ionization indirectly; they pro- 
duce a few very high speed electrons, and these in turn produce many low 
energy ions. Thus the process by which X-rays produce ionization is quite 
different from that by which high speed charged particles produce ions. 
Charged particles are capable of producing directly many low speed ions by 
virtue of the fact that they exert electrical forces on planetary electrons 
near which they pass. X-rays do not exert such forces; they are uncharged. 



Fig. 18 . — A cloud chamber photograph of the ionization produced by a narrow beam of 

X-rays. 


Nevertheless, they do appear to cause the ejection of an occasional high speed 
electron. These are photoelectrons ejected by the X-rays from the gas 
on which the radiation falls. This process of photoelectric ejection by 
X-rays is entirely similar to that by which electrons are ejected from metals 
such as sodium when illuininated with light. 

The reader may grasj) from these remarks some idea of the importaiKte 
of the Wilson condensation phenomenon to studies of modern physics. Very 
Few single tools have been as helpful to the experimenter. Without the aid 
of this particular tool the present state of knowledge would be far less 
advanced and far less definite. The many applications of the cloud chamber 
will be emphasized by repeated reference to it in the succeeding chapters. 




Chapter 2 

THE ELECTRON 

I. THE ATOMIC CHARACTER OF ELECTRICITY— THE ELECTRONIC 

CHARGE e 

Early Indications of the Existence of the Electron 

From the time of the discovery of electrification by rubbing there were 
many speculations as to the nature of electricity. Benjamin Franklin in 
1750 was apparently one of the first to conceive of it definitely as having an 
atomic structure.^ He pictured the flow of electricity not as a continuous 
process, but rather as the flow of a large number of discrete charges. This 
was pure speculation, for the first bit of experimental evidence in its favor 
appeared nearly a century later. In 1833 Faraday announced his so-called 
laws of electrolysis. He had found that exactly the same quantity of 
electricity must be passed through a solution to transport one grain mole of 
any monovalent material from one electrode to the other; twice as much 
electricity was required to transport one gram mole of a divalent material. 
Since a gram mole of any substance contains a definite number of inolecides, 
quite independent of the nature of the material, the logical though not 
entirely necessary conclusion was that each molecule of a monovalent 
material carried the same discrete charge through the solution ; each molecule 
of a divalent material carried twice as great a charge. Faraday’s experi- 
ments suggested strongly that electricity exists only in multiples of some 
fundamental unit of charge. They did not allow the calculation of the size 
of this fundamental unit, for the number of molecules per gram mole was 
not known, at that time. 

Faraday’s results did not show conclusively that electricity is atomic in 
character. Faraday actually measured the total charge carried by a very 
large but unknown number of molecules. He did not prove definitely that 
each molecule carried the same fundamental unit of charge or a multiple 
thereof. Perhaps some molecules carried one charge and others quite 
different charges; the average charge per molecule would come out always 
the same because of the multitude of molecules transported in such studies. 


A. Millikan, Electrons (4- and, — ), Protons, Photons, Nevtrons, ami Cosmic Rays 
(Chicago: University of Chicago Press, 1935), pp. 6-44, has summarized at length the early 
history of electrical theory and experiment. 


46 



THE ELEaRON 


47 


Findings on electrolysis did })oint strongly toward an atomic nature of 
electricity, hut they were far from conclusive. 

In 1874 Stoney, using a crude value for Avogadro's number obtained 
from kinetic theory of gas studies, calculated from Faraday’s work the 
average charge carried by an ion in solution; and he supposed that all 
monovalent ions carried this same charge. He later called this charge the 
‘‘electron.” "riie numerical value of the supposed unit of charge represented 
by the electron was greatly in error, being only He fhe now accepted value. 
But evidence continued to accumulate. In 1870 Sir William Crookes 
discovered the cathode rays in a partially evacuated discharge tube. In 
1897 Sir J. J. Thomson found that these cathode rays were negatively 
charged electrons traveling along the tube at very high speed. Numerous 
studies of this character seemed to indicate the atomic character of elec- 
tricity, but the proof was by no means direct or conclusive. 

About 1900 there were several partially successful attempts to determine 
the charge of the electron. Wilson’s discovery of the cloud expansion 
phenomenon had been reported in 1897. Most early efforts to determine the 
electronic charge e were based upon this. Efforts were made to measure 
the small charges on the droplets of water which had condensed on ions 
in the ex])ansion chamber. Thomson*'* arranged the expansion ratio of a 
Wilson a])paratus so that condensation took place only on negative ions. 
The air and saturated water vapor in the chamber were ionized by X-rays. 
Droplets were then condensed on the negative ions by expansion. From the 
calculated masses of water vapor necessary to saturate' the space' at the tem- 
peratures before and after expansion, he obtained the mass of water vapor 
actually condensed. He then observed through a microscope the rate of fall 
of the cloud of condensed water droplets. It had long been known that 
a small sph(‘rical body falling through a viscous medium soon attains a 
limiting velocity of fall. As the falling body increases its velocity the fric- 
tional retarding force due to the viscous medium increases rapidly. When 
this retarding force becomes e(iual to the force urging the body downward, 
no further acceleration results; the body has acquired a limiting velocity 
of free fall, and it continues to fall thereafter with this constant velocity. 
Stokes had shown mathematically that for a body of spherical shape, and 
of dimensions large as compared to the <listance between atoms of the 
medium, the limiting velocity of free fall is given by 


gr^{p - p „) 
9 V 


where g is the acceleration of gravity, r the radius of the falling sphere, 
* J. J. Thomson. PhU. Mag., 46, 688 (1898); 48, 647 (1899); 6, 84« (1908). 
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p the density of the spherical body, Pm the density of the Tnedivim, and rj 
the viscosity of the medium. 

While in general the time required for a body to attain this limiting 
velocity depends upon several factors in the above expression, a small water 
droplet of the size with which Thomson worked attains this velocity through 
air in a very short interval of time; it falls an inappreciable distance before 
attaining the limiting velocity. By observing the velocity of fall of the 
cloud of condensed water droplets, Thomson calculated the radius of the 
droplets, assuming them all of equal size. Prom the total mass of water 
condensed, together with the size of each droplet, he calculated the number 
of droplets formed. From this and the measurefl total charge carried down 
by the entire cloud, he calculated the average charge on each droplet. 
Assuming that each droplet condensed on a single ion, this represents the 
charge on the electron. The 1898 work led to a value some 35 percent 
higher than that now accepted; the 1903 work yielded a value 30 percent 
low. Considering the two very questionable assumptions — the equality 
of droplet radii and the existence of but a single charge on each droplet — 
and the difficulties introduced by reevaporation of the droplets <luring the 
gradual warming of the cooled gas after expansion, it is surprising that 
Thomson’s early work gave the correct magnitude of tins charge. 

Other workers continued along somewhat the same lines. H. A. Wilson* 
used a method in which an electric field was applied to siispend the cloud 
of charged droplets. The cloud was formed and the radii of the droplets 
determined as in Thomson’s method. Knowing the radius of the droplet, 
the mass m was calculated. An electric field was then applied vertically to 
suspend the charged cloud. It was adjusted to some \'alu(‘ E just sufficient 
to balance the downward pull of gravity. Under these circumstances 
Ee = mg, if it is assumed again that each droplet earri<\s a single charge. 
Since E, m, and g were known, e could be calculated. Wilson reported a 
value some ^5 percent less than that now aeeepte<i. Wilson noticed that 
when the electric field was applied the cloud of droplets was gradually 
divided into layers. This stratification supposedly in<li(*ated that each 
droplet did not carry a single charge; some carried two or three. Under the 
action of an electric field this would lead to stratification. Millikan and 
Begeman,^ realizing the meaning of such stratification, followed a procedure 
similar to that of Wilson except that they observed the behavior of a single 
stratum of droplets in the electric field. The value of e reported was 
4.03 X 10“^^ e.s.u., a value 16 percent less than the present accepted value. 
Begeman® made an independent determination by the same method, obtain- 

® H. A. Wilson, Phil. Mag., 6, (1903). 

. ^ R. A. Millikan and L. Begeman, Phyn. Rev., 26, 197 (1908). 

Begeman, Phys. Rev., 31, 41 (1910). 
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ing a value 4.67 X 10"^° e.s.u., a value only 3 percent less than that now 
accepted. 

In the meantime two values had been reported for the electronic charge 
determined from studies of the charge carried by the alpha particles given off 
spontaneously from many radioactive materials. Rutherford and Geiger® 
measured the rate of accumulation of charge on an electrometer connected 
to a screen which was being struck by alpha particles from a source giving 
off a known number of particles per second. The positive charge carried 
by each alpha particle was reported as 9.3 X 10“^® e.s.u. Assuming, for 
it amounted to little more than an assumption at the time, that this repre- 
sented two electronic charges, the electron charge was 4.65 X 10”^® e.s.u. 
Regener,^ using much the same method, reported the value 4.79 X 10"^° 
e.s.u. for the electronic charge. As it has turned out this last value was very 
close to the truth, though this did not appear at all certain at the time. Such 
was the state of affairs in 1909. Most physicists were convinced that elec- 
tricity existed only in multiples of the electronic charge, though the evidence 
was far from direct and none too conclusive. A rough value for the elec- 
tronic charge was known, 

Millikan’s Oil Drop Experiment 

Conclusive Proof of the Atornic Character of Electricity . — In 1909 Milli- 
kan®-^^ undertook an investigation the results of which were destined to 
represent one of the outstanding achievements of physics, and to win for the 
investigator the Nobel Prize. Millikan conceived the idea of obtaining 
charged droplets by spraying from an atomizer some relatively nonvolatile 
liquid such as oil, glycerin, or mercury into the si)ace above a small hole 
in the uj)per of two parallel rn(‘tal plates P an<l (■ of Fig. 1. Many droplets 
fell through the opening .1. These could be viewed individually with a 
telescope of high magnification. By applying an el(‘ctric field between 
plates B and it was found that many of the droplets were (charged, some 
positively and some negatively. The droplets no <loubt a<*quired frictional 
charges in the si)raying, and often changed their charges thereafter by' 
collisions with stray ions in the air. When the air was ionized by X-rays 
the dro])lets were found to change their charges more frecpumtly. The main 
advantages of this arrang<‘ment a.re obvious. Error (hie to evaporation was 
minimized l)y using a relatively nonvolatile licpiid. Th<^ sjiray eliminatol 
the necessity of an expansion followc'd by the gradual rise in temperature 

® K. llulluTford and 11. (ioi^or, /Vnr. Hot/, A, 81, 102 (1J)()H). 

^ K. Her. /V^’w.v.v. A had. Wina.^ 37, 048 (1900). 

8 R. A. Millikan, /V/v7. Matj., 19, 200 (1010). 

® R. A. Millikan, Phys. Rev., 32, 840 (1011). 

R. A. Millikan, ZV/y/.s*. 2, 100 (1018). 

R. A. Millikan, Ph'il. May., 34, I (1017). 
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of the cooled gas. Since a particular drop was observed, it was no longer 
necessary to assume equality of drop sizes; nor was it necessary to assume 
equal charges on all droplets. The actual charge on a particular droplet 
could be determined. It should be emphasized that no assumption is made 
regarding the discrete character of charge; the measure<i charge may or 
may not turn out to be some whole multiple of a smallest possible charge, 
depending upon whether electrical charge is or is not of atomic character. 
Millikan’s actual apparatus was of course more extensive than that indi- 
cated in Fig. 1. Mechanisms were provided for maintaining constant 
temperature, measuring pressure and temperature, and ionizing the air 
within the apparatus. 

Millikan’s procedure was in principle as follows: A particular drop in the 
region between plates was chosen. The fall of this drop under gravity was 



Fig. 1. — Schematic sketch of the Millikan apparatus for determining the electronic charge. 


observed, and its velocity of free fall deduced. By Stokes’ law this should 
be given by Eq. (1). Millikan found in the end that the value of the elec- 
tronic charge calculated, using this law, varied slightly with the radius 
of the droplet and with the pressure of the gas through which the droplet 
fell. He could explain this only as indicating a discrepancy in Stokes’ law; 
the errors were greater for small droplets and for low pressures. Now this 
law in its original form (Eq. 1) was deduced on the assumption that the 
spherical droplet is of dimensions so large as compared to the distauet^ 
between molecules that the medium through which it falls can be con- 
sidered continuous. For very small drops and low pressures the medium 
can no longer be thought of as continuous; the drop is no longer large as 
compared to the distance between molecules of the gas through which it is 
falling. Millikan found experimentally that the actual velocity of fall is 
given accurately by 


= ? ~ Pm) 

9 77 



V 


V 


( 2 ) 
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where the last parenthesis is a correction term, but slightly larger than 
unity, taking account of the discontinuous character of the medium. The 
constant b has the value 0.000617 provided p is measured in cm. of Hg and 
r in cm. 

Using this corrected form of Stokes’ law, along with the observed value 
of V, Millikan calculated the radius of the droplet- He then established an 
electric field between plates and urged the droplet upward against the force 
of gravity. When there is no electric field applied, the force pulling the 
droplet downward is given by 

Force downward = — pm) 

When the electric field is applied the net force urging the droplet upward 
is given by 

Net force upward = Eg — Pm) 

where g is the charge on the drop and where E is the electric field established 
between plates. Let it be emphasized again that g is simply the charge 
on the drop; it is not assumed that the drop possesses a single electronic 
charge, or even that the charge g is a multiple of some fundamental unit. 
Millikan assumed that the velocity with which the drop drifts through the 
gaseous medium is proportional to the net force urging it. This assumption 
was verified experimentally by observing the behavior of a charged drop in 
fields of different strengths. If v and Vi represent the drop velocities down- 
ward and upward, respectively, then 


V _ i^;iVr'V(p — Pm) 

vi Eq — H^^g{p — pm) 

(•‘0 

4xr’(/(p — p™) (v + vi) 

^ ~ 3E V 

(4) 


Using the radius r calculated from Ecp (2), and the observed velocities v 
and Vu q can he calculated. 

When Millikan calculated the values of g from different observations lu^ 
obtained a great number of different values. That is, the charges on differ- 
ent drops, or even on the same drop at different times, were often different. 
However, the striking thing is this: Millikan never observed a charge smaller 
than 4.774 X 10“^^ e.s.u., and all other charges observed were whole multi- 
ples of this smallest value. Sometimes 1, 2, 3, 4, 5, and even as high as 
150 of these elementary charges were found on a droplet. What more direct 
or conclusive evidence of the atomic character of electricity could be desired ? 
Results were of course much more certain when dealing with drops on which 
but a few elementary charges resided, and it is data on such drops that show 
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conclusively the atomic nature of electricity and yield an accurate value for 
e. Millikan reported the values 

1911 value® e = 4.891 X 10”^“ e.s.u. 

1913 valueio e == (4.774 ± 0.009) X 10“i« 

1917 value^^ e= (4.774 ± 0.005) X lO”!*^ 

Numerous improvements in details of the method, together with a 
supposedly more refined value for the viscosity of air, were responsible for 
the difference between the 1911 and the 1913 values. The 1917 value 
represents still greater effort toward precision, together with what Millikan 
considered an improvement in the viscosity of air by Harrington. The 
resultant value of e was identical with the 1913 value, except for a decrease 
in the probable error. The 1917 work was undertaken largely because 
Ehrenhaft^® and his coworkers Konstantinowsky^^ and Zerner^® reported 
seriously inconsistent results. These works seemed to question the existence 
of any fixed fundamental unit of charge, or at least to indicate that it was a 
much smaller unit than the Millikan value. These workers used very 
small globules of solid material or of mercury. Millikan^® criticized these 
works on several scores. There seems serious question as to the spherical 
shape and as to the density of such particles. Such extremely small charged 
particles are not known to fall in accord with Stokes’ law. The large 
Brownian motions of such small particles certainly introduce irregularities. 
Today there is no substantial evidence whatever for a charge smaller than 
the fundamental unit found by Millikan. His 1917 value, when corrected 
for better values of the velocity of light and the absolute ohm by Birge’^ and 
by Millikan,^® represented by far the most reliable value of e available until 
recent years. This value was 

^ = (4.770 ± 0.005) X 10-10 e.s.u. 

Typical Student Data on the Oil Drop Experiment. — Before proceeding to 
other interesting consequences of Millikan's work, and to the more recent 
researches on the electronic charge, the author can not refrain from indicat- 
ing how easy it is today for an undergraduate student to find for himself by 
an afternoon’s work that electrical charge is atomic in character, and to 
obtain a fairly good value for the electronic charge. Table I is a summary 

E. L. Harrington, Phys. Rev.^ 8 738 (1916). 

E. Ehrenhaft, A nn. d. Physik^ 44, 657 (1914). 

D. Konstantinowsky, Ann. d. Physiky 46, 261 (1915). 

P. Zerner, Phys. Zeits., 16, 10 (1915). 

R- A. Millikan, Phys. Rev.y 8, 595 (1916). 

R. T. Birge, Rev. Mod. Phys.y 1, 1 (1929). 

^®R. A. Millikan, Phys. Rev.y 36, 1231 (1930). 
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of typical results found by two students in one of the author’s laboratory 
classes in 1932. 


TABLE I 

Typical student observations on a charged oil drop. The oil used was watch oil. The air 
viscosity is that used by Millikan 

Distance between plates = 0.713.5 cm. Temperature = 21 5° C 

Potential between pl.ites = 735 volts Density of oil = 0.89.3 gr/cc. 

Distance through which drop drifteil = 0.145 em. Viscosity of air = 0.0001817 
Barometric pressure == 74. em. Hg. 


Time of 
free fall 

Time of rise 
with field 

Average of 
times of rise 

(Calculated 
charge on 
drop, e.s.u. 

Number of 
elementary 
charges on 
drop 

6' X 10 



(Con't.) 





34 . 4 sec. 

10.1 

28.7 

22 observations 

4.79 X 10->‘> 

1 

4.79 

33.9 

10.2 

28.3 

averaging 28.77 




34.5 

10.5 

4.5 





34.3 

10.3 

4.6 





34.0 

10.2 

4.4 





34.4 

10.2 

4.4 





34.2 

28.6 

4.3 

1 1 observations 

9.45 

2 

4.725 

34.3 

28.5 

4.5 

averaging 10.31 




33.9 

28.0 

4 . 5 





33.8 

28.7 

4 . 0 





34.2 

29 0 

4.4 






29.1 

0.1 






29.1 

0.0 

7 ol>s<‘rvalioii.s 

14.43 

3 

4 8 1 

Average = 84.17 

28.4 

0.2 

averaging (i.l 1 





28.9 

0.1 






29.0 

0.2 






10.0 

0.1 

9 olwervation.s 

18.93 

4 

4.73 


10.2 

0.1 

averaging -4.47 





10.5 

28.0 






10.4 

28.7 






10.2 

29.1 

- -- .. _ 

1 




29.1 

28.9 






28.0 

29 . 0 







28.0 

Kadui.s of drop ealenliil(‘d |o Ik 

‘5.90 X 10“8 

<‘in. 

■ 


28.8 






The quite .small ilrop which the.so stmletiLs diosc to walcli hail ilifforcnt 
charge.s on it at (l.ftcrent times, lint the charg<> was always .some multiple 
of the sma lest wilue observed. Kven Lhe.se relatively meager data imlicate 
strongly that electrical charge exists only in muK.iplcs of a fnmiament.al 
unit; ami they yield a rather good value for c. If tlie several values for « 
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be weighted proportional to the number of observations associated with 
each, the mean value obtained is 4.77 X The exact agreement with 

the Millikan value is of course somewhat accidental. It is truly remarkable 
that such evidence can be obtained by the undergraduate student today, 
when the first conclusive evidence for the existence of a fundamental unit of 
charge was obtained only 30 years ago. 

Evaluation of Avogadro's Number from Millikan's Work, — Another very 
important constant of nature could be evaluated once Millikan’s reliable 
value of e was available. This constant is the number of molecules per gram 
mole, known as Avogadro’s number. Electrolytic studies had shown that 
96494 absolute coulombs of electricity are required to transport one gram 
mole of any monovalent material through solution. This was the best 
value available in 1917, and was used by Millikan.^^ The later value 
(96489 ± 7) accepted by Birge,^^ and still used today, is but slightly differ- 
ent. If one supposes that the fundamental unit of charge carried by 
monovalent ions in solution is the same as that elementiary unit encountered 
in gas ion studies and measured by Millikan, the number of molecules N 
in a gram mole of any material is given by 


N = 


96494 X 2.9990 X 10» 
4.774 X 10"^^ 


(6.062 ± 0.006) X 1023 


This was the value given by Millikan^^ in 1917; except for the probable error 
it is identical with that given^® in 1913. It was the first accurate value of 
this important constant. Except for the value obtained through Millikan’s 
earlier work, it was the first value which could be considered reliable in the 
least. Corrected by Birge^^ for better values of the Faraday, the' velocity 
of light, and the absolute ohm, this became 

, _ (96489 + 7) X (2.99796 ± 0.00004) X 10® 

^ (4.770 ± 0.005) X 10-1® 

= (6.064 ± 0.006) X 1023 


Until recently this remained the most reliable value available. While other 
values have been obtained from studies^® of the Brownian movements of 
colloidal particles in suspension, from measurements of the rate of diffusion 
of colloidal particles, from studies of the thickness of mono-molecular films 
similar to the early works of Devaux and Langmuir 20 and of du Nouy,2^ 
and from observations on the scattering of light, none of these are com- 
parable in accuracy or reliability with that calculated above. 


L. B. Loebi Kinetic Theory of Gases (New York: McGraw-Hill, 1927), pp. 338-S57. 
I. Langmuir, Jour. Amer. Chem. Soc., 39, 1860 (1917). 

2 ^ P. L. du NoUy, Phil. Mag., 48, 264, 664 (1924). 
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In the above calculation of Avogadro’s number, it was supposed that the 
elementary charge encountered in electrolytic studies is the same as that 
found in gas ion studies. Actually this had already been shown by a beauti- 
ful experiment carried out by Fletcher^^ on the Brownian movement of a 
single charged oil droplet. A small charged droplet was suspended by an 
electric field opposed to gravity, and the Brownian displacements observed 
over a long period of time. These displacements were made large by using a 
gaseous medium at low pressure. The theory underlying the work involves 
considerable statistical treatment which need not be discussed here. Proba- 
bility considerations of the random displacements suffered by a particle 
undergoing Brownian movement lead to an expression for the product Ne 
in terms of the temperature, the mean square of the Brownian displacements 
suffered over a given interval of time, and the drift velocity acquired by the 
charged Brownian particle when placed in a known electric field. As a 
result of 1735 observed displacements suffered by a charged particle, Fletcher 
found the product Ne to be 96100 coulombs, where N is the number of 
molecules per gram mole, and where e is the elementary charge encountered 
in gas ion studies. This differs from the product Ne found in electrolysis 
by less than one-half percent. Certainly then the elementary charges 
encountered in the two studies are identical. 

Other Interesting Observations . — Another interesting observation nuidc- 
in the course of Millikan’s work had to do with the probability of a changes 
occurring in the charge on a particular drop, and with the greatest charge 
commonly found on a drop of given size. One finds a variety of charges, 
sometimes negative and sometimes positive, on a particular drop. Changes 
of charge often result from collision of the drop with stray ions in the gaseous 
medium. These changes can be made to occur almost at will by ionizing 
the medium more intensely. If one is observing a fairly large drop, it is 
relatively easy to cause the drop to assume a charge, either positive or 
negative, of several hundred electrons. It is difficult, however, to obtain a 
charge of more than a few electrons on a very small drop. As a drop becomes 
more highly charged it becomes less probable that it will pic*k up an addi- 
tional charge of the same sign. As Millikaid* pointed out, th(^se changes of 
charge are no doubt due to thermal collisions of ions with tlie drop. As a 
drop becomes more highly charged, an ion of like sign must possess more 
kinetic energy of thermal agitation to overcome the repulsive force and 
attach itself to the drop. Since the mean kinetic energy of thermal agita- 
tion is fixed by the temperature, one would expect a rough upper limit to 
the charge that might reasonably he expected on a drop of given size. As an 
example substantiating this concept, Millikan'* found that a drop of 0. 000658 
cm. radius and possessing a charge of 150 electrons had |)ractlcally no teiid- 
. 22 jj. Fletcher, Phi/}t. Rev., 33, HI (1911). 
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ency to pick up an additional charge of like sign. Assuming a spherical 
distribution of charge on the surface of the drop, the electrical potential of 
this drop would be 


Potential = ^ 


150e 

r 


150 X 4.77 X 
0.000658 


- 1.00 X 10-4 e.s.u. 


where C is the capacity of the spherical drop and where r is the radius. 
The energy required to drive another electronic charge of like sign onto this 
drop would be 

Energy = potential X charge = 1.09 X lO’^ x 4.77 X 10“^^* 

= 5.2 X 10-44 ergs. 

It is instructive to compare this with the average kinetic energy of thermal 
agitation. This is given by 

K.E. = HkT = M X 1.38 X lO-i® X ^93 = 6.1 X 10-44 ergs 

where fc is the Boltzmann gas constant per molecule, and where T is the 
absolute temperature. This is clearly of the same order as the energy an 
ion must have to drive itself onto the already highly eharg(‘<l drop. Such 
calculations constitute excellent evidence as to the correctness of the concept 
that changes of charge are brought about by thermal collisions. 

2. RECENT REFINEMENTS IN THE NUMERICAL VALUE OF e 
Other Methods of Determining e 

As other methods are developed and as techni(|ne is improved, there 
usually follow successive refinements in the values of important, physical 
constants. A notable improvement in the value of the (4(‘ctronic charge 
has been accomplished in recent years. Not until did th<‘rc appear any 
evidence whatever to indicate any need for a slight revision of the Millikan 
value. Not until 1935 was the necessity of a revision aeceptiMl fully. 

Two intervening determinations by Mattaiich-** and })y Hull and 
Williams^4 gave 4.758 X 10-4« and 4.76 X 10~’“ e.s.u., resp(‘ctively. While 
both of these were slightly lower than the Millikan vulu<‘, neit her compared 
with it in accuracy. Mattancirs determination was by the Millikan 
method. Hull and Williams used an entirely different attack. If the emis- 
sion of electrons from a heated filament in a vacuuni tiib(‘ is random in 
character, one would expect high frecpicncy oscillations to b(‘ s(q. up in a plate 
circuit composed of an inductance, a capacity, and a r(‘sislance. These 
oscillations are due to the electrical impulses cornmunicat.ed to the plate 

J. Mattauch, Zeits. f. Phys-ik, 32, 439 (]92.'5). 

** A. W. Hull and N. H. William.?, Phya. Rm., 26, 147 (1025). 
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by the inilivitlual dtH^tronn. Those oscillatory currents have been found 
aiit! inntiturtNl. 1 ho phonomeiion is known as the shot effect. It turns out 
thc'^irrt ioiilly that iho moan H<iUHre of the oscillatory current can be expressed 
ill loriiis of the Hainration current to the plate, the electronic charge, and the 
resistiuH'o an<i rapacity of the circuit. Since all quantities other than 
Iho olciHroiuc charge can he observed experimentally, e can be calculated. 
lliiH ami Williams found the value 4,76 X e.s.u., representing the 

average of a tuimlnT of <lelerminations. The individual determinations 
varitnl among themHclves by as much as 2%. This value, obtained by an 
entirely different method, compared favorably with that found by Millikan, 
'rhoiigh this rt*«tilt has a larger probable error than that associated with the 
Millikan value, Hull and Williams believed that with proper refinements the 
method might yield a result of comparable accuracy. No further success 
has yet been acH'ornpIished in this direction. 

In IMK Uiore appeared a <letermination‘^® by still another method, one 
wbii’h proved to bo \ be for<‘runner of a long series of researches. The details 
of this method enunoi be appreciated unless one is familiar with the methods 
of mrasuriiig X-rny wave lengths. The. general procedure can be made 
clear, IniweviT, if tin* readier will accept for the present a few statements 
which will be MubHtantiatc<l in <letail in a later chapter. There are two 
main tiictluHls of measuring X-ray^wave lengtlis. The first method used was 
that fd rcllcction from the faces of nntiirnl crystals such as calcite. Marked 
reflection occurs only at c<‘rtain angles, and these angles are functions of the 
wave length and the <listun(‘c between atoms in the crystal. Knowing the 
general nrriingcincnt id atoms in the crystal, and taking Avogadro’s number 
obtained through use <d th(‘ Millikan value for e, it is possible to calculate 
the distiificc between atoms in tln^ crystal. From this, together with the 
olmerved angles at whi<’h a given X-ray is reflected, the wave length of the 
X ray can he obtaimsi. The seeond method, developed somewhat later, 
dependn u|Mni the rcflcidion of X-rays from a ruled grating. In general the 
nu'thod is unal<»gous to tlu‘ (iei('riniiialion of optical wave lengths through 
tjHC of ruletl relieeticnj gratings. Knowing the distance between lines ruled 
on the grating, together with the angular positions at which the maximum 
intcusitirH of rcflci’tcil X-ray energy occur, the wave length of the X-ray 
can be (udeulatiMi. 

before IlHH it was r<*eogniz(‘d that X-ray wave length measure- 
m.-fils t.y 111.- crystal nictJ....! were F)rwise. Meusurements made by 

tbr rulr.’l Kratinii m.-ihu.l slionld be (-(lUHlly prodse. Hacklin’*® found, how- 
rver. that tin- two in.-thods Kuve slightly different values for the wavelength 
itf It given X-riiy. 'I’he (hscrepaney was more than should be expected from 
the prohnhle «Trors itiv(>lve<l. One possible interpretation of this dis- 
K, Hiirkhn, (l!>liK). 
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crepancy was that the results of crystal measurements might be in erirc^^* 
due to the use of a slightly incorrect calculated spacing between atoxn^ 
resulting from an incorrect value of Avogadro*s number. If the previou.£>ly 
accepted value of Avogadro’s number was in error, then it follows tha.'t ^ 
similar error existed in the Millikan value for the electronic charge, for i't 
exceedingly unlikely that an error of this size could possibly exist in the? 
experimental determination of the Faraday. Backlin therefore proposed to 
reverse the procedure. Taking the X-ray wave length obtained from 
gratings as correct, he calculated the spacing between atoms in the cr^ sst^*'^ 
necessary to account for the observed reflection therefrom. From thi-*^ 
spacing, together with the density and the general arrangement of atoxxiH 
in the crystal, he obtained a value for Avogadro’s number. Combiniii^ 
this with the Faraday led to a value for the electronic charge. Backlixx''-H 
original observations yielded values 

N = (6.037 + 0.008) X 
e = (4.794 ± 0.006) X lO-^® 

These results are respectively 3^ percent lower and percent higher th« xi 
the Millikan values, and they have associated with them but slightly 
larger probable errors. The discrepancy is approximately twice the sum 
of the probable errors. While this in itself proves nothing, it is inclo<*‘<l 
suggestive. This was the first indication that the Millikan values mi^Ht 
need slight revision, and it was followed by a long series of researches I 

discussions. 

Peculiarly, the early work of Wadlund^® by the same method gave re.sii 1 1 m 
contrary to those of Backlin; the results duplicated almost exactly those? of 
Millikan. But this is the only work by this method that has not led to it 
slightly higher value of e. Almost immediately Bearden^^ undertook a seri < -.h 
of investigations which has proved outstanding in settling the issue. Beiii*- 
den’s early work by the X-ray method gave values 

N = 6.022 X 1023 
e = 4.804 X 10“^*^ 

and these are very close to the more accurate later works which have no w 
been accepted. The work of Millikan was so firmly entrenched, howevor, 
and the suspicion of error in the ruled grating wave length measurenient.s > 
widespread, that Millikan’s values were still accepted by nearly all physic i « t .-s . 
Birge,^^ in a survey of the most probable values of physical constants, a.ii< 1 
Millikan,^® in a survey limited largely to the value of the electronic char^go, 

A. P. R. Wadlund, Proc. Nat. Acad. Sci., 14, 588 Phys. Rev., 82, 841 (1928). 

27 J. A. Bearden, Proc. Nat. Acad. Sci., 16, 527 (1929). 
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still Hccepte^l the Millikan value. The general attitude remained unchanged 
after the further works of Cork^® and Bearden,^® probably largely because 
Bearden had obtained by calculation of wave lengths from index of refrac- 
tion nieasureinents, some evidence that the ruled grating measurements were 
in (Tror. Bearden himself still felt, as did Birge,®^ that the Millikan value 
wouhl prove correct. Shiba,®*-^ however, in a critical summarization of the 
moHt probable values of several important physical constants, expressed 
definitely a conviction to the contrary. While he admitted the forcefulness 
of arguments in favor of the Millikan value, he felt that the discrepancy' 
was in this value, and that it was due to an incorrect value for the viscosity 
of air. 'Po substantiate this argument he pointed out that if weights 
obtaincil from probalde error considerations were assigned to existing 
viscosity dot erininations, the most probable value for the viscosity was some- 
what higher than that used by Millikan. This higher viscosity combined 
with Millikan's oil ilrop data gave 


c = (4.803 ± 0.010) X 10-1® 


a valtic almost i<lentical with those obtained from X-ray measurements. 
Shiba's s\igg<»stion has })roved correct, and it was probably quite instru- 
nuudal in bringing about final agreement between results by the two 
nudhods. 

Almost inuncdiately further work by Bearden and Shaw,®® BScklin,®^ 
Siwlcrman®^ and Bcanlcn®® ®^ made it appear almost certain that ruled grat- 
ing wave huigths, and Ihonce the higher value of e, were correct. Bearden 
anti Shaw ha<i calculaUsl wave lengths from refractive data. Soderman had 
compansl X-ray wave lengths directly with that of a well-known line in the 
visible spe<*lruin. In ca<*h (atse results agreed with those obtained from 
rule<l grating ineasurements. In an excellent summary of results by the 
X-ray nudhod, Bearden®’^ gave as most probable values 

.V - + 0.0005) X 102® 

c - (4.8036 ± 0.0005) X lO"’® 


'•••*.1. M, ( 'ork, I*hj/s. Hrp.^ 36, 1450 (1900). 

J. A. Hrnrdrn, /Vr//.v. Urv., 37, 1!210 (1901). 

*“'J. A. Urar<l<‘iv, /V<//.v. Rrv., 39, 1 (190i). 

It. 'r. BirK*s 40, (190li). 

•'» K. Sliil)!.. Iii.il. Hiiik. '>"<J 

'•’.r. A. HiMirdcn uii<l ('. H. Shaw, Phyx. Rev., 46, 7.59 (1934). 


'■'* K. UlU'klin, Zeih.f. Phydk, 93, 450 (1935). 
M. SlkhTinnn, Naluee, 186, (17 (1036). 


.1. .V. Ih‘nr<lcn, I’hi/.i. Ri’V., 47, 811 (1935). 
.1. H<-nr<lru, Plijhi. Rev., 48, 385 (1935). 
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While Schopper®^ had in the meantime obtained essentially the Millikan 
value from a determination of the charge carried by the alpha particle, the 
results were not considered seriously. They were criticized on several 
scores,®® and Sohopper^® himself later reported irregularities present in his 
measurements. The 1935 Bearden values were accepted by nearly all 
workers, and they still are accepted. They have since been substantiated 
by the work of DuMond and Bollman^^ and by that of Miller and DuMond.'^^ 
The latter observers obtained X-ray data from seven different kinds of 
crystals, and their average value was not essentially different from that by 
Bearden. 

Recent Elimination of a Small Error in the Millikan Value 

At about this time (1935) it was shown that the main error in the Millikan 
value was definitely due to the use of. an incorrect value for the viscosity 
of air, as had been suggested by Shiba.®^ Kellstrom^® made a very careful 
determination of the viscosity of air, obtaining a value appreciably higher 
than the Harrington^^ value which had been used by Millikan. Bond^'‘ 
obtained independently a value almost exactly equal to Kellstrom’s. C^om- 
bining the orignal Millikan oil drop data with his own viscosity determina- 
tion, Kellstrom reported a value 

^ = (4.818 + 0.011) X 10-1® 

Thus the oil drop data lead to a value fully as high as the X-ray value. 
This one result is even higher, though the difference is not unreasonable as 
judged from the probable errors involved. Still more recent viscosity 
measurements^®-^® make it appear certain that the viscosity of air is higher 
than was supposed previous to Kellstrom’s work, though perhaps not 
quite as high as found by Kellstrom. Recent viscosity determinations are 
shown in Table II. 

38 E. Schopper, Zeits.f. Pkysik, 93, 1 (1934). 

3® R. T. Birge and E. McMillan, Phys, Rev.y 47, 320 (1935). 

E. Schopper, Zeits.f, Physik, 94, 649 (1935). 

J. W. M. DuMond and V. L. Bollman, Phys, Rev., 60, 524 (1936). 

P. H. Miller and J. W. M. DuMond, Phys. Rev., 67, 198 (1940). 

43 G. Kellstrom, Nature, 136, 682 (1935); Phys. Rev., 60, 190 (1936); Phil. Mag., 23, 313 
(1937). 

44 W. N. Bond, Phil. Mag., 22, 624 (1936); Proc. Phys. Soc., London, 49, 205 (1937). 

45 W. V. Houston, Phys. Rev., 62, 751 (1937). 

46 P. J. Rigden Nature, 141, 82 (1938); Phil. Mag., 26, 961 (1938). 

47 G. B. Banerjea and B. Plattanaik, Nature, 141, 1016 (1938); Zeits.f. Physik, 110, 676 
(1938). 

48 V. D. Majumdar and M. B. Vajifdar, Proc. Indian Acad, ^ci.^ 8A, 171 (1938). 

4® J. A. Bearden, Phys, Rev., 66, 1023 (1939). 
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TABLE II 

Experimental determinations of the viscosity of air at 23*^ C. Values are in c.g.s. units 
Observer Viscosity X 10^ 

Harrington^^ 1822.6 ±0.7 

Kellstr6m« 1834.9 ±2.7 

Bond« 1834.7 ±0.8 

Houston^® 1829.2 ±4.5 

Rigden« 1830.3 ±0.7 

Banerjea & Plattanaik^’' 1833.3 ±2.1 

Majumdar & Vajifdar^® 1834.4 ±0.35 

Bearden^® 1834.12 ± 0.06 


If the average of the seven recent values is combined with the Millikan oil 
drop data, one finds 

e = 4.811 X 10-10 

This is slightly higher than the X-ray value, whereas early viscosity data 
led to a value considerably lower. 

It has been suggested by Backlin and Flemberg^® that a small additional 
error exists in the Millikan oil drop data proper. Recent oil drop observa- 
tions by these workers, when combined with the Kellstrom value for the 
viscosity of air, yield for the electronic charge 

^ = (4,800 ± 0.008) X 10-10 

This is appreciably lower than that reported by Kellstrom who used the 
Millikan data; it is almost exactly the X-ray value. This agreement gave 
some weight to the suggestion of a possible small additional error in the 
Millikan data. 

Ishida, Fukushima and Suetsugu®i have also repeated the oil drop 
experiment. The apparatus and method wore essentially the same as used 
by Millikan. The authors claim improvement in the elimination of several 
possible small errors, those introduced by slight changes in oil density, by the 
use of non-spherical drops, and by the influence of convection currents 
upon the drop’s motion. Using the old Ilarringtoid*'^ value for the viscosity 
of air, they obtained 

e = (4.806 ± 0.008) X 10-*<' e.s.u. 

where the probable error does not include that associated with the viscosity 
determination. This is quite close to the X-ray value. If, however, any 

®°E. Backlin and 11. ITeinbcrg, Nature, 137, 6.5,5 (1936). 

Y. Ishida, I. Fukushima and T. Suctsugu, Nature, 140, 29 (1937); Imt. Phys. and Chem, 
Res., Tokyo, Sci. Papers, 32, 57 (1937). 
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of the more recent viscosity determinations are used, a value much higher 
than this is obtained. These workers remark that, ‘‘If Kellstrom's deter- 
mination of the viscosity of air is correct, then we come to the unavoidahh* 
conclusion that the electronic charge musi. be greater than the value deter- 
mined by the X-ray method." 

Laby and Hopper®-^ have recently obtained oil drop data by a somewhat 
different method. These observers used vertical rather than horizontal 
plates. Instead of viewing the drop directly they took a series of short 
exposure pictures of it, one picture each of a second. With the plates 
shorted the drop is shown in one after another position as it falls vertically 
between the plates. With the field applied it is shown in one after another 
position as it moves in a straight line under the combined velocities of free 
fall and drift in the electric field. From these data, together with the 
viscosity of air, the charge on the drop can be calculated. Arbitrarily 
accepting the value 1830 X 10“^ for the viscosity of air at 23° C, they found 
for the electronic charge 

e = (4.8020 ± 0.0013) X lO-^^ 

For the sake of comparison of oil drop data it is well to calculate from 
each series of data the value of the electron charge, using in eacli calculation 
the same value for the viscosity of air. Although Table II indicatc^s that 
the value 1830 X 10“*^ arbitrarily chosen by Laby and Hopper may be slightly 
low, this value cannot be far from correct, and it will serve as well as any for 
comparative purposes. On this basis one finds that the several sets of oil 
drop data lead to the values given in Table III. 

TABLE TTI 

Comparison of oil drop data, assuming the value 1880 X 10"^ for the viscosity of Jiir at 
2S® C. The probable errors of the first and last values are those associated with the oil <lrop 


data only 

Data r X 10i« 

Millikan 4.709 ± 0.0037 

Biicklin and Flemberg 4.781 

Ishida, Fukushima and Suetsugu 4.835 

Laby and Hopper 4.8020 + 0.0013 


It is obvious that the oil drop data do not agree among themselves. The 
recent data by Laby and Hopper by the photographic method yield a result, 
agreeing closely with that of Millikan. One other set of data yields a value 
considerably lower, while still another leads to a value much higher. While 
all of these values may have to be raised slightly if the viscosity proves 
to be greater than 1830 X as appears likely, the Millikan and the Laby 

T. H. Laby and V. D. Hopper, Nature^ 143, 157 (1039); 146, 932 (1940). 
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and Hopper values will still be close to the X-ray value. Ishida, Pukushima 
and Suetsugu’s contention of the alarmingly higher oil drop value ignores all 
data except their own. As Robinson®® points out, by choosing proper oil 
drop data and combining it with proper viscosity data one pan obtain a 
value for the electronic charge ranging from well below to well above the 
X-ray value. There is no reason to believe today that any real discrepancy 
exists between the oil drop and the X-ray values. The X-ray value is and 
will no doubt continue to be by far the more precise, but its substantiation 
by oil drop data was an important contribution. 

Birge,®^ considering all except recent works, suggested the most probable 
values 


N = (6.0230 ± 0.0005) X 102» 
e = (4.8029 ± 0.0005) X 10“^o 

These are almost identical with the Bearden®^ values, and with these con- 
stitute the accepted values today. They likewise agree closely with values 
given in a still more recent summary by Millikan.®® Table IV summarizes 
values of e and N obtained by various workers and by various methods. 


H. R. Robinson, Nature, 142, 100 (1988). 

R. T. Rirge, Nature, 137, 187 (1986). 

H. A. Millikan, .Inn. d. Physu/Ct 32, 84 (1988). 
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TABLE IV 


Experimental values of the electronic charge e and Avogadro’s number iV. Under method, 
the words drop, X-ray, alpha, and shot refer respectively to the oil drop, the X-ray wave 
length, the alpha particle, and the shot effect methods 


Author 

Date 

Method 

e X 10‘» e.s.u. 

N X 10-“ 

Rutherford & Geiger® 

1908 

Alpha 

4.65 


Regener"^ 

1909 

Alpha 

4.79 


MiUikanio 

1913 

Drop 

4.774 ±0.009 

6.062 ±0.012 

MiUikanii 

1917 

Drop 

4.774 ±0.005 

6.062 ±0.006 

Mattauch*® 

1925 

Drop 

4.758 

6.080 

Hull & WiUiams24 

1925 

Shot 

4.76 


Backlin®® 

1928 

X-ray 

4.794 ±0.006 

6.037 ±0.008 

Wadlund^® 

1928 

X-ray 

4.774 ±0.007 

6.061 ±0.009 

Bearden^^ 

1929 

X-ray 

4.804 

6.022 

Birge^^ .• 

1929 

Summary 

4.770 ±0.005 

6.064 ±0.006 

Millikan^ 8 

1930 

Drop 

4.770 ±0.005 

6.064 ±0.006 

Cork^s 

1930 

X-ray 

4.816 

6.006 

Bearden^® 

1931 

X-ray 

4.806 ±0.003 

6.019 ±0.003 

Birge®! 

1932 

Summary 

4.769 ±0.004 

6.065 ±0.005 

Sluba»2 

1932 

Summary 

4.806 ±0.0014 

6.019 ±0.002 

Schopper®* 

1934 

Alpha 

4.768 ±0.005 


Backlin®^ 

1935 

X-ray 

4.805 ±0.004 

6.020 ±0.005 

Ssderman®® 

1935 

X-ray 

4.806 ±0.003 

6.019 ±0.003 

Robinson®® 

1935 

Summary 



Bearden®^ 

1935 

X-ray 

4.8036 ± 0.0005 

6.0221 ± 0.0005 

Kellstrom^® 

1935 

Drop 

4.818 ±0.012 

6.004 

DuMond & Bollman'*^ 

1936 

X-ray 

4.799 ±0.007 

6 . 028 

Birge®^ 

1936 

Summary 

4.8029 ± 0.0005 

6.0230 ± 0.0005 

Bond" 

1936 

Drop 

4.814 

6 . 009 

Backlin & Flemberg®® 

1936 

Drop 

4.800 ±0.008 

6 . 027 

Friesen®’' 

1937 

Summary 

4.800 

6 . 027 

Houston^® 

1937 

Drop 

4.796 

6 . 032 

Ishida, Fukushima, & Suetsugu®^. . . 

1937 

Drop 

4.806 

6.019 

Rigden^® 

1938 

Drop 

4.800 + 0.004 

6 . 027 

Banerjea & Plattanaik^^ 

1938 

Drop 

4.811 ±0.009 

6.013 

Robinson®® 

1938 

Summary 

4.803 

6 . 023 

Millikan®® 

1938 

Summary 

4.796 ±0.005 

0.032 

Dunnington®® 

1939 

Summary 

4.8025 ± 0.0007 

6 . 0235 

Laby & Hopper®^ 

1940 

Drop 

4.802 

6.024 

Miller & DuMond'*® 

1940 

X-ray 

4.801 ±0.002 

6.026 ±0.002 


H. R. Robinson, Rep. on Prog, in Phys., 2, 247 (1935), 

S. von Friesen, Proc. Roy. Soc., A, 160, 424 (1937). 

F. G. Dunnington, Phys. Rev., 66, 683 (1939); Rev. Mod. Phys., 11, C5 (1939). 







(Chapter 3 

THE ELECTRICAL DISCHARGE 

I. THE VARIOUS TYPES OF DISCHARGE 

The study of the discharge of electricity through gases at reduced pres- 
sures has led to the discovery of cathode rays, positive rays, X-rays, and 
numerous other phenomena. Detailed studies of each of these have led in 
turn to further important findings, some of which will be discussed in 
succeeding chapters. For the present, however, our attention will be con- 
fined to the more general features of the discharge. The general appearance 
and other characteristics of the electrical discharge through a gas (iepend 
upon many factors, the nature and pressure of the gas, the size and shape 
of the vessel containing the gas, the nature, shape, and separation of the 
electrodes, and the current density in the gas. Discharges are often classi- 
fied as the dark discharge, the glow discharge, the brush discharge, the spark 
discharge, and the arc discharge, although there do not exist shaq) lines 
of demarcation among these. 

When the potential difference applied between two electrodes is gradually 
increased, a measurable flow of electricity starts before any visible signs of a 
discharge appear. The discharge is called a dark discharge. If the poten- 
tial difference is further increased, sharp luminous streamers appear on either 
electrode. These are not continuous from one electrode to the other; they 
extend out a short way from the electrode and then diHapj)ear. ITio 
phenomenon is termed a brush discharge. Under other conditions the dis- 
charge appears as a series of intermittent sharp sparks extending from one 
electrode to the other, and is accompanied by ex])losive-like sounds. This is 
called a spark discharge. Under other conditions, when the discharge 
appears as a more or less continuous glow filling a large part of the si)ace 
between electrodes, it is referred to as a glow discharge. Under still other 
conditions, usually associated with large current densities, a continuous arc 
appears between electrodes, and the phenomenon is called the are discharge. 
Various aspects of discharge phenomena have been treated by numerous 
authors. Langmuir and K. T. Compton have discussed elaborately the 
underlying behavior of ions responsible for such phenomena. J. J. and 

^K. T. Compton and I. Langmuir, Rm. Mod, Phys.y 2, 12S (1980). 

2 1. Langmuir and K. T. ('ompton, Rev, Mod. Phys., 3, 191 (1081), 
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G. P. Thomson® have treated at length the observations and concepts asso- 
ciated with various types of discharges. Loeb^ and Loeb and Meek^ have 
discussed the spark discharge in detail. Loeb® has summarized the essential 
features of both the glow and the arc discharge. Any critical study of the 
subject shows immediately that the discharge is in general a quite complex 
phenomenon; it is a complicated mixture of a large number of contributing 
effects. Under some conditions certain of these contributions stand out; 
under but slightly different conditions other contributions predominate. 
The type of discharge is determined by the nature of the effect or effects 
largely responsible for the maintenance of the discharge. For example, the 
essential difference between a glow and an arc discharge is a difference in the 
mechanism by which electrons are supplied at the cathode. Our present 
interest is in the more fundamental concepts associated with discharge 
phenomena, rather than in detailed interpretations of the various types of 
discharge. Let us therefore direct our attention to some of the more general 
features associated with the discharge of electricity through gases at low 
pressure. 

2 . THE GLOW DISCHARGE THROUGH GASES AT REDUCED PRESSURE 
Appearance of the Discharge 

General Features . — If one applies sufficient potential between the elec- 
trodes of a tube to cause a visible discharge, the appearance of the discharge 
changes with changes of gas pressure. At atmospheric pressure the dis- 
charge appears as a series of discontinuous sharp sparks. As the pressure 
is reduced to 5 or 10 cm. of Hg the discharge takes on a continuous thread- 
like appearance. The color of the discharge depends upon the gas within 
the tube; for air it is lavender-like at this stage of exhaustion. It is at this 
pressure that the two electrodes begin to take on different appearances. 
As one proceeds to lower pressures the thread-like discharge spreads laterally 
until at 1 cm. of Hg it fills the entire cross section of the tube. At this stage 
the strong violet glow on the cathode, the negative electrode, stands out 
distinctly. As the pressure is further reduced the lavender glow begins to 
recede from the cathode, forming the positive column and the Faraday 
dark space. 

At a few mm. of Hg pressure the positive column may be a uniform glow, 
or it may consist of alternate light and dark sections known as striations. 

® J. J. Thomson and G. P. Thomson, Conduction of Electricity Through Oases (3rd ed.; 
London: Cambridge University Press, 1933), Vol. TI, pp. 292-598. 

^L. B, Loeb, Heo. Mod, Pkys., 8, 267 (1936). 

^ L, B. Li>eb and J. M. Meek, Jour. App. Phys.^ 11, 438, 459 (1940). 

“ L. B. Loeb, Fundamental Processes of Electrical Discharge in Gases (New York: John Wiley 
& Sons, 1939), pp. 560-641. 
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If striations are present the luminous layers are very close together at first, 
and gradually separate as the pressure is further reduced. At this stage of 
exhaustion the apparent features are the striated positive column, the 
Faraday dark space, and the violet negative glow near the cathode. As the 
pressure is further reduced to about 1 mm. of Hg the negative glow separates 
into two parts, leaving a sharply defined dark space between. This dark 
space is known as the Crookes dark space, or as the cathode dark space, 
and constitutes the most sharply defined feature of the discharge. Fig. 1, 
taken from a recent survey by Compton and Langmuir,^ represents a 
typical glow discharge at about this pressure. The thin glow between the 



Fig. 1. — A typical glow discharge in a gas at approximately 1 mm. of Hg pressure. 


Crookes dark s])ace and the cathode is known as the cathode glow. As 
the pressure is still further reduced the positive column continues to recede 
from the cathode, the striations become more coarse and indistinct, and the 
Crookes dark space lengthens. If the pressure is reduced sufficiently the 
positive column disappears entirely and the Crookes dark space, its bound- 
aries becoming more and more indistinct, gradually fills the entire tube. 
At a pressure of a few microns (a micron is Kooo (>f a mm. of Hg) the walls 
of the glass tube begin to fluoresce. The color of the fluorescent light 
depends upon the kind of glass; it is a yellowish green for commonly used 
glass. Pressures still lower than this are found in X-ray tubes and in most 
vacuum tubes used in radio, 

, The Cathode Dark Space . — The length of the Crookes dark space, from 
cathode surface to negative glow, is roughly inversely proportional to the 
pressure;’' it may be given more closely by the expression 

d = - + B 
P 

' A. r.fIntliersohulKe, ZnU.f. Phy.nl, ■, 20, 1 (1948); 30, 175 (1945); 34, 549 (19185). 
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where A and B are constants. The numerical value of B is small, 1 mm. or* 
less. It seemed at one time that the term B represented the length of still 
another dark space which has not yet been mentioned. In a number of pixro 
gases a very thin region known as the Aston dark space appears between, 
the cathode surface and the cathode glow. Aston® found this to be approxi- 
mately 1 mm. thick; and there appeared no appreciable change with pres- 
sure. It therefore seemed that the entire cathode dark space d was made 
up of two parts, the thin Aston dark space which was essentially independent 
of pressure, and the remaining distance out to the negative glow, this latter 
being inversely proportional to the pressure. Glintherschulze® has observed 
naore recently, however, that the Aston dark space lengthens somewbL^t 
with decreases in pressure. In fact the length of this space is probably also 
inversely proportional to the pressure; it may therefore have no connection 
with the term B. It is probable that the length of the Crookes dark spaco 
is of the same order of magnitude as the mean free path of an electron in tho 
discharge. The mean free path of an electron having an energy equal to 
that acquired in traversing the Crookes dark space is much greater than tho 
mean free path of a molecule of the gas at a pressure encountered in the dis- 
charge tube; the ratio^® of these may be of the order of 50. 

The sharpness of contrast in the luminous glow at the boundary of the 
Crookes dark space varies greatly with the gas. The line of demarcation is 
particularly sharp in oxygen; in helium and hydrogen the change in lunmi- 
nosity is so slight that the boundary cannot be located at all accurately 
visual observation. Certain electrical methods^^ to be mentioned shortly 
can be used to locate this boundary, and these serve even when the visu.a.1 
line of demarcation is indistinct. The extent of the discharge tube occupied 
by the cathode glow, the Crookes dark space, the negative glow, and tlxe 
Faraday dark space is determined by the material of the cathode, the nature 
of the gas, and the pressure of the gas; it is essentially independent of the din- 
tance between electrodes. On the other hand, the positive column con- 
veniently adjusts its length to fill the remainder of the tube regardless of how 
long the tube may be. It is this positive column that is seen in the ordina-ry 
neon sign. 

The Positive Column . — The positive column itself is an interesting and 
varied phenomenon. It is sometimes uniform and sometimes striated. 
Holm^^ has shown that striations exist only within certain interdependent. 

8F. W. Aston, Proc. Roy. Soc., A, 80, 45 (1908). 

® A. GUntherschulze and F. Keller, Zeits.f. Phys’ik, 71, 238 (1931). 

10 J. J. Thomson and G. P. Thomson, Conduction of Electricity Through Gases (3rd e<l.; 
London: Cambridge University Press, 1933), Vol. II, p. 302. 

11 A. GUntherschulze, Zeits.f. Physik, 40, 414 (1926). 

1* R. Holm, Phys. Zeits.y 26, 497 (1924). 
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Fig. iJ. — Photographs of typical glow discharges in several gases under various conditions 
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ranges of pressure and current density. If either the pressure or the current 
density falls outside these boundaries, the positive column is a uniform 
glow. Even under conditions such that striations are present, the appear- 
ance of the striations is quite varied. This is indicated by Fig. a reproduc- 
tion of some very early photographs taken by De La Rue and MUller.^^ 
The distance between striations depends upon the nature and pressure of the 
gas, the current density, and the diameter of the discharge tube. Occa- 
sionally only that part of the positive column nearest the cathode is striated, 
while the remainder is a uniform glow. 

Under certain conditions an apparently uniform positive column when 
viewed in a rotating mirror is found^^ to be striated; the striations can be 
seen moving rapidly along the tube toward the cathode. An extended 
study of these moving striations was made many years ago by Spottis- 
woode.^® More recently Aston and Kikuchi^® have measured the speeds 
with which these striations move in several gases. They found speeds 
of the same order as the velocities of sound in the respective gases, but the 
speed increases with decreases iii gas pressure. J. J. Thomson has called 
attention to the fact that the range of pressure over which moving striations 
are observed is that in which the intermittent character of the discharge is 
quite pronounced. He therefore suggests that the motion may result from 
puffs produced by the successive explosions of the intermittent discharge. 
These moving striations are probably associated with the so-called plasma 
oscillations in an ionized gas. Since electrons have a very much lower 
inertia than positive ions, parts of an ionized region must be able to respond 
very quickly to any change in electric field. Hence the ionized gas in the 
positive column, called plasma by Langmuir, is capable of propagating 
electrical waves. Very high frequency oscillations of this plasma have 
actually been observed. 

Under other conditions striations remain quite stationary. This is 
evident from the photographs of Fig. 2 by De La Rue and Muller, for which 
the exposure times were of the order of 15 seconds. The photographs indi- 
cate that a variety of forms is possible. Sometimes the luminous sections 
are thin and sharply defined; sometimes they are quite thick and ditfuse. 
Often the striations occur in close pairs, the two components giving different 
spectra.^^ Eyen with single striations the color is sometimes different at 
different parts of a striation. Zeleny^^ has reported that in a discharge 

W. De La Rue and H. W. Muller, PM. Trans. Roy. Soc., 169, 155 (1878). 

A. Wlillner, Pogg, Ann. Jubelhand, p. 32 (1874). 

W. Spottiswoode, Proc. Roy. Soc., A, 26, 73 (1876). 

F. W. Aston and T. Kikuchi, Proc. Roy. Soc., A, 98, 50 (1920). 

J. J. Thomson, Phil. Mag., 11, 724 (1931). 

W. Crookes, Proc. Roy. Sor., A, 69, ,399 (1902). 

J. Zeleny, Jour. Frank, hist., 209, 625 (1930). 
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through hydrogen he obtained red striations in one part of the tube and blue 
in another part. The shape of the striations is variable; it is ordinarily 
convex toward the cathode, and this side is more sharply defined than the 
other. Small amounts of impurity in the gas affect the striated positive 
column greatly. In fact it seems doubtful^^*^^ whether stationary striations 
ever occur in highly purified gases. On the other hand, moving striations, 
which constitute an entirely different phenomenon, occur in both pure and 
impure gases. 

The Normal Versus the Abnormal Discharge , — One other interesting 
visible feature of the discharge will be mentioned. This has to do with the 
area of the cathode covered by the cathode glow. It was discovered early 
by three different observers22-24 working independently, that the electrical 
discharge from a cathode is confined to that area covered by the luminous 
cathode glow, and that an increase in current through the tube increases this 
area proportionally. The current density at the cathode remains fixed as 
long as the entire cathode is not covered by the glow. The discharge is 
referred to as normal as long as the cathode glow docs not cover the entire 
cathode surface. Currents higher than that for which the glow first covers 
the entire cathode lead to the so-called abnormal discharge. The normal 
•current density depends-^** upon the nature and pressure of the gas, and upon 
the metal used as cathode. 

Many features of the discharge change as the discharge passes from the 
normal to the abnormal state. Whereas the length of the Crookes dark 
space d is indepetident of the current through the tube for the normal dis- 
charge, it diminishes with increasing current in the abnormal discharge. 
It depends upon the current density, which is constant for the normal dis- 
charge but which increases as the discharge passes to the abnormal state. 
For very high current densities in the abnormal discharge the dark space 
again becomes essentially independent of the current. For this limiting 
case Giintherschulze-^® has found that the product pd for at least a number of 
gases becomes approximately one-fifth the corresponding value for the nor- 
mal discharge. 

Nature of the Particles Responsible for the Current 

Evidence is clear that the transfer of electricity through the discharge 
must be attributed to the movement of both negative particles and positive 

J, J. Thom.son and (». P. Thomson, Conduction of Klcrfririty Through Gases (3rd ed.; 
London: Cambridge University Press, 1933), Vol. II, p. 381. 

W. H. McCurdy, Phil, Mag., 48, 808 (1924). 

22 A. Wehnclt, A nn. d. PhysiJc, 7, 237 (1902). 

23 H. A. Wilson, Phil. Mag., 4, 608 (1903). 

24 N. Hehl, Phys. Zeits., 3, 547 (1902). 

2® A. Gilntherschulze, Zeits. f. Physik, 20, 14 (192.3). 

2® A. Gilntherschulze, Zeits. f. Physik, 59, 433 (1930). 
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particles. It was about 1870 when Crookes discovered the phenomenon of 
‘‘ cathode rays,” particles leaving the cathode. He referred to these cathode 
rays as a ‘"fourth state of matter.” Nearly 30 years later Thomson^'^ 
found that these cathode ray particles could be deflected by electric and 
by magnetic fields, and he measured their velocity and their ratio of charge 
to mass. The particles travel in straight lines, as shown by the shadows 
cast by objects placed in their paths; they are. ejected normally from the 
cathode; they penetrate thin pieces of matter; they heat any object upon 
which they impinge; they are deflected by an electric field in the direction 
negative charges would be urged; they are deflected in a magnetic field as 
would be a current flowing in the direction opposite that taken by the 
cathode rays; they charge bodies upon which they strike negatively; they 
produce fluorescence. The evidence shows clearly that the cathode rays 
are streams of electrons ejected from the region of the cathode. These 
electrons travel at very high speeds, thousands of miles per second. The 
exact velocity with which the fastest travel is determined by the potential 
difference across the discharge. 

Not all electrons arise in the region of the cathode. The discharge is 
maintained only by virtue of ionization by collision. Additional electrons, 
together with positive ions, are produced at various points along the dis- ■ 
charge. Those produced at some distance from the cathode of course fall 
through a smaller potential difference and consequently attain a smaller 
velocity. Also, certain of those produced at the cathode give up energy 
by collision in their passage through the gas. Experiments indicate, how- 
ever, that a great majority of the cathode rays observed after passing 
through the Crookes dark space have velocities comparable with the 
maximum. By deflecting these moving electrons in electric and magnetic 
fields, Thomson determined the ratio charge/mass for the particle. While 
the electronic charge was very poorly known at that time, it was nevertheless 
obvious that the mass of the electron was very small. Thomson^"^ found 
that the ratio e/m, and hence the mass of the electron, was always the same 
regardless of what gas was in the tube and of what metal was used as 
cathode; and he could find no change of mass with velocity. Except for a 
now well-established slight change of mass with velocity, more recent experi- 
ments have substantiated Thomson’s early findings. It is now known that 
for low velocity electrons the mass is accurately KsST that of the hydrogen 
atom. 

Observations show also that positive particles move toward the cathode. 
An opaque screen placed within the Crookes dark space casts a shadow on 
the cathode; the cathode glow disappears within the shadow. Those 
particles which normally arise beyond the point where the screen is placed, 
J. J. Thomson, Phil. Mag., 44, 293 (1897). 
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and which proceed toward the cathode, must be positively charged. This 
has been shown directly by allowing the particles to fall on some insulated 
conductor and observing the sign of the charge accumulated. The particles 
travel in straight lines, heat objects on which they impinge, and cause 
fluorescence of glass or properly prepared screens. They were first observed 
by Goldstein who, upon allowing some of them to pass through small holes 
in the cathode, noticed streams of luminous gas behind the cathode. Gold- 
stein called the phenomenon ‘‘Kanalstrahlen.’’ The particles are now 
known as positive rays. While Goldstein did not succeed in deflecting these 
particles by electric and magnetic fields, Wien^^ showed that they could be 
so deflected; larger fields than those suitable for deflecting equivalent 
electrons were necessary, however. Prom the direction of the deflection 
the particles were found to be positively charged; from the magnitude of the 
deflection they were found to be much more massive than the electron. It 
is now known that these positive rays are molecules which have lost one or 
more electrons; they are positive ions of the gas in the discharge tube, 
formed no doubt by electron collisions with molecules. These positive 
particles travel at high speeds, but not as Fast as do the cathode rays. 
Experiments show that the maximum energy accjuired by a singly charged 
positive ion in the discharge is the same as that accjuired by an electron. 
This maximum energy is that attained by the ion in falling freely through 
the entire potential difference across the discharge tul)e. Many positive 
ions have energies much less than this. These positive particles will be 
discussed in detail later; a great deal has been learned from them. 

Potential Required to Maintain the Discharge 

It has becMi found that for a fixed distance between ele(*trodes the 
potential necessary to maintain a discharge decreases rapi<lly as the ])ressur(‘ 
is decreased from atmospheric. The decrease continues until a ])ressure of 
the order of 1 min. of Ilg is reached. With further decreases in pressure 
the potential necessary to maintain the discharge increases rapidly. ''rh<‘ 
general shape of the curve is indicated in Pig. 8. The minimum of the curv<‘ 
may be only a Few hundred volts, even though tens of thousands of volts 
may have been re(juired to maintain the <lischarge at pressures near atmos- 
pheric. At pressur(‘s higher tlian that leading to a minimum potential it is 
supposed that the ])resence of so many inoleeuh'S hinders the process of 
ionization by collision by (lecrc‘asing mal.erially the mean Free path of the 
ion. This would necessitate a gr(*ater potential across the tube to })rovi<l(^ 
the stronger field necessary to give to the ion, during its relatively short 
free path, sufficient energy to ionize. At lower j)ressures it is supposed 
that there are no longer sufficient molecules j)resent in the gas to render 

W. Wien, Ann. d. Phyfrilc, 66, 440 (189S). 
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most eflSicieat the ionization process. An ion capable of ionizing has too 
small a chance of striking a molecule. This would lead again to a greater 
potential necessary to maintain the discharge. 

Another interesting phenomenon is that for a given gas at a fixed pressure 
there exists a critical distance between electrodes for which the potential 
necessary to maintain the discharge is a minimum. If the distance between 
electrodes is either increased or decreased from this critical value the 
potential necessary to maintain the discharge is increased. This is easily 
demonstrated by use of a tube similar to that illustrated in Fig. 4. At 
proper gas pressures the discharge will pass between electrodes over the 
long path rather than over the short one. The long path in this case is 
near that critical distance between electrodes for which the potential 
necessary to maintain the discharge is a minimum. This phenomenon was 



Fig. 3. — Showing the manner iu 
which the potential required to maintain 
a gaseous discharge varies with the pres- 
sure of the gas. 



Fig. 4. — -Indicating tliat under cer- 
tain conditions it is easier to niuintain 
a discharge over a long path than over a 
short one. 


employed in an early form of neon glow tube used in television, where it 
was desired to have the cathode glow on the outer surface of the cathode 
so that it could be seen readily. 

It is also of interest that a considerably greater potential difference is 
required to start a discharge through a tube than to maintain this discliargc 
when once started. A potential difference of a few hundred volts can 
maintain a discharge which requires several thousand volts to start. The 
reason for this has to do with the change iu potential distribution along 
the tube when the discharge starts. 

Electric Field Distribution in the Discharge 

Methods of Investigating , — ^There are several ways in which the potential 
distribution, and hence the electric field distribution, within the discharge 
can be studied. Early observers used a single probe method in which a 
fine platinum wire probe connected to an electrometer is ])laced at various 
^points along the discharge. The electrometer measures the potential of 
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the probe relative to some fixed point, usually the anode. It is hoped that 
the probe will take up. the potential of that point of the discharge where it 
is placed. It probably does so if there is a generous supply of both positive 
and negative ions in that part of the discharge being studied. If the ions 
are mainly of one kind, however, as is the ctise in certain parts of the dis- 
charge, these moving ions will continue to drive themselves onto the probe 
until the probe assumes a potential sufficient to prevent by electrical 
repulsion any more ions of this sign reaching it. The potential assumed 
by the probe will also depend upon the relative energies of the positive and 
negative ions in the immediate vicinity. Langmuir?® has pointed out that 
such an isolated probe often takes up a potential from 5 to 15 volts below 
the actual potential of the space immediately surrounding it. Results are 
therefore trustworthy only at certain parts of the discharge. 


To Dump etc. 
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Fig. 5. — WilHon’s appanitUH for ineaHuring the potential dintribution ulon^ the di.seharge. 
The discharge takes place between electrcMles (' and 1)^ which are held a fixed dislance aparl 
by a gla.sH rod. K and F are two .small wires, very elo.se together, between which the polenliul 
difference is measured. 

The work of H. A. Wilson,®*’ apparatus for which i.s .shown in Fig. 5, 
is typical. The difference in potential between two fixed probes a milli- 
meter or so ai)art was measured by an electrometer. MeasuremeiitH ai 
different parts of the discharge were made by moving the entire discharge 
with respect to the fixed probes. This method is much less suHce])tihle to 
error than is the single probe method; while the potential assumed by either 
electrode may be in error, the.se errors are largely eliminated by measuring 
directly the difference of potential. The difference of potential between 
probes in the two probe method is a direct measure of the electric field at a 
particular part of the discharge, while in the single probe method the 
electric field must be deduced from the rate of change of probe potential 
with displacement along the discharge. Holm®' has subjected the two 
probe method to certain tests as to accuracy, and concluded that it is 
reliable within ^ percent, at letist in hydrogen and air at pressures above 
2 mm. of Hg. The error becomes appreciable only when the potential or 
the ion concentration in the vicinity of the probe changes so rapidly that 

Langmuir, Jour. Frank. InM., 196, 751 (1928). 

H. A. Wilson, Phil. Mag., 49, 505 (1900). 

J. M. Holm, Phil. Mag., 11, 194 (1981). 
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the two probes, even though close together, find themselves in quite different 
surroundings. Under such conditions the potentials assumed by the two 
probes will not be in error by the same amount. Holm has analyzed the 
error which results. 

Thomson®^ devised an ingenious method employing an auxiliary beam of 
electrons moving perpendicular to the discharge under investigation. The 
general method is illustrated in Fig. 6. The electric field at any point 
along tlie main discharge is measured by observing the deflection suffered 
by the auxiliary electron beam as it is passed through this point. With 
proper design of apparatus, and with the use of a very fine pencil of rather 



Fig. 6. — Sketch of Thomson’s crossed electron beam method of inensurinf? eletrLric field 

distribution in discharge. 

high speed electrons, the effect of the auxiliary discharge uj)ou the one 
under study is negligible. Results obtained by the method seem entirely 
trustworthy. Unfortunately, the method is not particularly sensitive, and 
it is therefore most applicable to those parts of the discharge where the 
field is relatively high. 

Brose®® developed still another method. When an atom emits light 
while it is in a strong electric field the characteristic spectral lines are split 
into multiplets. This is known as the Stark effect. The separation of 
component lines of the multiplet depends upon the strength of the electric 
field. Brose determined the electric field distribution in the discharge by 
observing the magnitude of the Stark effect in light coming from different 
parts of the tube. Sufficient light for such studies comes even from the 
dark spaces of the discharge. Brose’s method certainly produces no inter- 
ference with the discharge. It has the serious limitation, however, that 

J. J. Thomson, PhU. Mag., 18, 441 (1909). 

3®E. Brose, Ann. d. Physik, 68, 731 (1919). 
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large electric fields are required, fields larger than are found at most places 
in the normal discharge. 

Langmuir has investigated the errors associated with the early single 
probe studies, and has suggested two modifications free from the uncertain- 
ties associated with the older method. One of these®® employs a heated 
filament as probe. This filament is placed in series with a battery and with 
sufficient resistance that the temperature of the filament is just below that at 
which it begins to emit electrons. A shorting switch is placed across a part 
of this resistance. This part is so chosen that when it is shorted by closing 
the switch the filament is heated to a temperature sufficiently high to emit 
electrons. If the space surrounding the probe is at a potential higher than 
that of tlie probe, electrons leave the hot filament. If the space potential 
is the lower, electrons cannot leave the emitting surface. One therefore 
varies the potential at which the probe is held, usually relative to the anode, 
until the current to it does not change upon heating the probe. Except for 
two small corrections, the potential of the s]>ace is given by the most 
negative probe ])oteiitial for which the current remains unchanged upon 
heating the probe; electrons are then just ou the verge of being able to 
escape. Small eorreetioiis must be nnuie for the ])otenlial drop along the 
hot filament and for the thermal velocities with which the elec^lrons ar(^ 
emitted. The method is (|uite reliable. Me(hir(ly®‘ remarks that relial)le 
results are obtained even in electric fields wlun'e no appreciable <lischarge is 
present. 

The second method siiggestcMl by Langmuir®®' is a modilicalion of the 
single cold ])r()be proeednn?. The Tiiodific'ation r(^(|uir(Ml to give trustworthy 
results has been investigated thoroughly/^' both theoretically and exp(MM- 
mentally. If a single probe i)iace<l at some poinl in tin* discharge is held at a 
potential negative with res])e(d- to the surrounding spaces ])()silive ions are 
drawn to it and electrons are driven away. An acemmiihilion of ))()sitive 
ions forms a so-called ])ositive ioii sheath about the* probe. The thickness 
of this sheath can be calenhilcd in terms of the probe ])oUmtial ami th(‘ 
ion concentration. The sheatli can actually Ix' ()I)S(M'V(mI*'® as a very thin 
dark region of the order of 0.1 inin. tlii<‘k surrounding the ])rol)e. Obseu-ved 
thicknesses agree with those .calcidaled. 'Hie ])r(‘seiice of this sIuMilh 
nullifies the field due to the negative probe at all points oulsi<le the sheath, 
and thus seriously limits the current to the |)n)be. In ra<*t the ])()siliv(‘ 
ion current to the probe is nearly^ indepc^ndeiit of the probe i)()tentiul as 
long as this potential is well l)t‘lovv Ihnl of the snrrountling space. As tlui 
potential of the i)robe is Lnertuis<xl to near that of the spac(‘, some of the 
more energetic electrons are able L> driven tJuunselvc'S onto the ])robc in spite 

3* I. LiiiiRmiiir aiul II. MoLl-Snhth, (h n. FJrv. Rin)., 27, 1.^), ASO. OKI, HIO (IIWI-). 

“ 1. Langmuir and II. MoLt-Siiiith, (hw. Klvr. Rco,, 27, 5S0 (lOi-I). 
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of its still slightly negative potential. The net positive ion current to 
the probe is thus decreased. The current to the probe becomes zero at that 
potential for which a sufficient number of electrons drive themselves onto 
the probe to compensate for the positive ions drawn thereto. This is the 
potential assigned to the space in the early single probe studies. Actually 
the positive ion sheath is still present, though now very thin, and the probe 
is still at a potential lower than that of the space. As the probe potential 
is further increased, the number of electrons able to drive themselves onto 
the stiU negative probe increases; the probe current has now reversed. 
When the probe potential reaches the potential of the space, the positive 
ion sheath disappears and a negative electron sheath begins to form. With 
further increases in probe potential electrons are actually attracted to the 



Pig. 7.— Showing the manner in which the current to a Langmuir probe varies with the 

potential of tlic probe. 

probe, and the negative sheath becomes increasingly thicker. As the 
probe potential is carried higher than the space potential by appreciably 
more than the ionization potential of the gas, the probe current increases 
rapidly due to ionization by collision. These successive changes in probe 
current are illustrated in Fig. 7. 

Mathematical treatment of the manner of variation of the current to 
the probe with changes of probe potential shows that if the electrons have a 
Maxwellian distribution of velocities, then for potentials below that of the 
surrounding space the logarithm of the electronic current to the probe 
should vary linearly with potential. For potentials above that of the space 
the current should be proportional to the square root of the excess potential. 
While near the space potential the probe current is a combination of effects, 
and therefore does not follow either simple law, extrapolation of the theo- 
retical curves does allow accurate location of the space potential. Details*'’'^ 
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of the procedure have been summarized elsewhere.®* While actual curves 
sometimes have the shape theoretically expected, they are frequently 
distorted seriously, due probably to a non-Maxwellian distribution of 
velocities. Typical semilogarithmic curves are shown in Fig. 8, reproduced 
from the work of (^ompiotu Tvirner, aiul McCurdy®’^ on the hot cathode 
mercury vapor discharge. Idiesc workers take as the true potential of the 
space that potential for which an abrupt change of slope occurs in the semi- 
logarithmic plot. These points are indicated by arrows on the four experi- 



Fiq. 8.— Curves I, II, 111, and IV show the electron current to an exploring clc<rtr()(le placed 
in the parts of u striation indicated in the upper left corner of the diagram, 'riie arrows, 
marking the positions of abrupt changes of slope, iiulicale t he potentials of the Hcvcrul regions 
with respw^t to the (cathode, '^fhe circles represent the poleiitials whieh would have been 
assigned to the several regions on the basis of the old single exploring electrode method. 

mental curves. The circles indicate the incorrect ])oteutials which would 
have been assigned using the old single ])rol)e method. The authors also 
used a hot probe to determine the potentials of numerous ])()inl.s in the dis- 
charge. Results obtained by the two methods were identical. The 
modified cold probe method gives entirely reliable results. Ft is widely 
used today. 

Experimental Reftult-s — Field Dwtrihiition , — Numerous workers have 
used each of the available methods in determining the potential distribniion, 
and thence the electric field distribution, throughout the discharge. In 

. J. n. Hoag, Klc.ci.ron and Nuclear Phynics (2ncl cd.; New York: I>. Van No-strand, lO.SH), 
pp. 100-172. 

K. T. Compton, L. A. Turner and W. H. McCurdy, Phys. Rev.y 24, /)07 (1024). 
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addition to the early work of Wilson^® covering the entire length of the 
discharge, the extensive work of Aston®® within the cathode dark space, 
and the findings of Thomson®^ within the straited positive column, signifi- 
cant contributions have been made by many others. As might be 
expected, results depend somewhat upon the character of the discharge, 
and they have not always been entirely consistent as regards details. 
Nevertheless, certain salient features stand out. There is a very strong 
field near the cathode. This decreases as one proceeds outward across the 
Crookes dark space, becoming a minimum, nearly zero, at the near edge of 
the negative glow. This, together with results for other parts of the 



Centimeters 

Fig. 9. — Showing the field strength in different regions of a discharge llirough liydrogen at 
2.25 mm. of Hg pressure. Tlic cathode is at the extreme right of tlie diugnini. 

discharge, is shown in Fig. 9, a reproduction of Wilson’s®” early work. The 
actual manner in which the field decreases as one leaves the cathode is shown 
more clearly by Fig. 10, a reproduction of Aston’s®® findings. Similar 
results were obtained for various gases. It is clear that the field strength 
within the cathode dark space increases linearly with the distance from the 
edge of the negative glow, becoming very large as the cathode is a])proached. 

As one proceeds beyond tlic cathode dark space the electric field remains 
nearly zero throughout the negative glow and the first part of the Faraday 
dark space. Wilson®”, Fig. 9, found it to increase considerably in the latter 
half of the Faraday space. Fig. 11, rcproduce<l from the more recent work 
of Holm,®^ shows a similar increase. In Fig, 12, however, also from the work 
of Holm, the field remains nearly zero right up to the start of the striated 
positive column. In fact the field appears to be slightly but definitely 
negative over this region. Obvit)usly, details vary, depending upon the 
gas and conditions of the discharge. In any case the field here is very 
small as compared to that near the cathode. 

F. W. Aston, Proc. Roy. Roc., A, 84, 62(3 (1911). 

A. Wehnelt and G. Schmerwitz, Ann. d. Physik, 86, 864 (1928). 
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If the positive column be uniform the electric field remains practically 
constant throughout. This is evident from Fig. 11. The magnitude of 
this field depends upon the character of the discharge and upon the gas. 
There is practically no field'*® within the positive column for argon and neon, 



Fig. 10. — Aston’s curve showing the manner in which the field strength decreases from 
the cathode out to the negative glow. The field strength is closely proportional to the deflec- 
tion of the spot on the screen. 

and only a small one for helium. This seems to be true over a considerable 
range of pressure. On the other hand, the normal field'*® in hydrogen is 
quite appreciable, and it is proportional to the gas ]iressure over a con- 
siderable range. It is 2.40 volts per (un. per mm. of llg ])resHure. Zimmer- 
man'** has attempted to link the magnitude of the electric field in the positive 



Fig. 11, — The eleelrie fiehl distribution in a discharge having a unirorin po.sitive <'ohiinn. 
This curve is for a discharge through air at a i)r(‘ssure of ().5I inin. of llg. 

column with the rate of diffusion of electrons along the discharge. If the 
positive column is striated the average field throughout its length is approxi- 
mately the same as that in the iiiiiform column, hut distinct maxima and 
minima of field strength arc found. The maxima occur just inside the front 
edges of the luminous sections; the minima o(*cur in the intervening dark 

A. (itJnlhersdiulze and K, Keller, Znttt. J, Physik, 11 y 7(Kt 
Cl. Ziniinennann, Zntn.f. Physik, 91, 707 (1931). 
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sections. These maxima and minima are shown strikingly by the work of 
Hobn,®^ Fig. 12. The minima appear' here to be zero. Thomson®^ has 
shown, howetver, that the field may eveti be negative within the dark sections 
of the striated column; and he has fixed accurately the positions of the 



0 2 4 6 eio izw 

Fig. 12. — The electric field distribution in a discharge having a striated positive column. 
This curve is for a discharge through air at a pressure of 0.22 mm. of Hg. 

maxima and minima. Pig. 13 is Thomson’s^^ representation of his findings. 
The existence of these negative fields at certain points in the discharge is 
well established. They have been found by bolii the two probe method 

and the auxiliary electron beam 
method; they have been found in 
discharges utilizing either a cold or 
a hot cathode. 

There appears to be a rapid 
increase in field strength very close 
to the anode, though this field is 
much smaller than that near the 
cathode. Much evidence indicates 
that still closer to the anode the 
field may decrease again, even be- 
coming negative. These changes 
occur so close to the anode surface 
that it is difficult to make accurate 
measurements, and the experimental probe cannot be gotten close enough 
to the anode to trace out the changes in their entirety. 

Experimental Results^ — Potential Distribution , — The potential distribution 
along the discharge can of course be obtained immediately from the curve 

^ J. J. Thomson and G. P. Thomson, Conduction of Electricity Through Oases (3rd ed.; 
London: Cambridge University Press, 1988), Vol. II, p. 385. 



Fig. 18 . — Showing the distribution of field 
intensity in the vicinity of stria. The curve 
extends over just one of numerous luminous 
sections. The cathode is far to the left. 
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showing the field distribution. Prom the definitions of potential difference 
and field strength it follows that the potential drop across any section of the 
discharge is represented by the area under the field distribution curve 
between two lines bounding this section. It is therefore obvious that there 
is a large potential drop across that section of the discharge extending from 
the cathode out 'to the near edge of the negative glow. In fact this drop 
constitutes a major part of the potential difference across the entire tube. 
For example, Aston®® concluded that, under the conditions prevailing in 
the discharges he studied, this 
potential drop was equal, within 
the limits of experimental error, to 
the entire potential applied to the 
discharge tube. This means that 
there was practically no potential 
drop from the cathode edge of the 
negative glow over to the anode. 

Possible error of measurement 
might allow a drop of 10 to 15 volts, 
but even this is certainly small as 
compared to the drop of from 200 
to 600 volts which existed near the 
cathode. It is therefore obvious 
that an electron leaving the cathode 
attains nearly its maximum velocity 
within the Crookes dark space. 

And the direction of its flight is determined largely within this space, even 
though the anode may be placed off to one side in an arm of the main 
discharge tube. 

The drop in potential across that region extending from the cathode to 
the near edge of the negative glow is known as the cathode fall of .potential . 
In many gases it is difficult to determine visually the length of the dark 
space and the extent of the region over which to measure the cathode fall 
of potential. In these cases, however, the boundary can be located by an 
electrical method. If in a normal discharge the anode is moved gradu- 
ally toward the cathode, the potential difference required to sustain tlu^ 
discharge falls but slightly until the Faraday dark s])ace is reached. As 
the anode enters this dark space, however, the potential drops rapidly, 
due probably to the fact that some primary electrons are now able to reach 
the anode. This drop is shown in Fig. 14, modeled after the findings of 
Guntherschulze.^^ As the distance between electrodes is further diminished, 

J. J. Thomson and O. P. Thomson, (^onducfion of llUrtricit}/ Through Gaaeii (jjrd od.; 
London; Cambridge University Press, 1933), Vol. II, pp. 293, 403. 



Fig. 14, — Showing the variation of potential 
required to maintain a discharge as the distance 
between electrodes is varied. The fixed cath- 
ode is at the left, the movable anode at the 
various positions indicated by the abscissae. 
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the potential remains nearly constant until the anode reaches the boundary 
between the negative glow and the Crookes dark space. As the anode 
enters this dark space the potential required to maintain the discharge rises 
sharply. Thus the position of the outer boundary of the cathode dark 
space can be located. This method of location agrees with the visual 
method in those cases whei’e the boundary is distinctly visible. It can 
therefore be used with confidence in those cases where no sharp boundary 
is visible. GUntherschulze^^ finds that in the abnormal discharge the 
potential drops sharply as the anode enters the Faraday dark space; but 
instead of remaining low throughout this dark space and the negative glow, 
it immediately commences to rise sharply again. 

Measurements of tlie cathode fall of potential sl\ow that, in the normal 
discharge, the fall is independent of the pressure; it is independent of the 
extent of the Crookes dark space. It is also independent of the current 
through the tube as long as the cathode glow does not cover the entire 
surface of the electrode. The cathode drop depends upon the nature and 
purity of the gas, and upon the nature and condition of the material used as 
cathode. This dependence is illustrated by the brief data of Table I. 

TABLE I 


Cathode falls of potential for various gases when used with various metals as cathode 


Cathode 

Gas 



Air 

list 

Ns 

O 2 

He 

Nc 

A 

K 

2.2 


172 

170 


00 

68 

64 

Na 

2.4 


, 185 

178 


80 

74 


A1 

3.0 








Mo 

4.15 






■H 

mBM 

W 

4.54 







■iH 

Ni 

4. .9 







160 

•Pt 

6.0 






■■ 

192 


Values of 0 represent tlie work, expressed in equivalent volts, rccpiired to 
free an electron from the metal. Values listed under the various gases 
represent the respective cathode drops of potential in volts. 

Although most of the data of Table I have been taken from tlie fairly 
recent work of Pike^^ and other workers,^® they should be regarded as 
approximate only. The presence of very small cathode surface impurities, 
or the adsorption of a gaseous layer on the cathode, is known to affect the 

W. Pike, Zeitft.f, Physife, 90, 319 (1934). 

** J. J. Thomson and G. P. Thomson, Conduction of Electricity Through Gasea (3rd cd.; 
London; Cambridge University Press, 1933), Vol. II, pp. 331, 382. 
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work function greatly; it also affects the cathode fall of potential. Small 
impurities'*® in the gas lead to large changes in cathode potential drops. 
Glintlierschulze'*^ has found that as little as Kooo percent of alkali or 
alkaline earth in mercury vapor lowers the normal cathode fall appreciably. 
In a study of the discharge through nitrogen when different metals are 
used as cathode and anode, Kasiwagi^® found that in many cases a thin 
layer of the anode metal is deposited on the cathode, thus changing the 
cathode fall. Pike^^ emphasizes the approximate character of results even 
when every effort is made to purify the gas and to outgas the electrodes. It 
is nevertheless apparent that the cathode drop is appreciably smaller for 
the electropositive metals K and Na than for the more electronegative 
metals Ni and Pt. This is no doubt due to the gi*eater ease with which 


100 


60 c 

b 

40 2 

20 

0 

Fig. lli . — Showing the dLslribulioii of polonliiil V throughout a di.scharge through nior- 
cury vapor. Variations of posilive and negative ion coneentrntioiiH arc .siiown by curves 
N+ and ii_. 

electrons can bo freed from the electropositive metals, those metals having 
low work functions. It is aj)parent also that the cathode drop is relatively 
small for the inert gases lie, Ne and A, and this desjiitc the ftict that these 
gases have high ionization potentials. Althoiigli the data are not included 
in the talile, the cathode drops in Hg vapor arc a])proximately twice those 
in He, even thougli the ionization ])otcntial of Hg is less than half that of Ho. 
This is probably due to the fact that the light He positive ion is somehow 
more effective tlian the Hg ion in freeing electrons from the catliodc by 
bombardment. 

As one procee<ls from the cathode edge of the negative glow through 
this glow, the Faraday dark space, and the positive column, the ])otential 
drop is sometimes positive and sometimes negative. Rises and falls of 

A. Gllntbcrschiilzo, Znlu. f. Phydk, 21, 50 (1924). 

A. Glinthcrscbulzc, Phydk, 39, 491 (192«). 

Y. Kasiwagi, Ind. Phys. and Chem. Rcs.^ Tokyo, Sd. Papersy 34, 401 (1938). 
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potential of course correspond to the positive and negative electrical fields. 
The total potential drop across this entire region is quite small as compared 
to the cathode fall of potential. Changes in potential throughout a portion 
of the negative glow, the Faraday dark space, and the striated positive 
column are shown in Fig. 15. 

Observations show also an appreciable drop in potential near the anode. 
The fairly strong field near the anode, as shown in Fig. 9, indicates the. 
existence of this. The drop occurs very close to the anode surface, still 
inside any investigating probe placed as close as practical. The anode 
drop in potential is much smaller than the cathode drop; it is of the order 
of 10 to 20 volts. The actual value depends upon the anode metaP®’*® 
and upon the gas,^® and is quite sensitive to impurities. The anode drop 
of potential disappears when the anode is located within the Faraday dark 
space or the negative glow. The sharp decrease of potential across the 
tube which occurs as a movable anode is moved into the Faraday dark 
space from the positive column, is evidence of this. The magnitude of the 
decrease, as shown in Fig. 14, is probably a measure of the anode fall of 
potential. 

Distribution of Ions in the Discharge 

Knowledge concerning the concentration of positive and negative 
ions in various parts of the discharge is of considerable value in arriving 
at a proper concept of what goes on in the discharge. There are several 
ways in which the ion concentration can be measured. Wilson^® was the 
first to make such observations. He arranged two very small (1.5 X 5 mm.) 
platinum plates, parallel and 1.5 mm. apart, near the central axis of the 
discharge, and applied to them a small fixed potential. These plates, 
together with the single cell supplying their potential, were insulated so 
that they might take up the potential of the point in the discharge where 
they were placed. This minimized any effect the auxiliary plates might 
have on the main discharge. Currents to the auxiliary plates, resulting 
from ions drawn thereto, were then measured for various positions of the 
plates along the discharge. Since these currents were always very small 
it was assumed that they were proportional, to the ion concentrations 
existing at the respective points. While results depend somewhat upon 
the nature of the discharge, the more important findings are as shown in 
Fig. 16, a reproduction of Wilson’s results. Although both electrons and 
positive ions contribute to the observed currents, these currents are taken 
as a measure of the electron concentrations. Although positive ions are 
no doubt numerous they contribute only a small fraction to the current 

J. J. Thomson and G. P. Thomson, Cpnductwn of Electricity Through Gases (3rd ed.; 
London: Cambridge University Press, 1933), Vol. IT, p. 401. 
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because of their much lower mobility. This fraction probably becomes 
appreciable in regions where the positive ions are far more numerous than 
electrons. The mere presence of the auxiliary plates in the discharge 
may also introduce some error. Wilson recognized that, although the 
entire plate system was insulated, the presence of the plates did disturb 
the discharge at certain points along the tube. 

Van der Pol®° developed a method which did not necessitate the placing 
of auxiliary plates in the discharge. It is well known that the conductivity 
of a material placed in the electric field about a high frequency oscillator 
affects both the frequency and the amplitude of oscillation; the material 
behaves as a dielectric and thus influences the capacity of and the energy 



CentimeTers 

Fig. 16. — Showing the ion c!(iiieeiiLmti()n.s (proportioniil to Llie onliimU'H) along a (liHcharge 
through air at 0.3 nim. of Hg pressure. 

loss in the oscillatory circuit. Van der Pol observed the magnitudes of 
these effects when different parts of the discharge were placed between two 
wires forming a part of an oscillatory circuit. From these observations he 
evaluated the conductivity, and thence the ion concentration, at various 
points along the discharge. Results obtained by this method were similar 
to those of Wilson. An exception occurs, however, in the positions of 
maximum and minimum electron concentrations along the striated positive 
column. Wilson’s work indicated that the concentration minima occurred 
in the dark sections of the column; maxima occurred in the light sections, 
though perhaps somewhat nearer the anode edges. Fig. 17 shows how 
well defined were the maxima and minima observed by Van der Pol. The 
maxima of this curve represent minimum electron concentrations; tlie 
minima of the curve represent maximum concentrations. Minimum elec- 
tron concentrations occur ul the front (cathode) edges of the luminous 

B. van der Fol, Phil. Mug., 38, (1919). 
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striations, closely in those regions for which maxima of electric field strength 
are found.^^-®^ If the ion velocity is proportional to the field strength at 
any point, these high field strengths would move the ions out of these 
regions rapidly, thus leading to a small ion concentration. Again judging 
from Van der Pol’s results, maximum ion concentrations fall near the anode 
edges of the striations, where the fields are relatively weak. 

A third method of measuring ion’ concentrations utilizes the Langmuir®^ 
modified probe procedure. The observations are much the same as those 
made in determining the potential distribution throughout the discharge. 
The current to the probe is measured for various probe potentials ranging 

from well below to well above the 
potential of the surrounding space. 
When the probe potential is well 
below that of the space the probe 
current is due to positive ions only; 
when it is well above the surrounding 
space the current is due to electrons 
only. From the magnitudes and 
manners of variation of these cur- 
rents, together with the surface area 
of the probe, it is possible to evaluate 
the concentrations of positive ions 
and electrons separately. Ability to 
distinguish between positive and 
negative ions is a distinct advantage 
of the method. Fig. 15 represents 
the findings of Compton, Turner 
and McCurdy®"^ for a mercury vapor discharge. Minima of both 
electron and positive ion concentrations fall j'ust in front of the cathode 
edges of the striations. The net charge concentration in the positive 
column appears slightly positive, although this may be due to the fact 
that positive ion concentrations are only roughly determined. The net 
charge in the Faraday dark space and into the negative glow is definitely 
negative. Although these authors did not determine the ion concentrations 
in the Crookes dark space, other works show that the electron concentration 
is much less than in the negative glow; but the positive ion concentration is 
much greater. The Crookes dark space is a region in which a large net 
positive ion concentration exists. This is consistent with the existence of a 
very strong electric field near the cathode, between the cathode and this 
nearby positive space charge. It is consistent also with the relatively 
small fields beyond the edge of the negative glow; the effect of the negative 
cathode is largely balanced by the intervening positive space charge. 



Ii'iG. 17. — Variation of ion concentration 
along the striated positive column, according 
to Van .der Pol. Maxima of the curve 
represent minimum electron concentrations; 
minima represent maximum concentrations. 
The cathode is far to the left, at the origin. 
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Elementary Theory of the Discharge 

Although a great deal has been learned about the glow discharge in the 
past half century, and although the general process that goes on is under- 
stood, a definite and unquestioned concept into which all of the many 
detailed observations fit has not been formulated. This is due in part to 
the way in which experimental results vary with conditions existing in the 
discharge, and in part to the number of phenomena contributing simul- 
taneously to the maintenance of the discharge. Only a few of the many 
ramifications which any critical survey of the literature will show to exist 
have been discussed here. 

The general process by which the discharge is maintained is fairly 
clear, however. The start of the discharge must come by virtue of stray 
ions in the gas. After the start has been made the discharge itself furnishes 
the ions required to maintain it. Conclusive evidence that electrons move 
from cathode to anode within the discharge, and that positive ions move 
toward the cathode, has already been pointed out. Let us now inquire 
where and how these ions are formed. Consider an electron starting out 
from the surface of the cathode, refraining for the moment to ask what 
gives rise to it. This electron gains energy rapidly as it moves through 
the strong electric field near the cathode. After traveling only a short 
distance, perhaps of the way across the cathode dark space, it has 
sufficient energy to ionize. Just how much it does ionize in the cathode 
dark space is dcl)atable. It is true that the mean free path of a molecule 
of gas at a pressure of the order of that found in the discharge tube is such 
that the molecule would make some 50 collisions^ “ in traversing the cathode 
dark space. But the mean free path of an electron is much longer than 
that of a molecule. Some evidence which allows a comparison of this free 
path with the length of the cathode dark space will l>c (pioted shortly. 

The Cathode Dark Space, — Several theories®^"®'^ of the cathode dark 
space have been advanced. Some of these®^'®® assume extensive ionization 
by collision in the dark space; others®-'®'^ start with the assumption that 
neither the electrons nor the positive ions traveling through the dark space 
make any ionizing collisions therein. One®® attempts to account for ion 
production as an indirect result of collisions. On this theory the collisions 
serve mainly to excite the atoms struck; the subsecpient radiation from 
these atoms is then sup]K)sed to ionize other atoms on which it falls. The 
most elaborated and most widely accepted theory is that advanced by 

H. A. Wilson, Phys. Rev., 8, 227 (1010). 

“ J. W. Rydc, PhU. Mag,, 46, 1149 (1023). 

J. J. Thomson, Phil. Mag.. 48, 4 (1024). 

A. Gtlntherschulzc, Zinis. J, Phydk, 33, 810 (1026). 

“ K. T. Compton and P. M. Morse, Phya. H(^., SO, 305 (1927). 
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Wilson.®^ On this concept it is supposed that the electrons leaving the 
cathode, together with other electrons and positive ions produced by 
collision, produce cumulative ionization by collision throughout the dark 
apace. The resulting positive ions move toward the cathode, and it is 
assumed that their bombardment of the cathode surface frees electrons. 
This is the supposed source of the primary electrons starting from the 
cathode. 



Fig. 18 . — Showing the emission of electrons from a tungsten cathode caused by bombarding 
it with positive ions of various energies. Ordinates represent the number of electrons ejected 
per positive ion striking the cathode. Abscissae represent the energies of the incident positive 
ions. 

It has long been known that bombardment of a metal surface with 
energetic ions will free electrons from the surface. It has more recently 
been learned that positive ions with energies even as small as those acquired 
in the cathode dark space are capable of ejecting electrons. Horton and 
Davies®® found that the positive ions of helium with only 10 equivalent 
volts energy would cause ejection. Oliphant®^ has made more extensive 
investigations of the numbers of electrons ejected by positive ions of several 
gases when these ions are allowed to bombard a metal target with various 
energies. Pig. 18 shows some of his results. Ions with energies less than 

F. Horton and A. C. Davies, Proc. Roy. Soc., A, 96, 333 (1919). 

M. L. E. Oliphont, Proc. Roy. Soc.y A, 127, 373 (1980); 182, 631 (1931). 
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around 500 equivalent volts eject electrons to about the same extent regard- 
less of their energy; ions with energies above this become much more 
efficient ejectors. It may be that low energy ions cause ejection not directly 
by bombardment, but rather because they may exist as an absorbed layer 
on the cathode for an appreciable time. This causes a lowering of the 
effective work function of the cathode; and the lowering may be sufficient 
to cause the existing electric field itself to liberate the electrons.®® In any 
case it is certain that electrons are liberated at the cathode by impinging 
positive ions; and these electrons in turn produce more positive ions. 
Each is dependent upon the other for production. 

There are several lines of evidence which bear directly on how extensive 
the ionization by collision in the Crookes dark space really is. The first 
of these is. a calculation of the number of ions produced by collision, using 
the appropriate Townsend coefficients. Compton and Morse,®® in extend- 
ing quantitatively the Wilson theory of the cathode dark space, made 
calculations of this character. Their calculations indicate that some 
60 positive ions should arrive at the cathode for every 1 electron leaving 
this surface; furthermore, the number of positive ions entering the cathode 
dark space from the negative glow is negligibly small as compared to the 
number of electrons proceeding in the opposite direction. It would there- 
fore appear that each electron leaving the cathode surface must be respon- 
sible, either directly or indirectly, for the formation of some 50 new pairs 
of ions within the Crookes dark space. Others®® have arrived at similar 
conclusions. This extensive ion formation in the dark space wouhl no 
doubt mean that a large fraction of the total energy furnished the discharge 
tube is dissipated within the cathode dark space. GUntherschulze®® has 
concluded from calorimetric experiments that some 80 percent of the total 
energy goes to heating the cathode. Other workers, by extending the 
theory to certain chemical changes®® produced within the discharge, con- 
clude that from 80 to 85 percent of the total energy is dissi])ated within the 
cathode dark space, and most of the remainder in the negative glow. While 
such conclusions, drawn from both experiment and calculation, have some 
little to recommend them, they are not altogether in agreement with other 
experimental findings. In fact some observations to be mentioned shortly 
are quite contradictory to them. 

A. K. Brewer and J. W. Westhaver, Jour, App. Phyn.f 8, 779 (1937). 

E. G. Linder and A. P. Davis, Jour. Phytt. Chvm., 86, 3049 (1931). 

A. GUntherschulze, Zdtu.f. Phydk, 16, 8 (19*23); 19, 313 (1923); 28, 334 (1924). 

E. G. Linder, Phys, Uev.^ 88, 679 (1931). 

K. G. Emeleus and D. Kennedy, PhU, Mag,, 18, 874 (1934). 

A. K. Brewer and Others, a series of articles, Jour. Phyn. Chau., 88, 883 (1929) to 86, 
2133 (1982). 
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Perhaps a more reliable type' of calculation of the extent of ionization 
in the dark space is that carried but by Thomson.®^ In calculating the 
number of ions produced by the passage of an electron through the dark 
space, it is necessary to take into account the fact that the velocity of 
the ionizing electron is constantly changing, and that the ionizing power 
of the electron depends upon the velocity with which it is moving. Prom 
many early experiments, together with several more recent and reliable 
works, ®®”^® the number of ions produced by an electron per centimeter of 
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Fig. 19. — Showing the efficiency of ionization by electrons of various energies Va when passing 
through He, Ne, and A at 1 mm. of Hg pressure. 

travel through a gas is known. Fig. 19, reproduced from the work of 
Smith,®® and including results of Hughes and Klein®® and of Compton and 
Van Voorhis®® as well, makes clear the general findings. The electron 
starts to ionize as soon as its energy, expressed in equivalent volts, becomes 
greater than the ionization potential of the gas through which it is passing. 
The ionizing efficiency increases witli increases in energy of the electron, 
the nurdber of ions formed per centimeter being closely proportional to tlie 
amount by which the electron energy exceeds the ionization potential. 
This proportionality soon breaks down, however, and a maximum ionizing 

” J. J. Thomson and G. P. Thomson, Conduction of Electricity Through Oases (3rd ed.; 
London: Cambridge University Press, 1933), Vol. II, pp. 311-310. 

A. L, Hughes and E. Klein, Fhys. Rev., 23, 450 (1924). 

®® K. T. Compton and C. C. Van Voorhis, Phys. Rev., 26, 436 (1925); 27, 724 (1920). 

T. J. Jones, Phys. Rev., 29, 822 (1927). 

®® W. Bleakney, Phya. Rev., 36, 139 (1930); 86, 1303 (1930). 

®o P. T. Smith, Phys, Rev., 38, 1203 (1930). 

^0 J. T. Tate and P. T. Smith. Phys. Ret., 39, 270 (1932). 
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efficiency occurs at an electron energy of from 100 to 300 volts. The 
position of the maximum depends upon the gas. Higher energy electrons 
ionize less and leas efficiently, the ionizing power of high speed electrons 
being inversely proportional®® to the electron energy. Further results of 
this character, together with the underlying theory which is in the main 
supported, are discussed elsewhere.^^ Our present interest is to utilize 
these data to calculate the number of positive ions formed as the electron 
travels across the cathode dark space. 

Calculations of tliis character have been carried out by Thomson®^ for a 
normal discharge through helium at 1 mm. Hg pressure, for which discharge 
the dark space extends 1.8 cm. from the cathode. When secondary ioniza- 
tion by newly formed electrons is taken into account, but no allowance made 
for the probably negligible ionization due to positive ions, it appears that 
1 electron in traveling through the Crookes dark space would produce on the 
average about 3 positive ions. This is subject to some variation, depending 
upon whose data are used for the ionizing power of the electron. Now as 
shown in Fig. 18, Oliphant®^ found about 0.3 of an electron ejected per 
positive ion bombarding the cathode. The 3 positive ions formed above 
would then just account for the 1 primary electron leaving the cathode. 
This substantiates the view that ionization by collision of electrons, together 
with the ejection of electrons from the cathode due to the boml)ardment by 
the positive ions so formed, are the most important contributing factors in 
sustaining the discharge. 

There are no doubt other agents which contribute somewhat. For 
example, there is emitted from certain parts of the discharge, particularly the 
negative glow, radiation, which is capable of ionizing the gas and also 
of causing photoelectric ejection of electrons from the cathode surface. 
Calculations such as the above indicate, however, that these contributions 
are not large; the factors considered in Thomson’s calculation seem to be the 
important ones. On the other hand, some rather recent experiments of 
Uyterhoeven and Harrington^'^ have iinlicated strongly that electron emis- 
sion from the cathode is only in part due directly to positive ion bombard- 
ment. An appreciable part of the emission may be due to the presence of 
metastable atoms in the discharge. These atoms, temporarily in an excited 
state, may eject photoelectrons by their subsequent radiation. Or they 
may free electrons in some more obscure manner as they strike the cathode 

J. Thomaon and (i. P. Thomson, Conduetion of Klvctricity Through Gases (3rd cd.; 
London: Cambridge University Press, 1933), Vol. II, pp. 0l -J()2. 

J. J. Thomson, Proc. Cavih. Phil. Soc., 10, 74 (1899); 14, 417 (1907); 16, 482 (1908); 
Phil. Mag., 48, 1 (1924); 49, 701 (1926). 

A, Dauvillier, Phil. Mag., 2, 1046 (1920). 

W. Uyterhoeven and M. C. Harrington, Phys. Rtm., 86, 709 (1930). 
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surface. They have sufficient excess energy to do this. In any case this 
recent work has seemed to show that positive ion bombardment is by no 
means the only method by which electrons are freed from the cathode. If 
Thomson’s calculations are accepted, then in the discharge just considered, 
for which the dark space is 1.3 cm. long, each electron on the average moves®'^ 
nearly 1 cm. from the cathode before producing its first new pair of ions. 
Thus the calculations lead to the conclusion that the mean free path of the 
electron is quite comparable with the length of the cathode dark space. In 
the abnormal discharge, for which the dark space is much shorter for a given 
j)ressure, the mean free path of the electron no doubt exceeds the length of 
the cathode dark space. 

A second line of evidence bearing on the number of ions produced in the 
cathode dark space comes from measurements of the positive ion current at 
the surface of the cathode. The ratio of this current to the electron current 
leaving the surface has, been measured by several workers. Aston^® meas- 
ured iJie positive ion current received by a collector placed immediately 
behind a perforated cathode. His observations showed that approximately 
half the current was carried by positive ions; that is, the number of positive 
ions arriving at the cathode was approximately equal to the number of elec- 
trons leaving the cathode. On the other hand, Giintherschulze^® has con- 
cluded from the heating of the cathode that the positive ion current may 
become ten times as large as the electron current. It seems probable that 
early results may have been influenced through neglect of the possible elec- 
tron emission due to metastable atoms, Brewer and Miller have 
attempted to make measurements free from this error. They find that at 
pressures above 0.5 mm. of Hg the positive ion current is but a small frac- 
tion of the total. At lower pressures this fraction increases, reaching approx- 
imately one half at pressures of the order of 0.01 mm. of Hg. While it is 
clear that experimental findings vary greatly among themselves, measure- 
ments of this character make it seem probable that the ionization within 
the dark space is by no means as extensive as is sometimes supposed. 

A third line of evidence bearing on the extent of ionization in the dark 
space is furnished by actual measurement of the energies still retained by 
electrons after they reach the near edge of the negative glow. If the electron 
has produced no new ions by collision during its passage through the cathode 
dark space, its energy expressed in equivalent volts should be equal to the 
cathode fall of potential. If it has produced new ions by collision then its 
energy should be less than this. If some of the electrons make ionizing 
collisions while others do not, one should find electrons arriving at the near 

F. W. Aston, Ptoc. Roy. Soc., A, 96, 200 (1919). 

A. Gilntherschnlze, ZeiU.f. Physik^ 37, 828 (1926). ' 

A. K. Brewer and R. R. Miller, Phys. Rev., 42, 786 (1932). 
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edge of the negative glow with various energies. Some of the newly formed 
electrons would arrive with quite low energies; they would certainly be 
formed at various parts of the dark space, and some would fall through only 
a small potential difference. Measurements of the energies retained by the 
electrons after passing through the dark space are therefore significant. 

Thomson^® was the first to make measurements of this character. Elec- 
trons leaving the dark space were allowed to enter a metal tube which 
served as anode. After passing through the small opening running the 
length of this tube, they were allowed to fall on a fluorescent screen. A 
small circular luminous spot was visible on the screen. Now an electron 
stream can be bent by either an electric or a magnetic field whose direction 
is perpendicular to the motion of the electron. Observations of the amount 
of bending allow calculation of the electron’s velocity and hence its energy. 
Thomson observed the deflections produced by a known magnetic field and 
found, surprisingly, that all electrons appeared to have the same velocity. 
The deflected spot was still small and circular; it was not elongated as it 
would be if a variety of velocities were ]3resent. Furthermore, the observed 
velocity corresponded to that which an electron would attain in falling freely 
through the entire cathode fall of potential. These findings have been 
verified more recently by Brewer and Westhaver.®® These authors feel 
that their measurements are sufficiently precise to detect the loss of energy 
of electrons making more than two ionizing collisions within the dark space. 
Experiments of this type show also the absence of any appreciiable number 
of new electrons formed by cumulative ionization. Some of these would bo 
formed near the end of the dark space, and conse(juenlly would have low 
velocities. Since both observers used a fluorescent screen for detec;ting the 
position of the deflected electron stream, however, it is ])ossible that electrons 
of quite low velocity might be missed; these are by no means as effective 
as high speed particles in producing luminosity of the screen. But even if 
the low speed particles were missed, the fact remains that no electrons are 
found with energies measurably less than that corresponding to free fall 
through the entire dark space. 

This evidence thus indicates strongly that ionization by collision in the 
cathode dark space is not extensive, nie j)riniary electron leaving the 
cathode can form directly not more thai» one or two new ])airs of ions before 
reaching the negative glow; and cuinulative ionization resulting from these 
must be small. Brewer and Westhaver®® poin t out that this small ionization 
can account for an energy dissii)ation in the dark space of only some 10 
percent of the total energy supplied to the discharge. This energy ex])endi- 

J. J. Thouiaon, PkiL Mtig,, 48, 1 (1044); J. .f. TIioiiihoil tind (i. P. Tlioinsoii, (\)n<{uvtion 
of Electricity Through (itiHCH (Srd od.; London; (-ainbridge Universily Pross, 1088), Vol. 11, 

p. 822. 
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ture is quite inconsistent with the previously mentioned estimates® 
of around 80 percent. As substantiating evidence Brewer and Westhaver 
compare the observed length of the cathode dark space with the mean free 
path of the electron as obtained from previous data.®®-^® Their results for 
three gases are shown in Fig. 20. The mean free path between ionizing 
collisions is of the same order as, or actually somewhat greater than, the 
length of the dark space. This indicates clearly that somewhat less than 
one pair of ions is formed directly by each primary electron in traversing 



Pressure mm . 

Pig. 20. — The crosses, through which the dashed curves are drawn, represent measured 
lengths of the cathode dark space for various gas pressures; the circles represent lengths calcu- 
lated from Aston’s equation. The full lines represent the mean free patli of the electron at 
any pressure; values of the mean free path were obtained from the measurements of Smith®“ 
and Tate.^“ 

the dark space. Allowance for additional ionization by these newly formed 
ions leads to a total of only approximately one or less positive ions formed 
for each electron leaving the cathode. While actual results depend some- 
what upon the gas and the pressure of this gas, this number is quite different 
from the previous calculated values of 50 to 100 positive ions per 
electron. And the present energy loss in the dark space corresponding to 
this lower ionization is of the order of 10 percent. While this also depends 
considerably upon the gas and the pressure of the gas, this figure is decidedly 
smaller than previous estimates. On the other hand, the present conclu- 
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sions regarding the extent of ionization and the energy loss in the dark space 
are entirely consistent with the failure to detect any appreciable loss of 
energy of the primary electrons in their passage through the dark space. 
They are also consistent with the more recent measurements of the ratio of 
positive to negative ion currents at 
the surface of the cathode. 

The Negative Glow and the Faraday 
Dark Space . — Certain concepts regard- 
ing the negative glow seem fairly well 
established. It appears that an elec- 
tron entering this glow with an energy 
corresponding closely to the cathode 
fall of potential gives up most of this 
energy in traveling the length of the 
luminous region. Brewer and West- 
haver®® have found that although the 
electron arrives at the edge of the 
negative glow with an energy corre- 
sponding closely to tlie entire drop of 
potential across the dark space, it 
begins to decrease in velocity almost 
immediately upon entering the glow. 

These same wokers have compared 
the length of the iiegative glow with 
the known range^® of the electrons 
entering it. Their results are repro- 
duced in Pig. 21. It is clear that the 
length of the glow is closely equal to 
the range of the electrons entering tlie 
glow. The primary electron appar- 
ently gives up practically its entire energy by making collisions resulting 
in ionization or excitation of atoms within the negative glow. 

It has often been supposed tliat the main supply of positive ions in the 
discharge comes from the negative glow. Certainly many arc produced 
there. But the evidence indicates that very few of these ever get over to 
the cathode. It has been shown that the calculated number of positive 
ions formed in the dark space per electron traveling througli it is approxi- 
mately sufficient to eject one electron from the cathode. There seems to be 
no room for many additional positive ions coming from the negative glow. 
The current is carried through the boundary between the dark space and 
the negative glow almost entirely by electrons. The failure of positive ions 
J. F. Lehmann, Proc. Roy. Soc.^ A, 116, 624 (1027). 



Initial Energy of Electrons 

Fig. 21.— The points represent, measured 
lengths of tlie n<‘gative glow (^^irresponding 
to various cathode potential drops. T'h(^ 
full lines are drawn not through the ob- 
served points but rather to represent the 
range of electrons as given by Lehmann.’® 
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formed in the glow to cross this boundary is not surprising in view of the very 
weak electric field in the region where they are formed. Most of them 
probably recombine before they are moved out by the field. 

When the excited and ionized atoms in the negative glow return to their 
normal state, they give out radiation. It is this radiation which is responsi- 
ble for the luminosity; it may also be responsible for the previously men- 
tioned possible photoelectric ejection of electrons from the cathode surface. 
It has been shown’^^*’® that this radiation is of two types. A small part of 
it is of relatively short wave length, the quanta having energies of the order 
of the entire potential difference between electrodes. More of it is of wave 
length near' the visible, the quanta having energies of the order of the 
ionization and resonance potentials of the gas in the discharge tube. 

The Faraday dark space is separated from the negative glow by no 
sharp line of demarcation. The luminosity gradually fades out. Actually 
some light is emitted within the dark space; certain characteristic spectral 
lines®® may be as intense as in the negative glow. Curious visible patches®^ 
of light are sometimes observed; the cause of these is not known. 

Physically there does exist a distinction between the negative glow and 
the Faraday dark space. Within the glow, the primary electrons produce 
positive ions by collision. The presence of these positive ions neutralizes 
the negative space charge. Upon entering the dark space the electron no 
longer has sufficient energy to produce ionization. Since but few positive 
ions are present to neutralize the electron concentration, a large negative 
space charge is built up in the Faraday space. As the electron drifts 
slowly through this space, there finally comes a time when it has again 
acquired sufficient energy to produce ionization, or at least excitation. This 
is the start of the visible positive column. 

The Striated Positive Column . — ^The position of the beginning of the pos- 
itive column is practically independent of the length of the tube. The 
first luminous section occurs whenever the electrons coming through the 
Faraday dark space have again acquired sufficient energy to excite atoms. 
The energy for excitation of course comes from the kinetic energy of the 
electron. The speed of the particle is decreased abruptly. As the electron 
proceeds toward the anode it gradually acquires sufficient energy to repeat 
the process. The second luminous striation is the result. This goes on, 
resulting in alternate light and dark sections, until the electron finally 
reaches the anode. 

If this view of the striated column is correct there must exist some 
tendency to form alternate regions of positive and negative electrification 
throughout the positive column. Otherwise the positions of striae could 

B®R. Seeliger, A^in. d. Physik^ 67, (192Z). 

8^ J. Zeleny, Ncdure, 126, 662 (1930); J. M. Holm, Phil. Mag., 11, 194 (1931). 
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scarcely be so well fixed. Compton, Turner and McCurdy®^ have argued 
that this tendency would exist by virtue of the effect of inelastic collisions, 
resulting in the excitation of atoms, upon the mobility of the electron and 
thence upon the potential distribution. Fig. shows the variations of 
electrification and potential they deduced on theoretical grounds. An 
accumulation of positive ions is pictured near the front of a luminous section, 
and an accumulation of negative charge in the intervening dark space. 
These alternate regions of positive and negative electrification appear 
reasonable when it is recalled that the space charge contributed by the 
movement of a given number of particles per second through a region 
depends upon the velocity with which the charged particles move. A 
greater space charge is set up where the particles move slowly. The type of 



Fig. 22. — Showing the theoreLical charge and potential distribution throughout a glow dis- 
charge having either a uniform or a straited positive column. 

charge distribution pictured is cemsistent with Thomson’s observation that 
the electric field may be negative just in front of a luminous striation. The 
adjacent positive and negative space charges produce a field opposite to 
that set up by the potential difference applied to the electrodes; and it is 
apparently sufficiently strong to determine the direction of the resultant 
field within the region between. 

One might inquire how the electrons ever proceed through those regions 
in which the electric field is negative. In some ctiscs the electron no doubt 
comes into such a region with sufficient energy to carry it across in spite 
of the fact that it is somewhat retarded. In other cases the charge is 
transported across such regions larg^ by diffusion. If at any one place 
the electron concentration is much higher than in adjacent regions, these 
electrons will gradually diffuse into the adjacent space. Diffusion of 
charges no doubt plays a rather important part in the discharge tube. 
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The Light from the Discharge . — The origin of light given out from various 
luminous sections of the discharge is interesting. It was once supposed 
that most of the light is given out during the process of recombination of 
positive and negative ions. Evidence does not support this view. The 
intensity of light from a luminous striation is as great or greater than that 
from the negative glow, yet the number of ions recombining per second is 
far less in the striation than in the glow. As has been remarked, most of 
the radiation from the negative glow is of wave lengths corresponding to 
energies of the order of the ionization and excitation potentials of the 
gas.^^'^* Some of it is of much shorter wave length, the energy often corre- 
sponding to the entire drop of potential across the discharge tube. This 
energetic radiation is not unexpected; electrons coming into the negative 
glow have large energies and are therefore able to displace some of the more 
firmly boimd electrons of the atoms with which they collide. Radiation 
from the luminous striations includes none of short wave length. The 
moving electrons have not sufidcient energy here to excite the short wave 
length radiations. 

Certain evidence®^ indicates quite definitely that the light from the 
positive column comes almost entirely from excited rather than ionized 
atoms. It has been found that excited atoms actually exist in great num- 
bers in the luminous sections; practically none exist in the intervening 
dark spaces. Little or no ionization is necessary to account for the light in 
the positive column. Numerous measurements have been made of the 
potential drop which exists between successive striations. This drop is in 
general less than the ionization potential of the gas; it is of the order of 
excitation potentials. For example, Compton, Turner and McCurdy®^ 
found the measured potential drop between mercury striations to be 
approximately 4 volts, whereas the ionization potential of this gas is between 
10 and 11 volts. This is excellent confirmation of the view that the radia- 
tion is largely from excited rather than ionized atoms. 



Chapter 4 

CATHODE RAYS— THE RATIO e/m FOR 
ELECTRONS 

I. WHAT ARE CATHODE RAYS? 

The phenomenon of cathode rays was discovered by PlUcker in 1862. 
Crookes^ was the first to recognize the rays as negatively charged particles 
leaving the cathode of the glow discharge. He referred to these as a “fourth 
state of matter.” Some years later it was shown by Perrin, and somewhat 
more convincingly by Thomson,^ that these rays charged bodies on which 
they impinged negatively. It was also shown^ tliat, although the particles 
normally travel in straight lines, they can be deflected by electric and 
magnetic fields. They are deflected by either of these fields in a direction 
which shows them to be negatively charged. From the amount of bending 
in known fields it is possible to find both the velocity and the ratio of charge 
to mass of the particle. These cathode ray particles are electrons, discrete 
negative charges of electricity, completely detached from any atom of 
matter. Their charge is the Millikan value; they liavc a characteristic 
mass. The velocity of these electrons is high, thousands of miles per 
second. Its exact value depends upon the potential dro]) across the tube 
in which the cathode ray is ]>rodiiced. In a highly exhausted tube across 
which a potential difference V exists, the velocity accpiired by these electrons 
can be obtained from the relationship 

. Ve = 

provided one does not deal with electrons whose velocity is comparable with 
that of light. For very high speed particles a modification of the above 
expression becomes necessary. (Considerable knowledges has been gained 
from studies of the ratio e/rn for electrons and the possible variation of this 
ratio for very high speed ])articles. It will be the pur])ose of this section to 
present some of the methods of measuring the velocity and the ratio e/7n 
for these cathode rays, and to call attention to significant findings coming 
from such studies. 


^ W. Crookes, Phil. Trans. 7?o//. Sac., 170, lS/>, 041 (1871)), 
2 J. J. Thomson, Phil. Mag.^ 44, 208 (1807). 
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2. DIRECT MEASUREMENTS OF THE VELOCITY OF CATHODE RAYS 

Most of the methods f or determiuiug the ratio ejm yield also a value for 
the velocity of the cathode ray particle. There have been developed, 
however, a number of methods of measuring this velocity directly. Several 
of these will be mentioned briefly. The principle underlying them is of 
considerable importance, for it has been used frequently in recent precise 
determinations of the ratio e/w. Essentially the same principle has been 
used in recent years in obtaining, with' a cyclotron, charged particles with 
energies of several million electron volts. 

Wiechert,® following some earlier work by Des Coudres, devised a 
method of measuring the velocity by comparing the time the electrons take 
to 'travel a known distance with the known period of an oscillating current. 
The method is illustrated in Fig. 1. Cathode rays emitted from the concave 
cathode C would normallv pass through the hole ^4 in a metal shield. Some 



of these would pass on through hole B and fall upon the small fluorescent 
screen S, However, a permanent magnet M is so placed that the particles 
strike the shield considerably to one side of the opening A. Coils D and £, 
connected in series, are placed so as to produce a magnetic field perpendicular 
to the cathode ray stream. An alternating current of known high frequency 
is passed through these coils. The varying magnetic field due to coil D 
bends the electron stream first up and then down. The current through 
the coil and the position of the magnet M are adjusted so that the electron 
stream passes through hole A only when this current has its maximum 
value in one direction. At this time the current is changing very slowly 
. and a maximum number of electrons is therefore allowed to pass through 
the opening. Some of the electrons getting through A pass on through 
opening B, Were it not for tlie magnetic field due to coil E they would 
strike the screen S. Those electrons which arrive at that instant for which 
the current, and thence the magnetic field, is zero, will strike the screen. 
Those coming at any other time will be deflected to one side. When the 
frequency of the alternating current is adjusted so that electrons strike the 

®E. Wiechert, Ann* d. Physik^ 69, 730 (1899), 
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screen, one knows that these particles have required a time equal to one- 
fourth, three-fourths, five-fourths, etc., of a period of the alternating current 
to travel from one coil to the other. Knowing the length of the electron 
path and the frequency of the alternating current, the velocity of the elec- 
tron can be calculated. 

A somewhat similar method, utilizing deflections suflFered in electric 
fields, has also been used. An electron stream is directed between two pairs 
of parallel plates as shown in Fig. 2. The same high frequency potential 
is applied to each pair of plates. The electric fields are therefore in phase 
but perpendicular to each other. The deflections suffered by the electron 
at the two pairs of plates are therefore perpendicular to each other, and 
their magnitudes depend upon the phase of the alternating potential at the 
instant the electron passes. Since electrons pass A at all possible phases. 



the luminous trace where electrons strike the fluorescent screen S will in 
general be an ellipse. For the special case, however, when the time taken 
for the electron to travel the distance L is exactly one-half period or any 
multiple of this, the ellipse degenerates into a straight line. When this 
condition exists, 

V 2 

where v is the velocity of the electron, n any whole number and T the known 
period of the alternating potential. Hence v can be determined. Hammer ' 
has used this method to measure the velocity of i)ositive hydrogen ions. 
Using the velocity so obtained, along with the deflection suffered by these 
ions in an electric field, Hammer found the ratio e/m for the gaseous hydro- 
gen ion to be 97,750 coulombs ])er gram mole. This value agrees within 
the probable experimental error with that obtained for the hydrogen ion in 
electrolysis. 

Kirchner® has used still another modification. A narrow ribbon of 
electrons passes through slits A and B, thence through the two pairs of 
parallel plates a distance L apart, as indicated in Fig. 3, The same alter- 

^ W. Hammer, Ann. d. Physik, 48, 663 (1914). 

* F. Kirchner, Phytt. Zcdts., 26, 302 (1924). 
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nating potential is applied to both pairs of plates. The alternating electric 
fields are, therefore, in phase with each other; and the two fields are parallel. 
The electron stream will pass through the slit C only if the potential wave 
is going through its zero value as the electron passes between the first pair 
of plates. Electrons that do get through sUt C will pass on to the fluorescent 
screen S, being deflected somewhat. In general there will appear two well- 
defined fluorescent lines on the screen, a and b. One of these is formed by 
electrons which pass the last pair of plates at some time during the positive 
half cycle of the potential wave; the other is due to electrons which pass at 
the corresponding time during the negative half cycle. However, if the 
potential wave should be passing through another zero point as the electrons 
pass through the second pair of plates, the beam would be undeflected; 
there would result a single central fluorescent line on the screen. Under 
these circumstances it has taken the electron one-half period, or a multiple 
thereof, to travel the distance i. Knowing tlie period of tlie alternating 



Fig. 3. 

potential necessary to produce this single central line, the velocity of the 
electron can be calculated. Essentially this method of determining the 
velocity of cathode ray particles has been applied by Kirchner and by 
Perry and Chaffee in determinations of the ratio e/m for these particles. 

3. THE DEFLECTION OF MOVING CHARGED PARTICLES IN ELECTRIC 
AND MAGNETIC FIELDS 

A majority of the methods used for determining the ratio e/m for elec- 
trons depend upon the bending of a stream of electrons in a magnetic field, 
in an electric field, or in both. Let us therefore inquire concerning the 
force which acts upon an electron, and concerning the path described by the 
electron, when this electron is projected with a high velocity into such a 
field. 

Deflections in Electric Fields 

An electron in an electric field is acted upon by a force which is inde- 
pendent of any velocity the electron may have; the force is the same on a 
moving electron as on one at rest. The magnitude of this force is Ee^ where 
E is the electrical field strength and e the charge on the electron. The 
direction of this force is parallel to the electric field; it may be parallel to 
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the electron's motion, or it may be at any angle with it, depending upon the 
relative directions of field and motion. 

Let us consider the particular case where an electron moving with 
velocity v enters an electric field which is perpendicular to the direction of 
motion. This situation is pictured in Fig. 4. In this case the electron will 
continue moving along the x axis with its original velocity v. It will 



I'lG. 4. — IlluNi, ruling the deflection of an electron in an electric field. 

gradually acejuiro, however, an additional velocity component along the 
y axis. The acceleration a of tlie electron along the y axis is 

= ^ 
m 

where m is the mass of the electron. If the particle remains in the electric 
field for t seconds, it will have acquired a final velocity v' along the y axis, 
where u' is given by 



m 


Thus the electron ])rocecds through the field with a constant x component 
and a gradually increasing y component of velocity. In t seconds the par- 
ticle will have traveled a distance along the x axis; and it will have 
traveled a distance Yzv't along the y axis. If the origin of coordinates is 
chosen at the point at which the electron entered the fiehl, then the coordi- 
nates locating the ])article at any later time (provided the electron is still 
in the electric field) are: 
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These are the parametric equations of a parabola having its nose at the 
origin. The equation of this path is readily obtained in Cartesian form by 
eliminating L Thus 


1 

2 mv ^ ' 


Except for the efiFect of air friction in the gravitational case, this path 
duplicates that taken by a projectile shot horizontally in the earth’s gravita- 
tional field. 

After the electron leaves the electric field, it continues at a constant 
velocity in a straight line tangent to the parabola at the point at which it 
left the field- The total lateral deflection of the particle upon the screen 
S can therefore be expressed in terms of the geometry of the apparatus, 
together with quantities already involved in the above expressions. In 
many instances the lateral deflection suffered while the electron is still in 
the electric field is so small as compared to the distance the particle has 
moved along the x axis, that the parabolic path is scarcely distinguishable 
from the arc of a circle. Under such circunastances the force acting on the 
electron is always very nearly perpendicular to the direction of motion. 
To this degree of accuracy one may write 

Ee = 


where R is the radius of the equivalent circle, and where the entire right hand 
side of the equation represents the centrifugal force on the electron. 

It is worth calling attention to the fact that although the electron started 
into the field perpendicularly, it nevertheless gained some energy while 
being deflected in the field. Since the velocity is usually small as com- 
pared to t?, and since these two are added at right angles to give the resultant 
velocity at any instant, it follows that the percentage change in velocity 
brought about by the field is usually quite small. This is not the case, of 
course, when electrons are projected into an electric field in such a direction 
that their velocity makes only a small angle with the field. 

]!)eflections in Magnetic Fields 

When an electron moving with velocity v enters a magnetic field of 
strength H there is exerted on the electron a force urging the particle out 
of its line of flight. This force is at all times perpendicular both to the 
magnetic field and to the instantaneous direction of motion of the electron. 
Its magnitude depends upon the velocity, the field strength, and the angle 
between these. An electron at rest experiences no force in a magnetic field; 
the force on a moving electron is proportional to its velocity. When a 
conductor of length L carrying a Current T is placed at right angles to a 
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magnetic field W, it is acted upon by a force F given by 

F = HIL 

Now a stream of moving electrons is entirely equivalent to a current flowing 
in the opposite direction; in fact it is the current. (Consider a stream of 
electrons spaced an average distance d apart and all moving with a velocity 
D perpendicular to a magnetic field. From the definition of current this 
constitutes a current 



The force F on a length L of this stream is therefore 

F = E^L 
d 

But there are in this length L/d electrons. Therefore, 

Force on one electron = II&o 

Since this force is at all times perpendicular to the instantaneous direction 
of motion, the path described by the electron is truly the arc of a circle. 
This force may therefore be equated to the centrifugal force on the electron. 
Thus 


Hev= 


where R is the radius of the circular arc described in the magnetic field. 
The deflection suffered by an electron in a 
magnetic field is perpendicular to the field, 
whereas that suffered in an electric field is 
parallel to the field. If the electron leaves the 
magnetic fieUI before completing a full circle, it 


Fig. 5.“A stream of moving 
electrons is entirely equivalent to 
a current. 



Pig. 0. — lIlustmLing the de- 
flection of an electron in a 
magnetic field. The magnetic 
field is perpendicular to and 
directed into the paper. 


continues in a straight line tangent to the circle at the point of exit from 
the field. 

In many instances an electron stream is shot into a magnetic field at 
other than right angles to it. finder such conditions it is only the com- 
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ponent of the magnetic field which is perpendicular to the velocity that is 
effective in exerting a force on the electron. Or, if it is preferred, it is only 
the component of velocity which is perpendicular to the field which is 
effective. It should be emphasized that it is not possible in any way to 
change the energy of an electron by deflecting it in a magnetic field. Since 
the force exerted on the particle is at all times perpendicular to the instan- 
taneous direction of motion, the magnitude of the velocity is never increased 
or decreased. It is only the direction of the velocity vector that is changed 
by a magnetic field. 


4. THE RATIO e/m FOR ELECTRONS 

The ratio of charge to mass of the electron has been measured by a 
variety of methods and by using electrons from a great number of different 
sources. Thomson was the first to make measurements of this character. 
In that day physicists had little idea as to the exact nature of cathode rays, 
and Thomson’s experiments were carried out largely with the point of view 
of gaining information regarding the nature of these. His original experi- 
ments were described in an unusually interesting paper ^ in 1897. Most 
methods of determining the ratio of charge to mass fall into one of two 
general groups. In so-called deflection methods one observes the bending 
of an electron stream in electric or magnetic fields. In so-called spectro- 
scopic methods one measures certain frequencies of the spectral lines emitted 
by an atom, and calculates from these the ratio ejm. 




T 


Deflection Methods 

ThoTYison’s Method . — Among other interesting experiments, Thomson^ 
described two methods for measuring the ratio e/m. The first of these 

utilized apparatus illustrated in Fig. 7. 
Electrons, after leaving the cathode (7, 
passed through slits A and B and 
fell upon a fluorescent screen. An 
electric field could be applied between 
plates D and E. A magnetic field, 
perpendicular to the electric field, was 
established by a current flowing in 
two external coils, one placed on either side of the tube. These coils, whose 
diameters were equal to the lengths of the plates D and E, were placed so 
that magnetic and electric fields occupied approximately the same region. 
The directions of the fields were such that one alone deflected the electron 
stream upward, whereas the other alone deflected it downward. The 
strengths of these two fields were adjusted so that the net deflection of the 
electrons was zero. Under this condition the forces on the electron due to 


Fig. 7 . — ^Illustrating early apparatus 
used by Thomson in determining e/m for 
cathode rays. 
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the two field? were equal and opposite. Thus 

Hev = Ee 


from which 


V 


E 

H 


The stream of electrons was then deflected by the magnetic field alone. 
Under this condition 


XT 

Combining tliese two equations, one obtains 

e _ E 
m “ mR 


Hence, by measuring E, Hi and J?, both the velocity and the ratio e/m can 
be obtained. Attention should be called to the fact that all quantities in 
this expression must be measured in the same system of units. If it is 
desired to express certain of the quantities in electromagnetic units and 
others in electrostatic units, then a conversion factor must be introduced. 

In the second method used by Thomson, cathode rays after passing 
through a slit were made to enter a so-called Faraday chamber. This 
chamber is merely a properly shielded and properly insulated conductor onto 
which electrons fall after coming through a small opening in the chamber. 
The charge communicated to the chamber in a given time was measured 
with an electrometer. If N be the number of electrons entering the chamber 
and Q be the total charge accumulated 

Ne = Q 

The same number of electrons was then made to strike a small thermocouple 
of known heat capacity. The energy IV communicated to the couple WJis 
calculated from tlie observed rise in temi)erature. This energy must come 
from the kinetic energy of the electrons. Thus 

IK = 

The electron stream was next bent in a magnetic field. For such bending 



Combining these three etpiations, one obtains 

m fPRHl 



110 the “PARTICLES'' OF MODERN PHYSICS 

Since all quantities on the right can be measured, the ratio e/m can be 
obtained. 

Thomson found the velocity of cathode rays to be of the order of one- 
tenth that of light, and to increase with increases in potential difference 
across the discharge tube. After using various gases in the tube, various 
metals as electrodes, and various potentials applied to the tube, Thomson 
concluded that the ratio e/m was independent of all these. He gave a , 
numerical value of e/?w of the order of 10^ e.m.u. per gram. While more 
recent and refined measurements have given a somewhat higher and far 
more precise numerical value, they have borne out Thomson’s finding of the 
independence of the ratio e/m upon the gas and the metal electrodes used. 
They have shown e/m to vary slightly with the velocity of the electron, 
but the variation is exceedingly small for all but the highest velocities. 
This variation will be discussed in some detail later. 

Kaufmann's -Meiftod.— Numerous other early determinations®"® were 
carried out by various methods. While these early works were exceedingly 

important at the time in providing a more 
certain knowledge of the nature of cathode rays, 
many of them led to only approximate values 
for the ratio e/m. These early works have been 
summarized in tabular form by Thomson.® It 
is significant that identical values of e/m are 
obtained for cathode rays, beta rays, electrons 
from a hot cathode and photoelectrons ejected 
by ultraviolet light or X-rays. This indicates 
that all of these particles are identical. It is 
interesting to inquire a bit more into the details 
of one of the earlier works, for essentially the same method when applied 
later to the study of positive rays led to the important discovery of isotopes. 

Shortly after 1900 Kaufmann® devised a method in which electrons were 
deflected by coincident electric and magnetic fields. Instead of cathode 
rays, Kaufmann used the beta rays ejected by a radioactive material. 
Since the two deflecting fields were parallel the resulting deflections of the 
electron due to the two fields were perpendicular. It is easily shown by 
geometry that the deviation of a particle from its original straight line of 
flight, due to its deflection in the arc of a circle, is closely inversely propor- 

" W. Kaufmann, Aim. d. Phy^ik, 61, 644 (1897); 62, 696 (1897); 65, 431 (1868). 

^ S. Simon, Ann. d. Physik, 69, 680 (1899). 

® J. J. Thomson and G. P. Thomson, Conduction of Electricity Through Oases (3rd ed.; 
London: Cambridge University Press, 1928), Vol. I, p. 204. 

» W. Kaufmann, Om. Nachr., 2, 148 (1901); 8, 291 (1902); 4, 90, 148 (1903); d. Physik, 
19, 487 (1906). 



Fig. 8. — The locus of points 
to which electrons are deflected 
by coincident electric and mag- 
netic fields is a parabola. 
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lional to the radius of the circle, as long as the deflection be very small. 
Then if in Fig. 8 2 / be the deflection caused by the electric field and x that 
caused by the magnetic field, one can write 


and 


y = k 






mv 


where Rb and Rif are the radii of the circular arcs described in the electric 
and in the magnetic field, respectively. The constant k depends upon the 
geometry of the apparatus; it has the same value in each equation if the two 
fields cover the same extent of space. Eliminating v from these equations 
one obtains 

E 

^ kH^ e 

This is the equation of a parabola having its nose at the origin, the position 
of the undeflected beam as it enters the fields. Experimentally, one obtains 
only half of the parabola with given directions of fields; the remainder of the 
parabola can be obtained by reversing the magnetic field. 

Electrons of different velocities fall at different places along the para- 
bola. Thus, the X and ?/ deflections for any one point on the curve lead to 
a value of e/vi for an electron of a definite velocity, Kanfmamrs were the 
first data for which individual results could be obtained for definite electron 
velocities. These data indicated that the ratio e/m> varied slightly with 
velocity, decreasing with velocity increases. By this time there had already 
been advanced three different theories indicating that the mass of the elec- 
tron, and therefore the ratio e/m, should vary with velocity. Each theory 
led to a slightly different manner of variation. Furthermore, each theory 
predicted that the ratio e/m would approach a characteristic value e/mo as 
the velocity of the electron approached zero. This mo would then represent 
the rest mass of the electron. Kaufmann’s data led to three different values 
for e/mo, the value depending upon which of the three theoretical manners 
of variation was used in extrapolating to obtain the rest value. The three 
results obtained were: 


Extrapolation by Abraham theory e/mo = 1.82 X 10^ e.m.u./gr. 

Extrapolation by lluchcrer theory c/mo =» 1.81 X 10^ 

Extrapolation by Lorentz theory c/wo = 1.00 X 10^ 

Kaufmann’s work was not sufficiently precise to distinguish among the 
three theories by the quantitative manner of variation of e/m with velocity. 
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The small dimensions of the photographs and the somewhat diffuse char- 
acter of the parabolas prevented results of precise character. 

Classen's Method, — Classen^® made a marked improvement upon pre- 
ceding methods in that he used a hot cathode as a source of electrons and in 
that he utilized a certain geometrical focusing effect possible with electrons 
describing semicircles in a magnetic field. His apparatus is illustrated in 
Pig. 9. A glass container was divided into two sections by a metal plate 
M on the bottom of which was placed a photographic plate P. A hot oxide- 
coated cathode was placed just above a 1mm. diameter hole located in the 

center of the metal plate. Electrons 
leaving the hot cathode were accelerated 
by a potential established between the 
cathode and the plate which served as 
anode. Many of these passed through 
the hole into the region below the anode. 
This region was shielded from stray 
electric fields by a nonmagnetic metal 
housing. A uniform magnetic field was 
established perpendicular to a line join- 
ing the cathode and the hole in the 
anode. Two large coils, one on either 
side of the apparatus, were used to 
obtain this field. The magnetic field 
causes an electron coming through the 
hole in the anode to describe a semicircle 
and strike the photographic plate. This 
bombardment produces an exposed spot 
on the plate. Reversal of the magnetic field produces a similar exposure on 
the opposite side of the central opening. Since the use of a hot cathode to 
furnish electrons permitted a high degree of evacuation, Classen felt it quite 
proper to calculate the velocity of the. electron as it goes through the anode 
from the relationship 



!Fig. 9. — Illustrating apparatus used 
by Classen in determining e/m for 
electrons coming from a heated filament. 


= Ve 


After passing through the opening the electron is deflected in the magnetic 
field in accord with the relationship 


Hev = 


1 ^ 


From these two expressions, both v and e/m can be obtained, 

J. Classen, Phys. Zeita,, 9, 70id (1908); Verh, Deutaeh. Phya. GeaelLy 10, 700 (j908). 
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The geometrical focusing action present in the Classen experiment is 
worthy of some attention; it has been utilized in many later experiments of 
one type or another. Let us consider, in Fig. 10, electrons which come 
through the hole in the anode in a somewhat divergent beam. All electrons 
have the same velocity except for minor variations due to the potential 
drop along the filament and to the thermal velocity distribution of electrons 
ejected from the glowing cathode. All electrons will therefore describe 
circles of the same radius in the magnetic field. 

The various circles of Pig. 10 are drawn with 
equal radii. The center of the circle is in each 
case located so that the line joining this center 
to the hole in the anode is perpendicular to the 
direction of motion of the electron as it goes 
through the anode. While the several electrons 
indicated deviate considerably at some parts of Fia. lO.—Tllustrating the 
their paths, they come back surprisingly close geometrical focusing action on 
to one another as they strike the photographic <le«ected in semidrcleH 

plate. This focusing action is possible only 

when the path described is a half circle. Such focusing allows a sharp trace 
on the photographic plate with a relatively large opening in the anode. 
The larger opening makes it possible to get a greater number of electrons 
through. 

Classen made measurements of ejm using two different potential differ- 
ences between cutliodc and anode. These potentials were 1,000 and 4,000 
volts, corres])onding to electron velocities of approximately 1.8 X 10“ and 
3.6 X 10“ cni/sec. It appeared (piite (‘crtain that e/m was slightly different 
for electrons of these two velocities; the ratio was slightly smaller for the 
higher velocity. For those electrons which had been accelerated through 
1,000 volts difference of potential, CHassen foun<l the ratio elm to be 
(1.773 ± 0.002) X lO"^. The ratio of the two values of elm. found for the 
two velocities used was, within the limits of experimental error, that which 
would be expected on Lorentz’s theory of mass variation. When this 
manner of mass variation was used to extrapolate results to zero velocity, 
Classen’s data led to a value 

-- = (1.77(5 + ().()()2) X 10' 

W?() 

Although this value has since ]) roved to be slightly high, it was one of the 
first reliable values obtained. 

Bucherer s Method. — Huclierer’^ devised a method quite different from 
any previously used. The arrangement of apparatus is shown in Fig. 11. 

A. H. Bucherer, Vi^h, Dcidsch. Vhya. 10, 088 (1908); Phya. Zeita.^ 9, 755 (1908); 

Ann, d. Physik, 28, 513 (1009). 
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Two optically plane circular glass plates 8 cm. in diameter and silvered on 
the inner surfaces, were placed one-fourth millimeter apart. A small 
quantity of radioactive material emitting beta particles was placed at the 
center of and between the plates. An electric field was established per- 
pendicular to the plates by applying a known potential difference between 
the silvered surfaces. A uniform magnetic field having the direction indi- 
cated in the diagram was established by means of a current flowing through 
coils. A photographic film P was placed on the inner surface of a circular 

cylinder coaxial with the glass plates 
and 5 cm. from the outer edges of these. 
Beta rays of a great variety of velocities 
move out from the source. As these 
electrons move out from the central 
source, they are all urged" with an equal 
force toward one plate, say the upper 
one, by the electric field. But the force 
exerted by the magnetic field depends 
both upon the velocity of the beta 
particle and upon the direction this 
particle takes. If the path be parallel ' 
to the magnetic field it is not affected; if 
angle 6 at which it leaves is between 0 
and 180° the particle is urged toward 
the lower plate; if 9 is between 180° and 
360° the particle is urged toward the 
upper plate. It is apparent, therefore, 
that no beta particles will get out from 
between the plates for angles 6 between 
180° and 360°. Furthermore, a beta particle with a velocity v will get out 
(and finally strike the photographic film) only at that angle B for which 

Hev sin 6 = Ee 

It is only at this angle that the forces on this electron due to the electric 
and the magnetic fields are equal and opposite. After this beta ray gets 
out from between plates the electric field no longer acts upon it. The 
remaining force' due to the magnetic field causes the electron to continue 
along the arc of a circle until it strikes the photographic film. In this 
magnetic field 

XT . ^ 

Hev sin $ = 

From this and the preceding equation, along with observed values of ff, 

6y and iJ, it is possible to calculate both v and ej m. 
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Pig. 12 reproduces a typical photograph obtained by Bucherer. The 
second half of the curve (that above the plates) is obtained by reversal of 
the fields. Since the exposure appearing at any one place on the film is due 
entirely to electrons of a particular .velocity, it follows that ejm can be 
obtained for electrons of widely different velocities; and all these values can 
be obtained from a single photograph. Bucherer, using electrons having 
speeds up to nearly 0.7 that of light, found again that the ratio e/m varied 
with velocity. His data were sufficiently precise to show that this variation 
was much more closely that predicted by Lorentz than that predicted by 
either himself or Abraham. Using the Lorentz manner of variation for 
extrapolation to zero velocity, Bucherer found 

— = (1.763 ± 0.008) X 10^ 

TTlo 

These results were later verified by Wolz^^ who, using the same apparatus, 
found 

— = (1.767 ± 0.002) X 10’ 

Busch's Method , — In 1922 Busch developed a method which depends 
upon the focusing of a divergent beam of electrons by means of a magnetic 



Fig. is. — ^I llustrating the Busch method. 


field parallel to the beam. The general method is illustrated by Fig. 13(a), 
Electrons coming from a hot cathode proceed through a small hole in the 
anode A, The potential difference V applied between cathode and anode 
determines the velocity with which electrons proceed through this opening. 
Since this method depends fundamentally upon focusing a beam of fairly 
divergent electrons, Busch placed small auxiliary magnets radially about 
the tube as shown. The fields due to these magnets caused electrons to 
proceed from cathode to anode in curved paths. As a result, the electrons 
leaving the hole in the anode were more divergent than they would other- 
wise have been. The entire tube, or at least that section from anode to 
fluorescent screen S, was placed within a uniform magnetic field produced by 

^ K. Wolz, Ann, d, Phydk, 30, 273 (1009). 

“ H. Busch, Phys, Zeits., 23, 488 (1922). 
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a long solenoid. This magnetic field was parallel to the longitudinal axis 
of the tube. 

Let us consider one particular electron moving with a velocity v in a 
direction making an angle B with the axis of the tube at the instant it leaves 
the anode. The velocity v can be represented by two components, v cos B 
parallel to the magnetic field, and v sin B perpendicular to the magnetic field. 
That component parallel to the field is not affected by the field ; the electron 
proceeds longitudinally along the tube with a constant velocity v cos B. The 
component v sin B, however, is at all times perpendicular to the magnetic 
field. . As a result, if one ignores for the moment the constant velocity 
along the axis, the electron will describe a circle in a plane perpendicular to 
the axis of the tube. This electron will pass through the central axis after 
completing one revolution. It is an interesting fact that each electron, 
regardless of its velocity component perpendicular to the field, and therefore 
regardless of its angle of divergence, requires exactly the same time to 
execute one complete circle. That this is the case can be seen as follows. 
Still ignoring the longitudinal motion along the axis of the tube, an elec- 
tron with perpendicular velocity component v sin B will describe a circle in 
accord with the expression 


Hev sin B = 


m(v sin B)^ 
R 


The time t required for this electron to complete one circle is given by 


9nrR 
V sin 6 


If the value of R be obtained from the first of these e(|uations and substi- 
tuted into the second, one finds 


^ “ He 

This expression is independent of the magnitude of the electron’s velocity 
perpendicular to the magnetic field. Ilcncc, all electrons in the divergent 
pencil, regardless of the individual angles of divergence, will conii)lete their 
first circles in the same time. All will therefore come back again through 
the central axis at the same time. 

Fig. 13(6) shows one of the possible circles described by an electron. 
Those particles with a large perpendicular component of velocity describe 
large circles, while those with smaller ])erpendicular velocity components 
execute smaller circles. But the speedier electron completes its large circle 
in exactly the same time that the slower electron completes its small circle. 
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Since all electrons come back through the axis at the same time, it follows 
that if all particles have the same longitudinal velocity along the tube, then 
all electrons leaving the anode opening in a divergent pencil will be brought 
back to a sharp focus at some point along the axis. The strength of the 
magnetic field can be made such that this focus is at the screen N, a distance 
L from the anode. If all electrons have the longitudinal velocity v cos 6y 
then the time required for them to travel to the screen is given by 

V cos 9 

If the field is adjusted so that the focus occurs at the screen, then this time 
is the same as that required for any electron to complete its circular path. 
Equating these times and solving for e/m, one obtains 

£_ _ ^ cos 9 
m HL 

The velocity v ca?i be obtained from the expression 

Fe = 

If V be obtained from this and put into the above equation for e/m one finds; 

e _ Stt^F cos^ 9 
m 

Actually, all electrons used by Busch did not diverge at the same angle 
This angle was sufficiently small, however, that cos 9 itself was very close 
to unity and the variation in it was almost negligible. By this method 
Busch found, after extrapolation according to the Lorentz theory, a value 

— = (1.768 ± 0.0015) X lO'f 
mo 

Essentially this same method was used later by Wolf^^ in what con- 
stituted the most careful and precise measurements up to that time. From 
some seventy separate measurements Wolf found a value, after a slight 
correction had been applied by Birge^® for the difference between the inter- 
national and the absolute volt, 

— = (1.769 ± 0.002) X lO’' 
mo 

“ F. Wolf, Ann. d. Phyaik, 83, 849 (1927). 

“ R. T. Birge, Rev. Mod.. Phya., 1, 48 (1929). 
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Birge,^® in a critical survey of a number of important physical constants, 
weighted Wolf’s determination far more heavily than other values of 
c/mo available at that time. Not only has the Busch method been applied 
with success to the measurement of c/mo, but the principle underlying it 
has been used extensively when it is desired to focus a beam of divergent 
electrons. 

Since Wolf’s work there have been developed precision methods of 
measuring e/mo for electrons. Several of these are truly deflection methods 
and should rightfully be grouped with those discussed above. Before 
discussing these, however, attention should be called to an entirely different 
method of determining c/mo, one utilizing spectroscopic data. The agree- 
ment or disagreement between results by the two entirely different methods 
is interesting. It at one time caused considerable theoretical speculation; 
and it was no doubt instrumental in the development of recent precision 
methods of measurement. 

Spectroscopic Methods 

A little later we shall discuss briefly the mechanism by which an atom 
radiates or absorbs energy. Sufficient facts will be stated at this time to 
allow one to appreciate what is behind the spectroscopic method of deter- 
mining c/m. Recall that a gas, when heated or excited by other means, 
emits a characteristic bright line spectrum. The frequencies of the numer- 
ous individual lines making up the spectrum are characteristic of the atom. 
No atom of any other material emits these same frequencies. In lOl.S 
Bohr showed that it was possible, by defining certain energy levels within 
the atom, and by supposing that radiation is emitted or absorbed as an 
electron passes from one to another of these levels, to calculate with pre- 
cision the actual frequencies of the emitted lines. This is possible at least 
for the simple atoms which can be treated rigorously with present mathe- 
matical knowledge. It hiis been found that these frequencies depend 
slightly upon, among other things, the mass of the nucleus of the atom and 
the strength of a magnetic field in which the radiating atom may be placed. 
The effect attributable to the nuclear mass or to an external magnetic field 
can be expressed theoretically in terms of ejm and other quantities. There 
have resulted, therefore, two spectroscoi)ic methods of evaluating the ratio 
ejm. Each is ca])al)le of a high <l(^gr(*e of precision. 

One of these methods utilizes experimental data on the fine structure 
of the lines, and the difference in the effects of the nuclear masses of hydrogen 
and ionized helium. This method was first applied by Paschen.^® It was 
developed by Houston'^ to such a point that it gave quite accurate results, 

1“ F. PoHclieii, Ann, d. Phytrik, 60, 001 (1010). 

W. V. HouHton, Phyn, 30, 008 (1027). 
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and recently it has been used by several other workers. Some of these 
more recent works have made use of the fine structure and the difference in 
the nuclear mass effects of ordinary and heavy hydrogen, rather than of 
those of hydrogen and ionized helium. 

The second spectroscopic method depends upon the fact that when an 
atom which is radiating is placed in a strong rnagnetic field each character- 
istic spectral line is broken up into several closely spaced yet quite distinct 
components. This is known as the Zeeman effect. Accurate measure- 
ment of the separations of these Zeeman lines yield a value for e/m. This 
method has been used by many workers. 

Comparison of Results by the Two Methods up to 1929 

While by far the most precise determinations of e/mo, by both the 
deflection method and the spectroscopic method, have been made within 
the past ten years, it is nevertheless interesting to compare results by the 
two entirely different methods as they appeared in 1929. Even at that 
time a considerable degree of apparent accuracy had been obtained by each 
method. Birge^® made a critical survey of all data existing up to that time. 
He considered the work of Wolf^'^ outstanding among the determinations 
by deflection methods, and that of Houston and of Babcock®® as note- 
worthy among spectroscopic determinations. From consideration of the 
probable errors associated with not only these but all existing determina- 
tions, Birge concluded at that time that the most probable values of e/mo 
as obtained by the two general methods were as follows: 

Prom deflection methods (1.769 ± 0.002) X 10^ 

Prom spectroscopic method (1.761 ± 0.001) X lO"^ 

Most of the individual determinations available at the time of Birge’ s 
summary are tabulated in the first part of Table I which appears several 
pages hence. The agreement between the two most probable values given 
by Birge was not all that one might expect. The most probable value 
obtained from deflection experiments exceeded that obtained from spectro- 
scopic measurements by nearly three times the sum of the probable errors 

R. C. Gibbs and R. C. Williams, Phyjf. Rev., 44, 1029 (1933). 

P. H. Spedding, C. D. Shane and N. S. Grace, Phys. Rev., 44, 58 (1933). 

C. D. Shane and P. H. Spedding, Phys. Rev., 47, 33 (1935). 

R. C. Williams and R. C, Gibba, Phys. Rev., 48, 971 (1935). 

W. V. Houston, Phys. Rev., 61, 446 (1937). 

R. C. Williama, Phys. Rev., 64, 568 (1938). 

D. Babcock, Astrophys. Jour., 68, 149 (1923). 

*®H. D. Babcock, Astrophya. Jour., 69, 43 (1929). 

J. S. Campbell and W. V. Plouaton, Phys. Rev., 39, 601 (1932). 

E. Kinsler and W. V. Houaton, Phys. Rev., 46, 104 (1934). 

**L. E. Kinsler and W. V. Houston, Pkys. Rev., 46, 533 (1934). 
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involved. While this did not mean for a certainty that the discrepancy 
was other tlian accidental, it did indicate strongly that some unknown error 
had crept into either one or both of the determinations. As Birge^® pointed 
out, there is only one chance in nearly one hundred fifty that values having 
the probable errors associated with these would disagree by as much as 
do the two most probable values given by Birge. It was recognized that 
deflection experiments deal with the free electron, completely detached 
from any atom, whereas spectroscopic measurements deal with an electron 
intimately bound within an atom. It was barely possible that e/mo for 
free electrons might actually be different from the value for bound electrons. 
Such a possibility left room for a great deal of theoretical specula- 
tion. One other possible interpretation of the discrepancy occurred to many. 
In most of the accurate determinations by the deflection method, use 
had been made of the measured potential difference between cathode and 
anode to calculate the velocity of the electron being deflected. This 
assumes that all of the energy acquired by the electron in dropping through 
the potential difference V appears as kinetic energy. This is true only if 
the electron loses no energy whatever in collisions with gas molecules 
remaining in the highly exhausted tube. If any energy is lost in such 
collisions the actual velocity of the electron would be slightly less than that 
calculated in the usual way. It can be shown that the use of this slightly 
incorrect velocity in deflection experiments would yield too high a value 
of e/m{). 


5. RECENT REFINEMENTS IN THE RATIO e/irio 

Since Birge’s summary in 1029 there have been a number of significant 
determinations of this important ratio. We shall outline briefly a few of 
these more recent developments and call attention to the manner in which 
the discrepancy just discussed has been greatly reduced. 

Improvements in Free Electron Methods 

Kirchner s Method,- — Kirchiier'-^® refined the method he had used pre- 
viously for measuring directly the velocity of cathode rays by comparing 
the time they required to travel a known distance with the known ])eriod 
of a high frecpiency potential wave. The accura(*y attainable was greatly 
increased. Using this measured velocity together with the measured 
potential difference between cathode and anode, he was able to obtain a 
supposedly accurate value for e/nu). These measurements gave , 

e 

— = (1.770 ± 0.002) X 10^ 
mn 

iOlui 

) »'■ 


^ F. Kirchner, Phyn. Zeits., 30, 773 (1929). 
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While this determination was by a different method than any previously 
used, it did not 'clarify the discrepancy which seemed to exist between 
results obtained by the two general methods; rather, it emphasized this 
discrepancy. ’ 

Shortly after this Perry and Chaffee^® described an experimental deter- 
mination which yielded a value almost identical with that obtained from 
spectroscopic measurements. The method was essentially that used by 
Kirchner in that the velocity of the electrons was measured directly. The 
present workers, however, used rather high speed electrons, particles 
accelerated through a potential of from 10,000 to 20,000 volts. They took 
considerable care in obtaining a high vacuum. They chose dimensions 
of their apparatus in such a way as to minimize the effect of any loss of 
energy due to collisions, with residual gas molecules. Upon combining the 
measured velocity with the potential difference through which the electron 
had fallen, and after extrapolating according to theLorentz manner of mass 
variation, Perry and Chaffee found 

— = (1.761 ± 0.001) X 10^ 

TTIq 

This value is exactly that which had been given by Birge^® as the most 
probable value from spectroscopic methods. 

Perry and Chaffee suggested that results of previous deflection experi- 
ments were all high because of the presence of residual gas within the tube. 
They felt that their experiment was less sensitive to such error for several 
reasons. In the first place, an error of this character would be much smaller 
for high speed electrons than for low speed electrons; a given loss of energy 
would decrease the velocity of the higher speed particle by a much smaller 
percentage. Secondly, it was felt that the vacuum attained in this exper- 
iment was considerably better than that existing in most of the early 
experiments. In the third place, the method here used, together with the 
dimensions chosen for the apparatus, were such as to minimize any error 
due to residual gas. The authors pointed out that although accurate 
knowledge of the loss of energy of electrons in passing through a gas at low 
pressure is rather meager, it appears that a residual gas pressure of the 
order of 0.004 mm. of Hg in Wolf’s apparatus would be sufficient to explain 
the discrepancy between his result and the spectroscopic value. Perry 
and Chaffee seemed to feel that the high values obtained by previous 
deflection experiments were in all probability due to the effect of residual 
gas. 

There are several facts, however, which made it difficult to accept this 
interpretation. Perry and Chaffee did use high speed electrons, for which 
C. T. Perry and E. L. Chaffee, Phys. Rev.^ 36, 904 (1930). 
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the error should he relatively small. But Bucherer, Wolz, Alberti, Schaefer, 
Neumann and Busch used just as high speed electrons, and in several cases 
higher^ Even so they obtained values higher than the spectroscopic value. 
A review of the values of e/mo obtained through use of electrons of various 
speeds shows no convincing trend indicating that a smaller ratio e/mo was 
obtained when high speed particles were used. It is true that residual gas 
pressures probably varied greatly from one experiment to another. But 
this in itself indicates that the effect of residual gas must be small; other- 
wise how did various workers obtain so nearly the same value? Further- 
more, several early workers reported that there was no observable change in 
e/mo, for reasonable changes in residual gas pressure. For these reasons 
it was felt that there was present some error other than that suggested by 
Perry and Chaffee. An error unsuspected at thi^t time has since been 
found. 

Kirchner®^ repeated his earlier workj^*^ again using essentially the same 
method as had been used in the meantime by Perry and Chaffee. He 
reported a value 

— = (1.7598 ± 0.0025) X 10^ 

mo 

The following year®^ he applied to this value a small correction for the 
contact potential between cathode and anode metals. This correction 
lowered tlie previously reported value slightly and decreased the probable 
error, giving 


— = (1.7585 ± 0.0012) X 10» 
mo 

At the same time he also carried out a new series of measurements, using 
an improved piezoelectric quartz crystal for controlling the period of the 
high frequency potential. As a result, of these new measurements he 
obtained 


— = (1.7590 4: 0.0015) X 10'' 
mo 


These values obtained by Kirchner were distinctly below those obtained 
by earlier deflection methods. They were even slightly below the then 
accepted spectroscopic value. It therefore appeared from this work, 
together with that of Perry and (Chaffee, that e/mo obtained for free elec- 
trons was certainly no higher than that obtained spectroscopically for 


F. Kirchner, Ann. d. Phytrik, 8, 975 (1981). 
33 F. Kirchner. Ann. d. Phymk, 12, 508 (1982). 
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bound electrons. It is true that the method used, by these workers wajs 
scarcely a deflection method, and it was essential for complete solution 
of the problem that someone refine a deflection method to such an extent 
that an equal precision coidd be obtained. Fortunately this has been 
done by three separate investigators. In connection with two of these 
the principal cause of the previous discrepancy between the free electron 
and the bound electron values has become obvious. 

Dunnington ' 3 Method, — Dunnington®® developed a true deflection 
method and at the same time preserved the all important feature of recent 
methods wherein the electron velocity was measured directly. The method, 
apparatus for which is illustrated schematically by Fig. 14, consisted essen- 
tially of accelerating electrons to a continuous range of velocities by a high 

frequency electric field, choosing a 
particular velocity of electron by 
deflection in a magnetic field, and 
measuring this velocity in terms of 
the distance the electron traveled 
and the period of the high frequency 
potential. The alternating potential 
applied between slits Ai and 
serves to accelerate electrons coming 
from the hot filament F. Electrons 
leave A2 with a wide range of veloc- 
ities; the actual velocity of any elec- 
tron depends upon the phase of the 
potential wave as this particular 
particle passes through slit Ai, A 
uniform magnetic field H perpendic- 
ular to the plane of the paper deflects 
all of these electrons in circles. Electrons of only one particular velocity, 
however, are bent in a circle of such radius that they pass through slits Si 
and S3 and come to slit Di. The velocity of these electrons is such that 



Fig. 14. — Illustrating essentials of the appa- 
ratus used by Dunnington. 


Hev = 


IR 


What happens to these particles after they arrive at Di depends upon 
the length of time they have required to travel through angle 6 , The same 
high frequency potential that is applied between Ai and A2 is applied 
simultaneously between Di and D2. The connection is such that Di is 
always at the same potential as A2. It is obvious, therefore, that an electron 
which has required exactly one period of the alternating potential wave to 
G. Dunnington, Phys, Rev., 43, 404 (1983). 
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travel from slits -4x71 3 to slits D\D^ will be decelerated in passing from D\ to 
Db. These electrons lose their entire energy and consequently do not reach 
the collector (?. The experimental procedure is to adjust the magnetic 
field H until a minimum number of electrons arrive at C, .Under this 
condition, electrons have required exactly one period to travel from the one 
, to the other pair of slits, and one may write 



where 6 is measured in radians and where / is the frequency of the potential 
wave- Combining the last two equations to eliminate v, one obt^ns 

± _ V 

m H 

where H is now the particular field necessary for the adjustment mentioned 
above. It is apparent that one needs measure only an angle, a frequency, 
and a magnetic field in order to obtain a value for e/m. In this manner, 
Dunnington arrived at the value 

— = (1.7571 ± 0.0015) X 10 ^ 

mo 

Dunnington did not consider this result the best that could be obtained 
by the method and immediately set about making refiiiemcnts. In the 
meantime it had been shown^'^-*^ that there are formed on or very near 
the metal plates between which the electric field is established, polarization 
charges which effectively reduce the potential used to accelerate or deflect 
an electron beam. Furthermore, a charge seems to accumulate on a more 
or less permanent insulating layer built up on a metal surface when this 
surface is bombarded with electrons. These effects depend upon the 
material of the plates, the residual gas ])ressiire, and the intensity of electron 
bombardment. E(iui valent i)otentials contributed by these effects are 
much greater than ordinary contact potentials l)etween different metals. 
Dunnington therefore coated the entire interior of his apparatus with a 
thin layer of evaporated gold. Ihit he found that even the condition of 
this gold film influenced to some extent the magnitude of this surfa(*e effect, 
and consequently the value obtained for e/m. The method used, however, 
after certain other ])recautions were taken to correct for this effect, was 
such that the residual error should be (piite small, Diinnington’s^® final 
value reported was 

A. E. SImw, PhyH. Rcv.^ 44, 1000 (lOSS). 

R. L. Stewart, Phy». Rev., 46, 4H8 (19S4). 

V. G. Dunnington, Phys. Rev,, 62, 476 (19S7). 



126 


THE "PARTICLES" OF MODERN PHYSICS 


— « (1.7597 ± 0.0004) X 10^ 

Kretschmar s Method. — Kretachmar®’ has obtained a value of e/mo by 
observing the deflection in a magnetic field suffered by photoelectrons 
ejected from thin metallic films by X-rays. Details of the method involve 
some knowledge of the photoelectric ejection of electrons, a subject to be 
discussed later. However, e/mo can be calculated from the observed 
deflection of the photoelectrons in a known magnetic field, the frequency 
of the- X-ray used, and the X-ray absorption limits of the metal films. In 
this manner, Kretschmar obtained 

^ = (1.7670 ± 0.0026) X 10^ 

Shawls Method. — Shaw®^ has investigated experimentally the focusing 
properties of crossed electric 'and magnetic fields upon a beam of electrons. 
Apparatus used in this study is shown in Fig. 15. The essential part of the 

apparatus is a cylindrical condenser. An electric 
field is established between the plates of this 
condenser; a magnetic field is established parallel 
to a generator of the cylindrical surface. A 
collector C was placed 127° 17' of arc away from 
a slit 5 through which electrons entered the 
condenser. Entering electrons were not all of 
exactly the same velocity; likewise they formed 
a somewhat divergent beam as they came through 
the slit. It had been shown®® theoretically 
several years earlier that such an arrangement 
of fields should focus both for direction and 
velocity. That is, all electrons entering the slit, 
regardless of their direction within limits and 
regardless of their velocity within limits, should be brought to a sharp 
focus at a point 127° 17' from the slit. Shaw found that with a proper com- 
bination of fields, electrons entering the slit were brought to an extremely sharp 
focus at the collector. It was in connection with this experimental study 
that Shaw found evidence for the existence of polarization and insulating 
layers on metal surfaces bombarded with electrons. 

The focusing properties of crossed electric and magnetic fields involve 
the quantity ejm. Utilizing this dependence Shaw has developed a pre- 

G. G. Kretschmar, Phys. Rcv.^ 43, 417 (1933). 

W. Bartky and A. J. Dempster, Phys. Rev.^ 33, 1019 (1929). 



Fia. 15. — A schematic dia- 
gram of the electric and mag- 
netic field arrangement used 
by Shaw. 
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ciaioii method of me^uring e/m. He has developed** certain supplementary 
focusing criteria which should eliminate entirely any uncertainties due to the 
peculiar insulating layers formed on metal surfaces. The method should 
give a value for e/m entirely independent of the existence of polarization 
and insulating films upon critical parts of the apparatus. The final value 
obtained by this method is 

^ = (1.7571 ± 0.0018) X 10’ 


While the probable error given by Shaw is not as small as that of Dunning- 
toii’s work, the present method should eliminate most effectively the 
source of error which has no doubt been responsible for many of the dis- 
crepancies among values of e/mo reported in the literature. It seems quite 
certain that these errors, rather than that introduced by residual gas in 
the tube, were mainly responsible for the relatively large discrepancy which 
existed between the deflection and spectroscopic results in 1929. 


Improvements in Spectroscopic Methods 

Whereas in 1929 the free electron value of e/mo appeared definitely 
larger than the spectroscopic value, the recent refinements in deflection 
methods just discussed resulted in a value appreciably lower than the best 
spectroseo]>ic value available in 1929. But improvements were being 
made simultaneously in the technique of spectroscopic measurements. In 
these inetliods the accuracy depends upon the careful evaluation of the 
frcciueney or wave length difference between two or more spectral lines very 
close together. The spacing of these lines is so close that the group appears 
tus a single line in the simple type of spectroscope. Measurement of the 
separation of the closely spaced lines is therefore usually made with some 
forn\ ot interferometer. Since even the component lines have an appreciable 
width the problem arises as to just how one should locate the effective 
center of the line. Much of the recent work has surpassed earlier observa- 
tions in accuracy because it is now better known how to locate these centers. 

lm])roveTneutH have been made in both spectroscopic methods. Camp- 
bell and Houston,*^® and Kinsler and Houston^'^-^® have improved measure- 
mcMits of the sc[)aration of Zeeman lines. Certain characteristic lines of 
cadmium, zinc, helium, and neon have been used. Improvements have 
also been made in the measurement of the strong magnetic field used to 
produce the measured Zeeman effect. The following recent values have 
been reported for elirio: 


Caiiipbi‘11 iiTul HoiLston®** 

Kiiislor iin<l llouslon^^ 

Kinsler iiml 

A. M. Sluiw, Pht/ft- 61, 68, 887 (1987); 64, 


(1.7679 ± 0.0045) X 10^ 

(1.7670 ± 0.0010) X 10^ 

(1.7570 ± 0.0007) X 10’ 

198 (1938). 
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These values are all definitely lower than the spectroscopic value accepted 
iii 1929. 

Refinements in the measurement of line separation have been made also 
in the spectroscopic method based upon the effect of nuclear mass upon the 
frequency of radiation. Most recent measurements have been made on 
the separation of lines in the ordinary and heavy hydrogen spectra rather 
than that of lines of the hydrogen and helium spectra. The following 
.values of ^/mo have been obtained: 

Spedding, Shane & Grace^® 

Gibbs and Williams^® 

Shane and Spedding®® 

Williams and Gibbs*^ 

Houston®* 

Williams*® 

The work of Williams and Gibbs consists of the recalculation of Shane and 
Spedding’s data, applying two corrections they deem necessary. It 
happens that the two corrections just balance one another leaving the 
value of e/mo unchanged. It is interesting that these spectroscopic values 
are likewise all smaller than the 1929 value. Except possibly for the recent 
work of Houston, values obtained by the two spectroscopic methods agree 
accurately. 

Summary of Existing Determinations of e/mo 

Several authors have published recent summaries of values of e/mo 
obtained by precision methods. Among these are Birge,^" Dunuington/i 
and Bearden.^^ Just previous to these summaries Bearden'^® had published 
results obtained by a still different and unusually precise method. By 
combining measuremeilts of indices of refraction of X-rays with the quantum 
theory of refraction he obtained 

— = (1.7601 ± 0.0003) X 10’ 
mo 

Some question arises as to whether this should be considered a free electron 
or a bound electron value. Bearden^^ originally classed it with the spec- 
troscopic measurements. Birge"^® continued this classification. Later 
Bearden^® argued that the determination from X-ray refraction should 
yield a free electron value, and both he and Dunnington'^^ have averaged 
it with these. These three summaries give the following values: 

^ R. T. Birge, Phys. Rev., 64, 072 (1938). 

P. G. Dunnington, Rev. Mod. Phys., 11, 65 (1939). 

4® J. A. Bearden, Phjs. Rev., 66, 584 (1939). 

J. A. Bearden, Pkya. Rev., 64, 698 (1938). 


(1.758 or less) X 10’ 
(1.757 ± 0.001) X 10’ 
(1.7579 ± 0.0003) X 10’ 

(1.7579 ± 0.0003) X 10’ 

(1.7601 ± 0.0015) X 10’ 

(1.7579 ± 0.0004) X 10’ 
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(1.7591 ± p.0008) X 10^ 

Dunninffton - ^.7591 ± 0.000^) X 10’ 

Bearden ^.7591 ± 0.0008) X 10’ 


!Each of these is a weighted mean of all precise determinations, both free 
electron and spectroscopic. Birge and Dunnington each state that there 
is no evidence that a definite discrepancy still exists between the free 
electron and the spectroscopic measurements, although Dunnington®® had 
maintaine<l two years earlier that there was a discrepancy. On the other 
hand, Bearden obtained the above value by averaging a free electron mean 
of (1.7599 ± 0.0002) X 10*^ and a spectroscopic mean of (1.7583 ± 0.0003) 
X 10^, Bearden feels that there still exists a very small but definite 
discrepancy between the two, the spectroscopic value still being the smaller. 
The author is not impressed by the evidence indicating an actual dis- 
crepancy at this time. It must be remembered that probable errors make 
allowance only for accidental errors; they do not take into account any 
systematic errors of measurement. Considering the numerous difiiculties 
encountered and the many small corrections which must be made in most 
precision methods, it appears that there is little cause to worry about the 
small <Uffcreiiccs which may still exist. This is particularly true since 
Shaw's®® free electron value is among the lowest and Houston’s®^ spectro- 
scopic value among the highest of the recent precision values. A rather 
complete summary of important determinations of the ratio e/nto is given 
in Table I. 


6. THE VARIATION OF MASS WITH VELOCITY 

On several occasions attention has been called to the fact that the ratio 
e/in for an electron varies with the velocity of the particle. While it 
would 1)c ])f)ssiblc for variations in either e ot vi to account for changes 
in the ratio, the change has always been attributed to the mass. No 
concept of the dependence of mass upon velocity has yet been presented. 
Why should mass vary with velocity? Why even should an electron 
necessarily possess mass? Let us turn our attention to a brief discussion 
of these items, and to some of the more accurate determinations of the 
manner in whicli mass varies with velocity. 


Why Mass Must be Attributed to the Electron 

A rigorous theoretical treatment of the mass of an electron and its 
variation with velocity would be beyond the scope of this book. t is 
possible to ])oint out, however, why some mass must be assigned to the 
electr,.ii. Also, attention can be called to the manner in which 
of the change of mass with velocity is developed. First, to what is the 
mass of an electron due? It was suggested early that perhaps the entire 
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TABLE! 

EzjMrimeiitAl values of the ratio e/mo for the electron. The letter/, wherever it occurs, indicates a free electron 
method or value; the letter t indicates a spectroscopic method or value; the letter, a represents an average of all 
values both free electron and si>Mtroscopic. Numerals indicate more specific methods as follows: (l}^nown 
accelerating potential and deflection in magnetic field; (2) Compensating crossed ele^ic and nm^etic fields, and 
deflection in magnetic field; (3) Known accelerating potential and lonmtudinal focusing magnetic held; (4) Known 
accelerating potential and high frequency.potenti^ wave; (5) High froquenoy potential wave and magnetic field 
deflection; (0) Known energy of photoelectrons wectcd by X-ri^s and nmgnetic field deflection; (7) Combined 
focusing action of electric and magnetic fields; (S) Zeeman separation; (9) Fine structure and effect of nuclear mass; 
llO) Measurement of index of refraction of X-rays 


Classen 

Buchorer“ 

Wolai* 

Malasses'*^ 

Bestelmeyer^B 

Alberti« 

Schaefer 

Neumann^* 

Paschen^.i* 

Bestelmeyer^B 

Busch^* 

Babcock*^ 

Gerlach^o 

Wolfi^.i* 

Houston^T 

Kirchnor” 

Babcock**^ 

Birgei® 

Perry & Chaff ee>» 

Kirchner»Ai»* 

Kirchner** 

Campbell & Houston”, 

Dunnington*® 

Kretschmar®^ 

Kjnsler & Houston®’-®* 
Gibbs & Williams^®.,,. 
Shane & Spedding®*. . . 
Williams & Gibbs*’.... 

Dirge®’ 

Houston®® 

Shaw*® 

Punnington'* 


Bearden**. , . . 
Williams®*. . . . 

Birge*® 

Dunnington*’ 

Bearden*®. . , . 


Observer 


Dato 


Method 


e/tnn X 10“’ 


1008 

/(I) 

1000 

/(«) 

1900 

/(«) 

1011 

/(I) 

1911 

/(I) 

1012 

/(I) 

1918 

/(*) 

1914 

/(2) 

1010 

s (9) 

1019 

Summary 

1022 

/(3) 

1028 

s (8) 

1926 

Summary 

1027 

/(8) 

1927 

® (0) 

1020 

/(4) 

1020 

s(8) 

1020 

Summary 

1080 

/(4) 

lOSl 

/(4) 

1082 

/(4) 

1082 

®(B) 

1088 

(/ («) 

\ Summary 

1088 

/(fl) 

1084 

» (8) 

1088 

* (0) 

1086 

^ (0) 

1086 

s (0) 

1980 

Summary 

1087 

s(9) 

1037 

/(7) 


('/(«) 

1037 

\summary 

10.8B 

- (101 

1038 

s (9) 

1938 

Summary 

1080 

Summary 

1080 

Summary 


1.77fl ± 0.002 
1.768 ± 0.008 

1.707 ± 0.002 
1.700 

1.760 ± 0,001 

1.766 

1.760 

1.706 ± 0.002 
1.706 ± 0.002 

1.708 ± 0.008 

n 1.70 ±0.02 

1.768 ± 0.0016 

1.761 ± 0.001 
a 1.706 

1.769 ± 0.002 
1.7006 ± 0.0010 

1.770 ± 0.002 
1.7006 ± 0.0012 

f/ 1.760 ±0.002 
U 1.701 ± 0.001 

1.761 ± 0.001 

1.7686 ± 0.0012 
1.7600 ± 0.0016 

1.7670 ± 0.0026 

1.7671 ± 0.0016 
a 1.7608 ± 0.0008 

1.7670 ± 0.0026 
1 .7670 ± 0.0007 

1.767 ± 0.001 
1.7670 ± 0.0008 

1.7670 ± 0.0008 
a 1.7670 ± 0.0008 

1.7001 ± 0.0016 

1.7671 ± 0.0013 
1.7607 ± 0.0004 

(f 1.7606 ± 0.0008 

< s 1.7570 ± 0.0003 
U 1.7684 ± 0.0008 

1.7001 ± 0.0008 
1.7670 ± 0,0004 
a 1.7601 ± 0.0003 
a 1.7601 ± 0.0002 
{/ 1.7600 ± 0.0002 

< 3 1.7688 ± 0.0003 
(g 1.7691 ± 0.0008 


Molassez, Ann. Ckim. et Phya., 23, SiSl, 897 (1911). Bestelmeyer, Ann. d. 

Pkyaik, 86 , 909 (1911). « E. Alberti, Ann. d. Phyaih, 89, 1183 (1912). c. Schaefer, Phya. 
Zeits.^ 14, 1117 (1913). « G. Neumann, Ann. d. Pkyaik, 46, 529 (1914). A. Bestelmeyer. 
Handhuch der Radwlogie, 6, 1 (1919). W. Gerlach, Handbuch der Phyaik, 22, 41 (1926). 
T. Birge, Nature, 137, 187 (1936). 
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mass of the electron is electromagnetic; certainly one should expect at 
least a portion of it to be. When an electron is set into motion a magnetic 
field is established about its line of flight. Energy is required to establish 
a magnetic field. Hence, energy is required to set the electron into motion; 
a definite force is necessary to accelerate the particle. Now inertia or mass 
is attributed to a baseball just because it takes energy to set the ball into 
motion, or because a certain force is required to accelerate it. One must, 
therefore, attribute mass to the electron merely because of the fields associ- 
ated with it. This mass is referred to as electromagnetic. 

It is a simple matter to calculate the electromagnetic mass which must 
be assigned to an electron, provided one limits this electron to a speed 
which is low as compared to that of light. One needs only calculate from 
the magnitude of the magnetic field set up about the moving, electron the 
energy required to establish this field. Since the kinetic energy of any 



body is the work required to set this body into motion with a given velocity, 
the energy required to establish the magnetic field, and therefore required 
to set the electron into motion, can be equated to the kinetic energy. The 
work required to establish the magnetic field about a slowly moving electron 
can be obtained with the aid of Pig. 16 . The moving electron constitutes 
an electrical current. The magnetic field lines are therefore circles about 
the line of flight. In the calculation of the magnetic field about a conductor 
carrying a current /, it can be shown that a small element of current length 
produces at point P a magnetic field given by 

„ Ids sin B 

It has already been shown that the quantity Ids attributable to a single 
electron is ev. Consequently the magnetic field at point P due to this 
moving electron is given by 
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This field could have been obtained also by recalling that an electric field 
in motion sets up a magnetic field perpendicular to itself and to its direction 
of motion; the strength of the magnetic field is equal to the rate at which 
the electric flux cuts unit length of space. The component of electric field 
at P perpendicular to the direction of motion is (e/r^) sin $, Then the mag- 
netic field established is v(e/r^) sin 6, which is the same as found above. 

The energy stored in a magnetic field, or the work which must be done 
to establish this field, can be calculated by assigning an energy density of 
fjLn^/Sir ergs/cc. of space. Within the infinitesimal annular volume element 
of thickness dr, width rdd and circumference ^ sin 6, Pig. 16, the magni- 
tude of the magnetic field strength is everywhere the same. H dW repre- 
sents the energy contained in this volume element, then 

dW == (dr r dB %Tcr sin 0) 

If the value for H be substituted from above, this becomes 

dw ^ ^ sm» e^de 

The total energy W required to establish the field about the electron is the 
summation of the quantities dW corresponding to all similar volume 
elements in space. If one assumes that the electronic charge is uniformly 
distributed over a spherical surface of radius a, then to cover all space in 
which the magnetic field exists, the distance r must be allowed to vary from 
a to infinity while 6 varies from zero to x. 

Thus 


W 


- r f 

r^a 


ixeh)^ dr 


sin® BdB 


Integrating firsi with respect to 6 and then with respect to r, 

L rjfl 3 a 


W = 


This represents the work that would have to be done on an electron to 
start it from rest and give it a velocity v. But by definition this is the 
kinetic energy of the electron. Hence 



1 fie'^ 


from which 


2 

^ = Q — 

3 a 
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Really this mass is mo rather than m, for it will be pointed out shortly that 
the above deduction holds only when the electron velocity is small as 
compared to the velocity of light. Actually, it holds rigorously only for 
velocities approaching zero. Hence 


This represents only the electromagnetic mass of the electron, that 
mass which must be assigned to it to account for the energy required to 
establish the magnetic field about its line of flight. If ordinary mass be 
any different from that which is here called electromagnetic, then it is 
theoretically possible that the electron possesses additional mass of the 
ordinary t3q)e. There was at one time some evidence that the entire mass 
of the electron was electromagnetic. In the light of more recent develop- 
ments the evidence no longer leads necessarily to this conclusion. There is 
no reason to think that an electromagnetic mass differs in any way from 
ordinary mass. One attributes ordinary mass to a baseball simply because 
he must do work on the ball to set it into motion. It is not known why 
the ball possessed this characteristic called mass. Mass must be attributed 
to the electron for exactly the same reason, but physicists have inquired a 
little further as to why the electron should possess mass. It is this inquiry 
which results in the concept of electromagnetic mass. Perha])s the mass 
of a baseball which is made up of atoms, which are in turn made up of 
positive and negative charges, is likewise due to the energy represented by 
fields when these charges are set into motion. The fields about these 
charges are complexly interwoven. Some places they reinforce while at 
other places they annul. Annulment may result in zero, but not less than 
zero, field energy at any point. Reinforcement results in a greater energy 
density. Some finite amount of energy is therefore stored in these over- 
lapping fields. It is not impossible that the mass of the atom is due to 
just this energy. 

If one supposes the mass of an electron to be entirely electromagnetic 
in character, it is possible to calculate the radius of the spherical surface 
over which the charge of the electron has been assumed to be distributed. 
Solving the last expression above for a, and inserting the accepted values 
of constants, one obtains 


a = X" 

3 w-o 3 ^ 


4.803 X 10~’« 


2.998 X 10' 


X 1.758 X 10^ = 1.88 X lO”'® cm. 


This is the only theoretical method of estimating the radius of the assumed 
spherical electron. 
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The Theoretical Variation of Mass with Velocity 

In the deduction of the expression for the electromagnetic mass of the 
electron the electric field was assumed radial from the moving electron. 
The magnetic field was calculated upon this supposition. Because of the 
finite velocity of propagation of electromagnetic fields, the electric field 
about a moving charge is not exactly radial. The deviation from radial 
distribution becomes greater as the velocity of the electron increases. 
The field cannot be exactly radial, for by the time a field which would appear 
radial from the point at which the electron was when it gave rise to this field 
reaches a distant point, the electron will have moved forward an appreciable 
distance. It turns out that the electric field is strengthened near the plane 
perpendicular to the direction of motion and through the electron, and is 
weakened at points near the line of motion, both fore and aft. The calcula- 
tion of the energy necessary to establish the magnetic field about the moving 
electron is complicated greatly by this feature. Furthermore, the energy 
depends upon whether the electron in rapid motion remains spherical or 
whether it is flattened in the line of motion. 

In order to calculate the mass of an electron moving with a velocity 
comparable to that of electromagnetic radiation, one would proceed much 
as we have done for the slow electron, except that he must now take into 
account the more complex distribution of electric and magnetic fields about 
the moving charge. Such calculations were carried out early by three differ- 
ent workers. Abraham'^*'* assumed that the electron maintains its spherical 
form regardless of how high a velocity it may acquire. On this assumption, 
and taking account of the nonradial distribution of electric field, Abraham 
obtained a theoretical expression for the electromagnetic mass of the 
electron. It turned out that the theoretical mass increased somewhat with 
velocity. The rate of increase was small for low velocities, becoming larger 
rapidly as the velocity became comparable with that of light. For very 
low velocities Abraham’s theoretical expression approached the expression 
deduced here for a slowly moving electron. Since Abraham’s theory has 
since been shown in error by experimental data, we shall not bother to 
write his expression for the mass variation. 

Bucherer,®® in a similar theoretical treatment, assumed the electron in 
motion to be shortened along that diameter parallel to the motion and 
increased in diameter perpendicular to the direction of motion. The 
changes in dimensions were assumed to be such that the volume of the 
electron remained constant and such that the ratio between the two dimen- 
sions was where is the ratio of the electron velocity to the 

“ M. Abraham, Odtt. Nachr., 3, 20 (1902); Ann. d. Physik, 10, 105 (1903). 

A. H. Bucherer, Math. Einfuhrungcn in die Elektrontheorie (Leipzig: B. G. Teubner, 
1904), p. 58. 
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velocity of light. The electromagnetic mass found by Biicherer also 
increased with velocity, but at a somewhat diflFerent rate from that predicted 
by Abraham. Again because experimental data have shown the Bucherer 
expression to be in error, the general expression for the mass variation will 
not be written. 

Lorentz,®^ in an analogous treatment, assumed that the electron is 
shortened in the direction of motion in the ratio of l/^/l — while the 
dimensions perpendicular to the direction of motion remained unchanged. 
It is of interest that this assumed foreshortening in the direction of motion 
is just that found necessary to explain the negative results of the Michelson- 
Morley ether drift experiment. It is the same foreshortening that has 
since been predicted by the relativity theory for any body in motion. With 
this assumed shape for the moving charge, Lorentz was able to show that the 
electromagnetic mass of an electron moving with velocity fie is 

— ? mo 

^ ” 3 a Vl ” Vl - 0 ^ 

Experimental data have shown that the Lorentz expression describes 
accurately the manner in which the mass of an electron actually varies 
with speed. 

As a matter of fact Lorentz did not obtain the expression in the form 
written above. He obtained two expressions for the mass, one to apply 
for accelerations perpendicular to the direction of motion, the other to 
apply for accelerations parallel to the direction of motion. He called these 
the transverse mass and the longitudinal mass, respectively. These masses 
he found to be 


mi 


mo 


and 


_ mo 

- (1 _ ^S)M 


The concept of these two masses was an unfortunate one, and entirely 
uncalled for. When properly used, the expression 


m 


mo 


is valid regardless of the direction of acceleration. In the develo])ment 
of the theory of electromagnetic mass one obtains the one general expression 
universally applicable, or the two expressioTis, one for transverse and one 


H. A, Lorentz, Veral. A had. Wptensch,^ Amsterdam, 12, 800 (1904); Proc. Acad. WotenjiPh.^ 
Amsterdam, 6, (1904); (1909); Thmry of Rledrom (Leipzig: 11. (1. Teubner, 1909), p. 214. 



136 


THE “PARTICLES** OF MODERN PHYSICS 


for longitudinal accelerations, accordingly as he uses Newton’s second law 
in the form 

^ d(mv) dm , 

Force = ^ “r 

or in the form 


Force == ma 


These two forms are equivalent only if the mass is independent of the 
velocity. If one uses the first statement, which is that originally given by 
Newton, he obtains the one universally applicable expression for mass. 
That is, 


m = 


mo 


regardless of the direction of acceleration of the electron. If one uses the 
second statement of Newton’s law as Lorentz did, he obtains two masses 
for the electron, one for transverse accelerations and one for longitudinal 
accelerations. It will now be shown that these statements are consistent 
with one another by showing that the two Lorentz expressions can be 
obtained from the one general expression merely by a change in the form 
in^hich Newton’s law is used. 

To show this, consider an electron moving along the x axis with a 
velocity v equal to fic, where c is the velocity of light. If F* represents the 
net force urging the electron aong the x axis, one can write, using the first 
form of Newton’s law along with the universally applicable expression 
for m, 


moc 


_ moC — moCjS® + moCjS® dp _ 

~dt " (1 - 


Vl - 

mo dp 


“T 


mocp^ dp 
(1 - p^)^^Tt 


And since 


dp d 


dv 


/a \ 

- ^4 - it ~ 


dt dt 


where a* is the acceleration along the x axis, this becomes 




mo 

(1 _ ^ 2 )« 


But if the second form of Newton’s law be used as it was by Lorentz, 


F* = mia^B 
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mi 


mo 

(1 - /32)H 


which is the so-called longitudinal mass obtained by Lorentz. In a similar 
way, if Fy represents the force urging the electron along the y axis, perpen- 
dicular to its motion, and if u represents the velocity along this y axis, 


= I (m«) 


d / mo ' 


mo 


Vi - 


^ I 
Jj “T 


moWjS dp 
(1 - i82)% dt 


But since the axes were so chosen that the motion at the instant considered 
is along the x axis, it is clear that the velocity u along the y axis is zero. 
This y component of velocity need not, of course, remain zero; the accelera- 
tion du/dt is not in general zero. Setting w = 0 in the last equation, and 
denoting the acceleration du/dt by o^, one obtains 




mo 


Vi - 




But if the second form of Newton’s law be used, 

Fy = miOy 

Hence, with this use of the law, the transverse mass becomes 


mi 


mn 


which is identical with that obtained by Lorentz for transverse accelerations. 
Thus the two values for mass obtained by Lorentz and other early workers 
arose merely because of the choice of the second form of Newton’s law. 
It is unfortunate that the concept of the two masses was ever developed, 
for the first form of Newton’s law is now recognized as the correct one. 
It is interesLiug that the law was originally stated by Newton in this form. 
On this basis the electron has but one mass regardless of the direction of 
acceleration. It is, of course, still true that it recjuires a larger force to 
produce a given acceleration along the direction of motion than at right 
angles to it. That this should be the case is clear on physical grounds, 
for when the acceleration is in line with the motion the magnitude of the 
velocity is being changed more ra])idly than is the case when the acceleration 
is transverse to the motion. It would be interesting to know whether 
Newton stated his law as he did merely by accident, or because he actually 
foresaw the ])ossibility of the dependence of mass upon velocity and pur- 
posely made his statement the more general to cover it. 
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We can now point out just what evidence physicists had at one time 
for thinking the mass of the electron is entirely electromagnetic in character. 
On the Lorentz theory the electromagnetic mass should vary with velocity 
in accord with the expression 


m 




Nothing has been said of any additional mass the electron may possess, 
or as to whether this additional mass should vary with velocity. Now 
experimentally, as will be pointed out immediately, the entire mass of an 
electron has been found to vary accurately in accord with Lorentz ’s expres- 
sion. One is then driven to accept one of two conclusions. Either the 
electronic mass is entirely electromagnetic, or any additional mass the 
electron may have varies with velocity in accord with the same law. At 
the time' of these developments it seemed a fair, though not certain, con- 
clusion that the entire mass was electromagnetic. There was at that time 
no evidence that ordinary mass ever varied with velocity. Since then, 
however, the theory of relativity has been developed, and it makes certain 
predictions as to mass variation. On the theory of relativity, which 
has been amply justified by experiments of various types, it turns out that 
all mass, regardless of its nature, should vary in accord with the expression 


m = 


mo 


Hence, the conclusion that the electronic mass is purely electromagnetic 
is no longer necessary. But let it be emphasized again that even today 
there is no evidence that electromagnetic mass is fundamentally any 
different from mass in the ordinary sense of the word.* 

Experimental Evidence of the Change of Mass with Velocity . 

‘ The theoretical change of mass with velocity occurs to any measurable 
extent only at velocities comparable with the velocity of light. It is only 
the electron that can be given a velocity high enough in the laboratory to 
make this mass variation sufficiently large to study accurately. Changes 
in the mass of a high speed electron are evidenced by changes in the ratio 
e/m. Several workers have secured convincing data on the manner in which 
the ratio e/m varies with velocity. 

Bucherer^s Method . — Although several workers previous to Bucherer 
had obtained some evidence that the ratio e/m does vary with the velocity, 
Bucherer^ ^ was the first to extend measxirements to sufficiently high veloci- 
ties to make possible any decision as to which theory of mass variation 
came nearest to describing experimental findings. By the method already 
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outlined in our discussion of e/mo, Bucherer made measurements of the 
changes in the ratio e/m for beta particles having velocities up to near 0.7 
that of light. 

According to the liorentz theory a particle of this velocity should have 
a mass some forty percent greater than the rest mass. It is from measure- 
ments on high speed particles that one can best decide which of the three 
theories of mass variation describes most accurately the actual behavior, 
for the change of mass becomes large only at high speeds. Decision as to 
the most appropriate theory can be made by calculating the value of mo 
from the observed values of m at various velocities, using first one and 
then another of the theoretical expressions for this analytical extrapolation. 
If any theory describes accurately the actual manner of mass variation, 
thc^n extrapolation by that theory will lead always to the same value of 
mo regardless of the velocity at which the measurements were carried out. 
Bucherer saw immediately that his own theory did not agree with the 
observations; he therefore withdrew it. The relative merits of the Abraham 
and Lorentz theories can be judged from Table 11. Values in this table 
are reproduced from Bucherer’s work. 


TABLK IT 

A comparison of tlio Abraliani and Loren i.z theories acrordin^ to the data of Bucherer 


n 

Ahraliiiin 

e/viu, Lorentz 

0.3173 

1 ,728 X 10^ 

1.752 X I0» 

0.3787 

1.733 

1.701 

0.4$»] 

1.723 

1.700 

0.5154 

1 . 700 

1.703 

0.0870 

1 . 042 

1 .707 


These data indicate strongly tliat the Lorentz theory is much the better. 
This theory leads to ap extrapolated value of ejiiU) which is nearly constant. 
On the other hand, the value obtained on the basis of the Abraham concei)t 
decreases noticeably as the velocity of the electron increases. 

Experiments similar to these' were repeated a f(^w years later by Neu- 
mann.^® Beta rays having velocities up to 0.8 that of liglit were used. A 
number of iinprovem(*nts in detail of apparatus and technicpie were made. 
These more extensive' observations again supported the l^)rentz theory, 
as is evident from Fig. 17. Not only was this theory the best of the group, 
but it appeared to describe accurately the actual manner in which the mass 
varies. It is true that some recent work®® indicates that these early results 
may have been influenced to a considerable degree by the scattering of 


“ C. T. Zahn and A. 11. SpocH, Rev,, 63, 357, 805 (1038). 
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electrons as they strike the inner surfaces of the two plates between which 
the electric field was established. It has been suggested that the Bucherer- 
Neumann interpretation may have been unwarranted. The fact remains 
that, although the Bucherer-Neumann conclusions may have been ques- 
tionable, other experiments have shown conclusively that the Lorentz 
theory is correct. 

HupJca^s Method, — ^Hupka^® obtained convincing evidence using an 
entirely different method and utilizing cathode rays having velocities up 
to 0.524 that of light. These electrons were directed through a small 
pinhole opening across which a fine cross hair was placed. After being 
bent by a magnetic field they fell upon a fluorescent screen. The shadow 





!Fig. 17. — A comparison of the experimentally observed manner of variation of e/m with 
velocity with the manners of variation predicted by Lorentz and by Abraham. Values of 
e/riiQ obtained through extrapolation should, for the correct theory, lead to a horizontal line. 

of the cross hair appeared on this screen. The cross hair of a microscope 
was focused on this shadow. Hupka then changed the potential difference 
through which the electrons fell, thus changing the velocity, and then 
changed also the magnetic field just enough to keep the shadow of the cross 
hair exactly in the same place. The ratio of the two values of e/rd for the 
two velocities can be calculated from the ratios of the potential differences 
and the magnetic fields required in the two cases to keep the deflection 
constant. The method is not suitable for obtaining an accurate value of 
^/mo, but it does yield accurate values for the ratio of masses at different 
velocities. Hupka shows some six pages of data strikingly in accord with 
the Lorentz theory. 

Guye and Lavanchy^s Method . — Cathode rays having velocities up to 
0,48 that of light were studied by Guye and Lavanchy.®*^ They used 
crossed electric and magnetic fields of such strength as to balance their 
effects upon the path of the electron. While again the method did not 

E. Hupka, Ann. d. Physik^ 31, 169 (1910). 

C. E. Guye and C. Lavanchy, Comptes RcndiLS, 161, 5Z (1915). 
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permit of an accurate value of e/mo, it did yield accurate ratios of m/w 
Table III is taken from the work of these observers. 


TABIuE III 

(!oiiipari.s<)n of observed and calculated values of for electrons of various velocities, i 

taken from the work of Guye and Lavanchy. A represents the difference between an 
observed and a calculated value 


A 


.006 

.000 

-.003 

-.004 

.000 

.001 

.003 

- .ooa 

.001 

-.001 

.001 

- .006 
-.003 
-.001 

.001 

.002 

.005 

.001 

-.001 

.004 

,002 
.003 
-.004 
.003 
- .003 


Abraham theory 


?w/?Ho m/mo 
observed calculated 


Lorentz theory 


m/mo m./mo 
observed calculated 




0.25fiH 

(). 2«10 

0.303H 

0.3107 

0.3168 

0.3260 

0,3311 

0.3365 

0.3-U3 

0.3472 

0.3561 
0,3640 
0.3824 
0 , 31)05 
0.31)85 

0.405a 
0 . UOK 
0.4151) 
0.4108 
0.4282 

0.4304 

0.4481 

0.4604 

0.472H 

0.4842 


1.035 

1.036 

1.040 
1.042 
1.048 

1.053 
1.057 

1 .054 
l.OGO 
1 .050 

1 .064 
1 .061 
1.072 
1 . 078 
1 .084 

l.OHO 
1 ,004 
I .003 
1.003 
1.103 

1.107 
1.113 
1.115 
1.130 
1 . 132 


1.027 

1,033 

1.050 

1.040 
1,042 

1.045 

1.047 

1.040 

1.051 
1 .053 

1 . 055 
1.058 
1.065 
1.060 
1 . 072 

I .074 
1.077 
I .070 
I . OHO 
1 .084 

1 . 080 
1 .003 
1 . 000 
1 . 105 
1.111 


A 


.008 

.003 

.001 

.002 

.006 

.008 

.010 

.005 

.009 

.006 

.009 

.003 

.007 

.009 

.012 

.015 

.017 

.014 

.013 

.019 

.018 

.020 

.016 

.025 

.021 




0.2581 

0.2808 

0.3029 

0.3098 

0.3159 

0.3251 

0,3802 

0.3356 

0.3433 

0.3462 

0.3551 

0.3630 

0.3813 

0.3894 

0.3972 

0.4044 

0.4097 

0.4147 

0.4186 

0.4270 

0.4382 
0.4468 
0,4591 
0,4714 
1 0.4829 


1.041, 

1.042’ 

1.046 

1.048 

1.054 

1.059 
1,063 

1.060 
1.066 
1.066 

1.070 

1.067 

1.079 

1.085 

1.091 

1.096 

1.101 

1.100 

1.100 

1.110 

1.114 

1.120 

1.122 

1.137 

1.139 


1.036 

1.042 

1.049 

1.052 

1.054 

1.058 

1.060 

1.062 

1.066 

1.066 

1,069 

1.073 

1.082 

1.086 

1.000 

1,094 

1,096 

1.099 

1.101 

1.106 

1,112 

1.117 

1.126 

1.134 


111 llu- <-a.so of lli«‘ Aliraliain theory the difference between the observe 
anil ealeiilaled vahie.s of m/mn are all positive; and these differences gro 
rl.::;:;!;' at the higher velocities. On the Lorent. 

are uhout as often positive as negative; the ^ 

nearly eipial to the sum of the negative ones. Furthermore, there 
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indication that the error increases at the higher velocities. These facts 
indicate that the errors are not inherent in the theory; the Lorentz theory 
describes accurately the observed variation, 

Tricker^s Method , — While the measurements of 
Hupka and of Giiye and Lavanchy are not susceptible 
to errors due to electron reflection as are those of 
Bucherer and Neumann, they do not extend to as 
high velocities. Tricker®® has employed an entirely 
different method to study electrons having velocities 
up to 0.8 that of light. Essentials of the method 
are indicated in Fig. 18. Beta rays from a thin 
deposit of radioactive material were allowed to pass 
through an accelerating or decelerating potential 
difference of 5,000 volts, and thence through a narrow 
annular slit. These divergent beta rays were 
brought to a focus on the axis of the apparatus by 
means of a magnetic field parallel to this axis. The 
focusing action of this longitudinal magnetic field 
has already been discussed in connection with 
Busch’s method of determining e/vi. The position 
of the focus was recorded on a photographic film 
l)laced along the axis. Photographs of the focus 
were taken under two conditions: (1) When the 5,000 
volts was applied in such a direction as to accelerate 
the beta rays; (2) When this same potential was 
applied in such a direction as to decelerate the 
particles. A typical photographic record is repro- 
duced in Fig. 19. Since the 5,000 volts accelerating 
potential is small as compared to the initial energy 
of the beta rays, around 500,000 volts, e/m remained 
essentially constant regardless of the application of 
the accelerating or decelerating potential. From 
the displacement of focus occasioned by reversal of 
the applied potential, the value of e/m can be 
calculated for a beta ray of the velocity used. 
Measurements extending up to velocities 0.8 that of 
light were entuely in accord with the Lorentz theory. The accuracy in 
mass measurements was within one or two percent, which was sufficient to 
distinguish between the Lorentz and other theories. This accuracy is 
essentially the same as that obtained by Bucherer and Neumann, but the 
method seems much freer from possible uncertainties. 

A. R. Tricker, Proc. Riyy. Soc., A, 109, 384 (1025). 



J'lG. 18. — lUiistrating 
the apparatus uaed by 
Tricker. Beta rays com- 
ing from the radioactive 
source A are slightly ac- 
celerated or decelerated 
by a potential applied to 
B. After passing the 
groimded plate 2), they 
proceed through the cir- 
cular slit C, They are 
brought to a focus on the 
photographic film E by 
a longitudinal magnetic 
field. 
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Zdhn and Sfees^ Method , — ^Recently Zahn and Specs have suggested 
a modification of the Bucherer-Neumann method which is much freer 
from possible errors due to reflection from condenser plates. The general 
method is illustrated by Pig. 20. A uniform magnetic field perpendicular 
to the plane of the paper allows only one velocity of beta ray coming from 
source S to pass through slits Si and S 2 and enter the small space between 
two heavy aluminum plates mm. apart. If the electric field between 
plates be adjusted to the proper value, the forces on the electron due to the 
magnetic and the electric fields balance. Under this condition the electron 
emerges from the plates and, after further deflection in the magnetic field, 
enters a Geiger counter tube which registers the number of particles entering. 
The experimental procedure consists of finding, for a given magnetic field, 
that electric field between plates which results in a maximum number 
of particles arriving at the counter per unit time. The method represents 
an improvement over the Bucherer-Neumann arrangement in that rela- 



Fig. 20. — lUuHtmting the method used recently by Zidiii and Specs. 

tively few of the electrons strike the plates. Zahn and Specs have applied 
this method, using beta rays of velocity approximately 0.75 that of light. 
The results are entirely consistent with the Loren tz theory. While the 
accuracy they attained is of the same order as that in the Bucherer-Neumann 
work, one and one-half percent, this work is apparently free from the 
uncertainties associated with the earlier measurements. 

All these experiments leave no doubt that the mass of an electron varies 
with velocity. Furthermore, they show that the manner of variation is 
given accurately by the Lorentz expression. While it is to be regretted that 
such measurements do not extend to higher velocities than the highest yet 
studied, still there is no reason to suspect that one would find at higher 
velocities a manner of variation any different from that observed over the 
velocity range already covered. It is interesting that the theory of rela- 
tivity leads to the conclusion that mass should vary with velocity, and 
that the manner of variation is exactly that predicted earlier by Lorentz. 
There is one important difference, however. Lorentz’s theory treated only 
of electromagnetic mass, of mass attributable to a charged particle because 
of the energy represented by the fields about it. The relativity theory 
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treats mass in general, with no specification of what may be responsible 
for the property. It is true that Lorentz presented arguments that all mass 
is )>robably electromagnetic in character. If these arguments are accepted, 
his theory would lead one to suppose that all mass varies with velocity. 
The relativity theory predicts this directly. 

While no mass such as a baseball or rifle bullet has ever been given a 
sufficient velocity to make the necessary tests, nature has furnished us one 
excellent example. The various planets execute elliptical orbits about Ihe 
sun as focus. While most of these elliptical orbits are nearly circular, the 
axes of the, ellipses can nevertheless be recognized and located in space. 
This is true for the planet Mercury, the one nearest the sun. It has long 
been known that this planet does not describe a true ellipse. The orbit 
might be described as an ellipse whose major axis rotates constantly in the 
plane of the orbit. While rotation of this axis is caused in part by perturba- 
tions due to other planets, there remains a residual rotation of some forty- 
three seconds of arc per century after all known perturbing forces are taken 
into account. This residual is known to an accuracy of three or four 
seconds. There was no logical interpretation of this residual rotation before 
the advent of the relativity theory. If, however, account is taken of the 
variation of mass of the planet Mercury with the velocity in its orbit, it 
turns out that one would expect this mass variation to j)roduce a rotation 
of almost exactly the residual observed. This is rather convincing evidence 
of the change of mass with velocity for ordinary matter. No one doubts 
that all mass changes in exactly this same way. 

More Exact Expression for Kinetic Energy 

The simple exi)ression for the kinetic energy of a moving body was 

deduced on the supposition that the mass of a body is constant. Since 
mass actually varies with velocity this simple expression is only an ai)proxi- 
mation. It is permissible to use it only for velocities which arc small 
compared to that of light. Furthermore, one cannot obtain the correct 
expression simply by substituting mo / \/l — for in in the usual ex])ressi()n. 
The work done in setting a body into motion with velocity v will depend not 
only upon the final mass corres])onding to this velocity, but also upon the 
intermediate values of mass as the velocity is being increased from zero to v. 
The correct expression for kinetic energy is easily obtained. The 
kinetic energy of a body is defined as the work which must be done on the 
body to increase its velocity from zero to that value v for whicli the kinetic 
energy is desired. Thus 


K.E,. = 
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But m> — mo/Vl — ” 


V * fic. Then 


K.E. 

K.E. 



This is the general expression for kinetic energy. By expanding the first 
term in the parenthesis in a p^ower series it is possible to show that the 
entire expression approaches for small velocities. For small velocities 

either expression can be used; for high velocities the general one must be 
used. 



Chapter 5 

POSITIVE RAYS--ISOTOPES 

1. WHAT ARE POSITIVE RAYS? 

In 1886 Goldstein^ first observed streams of luminous gas back of a 
perforated cathode in a discharge tube. These streams proceeded in 
straight lines from the apertures in the perforated cathode. They were 
called “Kanalstrahlen” or canal rays. It is now known that the luminosity 
of the gas results from the passage of ionizing particles. It is these particles 
themselves that constitute the canal rays. These rays produce fluorescence 
of the glass walls of a discharge tube or of a suitable screen. That they have 
considerable energy is shown by the fact that they heat bodies upon which 
they impinge. The particles can be deflected by electric or magnetic 
fields, though Goldstein did not succeed in his original efforts to deflect 
them. Wien^ first succeeded in producing deflections by electric and mag- 
netic fields. It was from the directions of deflection in these fields that it 
was concluded that the streams consist of positively charged particles. 
That the particles carry a positive charge has been verified since, by 
catching the particles on a conductor connected to an electroscope; the 
electroscope acquires a positive charge. 

Since these canal rays can be <loflectcd by electric and magnetic fields 
it is possible to determine the velocity and the ratio ejin. for the particles 
constituting the stream. Wien--^ made a number of early stmlios of this 
character. He found values of ejm very much smaller than that for the 
electron; the velocities of the particles were likewise much smaller. By 
studying canal rays in various gases it was found that e/rti depended upon 
the atomic weight of the gas used, being smaller for the heavier gases. The 
velocity of the particles was likewise smaller for the heavier gases. The 
largest value of ejm found was for hydrogen, apj)roximately 10’* e.m.u./gram. 
Values for other gases were invariably lower. The actual value found for 
any gas was of the same order of magnitude as the value of ejm. found for the 
current carrier in electrolysis of solutions. Experiments of this character 
showed convincingly that tlie.se canal rays were streams of positively charged 

^E. Goldstein, Ucfr. Preunn. Akad. Wixfi., 39, 001 (1880). 

* W. Wien, Arm. d. Phynk, 66, 440 (1808). 

5 W. Wien, Ann. d. Phyttik, 8, 244 (1902); 83, 871 (1010); 39, 510 (1012); Phys. Zeits., 11, 
377 (1910). 
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ions. These ions are atoms of the gas which have, in their vigorous treat- 
ment in the discharge tube, lost one or more electrons. The mass of the ion 
is very little different from the mass of the atom: These positively charged 
patticles are now called positive rays. Wien found that positive rays came 
through an opening in the cathode with a wide range of velocities. In his 
experiments these velocities ranged from 10*^ or 10® cm/sec. downward. 
The more or less continuous range of velocities indicated that these positive 
ions often do not retain their charge through the entire Crookes dark space. 
This is now a recognized fact.- The particles often change charge during 
their journeys to the cathode, or during their travels beyond. 

Several early workers^ determined the velocities of positive ray particles 
by observing the Doppler effect shown by the light they emit upon becoming 
neutralized. If the light is viewed in line with the direction of motion it 
appears of slightly different wave length than when viewed* normal to the 
direction of motion. Prom the distribution of light at displaced wave 
lengths the distribution of velocities can be estimated. This method like- 
wise shows that there are particles of various velocities present. The 
velocity of any particle depends both upon the distribution of potential 
throughout the Crookes dark space and upon where the positive ion was 
formed in the dark space. The maximum velocity corresponds to that 
which an ion acquires in falling through the entire cathode fall of potential. 

The nature of the positive ray particle, the velocity of the particle, and 
the ratio e/m have been studied by several distinct and powerful methods. 
The three classical methods are those of Thomson, Dempster and Aston. 
These, together with several more recent refinements, will be discussed 
bi^iefly. All but the most recent methods and results have been discussed in 
detail elsewhere.^ 

2. METHODS OF STUDYING THE RATIO e/m FOR POSITIVE RAYS 

Thomson’s Parabola Method 

The first method of positive ray analysis was a parabola method devised 
by Thomson.® The important researches carried out by this versatile 
experimenter led to a much clearer understanding of phenomena in the 
discharge, and to the important discovery of isotopes among the lighter 
elements. Thomson employed a method utilizing coincident and coter- 
minous electric and magnetic deflecting fields. Fig. 1 represents the essen- 

^ See: J. J. Thomson, Rays of Positive Electricity (2nd ed.; London: Longmans, Green & Co,, 
1921), pp. 148-165; H.Krefft,.4/m.d. 76, 513 (1924); Xeils., 26, 362 (1924); 

F. W. Aston, Mass Spectra and Isotopes (3rd ed.; London: E. Arnold & Co., 1933). 

* F. W. Aston, Mass Spectra and Isotopes (3rd ed.; London: E. Arnold & Co., 1933). 

« J. J. Thomson, Phil Mag., 13, 661 (1007); 18, 821 (1909); 20, 762 (1910); 21, 226 (1911); 
24, 209, 668 (1912). Or for summaries of work see: J. J. Thomson, Proc. Roy. Boc., A, 89, 
J (1914); Rays oj Positive Electricity (2nd ed.; London: Longmans, Green and Co., 1921). 
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tial features of his apparatus. A discharge was maintained by applying a 
potential difference of the order of 30,000 volts between the anode and 
the cathode C, Positive ions formed in the gas were accelerated toward the 
cathode. Some of them continued through the long narrow opening in this 
cathode. An electric field was established between the iron plates L and M 
which were insulated from P and Q by thin sheets of mica. A magnetic 
field was established by the electromagnet, the plates L and M serving 
again as magnetic poles. In this way practically coincident and coter- 
minous electric and magnetic fields were obtained. The resultant deflection 
of the positive rays was observed visually on a fluorescent screen JT, or 
photographed by replacing H with a photographic plate. The difficulties 
encountered in the development of this apparatus into its final form can be 
appreciated only by reference to Thomson’s series of papers. One trouble- 
some feature was the cathode with 
its long narrow opening to define 
sharply the positive ray beam. The 
face of the cathode was a hemisphere 
of aluminum having a funnel shaped 
depression where the positive ions 
entered. The shape of this face 
influences greatly the distribution of 
the strong electric field near the 
cathode, and thereby affects tlie 
number of positive particles entering. 

The remainder of the cathode was 
brass. The central tube running 
through the cathode was about 7 centimeters long and of the order of 
a few tenths of a millimeter in diameter. This central hole was not 
only difficult to construct accurately, but it continually filled with silt pro- 
duced by ion bombardment. The catliode was cooled by running water in 
the jacket J. 

Since the electric and magnetic fields through which the positive 
particles pass arc parallel, the resulting deflections caused by the individual 
fields are perpendicular to one another. Just as in Katifinann’s work with 
cathode rays, the locus of points at which positive rays of the same e/m. 
but different velocities fall upon the photograjdiic plate is a i)arabola. The 
deflections in the two fields are in accord with the expressions 



Fig. 1. — Illuatratinf? the original Thomson 
method of .studying positive rays. The re- 
mainder of the di.scharge tube A to the left, 
including the anode, is not shown. 


7nv^ 


- Ti: 


and 




JJev = ^ 

Jill 


If X represents the lateral deflection on the i)h()tographic plate produced by 
the magnetic field, and y represents the deflection produced by the electric 
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field, then 


X 


1 __ kHe 
Rff mv 


ajid 



kEe 

mv^ 


where m is the mass of the positive ray particle, e the charge carried by this 
particle, and k a constant depending upon the dimensions of the apparatus. 
If V be eliminated from these two equations 


y = 


E 
kH^ e 


m 5 

— a;* 


Thus positive rays of a given e/m fall along the arc of a parabola regardless 
of the velocity of the ray. The value of ejm can be determined from the 
constants of the parabola. To facilitate measurements it was usual to 
obtain the second arm of the parabola by reversing the magnetic field. 

Reproductions of several of Thomson’s early photographs are shown in 
Fig. Several interesting conclusions can be drawn from these photo- 
graphs. First, almost any gas present in the discharge tube will provide a 
supply of positive ions which lead to a characteristic parabola. Whenever 
hydrogen is in the tube a parabola yielding the largest value of ejm ever 
found is apparent. The numerical value of ejm for this hydrogen parabola 
is, the same as that found for the hydrogen ion in electrolysis. Unless special 
precaution is taken there almost always appear parabolas yielding values of 
e/m 3^2» Ksj aiid 3^4 tha^ found for hydrogen. Thomson inter- 
preted these as being due to the molecule of hydrogen, the atom of carbon, 
the atom of oxygen, the molecule of carbon monoxide, and the molecule of 
carbon dioxide, respectively. Parabolas can be found for any gas, including 
the inert gases, by introducing that gas into the discharge. They have been 
found also for many complex molecules. 

The second piece of evidence indicated by the photographs is that many 
ions may bear other than a single positive charge. Fig. % (6) shows parabolas 
corresponding to doubly charged carbon, oxygen, and mercury. Particles 
responsible for these traces are atoms which have lost two electrons. 
Parabolas are often found which correspond to atoms which have lost 3, 4, or 
5 electrons; the mercury ion bearing a charge of 8 units is often found. 
Fig. 2(c) shows parabolas corresponding to mercury ions bearing positive 
charges of 2, 3, 4, 5, 6 and 7 elementary units. So-called negative parabolas 
often appear, parabolas produced by negative ions striking the photographic 
plate. In order that these particles could have passed through the cathode 
with a high velocity they must have borne a positive charge while passing 
through the potential difference across the discharge tube. Since the 
position on the photographic plate shows that they bore a negative charge 
while passing through the deflecting fields, these particles must have lost 
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their positive charge and acquired an excess negative charge while passing 
through the cathode opening. ^ 

A third interesting feature of the parabolas shown in Fig. 2 has to do with 
their more or less well defined ‘‘heads.’’ It is clear froiq (a) and (6) that 
most of the parabolas cease rather abruptly, or at least become much less ' 
intense, at a certain distance from the axis representing zero electric deflec- 
tion. The presence of these heads is to be expected. Ions of any particular 
kind come through the cathode with a wdde range of velocity. If they have 
fallen through most of the cathode fall of potential their velocity is large; 
if they were formed originally at such a point that they fell through only a 
portion of this potential drop their velocity is small. If a positive ion of 
mass m carries a single charge e through the entire drop in potential V across 
the discharge, its velocity v can be obtained from the expression 

This V represents the maximum velocity of any ion of this character. These 
fastest particles will suffer minimum deflections in the electric and magnetic 
deflecting fields. As has already been shown, the deflection y produced by 
the electric field upon a particle of velocity v is given by 

kEe 
^ mv^ 

If one substitutes the maximum velocity obtained above into this expression, 
he finds that the minimum deflection suffered by any particle is given by 

^min — 

As long as the particle carries the same charge through the accelerating 
and the deflecting fields this minimum deflection is independent of the 
charge and the mass of tlie particle. Thus all parabolas, though they 
correspond to particles of different masses, should cease at a given distance 
from the axis representing zero deflection in the electric field. It will be 
noted from the photographs that occasional heads appear closer to the 
origin. These heads are caused by particles which carry through the 
accelerating field a different charge than that which they carry through 
the deflecting fields. Since the secondary head is on an extension of the same 
parabola the particle has carried the usual charge through the deflecting 
field. It must have carried 3, 4, etc., charges through the accelerating 
field. Thus one would expect secondary heads to appear sometimes at 

the distance from the axis corresponding to a single charge 
carried through the discharge. Such secondary heads are found. This 
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indicates that during their journeys through the discharge some particles 
have carried 2, 3, 4, or even 8 in the case of mercury, elementary charges 
through the discharge; and they have lost all but one of these in passing 
through the cathode. 

The fourth significant piece of evidence, and the most important of all, 
is illustrated by Fig. 2(d). It has to do with the neon parabolas, the one 
intense one marked Ne^® and the much less intense one marked Ne^f. 
Thomson, before the Royal Institute in 1913, described this finding as 
follows: ‘T now turn to the photograph of the lighter constituents; here we 
find the lines of helium, of neon (very strong), of argon, and in addition there 
is a line corresponding to an atomic weight 22, which cannot be identified 
with the line due to any known gas. I thought at first that this line, since 
its atomic weight is one-half that of CO 2 , must be due to a carbonic acid 
molecule with a double charge of electricity, and on some of the plates a 
faint line at 44 could be detected. On passing the gas slowly through 
tubes immersed in liquid air the line at 44 completely disappeared, while 
the brightness of the one at 22 was not affected. The origin of this line 
presents many points of interest; there are no known gaseous compounds of 
any of the recognized elements which have this molecular weight.* Again, 
if we accept Mendeleef’s Periodic Law, there is no room for a new element 
with this atomic weight. The fact that this line is bright in the sample 
when the neon line is extraordinarily bright, and invisible in the other when 
the neon is comparatively feeble, suggests that it may possibly be a com- 
pound of neon and hydrogen, NelL, though no direct evidence of the com- 
bination of these inert gases has hitherto been found. I have two photo- 
graphs of the discharge through helium in which there is a strong line, 6, 
which could be explained by the compound HcIL, but, as I have never 
again been able to get these lines, I do not wish to lay much stress on this 
point. There is, however, the possibility that we may be interpreting 
Mendeleef’s law too rigidly, and that in the neighborhood of the atomic 
weight of neon there may be a group of two or more elements with similar 
properties, just as in another part of the table we have the group iron, 
nickel, and cobalt. From the relative intensities of the 22 line and the 
neon line we may conclude that the quantity of the gas giving the 22 line is 
only a small fraction of the quantity of neon.” 

This highly important finding, when confirmed, had far-reaching con- 
sequences. Since the early years scientists had ho])cd that all atomic 
weights would finally prove to be multiples of that of some common building 
stone. But as the years progressed it became increasingly obvious that 
their existed many fractional atomic weights. On the other hand, many 
more of them were close to whole numbers than one could reasonably 
expect on any accidental distribution. With Thomson’s finding in mind, 
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could it be that elements in general, or at least those with fractional atomic 
weights, are inade up of two or more components each having a whole 
number atomic weight? Perhaps the atomic weight ordinarily measured 
represents merely an average of all the components going to make up this 
element. This has proved to be the case. The several components of any 
element are called isotopes. All isotopes of an element occupy the same 
position in the periodic table; they all have the same atomic number, 
but each component has a different atomic weight. Thomson’s finding 
excited much interest in this field. Unfortunately, his apparatus was not 
the most satisfactory for accurate quantitative investigation. Two other 
methods more suitable in certain respects were soon developed. One of 
these was devised by Dempster in this country, the other by Aston in 
England. 

Dempster’s Direction Focusing Method 

Dempster^ employed a method similar to that used by Classen for the 

measurement of ejm of electrons. The 
apparatus is illustrated in Fig. 3. 
Positive ions were obtained from heated 
filaments coated with suitable salts, or 
by actual volatization of metallic atoms 
from a pure metal or from some suitable 
compound containing the atom desired. 
The vaporized atoms were ionized by 
bombardment with electrons from a 
secondary heated filament. The result- 
ing positive ions were accelerated by a 
potential applied between the source and 
the slit. After passing through the slit 
the positive ray stream was bent in a 
semicircle by a magnetic field perpen- 
dicular to the plane of the paper. This 
arrangement utilized the geometrical 
focusing action discussed in connection 
with Classen’s work. 

If be the mass of the positive ion given off from the source, 6 the charge 
carried by this ion, and V the accelerating potential difference applied 
between the source and slit, then 

Fe = 

^ A. J. Dempster, Rev,, 11, 316 (1918); Scie^nce, 62, 669 (1920); Proc, Nat. Acad. 

7, 46 (im);Phya. Rev., 18, 415 (1921); 19, 431 (1922); 20, 631 (1922); 21, 209 (1928). 



Pig. S. — Ulustrating the Dempster appa- 
ratus for studying positive rays. 
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During the deflection in the magnetic field 


Hev 

Combining these two equations, 

e/m 


T 

2V 


Since the radius of the circle must be 
particles will enter the second slit and 
be detected by tlie electroscope, it is 
clear that particles of only one particu- 
lar value of e/m will be received for a 
given combination of accelerating po- 
tential and magnetic field. Dempster's 
procedure was to keep the magnetic 
field strength constant and vary the 
accelerating potential, observing For 
each potential the positive ion current 
coming tlirough the second slit and 
onto the electroscope. Since the cur- 
rent to the electroscope is proportional 
to the number of positive ions reach- 
ing it per unit time, and since each 
accelerating potential corresponds to a 
definite mass of particle reaching the 
electroscope, a curve can be plotted 
with the number of particles arriving 
per second as ordinate and the atomic 
weight of these particles , as abscissa. 
Fig. 4 represents the results® obtained 
for a source giving off magnesium ions. 


definite value in order that the 



24 25 26 

Atomic Weight 


Fiu. 4,- -Slu)wing the Llireo Lsotopc.s of 
Mg. 

is typical of many otlier curves 


obtained by Dempster. 

The results shown in Fig. 4 leave no doubt that magnesium is a mixture 
of at least three components, each present in appreciable extent. There arc 
magnesium atoms of atomic weights almost exactly 24, 25, and 26. The 
atomic weight of magnesium as determined by ordinary methods is 24.32. 
Although the width of these early curves was such that one could not say 
definitely that there are no magnesium atoms of atomic weight 24.32, it 
appeared from the first that the existence of these was highly improbable. 
The width of the original curves could be accounted for largely by the size 


8 A. J. Dempster. Science, 62, 660 (1920); Phya. Rev,, 18, 421 (1021). 
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of the slit openings. Similar curves have since been made extremely narrow 
by suitable refinements in apparatus. These show definitely that no atom 
exists with an atomic weight differing much from a whole number. It was 
suspected immediately that the chemically determined atomic weight 24.32 
represented merely a weighted mean of the several kinds of magnesium 
atoms present. Except for certain corrections which were probably small 
in the case of magnesium, and which were largely eliminated® in later work, 
the heights of the maxima of the curve are proportional to the number of 
atoms of the respective weights present. If one combines atoms of atomic 
weights, 24, 25, and 26 in proportion to the heights of the maxima of 
Dempster’s curve, one obtains a mean atomic weight of 24.34. This is 
excellent confirmation of the concept that the chemically determined atomic 
weight represents only an average. 

While magnesium was the first metal to be analyzed by Dempster, and 
the only one to be discussed in detail here, similar findings were made upon 
calcium, zinc, lithium and potassium. Many others have been investigated 
in more recent years. In each case the general findings discussed for mag- 
nesium have been duplicated for the other elements studied. 

Dempster used a novel method of measuring the current contributed by 
the stream of positive ions coming through slit S 2 . The positive ion current 
to the insulated system was balanced by an equal negative ion current 
obtained by ionization in the vessel i. The electroscope was used to indi- 
cate when this balance had been obtained. The balance was secured by 
adjusting the width of a graduated slit above some radioactive material in 
the bottom of vessel L. Once this system was calibrated, currents could 
be read directly from the slit opening required for balance. 

Although Dempster’s method theoretically might be used to determine 
the absolute value of the mass of an atom, it is never so used in accurate 
work. Such procedure would require measurement of the magnetic field 
strength, knowledge of the lack of uniformity of the field, and various other 
measurements associated with the apparatus. All of these would introduce 
errors, some of which might be serious. Since the entire table of atomic 
weights is based upon the arbitrary assignment of 16.0000 as the atomic 
weight of oxygen, it is both easier and better to reckon all other 
atomic weights as directly as possible relative to this. This procedure is fol- 
lowed in all methods of positive ray analysis. 

Aston’s Velocity Focusing Method 

Simultaneously with the development of Dempster’s method of positive 
ray analysis Aston started an outstanding series of researches in this field. 

® A. J. Dempster, Phys, Rev,^ 20, 631 (1922). 

F. W. Aston, Ptoc. Camb. Phil. Soc.» 19, 317 (1919); Phil. Mag.^ 88, 707 (1919); 39, 449, 
611 (1920). 
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Upon reading his early papers one is impressed with the deliberate and 
careful manner in which the method and apparatus were developed. 
Whereas Dempster had used apparatus allowing direction but not velocity 
focusing, Aston employed a method providing velocity but not direction 
focusing. Dempster used particles all of which had closely the same 
velocity but whose directions diverged appreciably after passing through 
the slit into the deflecting field ; tliis divergent beam was brought to a focus 
by the geometrical focusing action already discussed. Aston used a beam 
of positive ions very carefully limited in direction but having a considerable 
range of velocities. Particles of the same e/m but different velocities were 
then brought to a focus by an ingenious combination of electric and mag- 



Fig. 5 . — Illustrating the Aston moss spectrograph. (Althougli it is not clear from the diagram, 
Z represents the mid-point of tlie electric liehl.) 

netic deflecting fields. Hence the method has been called a velocity 
focusing method. 

The essentials of Aston’s method are illustrated in Fig. 5, Positive 
rays were produced in a discharge tube not shown. After arriving at the 
cathode a very thin ribbon of positive ions passed through slits S, and S 2 
and thence into the electric field between plates Pi and Pz. It is interesting 
to note the way in which Aston avoided use of a long narrow tube which 
caused Thomson so much grief in his earlier work. As the ribbon of 
positive rays passed through the electric field it was spread out into a 
divergent beam, the slower ions being deflected through a greater angle 6. 
The ion stream then entered a magnetic field perpendicular to the plane of 
the paper in the sketch. The direction of this magnetic field was such as to 
produce a deflection in the (>pj)osite direction to that ])roduced by the 
electric field. Again the slower particles are bent the more. If the mag- 
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netic deflection be sufiicientj those p^ticles with low velocity and those 
particles with high velocity will be brought back to some common point F. 
That is, with proper design of apparatus it is possible to focus particles of a 
given e/m but various velocities at some point F on a photographic plate* 
Particles of a different e/m would be focused at some other point. 

A rigorous mathematical treatment of this focusing action has been 
developed. A simple approximate treatment is suflB.cient for our purpose. 
The deflections of a particle in the electric and the magnetic field correspond 
to the respective expressions 

Ee = and Hev = - 5 — 

JthB Hr 


Although the first expression is only approximate, it is sufficiently near the 
truth for small angle deflections. Referring to Fig, 5 , if i represents the 
length of the approximately circular arc described while the particle is in 
the electric field, and if V represents the length of the circular arc described in 
the magnetic field, then the angles 6 and 0 of Pig. 5 can be written 




If the values of Re and Rr obtained from these expressions are substituted 
in the two expressions just preceding, one obtains 


ev^=LE- and 4^ = L'H- 
m m 


Thus over the small range of B allowed by the auxiliary diaphragm D, the 
quantities and (jyv are constant for all particles of a given e/m. That is, 
the deflections 6 and 0 vary for particles of different velocity in such a way 
as to keep these two products constant. Expressing this fact analytically 

6v^ — A and (t)V = B 


where A and B are constants. Differentiating these expressions, 


Hence 


— — — 2 — 
6 V 


and 


d<j> 

7 


dv 

V 


— = e ^ 

e 0 


Thus the fractional angular separation produced by the electric field for two 
particles of slightly different velocities is twice the fractional angular 

F. W. Aston and R. H. Fowler, PhU. Mag.y 43, 514 (1922). 
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separation produced for the same particles by a magnetic field. Since the 
angles 0 and B are opposite, it follows that if 4> is made equal to £0, particles 
of all velocities would proceed onward in parallel paths. But the beam 
would be wide. By making larger than %B this beam can be converged to 
a point F. It will now be shown that this can be done. 

Let hB represent the angular separation of the slowest and the fastest 
particles getting through the diaphragm D, Then if a be the distance from 
Z to 0 the actual width of the beam at 0 is a bB. This considers the entire 
effect of the electric field localized at Z and that of the magnetic field local- 
ized at 0. This procedure would have to be justified in any rigorous treat- 
ment. If these extreme particles are now converged by an angle 5<t>hy the 
magnetic field, the angular separation beyond point 0 will be {8B — 5<^). 
If r represents any distance beyond 0 in the direction 0, the width of the 
beam at distance r will be 


Width = a 86 + r{8B — 50) = 86 


a + r(l- ll) 


But it has been shown that 50/55 = 0/25. Making this substitution, 
and setting the width of the beam equal to zero for a focus, one obtains 

or 

2a5 = r(0 - 25) 

Particles of the same e/m but of various velocities will come to a focus when 
this condition is satisfied. In polar coordinates with origin at 0 and base 
line OA, this focus F will be at point r, 0. Relative to axes OX and OY the 
rectangular coordinates of F will be r cos (0 — 25) and r sin (0 — 25), 
If the angle (0 — 25) be sufficiently small sin (0 — 25) is approximately 
equal to (0 — 25). To this accuracy the 2 / coordinate is r(0 — 25). But for 
a focus of the particles 

r(0 — 25) = 2a5 

Therefore the focus F is at the point r cos (0 — 25), 2a5. Since the y coor- 
dinate is constant the various foci for particles of different e/m all fall on a 
straight line parallel to the axis OX and a distance 2a5 away. But the dis- 
tance the particles have been deflected from their original line of flight by 
the electric field by the time they have reached the origin 0 is approximately 
a5. Since the constant y coordinate of the locus of foci is just twice this, 
it is clear that the straight line representing positions of these foci passes 
through the point Z. Hence, if a photographic plate OF is placed along 
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the line ZB making angle 6 with line SiS^j particles of various e/m 
values will be in focus at different places along the plate. This simple 
theory has many approximations, but a more rigorous treatment^^ leads to 
essentially the same conclusions. Experimentally these have proved 
correct within practical limits even when quite large circular magnetic pole 
pieces are used. 

It is interesting to recognize the analogy between the effects of the 
electric and magnetic fields in Aston’s apparatus and those of the flint and 
crown glass in an achromatic prism or lens. Positive rays of various 
velocities take the place of the white light made up of various colors. The 
electric field takes the place of the strongly dispersive flint glass, producing a 
large separation of components for a small average angle of deviation. The 
magnetic field takes the place of the weakly dispersive crown glass which, 
to counterbalance the previous dispersion, must produce a larger average 



deviation. The combined ^tion of the two glasses in the lens focuses differ- 
ent colored lights, which travel with different velocities in the glass, at the 
same point; and at the same time some net deflection is produced. The 
combined action of the two fields in Aston’s apparatus focuses particles of 
different velocity at the same point; and again a net deflection is produced. 

Pig. 6 shows a more complete sketch of Aston’s apparatus. Positive 
ions of the desired gas are produced in the discharge tube B by admitting a 
small quantity of gas. The arrangement of slits, electric field, and magnetic 
field has already been discussed, h and 1 2 represent two charcoal traps for 
keeping the gas pressure at a low value at all points to the left of the 
cathode. W represents the photographic plate. A source of light at T 
produces a fiducial mark upon the plate; this is used later in measurements of 
the relative positions of exposed lines. Fig. 7 is a reproduction of typical 
early photographs obtained by Aston, Exposure I shows the two lines due 
to Ne, an intense one at ^0 and a weak one at 22. There is no line at 20.2, 
the chemically determined atomic weight of Ne. In photographs not shown 
the corresponding doubly charged Ne lines were found at 10 and 11. Thus 
Thomson’s finding as regards the composition of Ne was confirmed. Expo- 
sures II, III, and IV show Cl lines at 35, 37, 17.5 and 18.5. The first two 
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are produced by singly charged ions; the last two are due to doubly charged 
Cl ions. Lines at 36 and 38 are often found when Cl is in the tube, but 
hydrogen must be present also. These two lines are due to two kinds of 
HCl, one formed with the CP® and the other with CP*^. 

Aston made no attempt to determine the absolute value of e/m from his 
mass spectrograph data. He took the value 16.0000 for oxygen and 
evaluated all other masses directly or indirectly in terms of this. While 
the mass scale over certain parts of the photographic plate was essentially 
linear, this relationship could not be trusted to the accuracy desired. 
Several methods were available for comparing masses. The position of a 
line on the photographic plate depends upon both the electric field and the 
magnetic field used for deflecting particles causing the trace. If the 



a 


Fig, 7. — Typical early photographs obtained by Aston. 

potential V across the condenser and the magnetic deflecting field TI cause a 
particle of mass m to fall at a certain place on the photographic plate, 
and if a potential V' and a field H' arc required to bring particles of mass m' 
to this same point, then it can be shown that 

m r IP 

Theoretically then it is possible to compare two masses m and m' by varying 
either the potential or the magnetic field until botli masses Fall, one at a time, 
at the same place on the phot()gra])hic plate. Because of several difficidties 
encountered in changing the magnetic field by known amounts, it is pref- 
erable to make this comparison by varying only the potential across the 
condenser. 

Aston has used a modification of this procedure in much of his work. 
Suppose it is desired to compare two masses one of which is essentially 
twice the other. If the mass ratio were exactly two, the traces of the two 
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particles could be made to coincide by using a potential V to deflect one of 
them and a potenti^ 2V to deflect the other. When two lines overlap, 
however, it is difficult to tell just how much they lack of being in true 
coincidence. Aston therefore used potentials slightly different from 2V 
to deflect the second particle. One of these was slightly larger than SF", 
the other smaller by the same amount. There resulted therefore three 
traces on the photographic plate, one corresponding to one mass and two 
corresponding to the second mass. If the first was not midway between 
the second two, the masses were not exactly in the ratio of 2 : 1 . The amount 
of dissymmetry gave a measure of the amount by which the one failed 
being exactly twice the other. This general method is known as bracketing. 
Following this procedure Aston found that the hydrogen molecule H 2 has 
exactly twice the mass of the hydrogen atom Hi. In a similar way he found 
that the mass of the helium atom is not exactly twice that of the hydrogen 
molecule, and therefore not four times that of the hydrogen atom. Com- 
parisons of this character were of great importance in later efforts to deter- 
mine accurately the atomic weights of the individual isotopes. 

3, THE GENERAL EXISTENCE OF ISOTOPES 

In discussing the several methods of studying positive rays, attention 
has been called repeatedly to the existence of isotopes. In interpreting 
the findings of these experimenters, isotopes for a number of specific elements 
such as Ne, Mg, Li, Ca, etc. have been mentioned specifically. The exist- 
ence of isotopes for an element is not at all unusual. Rather, even the early 
work of Thomson, Dempster, and Aston showed that it was the usual 
situation. A large number of the elements had been investigated within a 
few years after these pioneering works, and a majority of these had been 
found to have isotopes. By 1924, according to Aston,^^ 43 elements had 
been investigated and 25 of these had been found to be composed of two or 
more isotopes. Since then all elements have been investigated more 
carefuUy, both with the mass spectrograph and by other methods to be 
discussed later, with the result that stable isotopes have been found for 
practically all the elements. Numerous tables can be found in the litera- 
ture.^®”^® Table I gives a rather complete list of known stable isotopes and 
their relative abundance. These are taken largely from a summary of 
both stable and radioactive isotopes by Livingood and Seaborg.^® Specific 
references to original works are given in this summary. 

F, W. Aston, Isotopes (£nd ed.; l^Dndon: E. Arnold & Co., 1024), p. 107. 

Eeport of the Committee on Atoms, Rev. Set. Inatr., 7, 3S4 (1936). 

R, Gr^goire, Jour, de Physique et le Radium, 9, 419 (1938). 

“ 0. Hahn, S. Fltigge and J. Mattauch, Phys. Zeiis., 41, 1 (1940). 

J, J. Livingood and G. T. Seaborg, Rev. Mod. Phys., 12, 30 (1940). 
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TABLE I 

A complete list of the stable isotopes and their relative abundance. 

asterisk occur naturally but are radioactive 
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It is apparent that there exist a large number of stable isotopes. There 
are 286 listed in the table, 8 of which are radioactive. Twenty-one elements 
have but one stable isotope. Each of these have one or more isotopes which 
can be produced artificially and which are radioactive. Those elements 
with the greatest number of stable isotopes are Sn with 10 and Xe with 9. 
Inspection of the table shows that in general the elements of even atomic 
number have a greater number of isotopes than have those of odd atomic 
number. In fact, elements of odd atomic number never have more than two 
stable isotopes. As late as 1936 it appeared that H and K, both of odd 
atomic number, each had three stable isotopes. It has since been found, 
however, that one of each group is radioactive. was shown^^*^® in 1937 
to be radioactive. The radioactivity of H® has even more recently been 
demonstrated.^®”^® This leaves no element of odd atomic number with 
more than two stable isotopes. 

4. ACCURATE DETERMINATION OF ATOMIC WEIGHTS OF INDIVIDUAL 

ISOTOPES 

Are Atomic Weights of Isotopes Exactly Whole Numbers? 

It had always been the hope of chemists and physicists that the atomic 
weights of all elements would prove to be whole numbers. It would be 
extremely simple if all atomic weights were whole multiples of that of 
hydrogen. More than a century ago Dalton assumed that all atoms of any 
element were alike. A few years later Front suggested tliat the atoms of all 
elements were made up of groups of H atoms. Multiple atomic weights 
would be a direct consequence of these two postulates. Before the discovery 
of isotopes such gross fractional atomic weights as those of Ne and Cl made 
it appear impossible that such could be the case. With the discovery of 
isotopes, however, all of these gross differences from whole numbers were 
removed, and many conceived that it might still be possible to have essenti- 
ally whole number atomic weights. Even the early studies of Aston 
showed, however, that the weight of hydrogen was not exactly one, and that 
helium was not exactly four times hydrogen. In general all other isotopes 
seemed to be at least very close to whole numbers. Aston’s original 
apparatus was not sufficiently accurate to show, except in a few cases, that 
there was any actual divergence from whole numbers. In a few cases, 
however, the observed divergence was appreciably greater than the probable 

W. R. Smythe and A. Hemmendinger, Phys, Rev., 61, 178 (1037) 

A. Bramley and A. K. Brewer, Pkys. Rev., 63, 602 (1988). 
i®T. W. Bonner, Phys. Rev., 63, 711 (1938). 

R. Sherr, L. G. Smith and W. Bleakney, Phys. Rev., 64, 388 (1088). 

L. W. Alvarez and R. Cornog, Phys. Rev., 66, 613 (1939); 68, 197 (1940). 

2* R. D. O’Neal and M. Ooldhaber, Phys. Rev., 68, 574 (1940). 
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error of measurement. It therefore became important to determine with 
more precision the actual atomic weights of the individual isotopes of many 
elements. Accurate determinations of these have proved possible by two 
distinct and wholly unrelated methods. The first of these was due to 
refinements in the mass spectrograph. The second method, which was 
developed in 1935, evaluates the masses of atoms from observed energies 
associated with nuclear disintegrations. The masses of the same atoms have 
in many cases been determined by both methods, and a comparison of results 
is exceedingly interesting. Let us consider the methods and the results 
associated with each type of determination. 

Atomic Weights from Positive Ray Studies 

Aston's Accurate Atomic Weights of 1927. — The mass spectograph 
originally constructed by Aston and used for a number of years, was 
able to resolve two lines corresponding to masses differing by 1 part in 130, 
and the accuracy of atomic weight measurements was approximately 1 part 
in 1000. This resolution was suflB.cient to investigate the isotopes of all 
but the heavier elements, and the accuracy was sufiS.cient to show that with 
the exception of hydrogen the atomic weights of all isotopes were integers 
within 1 or 2 parts in 1000. As early as 1921 Aston recognized the necessity 
for an instrument of greater resolving power (to enable investigation of 
the isotopes of the heavier elements) and 6f greater accuracy in measurement 
of atomic weights (to investigate possible deviations of isotope atomic 
weights from. whole numbers) . Construction was begun upon an instrument 
'in 1921 which, when finished in 1926, was able to resolve two lines cor- 
responding to masses differing by only 1 part in 600, and which allowed 
measurements of atomic weights with an accuracy of 1 part in 10,000. 
In the meantime Costa^* had developed an instrument permitting an 
accuracy of 1 part in 3000. 

Aston’s®^ new apparatus was of essentially the same design as that used 
earlier. The changes in detail can be appreciated only by reference to the 
original paper. Greater resolving power and accmacy were made possible by 
the use of narrower slits, curved plates for producing the electric field, and 
an elaborate electromagnet. Whereas the old slits had been 10 cm. apart 
and 0.05 mm. wide, the new ones were placed 20 cm. apart and were only 
0.02 mm. wide. The use of curved plates which could be placed relatively 
close together allowed a sufficiently strong electric field to be established 
with a relatively low and accurately measurable potential difference. The 
electromagnet producing the magnetic field was designed particularly to 
avoid changes in field strength due to changes in resistance of the winding 

J, L. Costa, Ann, de "Physique^ 4, 426 (1925). 

P. W. Aston, Proc. Roy. 5oc., A, 116, 487 (1927). 
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permeability of the core with heating. The individual deflections 
uced by the electric and magnetic fields were doubled. And finally, 
i carefully tested and refined methods of photographing and comparing 
xaccs pro<luced by different masses were used. 

Icsults obtained with the new mass spectrograph are shown in Table 11. 
le results made it certain that atomic weights are in general not quite 
,e numbers; but they are very close to whole numbers. For some 
pes the atomic weight is just under an integer; for others it is slightly 
T than ail integer. These divergences are many times greater than the 
able errors associated with their measurement; they were recognized as 
While in more recent years most of these divergences have been still 
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more precisely determined, it is nevertheless proper at this time to look 
into Aston’s interpretation of these. 

Aston's Original Packing Fraction Curve .' — While it was clear that atomic 
weights were not exactly whole multiples of any fundamental unit, still 
physicists coiild not give up the concept that the nuclei of various atoms were 
formed always of the. same fundamental building stones. It was therefore 
necessary to look for some logical interpretation of the small divergences 
from multiple atomic weights. At that time the existence of the positron 
and the neutron was unknown. Quite naturally it was supposed that all 
nuclei were made up of protons and electrons. The number of protons 
in a given nucleus, was supposed to be equal to the mass number of that 
nucleus. The number of electrons within the nucleus was thought to be 
equal to the mass number less the atomic number. This combination of 
protons and electrons would provide a nuclear mass approximately correct, 
together with a net positive nuclear charge equal to the atomic number. 
Earlier experimental evidence, which will be discussed later, had shown 
that the net positive charge on the nucleus of any atom is equal to the 
atomic number of that atom. The question was, therefore, when a number 
of protons and electrons are combined closely to form a nucleus, why is the 
mass of the combination less than the sum of the individual masses ? If one 
conceives the mass of the electron to be represented by the energy content 
of the fields about it, and if one regards the' mass of the proton in the same 
light, it is to be expected that closely grouped charges would have a combined 
mass different from the sum of the individual masses. For example, it can 
be shown that if two opposite charges are brought sufficiently close togetlier, 
their fields will interact in such a way as to reduce the total energy content 
and thus reduce the mass. Such interactions of fields are entirely negligible 
at distances comparable with those between the nucleus and any planetary 
electron of an atom, but the effect might be appreciable for cases in which 
charges are packed as closely as they are within the nuclei of atoms. Evi- 
dence to be discussed later shows clearly that the nucleus of even a heavy 
atom certainly does not exceed 10”^^ or 10"^® cm. in diameter. All of the 
particles making up one nucleus must be packed within this region. 

If one conceives of the helium nucleus being made up of four protons 
and two electrons he would expect the resultant mass of helium to be less 
than four times that of hydrogen. If one were to tear the helium nucleus 
apart piece by piece, separating the components to appreciable distances, a 
considerable increase of mass would result, and in the meantime one would 
lave done a considerable amount of work. Does this increase of mass 
'epresent simply a form of energy? That is, are mass and energy inter- 
ihangeable? Such an interpretation was suggested in our study of the 
ncrease of mass of the electron at velocities approaching that of light. 
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The entire equivalence of mass and energy is also one of the conclusions of 
the Einstein theory of relativity. In fact it is there predicted that if a mass 
m is converted into energy the amount of energy resulting is times the 
mass, or 

If this packing efiFect is real, it should exist in varying amounts for the 
nuclei of all atoms. Aston therefore calculated from his observed diver- 
gences of atomic weights from whole numbers, a quantity which he called 
the “packing fraction.” This fraction was computed by dividing the small 
divergence from the nearest whole number atomic weight by this whole 
number. On the proton-electron concept of nuclear structure this repre- 
sented the packing efiFect per proton in the nucleus. The curve obtained by 
Aston is shown in Pig. 8. The mere fact that the packing fractions for the 



Fig. 8 . — The original packing fraction curve obtained by Aston. 

various elements fall upon a smooth curve shows definitely that this fraction 
is a function of the mass number of the elenient. No consistent deviation 
from this single smooth curve is evident except for the elements He, C, and 
O. Judging from the probable errors associated with Aston’s measurements 
it appeared that data for these atoms really do fall below a curve drawn 
through the other light elements. It is interesting to note that these three 
atoms have atomic weights which are multiples of four. While still more 
accurate data, have shown the yiacking fraction curve to be somewhat less 
simple than that found by Aston, it has borne out the fact that He, C, and 0 
have notably small packing fractions. More recent evidence bearing upon 
this will be presented shortly. 

Although the original interpretation of the small divergences from whole 
number atomic weights was phrased in terms of the packing efiFect in a 
nucleus made up of protons and electrons, the same fundamental idea is 
good for any concept of nuclear structure. Since the discovery of the 
positron and the neutron there exist a number of different ways in which one 
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can conceive the nucleus to be constructed. It could be built from protons 
and electrons alone. Or only protons and neutrons might be used in the 
structure. Another possibility is a group of neutrons and positrons only. 
A large number of possibilities occur if one admits the use of more than two 
fundamental particles in the structure. It is not certain today which one 
of the nuclear structure concepts is correct, but an ever increasing amount 
of evidence speaks strongly in favor of the proton-neutron structure. 

Regardless of which model may prove 
correct, the fundamental arguments 
underlying the packing effect still hold. 
The component parts of the nucleus 
would be expected to influence the 
magnitude of this effect, but they could 
never change its nature. Considerable 
Information regarding nuclear structure 
has been gained from measurements of 
the packing effects for various atoms. 

Recent Refinements in Mass Spectro- 
graphs. — Aston’s precision work of 1927 
was the forerunner of numerous pre- 
cision mass spectrographs of several 
types. Marked improvements have 
been made in the Thomson parabola 
method, in the general method typified 
by Dempster’s early apparatus, and 
in the method of which Aston’s appa- 
ratus is typical. While improvements 
in the parabola method have led to 
no precision measurements of atomic 
weights, it is nevertheless interesting 
to see the degree of resolution and 
sharpness of photographic traces which have been attained today. Fig. 9 
reproduces some beautiful parabolas obtained by Harmsen.^^® The two 
parabolas corresponding to Ne^° and Ne^* are widely separated in this 
photograph. The much fainter trace at 21 is due to still another isotope of 
Ne. Fig. 10(a) reproduces similar parabolas obtained by Lukanow and 
Schiltze^® for a number of hydrocarbon molecules. These workers obtained 
a resolving power of approximately 1 part in 600. That the resolution was 
excellent for the parabola method is indicated in Fig. 10(6), where a small 
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Fig. 9. — Ulustrating the beautiful 
parabolas obtained recently by Harmsen. 
Note the three neon traces at 20, 21 and 
22 . 


H. Harmsen, Zeits. f. Physik^ 82, 589 (1933). 

H. Lukanow and W. SchUtze, Zeiis.f. Physik, 82, 610 (1933). 
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that 

uu resolving poT^er. The apparatus resembled 



ihul. of I)c‘iiij).stcr in tlial. ilie iKisitive ions were bent in semicircles by a 
inaf<ii<‘li<‘ fi<»I(l. In fact I he original apparatus^® was intended to embody 
the .siiTiie principle u.s that used by Dempster. Its original main feature 
was a v<‘ry largi* eleclrorruignct designed to give a large and uniform mag- 


” W. V\ (i. Swjuin, Jmir. Uranic. Inst, 210, 751 (1930). 
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uetic field. With this large apparatus of considerably increased resolving 
power a critical search was made for unknown isotopes. Shortly, however, 
Bainbridge^^ modified the apparatus in a very .essential respect. The new 
principle incorporated is shown schematically in Fig. 11 . The apparatus 
selects ions of one velocity only. That section which performs this function 
is known as a velocity selector.'* If a potential difference is applied 
between the plates P1P2, fand if the magnetic field extends over the region 
occupied by these plates as well as that in which the semicircular deflection 

takes place, then only those ions for 
which the electrical and magnetic 
forces balance will be able to con- 
tinue through the plates P1P2 and get 
through slit Ss. For these ions 

E 

H 



Ee = Hev or v = 


Kig. 


11. — Illustrating tlie principle 
Bainbridge’s velocity selector. 


of 


These particles are then deflected as 
ill the Dempster apparatus. Because 
of the velocity selection, together with 
the geometrical focusing produced by 
the large magnet, unusual resolving 
power and accuracy were attained. 
Typical photographs, together with 
photometer traces, are shown in Fig. 
1 £. Traces of the ions H2'^ and 
are sharp and clearly resolved, as are also those of He'*’ and HHIH'*'. 

A still different i)rinciple has been introduced in more recent mass 
spectrographs constructed by Dempster, Mattauch,®® Bainbridge and 
Jordan,®® Aston, Bleakney and Hippie,®^ Asada and others,®® and Jordan.®^ . 
Recent spectrographs are of the doiible-focu^g type. Whereas early 
spectrographs provided for either direction focusing or velocity focusing, 
the later ones focus all particles of a given e/m regardless, within limits, of 
both their direction and velocity. The much finer traces possible with 
double-focusing allows higher resolving power and greater accuracy. It is 


K. T. Bainbridge, Jour, Frank. Inst., 216, 609 (1933). 

A. J. Dempster, Proc. Amer. Phil. Soc., 76, 755 (1936); Phys. Rev., 61, 67 (1937). 

J. Mattauch, Phys. Rev., 60, 617 (1936). 

K. T. Bainbridge and E, B. Jordan, Phys. Rev., 60, 282 (1936). 

31 P. W. Aston. Proc. Roy. Soc., A, 163, 391 (1987). 

3* W. Bleakney and J. A, Hippie, Phys. Rev., 63, 621 (1938). 

33 T. Asada, T. Okuda, K. Ogata and S. Yosbimoto, Proc. Phys. Maih. Soc., Japan, 22, 
41 (1940). 

w B. B. Jordan, Phys. Rev., 67, 1072 (1940); 68, 1009 (1940). 
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possible to acquire to some extent this double-focusing in a variety of ways. 
Pig. IS, showing the apparatus used by Bainbridge and Jordan, illustrates 



Hydrogen Isotope ofMassZ* 



Hydrogen and Helium. 

Fig. 12. — photographs and photometer traces obtained by Bainbridge. 



Fig. 13. — Illustrating the precision method used recently by Bainbridge. 

the general nietluxl. An electrical deflection within the cylindrical con- 
denser extending over an angle '7r/\/^ is followed by a magnetic deflection 
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througli an angle tt/S. The dispersion produced by the electric defle 
is counterbalanced by that produced by the magnetic deflection* 
apparatus has an exceedingly high resolving power of 1 part in 10,000* 
mass scale on the photographic plate is quite linear, deviating from lino 
by only 1 part in 7,000 over a distance of 14 cm. on the photographic 1 3 
Closely spaced lines corresponding to particles of nearly ecjiial c/ m 
clearly resolved with this instrument. The instrument of highest rosol 
power and highest dispersion yet constructed is a still more recent on 
Jordan.®^ This instrument will resolve two lines corresponding to iru 
differing by 1 part in 30,000, and the dispersion is such that two linc'H 
responding to masses differing by 1 percent fall 14.6 mm. apart oil 
photographic plate. With these instruments of high resolving power il 
been possible to measure directly and accurately the separation of doi 
lines such as H 2 +-Hen H2HH+-He+ H 2 +-H 2 + HI+-C 12 ++, 

and Jordan®^ has compared values obtained 

various workers for some of these, and the agreement is in general ex(H^ll 
It is from such directly measured doublet separations that atomic 
are evaluated precisely. 

Dempster has likewise made marked improvements in apparatn.s i 
for precision studies of atomic weights. He had previously <leserili 
a method quite similar to that since used by Bainbridgc, whored 11 
particles were first deflected through 90° by an electric field in a cyliiuli 
condenser and thence through 180° by a magnetic field. He lal.cr s1h>\v 
mathematically how this arrangement of fields will produce bol.li <lirc*c' 
and velocity focusing. One particular velocity of particle in the (li\'c*r| 
bundle of rays entering the electric field through a slit is sort<‘(I out 
brought to a focus, forming a real image of the slit at the entrari<‘<‘ to 
magnetic field. He has shown how the velocity dispersion produc^^cl 
the electric field is subsequently counterbalanced by that j)rodu<-(‘d in 
magnetic field. Such double focusing, for both direction and velocilj 
much to be desired in spectrographs of high resolving power. Will 
this double focusing the selection of a much narrower bundle of rays, Iiu^i 
a very narrow range of velocity, is necessary to obtain sufficient restjh 
power. This narrow selection results in an undesirable decrease in iuii^n.v 
Using this mass spectrograph, and securing ions from a liigli Treciiic* 
spark between solid electrodes^®-*® Dempster®® has made acciirale mc'u.si 
ments of the atomic weights of isotopes of many of the heavy ehunc' 
These measurements, together with others obtained by the same nu-t 
and usually with the same apparatus, comprise by far the most 
accurate observations on the heavy elements. 

A. J. Dempster, Rev, Sci. Instr., 7, 46 (1936). 

A. J. Dempster, Phys. Rev., 63, 64 (1938). 
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Nuiaerous other workers have used modifications of the original Demp- 
ter apparatus. Fig. 14 shows experimental results obtained by Bleakney.'^ 
'he strong peak corresponding to the triatomic molecule of H is interesting. 



MASS 

to. 14 .— SluwinK thf relative abundance, under the working conditions, of the mono-, dia-. 
and triatoinic molecules formed from the normal hydrogen atom of mass 1. 


ISOTOPES OFI 
XENON 


X(!*ano x^** 
X 40 


atomic mass units 

Ki«, Ifi.- Ileprodiietng resulU of a rtudy of *f^^^®jSl^'^“o°before'^g plotted; 
tla f«.r the isolopes of 184 and 120 have bwn mult.J^^ 40 

IterwiHo these two peaks would scarcely be evident on the diagram. 

to, U,c ‘I'” 

l»,m.sou. In the meantime its „ for Xe. The 9 

ays, Fif?. 15 HhoWsS recent results obtained by 


97 w. nifukiiry, Phya, Ktp.. 41, 3* (1334). 
A- O. Nier, Phys. Rtfv., 62, 088 (1987). 
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isotopes of Xe are clearly defined. Fig. 16 shows similar results by the 
same author®® for Ca. The remarkable thing about these figures is the 
sharpness of the peak corresponding to a particular isotope, and the complete 
lack of any particles of intervening mass. 

Aston®^ has recently rebuilt his precision mass spectrograph, obtaining 
more accurate collimation of the rays by using still narrower slits, and 
taking advantage of second order focusing provided by proper arrangement 
of electric and magnetic fields. The resolving power of the new instrument 
is approximately 1 part in 2,000. The accuracy of mass measurements 
approaches 1 part in 100,000. Fig. 17 reproduces typical photographs 
obtained with this new apparatus. The lines are exceedingly sharp. 



48 46 44 42 40 

ATOMIC MASS 


Fig. 16. — Showing the relative abundance of the several isotopes of culcium. 

Numerical Values of Atomic Weights , — It was realized by Aston, and 
has been repeatedly emphasized by him and other workers, that the only 
precision method of determining atomic masses is to work with naturally 
occurring doublets in the mass spectrum. For work of the highest precision 
it is essential that the traces corresponding to the two masses to be compared 
fall close together on the photographic plate. Since a sufficient number of 
complex ions had not then been observed, it was necessary in the early work 
to cause these traces to fall together by some artificial method such as 
changing the electric deflecting field. This and other similar procedures 
introduced additional errors. Aston^^ noticed a serious polarization effect 
near the condenser plates to which the potential producing the electric 
field was applied. This appears to have been the same effect as one of those 
which have caused so many discrepancies in supposedly precise determina- 

” A. 0. Nier, Phys. Rov., 63, 282 (1938). 
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tions of the ratio e/m for electrons. While this and other small errors can 
be largely eliminated by proper experimental procedure, it is nevertheless 



'iQ. 17. — L The doublet formed by the heavy hydrogen atom and the diatomic molecule of ordinary 
ogen, II. Linen due to the bromine istjtopes and their hydrides photographed with a nerien nil if I of 
unit. III. One of the photographs used in measurement of the O-CH4 doublet, IV. CompariNon of 
chlorine isotopes with hydrocarbon molecules of the Cj group. V. Lines of the (’3 group; the one at 
: due mainly to C'Oa. VI. Spe<'tra of the CIb group of lines and those of doubly charged krypton. 
Spectra of the C3 group of linen and those of triply charged xenon. VIII. The <loublet S**-Oa. I^'or 
:er detail of description, see Aston.^^ 

much better to make comparisons of masses which naturally fall very close 
together. 

It is possilde today to photograph, completely resolved, many naturally 
occurring doublets. Some of these have been shown in Figs. 12 aiui 17. 

In order to make clear how these natural doublets are used, a few specific 


180 


THE "PARTICLES" OF MODERN PHYSICS 


examples will be mentioned. The atomic weights of H and He might be 
compared by measuring the separation of the two closely spaced lines 
corresponding to He"^ and Ha"*". Astoii^*^ pointed out the advantages of 
this particular comparison when he first observed the line due to He++. 
Or, ordinary hydrogen might be compared with heavy hydrogen through use 
of the doublet as was done by Bainbridge and Jordan,®® and then 

these hydrogens compared with He by measuring^^ the separation of the 
doublet HHH*-He. The atomic weight of Li® might be obtained by 
comparison with the line corresponding to H^ Then through use of the 
two doublets C'^-H| and O-CH 4 , as Aston^® has pointed out, all these 
atomic weights can be expressed in terms of 0 = 16.000000 through measure- 
ments of doublet separation alone. Since unusual ions as H 2 , Hs, H®, 
HHS HHH2, Hi, HH^O, H|0, He-H* and C++ have been observed, and 
since the ions H, C, N, O, N 2 , OH, OH 2 , NH 2 , NHs, CH, CH 2 , CH 3 , CH 4 , 
and CO are commonly observed, it is clear that there are in many instances 
several alternate methods of making these and other comparisons finally 
in terms of O. All recent precise determinations have been confined to 
measurements on naturally occurring doublets. 

Although it is entirely beyond the scope of this work to trace the way in 
which atomic weights of tlie various isotopes were modified as first one and 
then another observer made a worthwhile contribution, there are one or two 
significant facts that should be mentioned. For a number of years after 
Aston’s^^ original precision work there was every reason to believe tliat 
results obtained at that time were entirely trustworthy. In the main they 
have certainly proved so. In this work it was necessary, however, to 
compare He with 0 through use of the lines He+ and 0++; and H had to be 
compared with He through use of the lines corresponding to H 2 + and He+. 
The only accurate measurement of doublet separation that could be made 
was that for the doublet O-CH 4 . Although Aston made every effort to 
obtain the 0/He and the He/H ratios accurately, there was a real chance 
that some appreciable error might exist in one or both of these. For the 
next several years all atomic weights up to and including Li^ were deter- 
mined with respect to He, and thence converted to the 0 = 16.000000 scale 
through use of Aston’s 0/He ratio. Atomic weights of 8 or above were 
determined more directly in terms of 0. It therefore became increasingly 
important that the 0/He ratio be known accurately. 

The original ratios found by Aston were 


He 

H 


3.971^6 


and 


0 

He 


3.99784 


F. "W. Aston, Naiun\ 130, 21 (1932). 

"K. T. Bainbridge, Phyit. Rev., 41, 115 (1932); 42, 1 (1932). 
^*F. W. Aston, Nature, 186, 541 (1935). 
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Some years later Bainbridge^* reported excellent confirmation of one of 
these ratios. He obtained 


^ = 3.971283 


± 0.000042 


This was obtained from measurement of doublet separation and should 
have been entirely reliable. It duplicated almost exactly the earlier 
value found by Aston. Shortly after this there was developed an entirely 
independent method of evaluating atomic weights of individual isotopes. 
The basis of the method will be discussed shortly. For the present, how- 
ever, it is sufficient to remark that several inconsistencies appeared in atomic 
weights measured by the two methods. These discrepanciei^ never appeared 
when one confined his attention in each case to measurements involving 
only those isotopes having atomic weights above 8. Neither did they 
appear if one confined his attention to measurements of isotopes of atomic 
weights below 7. But the moment any measurements involved the use of 
isotopes falling in both groups, inconsistencies appeared. An entirely 
self-consistent set of atomic masses could be obtained only if it were sup- 
posed that the 0/He ratio was slightly in error. This led Aston to renew his 
efforts. After considerable modification of his spectrograph, and after 
numerous measurements of the separations of various naturally occurring 
doublets, Aston^^ became convinced that both the 0/He and He/H ratios 
were slightly in error. After final measurements he reported^^ values 
of atomic weights which lead to the ratios 


He 

^ = 3.97166 


and 


= 3.99609 
He 


These recent atomic weights obtained by Aston ^re among the most 
reliable values available today. The remarkable agreement of the original 
Bainbridge He/H ratio with the i)reviouH Aston value, which was later 
shown by Aston to be incorrect, was entirely accidental. It is an excellent 
illustration of how careful one must be in accepting without question any 
physical measurement just because it has been duplicated accurately by 
one other observer. 

A higli order of accuracy has been attained in recent mass spectrograph 
measurements of atomic weights. The probable errors associated with 
many of the recent measurements are only a few ])arts in 100,000. Table 
III, taken from the work of Aston, illustrates the order of accuracy to 
which isotopic ma.sses are known today from mass spectrograph studies. A 

« K. T. IlninbriflRC, Phjjn, Rev,, 48, lOS (19BS). 

« F. W. Aston, Naiure, 137, 357 (1030). 
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more extensive table, including many comparative values, will be given 
later* Although the* 1927. Aston^^ values were at that time recognized to 
be of relatively high precision, the present atomic weights are known to a 
still much higher order of accuracy. 

TABLE m 


Aston’s precision atomic weights of 1937. Provisional values are given in parentheses 


Symbol 

i 

Packing fraction X lO** 

Atomic weight 

HI 

+81.2 

1.00812 ± 0.00004 


+73.55 

2.01471 ± 0.00007 

He< 

+ 9.77 

4.00391 ± 0.00016 

BIO 

+16.1 

10.0161 ± 0.0003 

CJ2 

+ 2.96 

12.00366 ± 0.00016 


+ 6.28 

14.0073 ± 0.0004 

(0'« 

+ 3.2 

18.0067 ± 0.0002) 

pm 

+ 2,36 

19.0045 ± 0.0005 

Ne»« 

- 0.70 

19.9986 ± 0.0006 

(Al« 

- 3,3 

28.9909) 

Sian 

- 4.90 

27.0863 + 0.0007 

Siw 

- 4.7 

28.9864 ± O.OOOH 

pai 

- 5.30 

30.9863 ± O.OOO.'i 

gaa 

- 6.53 

31.9823 ± 0.0003 


- 6.71 

34.9800 ± 0.0008 

Ciw 

- 6.10 

36.9776 ± 0.0008 


- 6.10 

35.0780 ± 0.0010 

A-io 

- 6.16 

39.9764 ± 0.0014 


~ 7.30 

77.9430 ± 0.0020 

Kr«2 

- 7.70 

81.0369 ± 0.0015 

Krw 

- 7.60 

83.9362 ± 0.0015 

KrM 

- 7.40 

85.9363 ± 0.0015 

(Snii8 

- 6.8 

117.030) 


- 6.8 

119.930) 


- 4.46 

128.0424 ± 0.0020 


- 4.4 

131.042) 


+ 1.4 

200.028) 


There is one further fact which should be mentioned in connection with 
these accurate atomic weights. The chemical scale of atomic weights is 
constructed on the basis of assigning the value 16.000000 to 0. This was 
done before anyone thought seriously of the possible existence of isotope.s. 
It is known today that 0 is composed of three isotopes, one of atomic weight 
16, one 17, and one 18. It is rather fortunate that 99.76% of all 0 is of 
atomic weight 16. The component constitutes only 0.04% of the total. 
O'® is present to the extent of 0.20%. It is obvious that what is assigned 
the value 16.000000 on the chemical scale is really a mixture of these 
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wh«ro» th, „hy,..d *.1., „„ ,hich dl .^curate .lomic weighs 
„l,tame.l fr„n, miuis ^ItograpL op oueloap studio, upo speoifiod, hZ^ 
the .iti.ni.o woipht 0 tlio ono isotope 0» .. equal to le.OOOOoi. Atomio 

Ti*i T,', " '"‘.n” I”''*' “'l<»‘«‘e physical scale are therelore 

sliSli Uy ililluroul. I he ouly way one cau obtain the patio of atomic weiuhts 
,m the lu-o scales is to make use of knowledge of the percentage of vapions 
is<*U.l*es i.rt>soMt lu sdinc element for which the atomic weights are known 
iiccnrulely on h<itli .scales. The logical choice is of course O itself. If the 
above |)i‘n-enl.age.s am taken as correctly representing the constitution of 
onliiniry t),^ Uumi iUs mean atomic weight on the physical scale would be 
16.0044. 'riiis is 1.00027 times its atomic weight on the chemical scale. A 
very rec«*nl re«lelenuination of the percentages of the several oxygen isotopes 
by Murplu'y*^ lia.s yielded for the ratio between the two scales the value 
(l,00027i5 I. O.OOOOOD). 'I'lius all chemical atomic w'eights would have to 
be iucrea.sed by 27 i>arL.s per 100,000 to be corrected to the physical scale. 


Atomic Weights from Nuclear Disintegration Studies 

Danh of the Miihod. It has been mentioned that there was developed 
ill lOH.'l an iiidin'ly independent method of evaluating the atomic masses 
of the imliviilnal i.s<il.ope.s. The method has proved an exceedingly accurate 
one. 1 1 ileiH'iids upon u ipiantitative study of the energies associated with 
the arlili<‘ial <li.sinlegral.iou of matter. For centuries past it had been the 
hope <ir phy.siei.sl.s and chemists that some way might be found by which 
one element could be made over into an entirely different element. In the 
c'urly ytairs lld.s desire liad been aimed more particularly at the costly noble 
metals. No su<-ee.ss of any kind had been attained until 1920. In that year 
Rutherford sueeiH'ded beyond all doubt in disintegrating in the laboratory 
such .suppos<*dly stable elements as nitrogen, aluminum, phosphorous and 
other.s. \Vhil(> workers following him succeeded in disintegrating other 
materials, no furllK^r important advance came until within the last decade 
])hvsici.sl.s hairiusl how to produce charged particles having energies of 
.several iiullion elect ron volts. With these energetic particles it Lm become a 
relatively easy inaUcr to disintegrate almost any atom. Detailed studies 
of the ji'roiliicts <if disintogration have been made by use of Wilson cloud 
expansion i)hotograi)h.M and by other methods. Instead of knowing merely 
that atoms can be flisintcgrated, it is known also in a great majority of cases 
just what new atoms or other particles are formed by the dismtegration. 

No didails of nuclear di,sintegration will be discussed at present. Some 
of the more fundamental observations connected with these studies wnU be 
taken ui) later. For the present, attention will be called to only a few facts, 
c-nough t<. allow om* to appreciate the basis of the nuclear disintegration 


U. I'\ Murpliry, /Vif/.s, lirv., 69, 820 (1941). 
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method of evaluating atomic masses. By way of a specific example consider 
the bombardment of Li with energetic H nuclei. These nuclei can be given 
known high energies by allowing them to fall through known potential 
differences. It has been found that when Li® is bombarded with nuclei of 
heavy hydrogen, called deuterons, the Li® nucleus absorbs the bombarding 
nucleus and immediately disintegrates into two He atoms. The occur- 
rence of such a disintegration is indicated by writing 

8Li® + iH^->2He^ + 2He^ 

wherein the subscript preceding the chemical symbol indicates the atomic 
number and the superscript following the symbol refers to the atomic weight 
of the isotope concerned. A similar disintegration takes place when Li^ 
is bombarded with protons. This is represented by writing 

sLi^ + 2He^ + aHe^ 

There can be no question but what disintegrations of this character are 
produced in the laboratory. On many occasions they have been studied in 
detail by cloud expansion photographs. In the above reactions the tracks 
of the two He nuclei leaving the point of disintegration have been photo- 
graphed. Fig. 18 reproduces a photograph by Dee and Walton.'^® 

The products of disintegration leave the point at which they are formed 
with considerable kinetic energy. These energies can be determined 
experimentally, as for example, from the lengths of tracks in the cloud 
chamber. They can be evaluated also by other methods. Measurement of 
these energies allows one to check, by direct experiment upon a single 
disintegration, whether the law of conservation of energy holds. It allows 
one to decide definitely whether the decrease of mass resulting from the 
disintegration is truly represented by a net amount of energy released. 
If Li^ is bombarded with protons of 300,000 electron volts energy the two 
resulting He atoms are found to possess kinetic energies of 8,700,000 
electron volts each. Or more exactly, the total energy of the two alpha 
particles ejected is 17.13 X 10® electron volts more than that of the incident 
proton. Taking Aston mass spectrograph values for the atomic 
weights of H^ and He^ as 1.00812 and 4.00391 respectively, and taking 
Bainbridge and Jordan’s^® value of 7.01822 for the atomic weight of Li’, 
one calculates that the disintegration has resulted in a loss of mass equal 

*0 P. I. Dee and E. T. S. Walton, Ptoc. Roy, Soc., A, 141, 738 (1933). 

M. L. E. Oliphant, A. R. Kempton and E. Rutherford, Proc. Roy, Soc., A, 149, 406 (1036). 
^8 M. S. Livingston and H. A. Bethe, Rev. Mod. Phys., 9, 873 (1937). Masses give^i by 
these authors are most probable values; some are mass spectrograph values while others arc 
from nuclear observations. 

K. T. Bainbridge and E. B. Jordan, Phys. Rev., 61, 384 (1937). 
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to 0.01852 atomic mass units. In calculating this loss of mass one readily 
should use the masses of the nuclei rather than those of the atoms. The 
“atomic weight” of electrons on the 0^® = 16.000000 scale is 0.00066. This 
amount should therefore be subtracted for each planetary electron possessed 
by each atom concerned. It is obvious, however, that the same total 
would be subtracted from both the original and the final products, thus 




I'lG. 18 . — aitts in each photograph represent a pair of alpha particles resulting from the 
bombardment of Li® with deuterons. h in the upper photograph is probably the track of a 
fast proton. 6162 in the lower photograph represent alpha particles of shorter range than aiai; 
they are probably those due to the bombardment of Li^ with protons. 

leaving the mass difference unchanged. If mass is truly a form of energy 
and if the two are interchangeable in accord with the expression 

Energy in ergs = c* (mass in grams) 

then this loss of mass represents (2.99776 X 10^°)® X 0.01862 *= 1.664 
X 10^° ergs of energy. That is, assuming the correctness of the mass 
energy equivalence concept, one would expect this net amount of energy 
to be released during the disintegration of one gram atom of Li^. Dividing 
this energy by 6.023 X 10^®, the number of atoms per gram atom, it is found 
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that 9.763 X 10~‘ ergs ot energy should appear for every Li^ nucleus which 
disintegrates. This energy can be converted to electron volts by writing 

X 4.8099 X 10^“ = 9.763 X l(Y-« 

from which V — 17.25 X 10® electron volts. That is, the two 2 He^ nuclei 
together should possess this much more kinetic energy than did the bom- 
barding proton. This figure differs from the observed energy excess by less 
than 1%. Oliphant, Kempton and Rutherford®® have made comparisons 
of this type for the energies involved in a large number of disintegrations 
of light elements. These and other comparisons leave no doubt as to the 
correctness of .the mass energy equivalence concept. The same equivalence 
is also shown®^ by similar calculations involving the heavy natural radio- 
active elements. While mass measurements in general are far less precise 
for these heavy elements, the. agr^ment is good. 

The nuclear method of evaluating, atomic weights utilizes this mass 
energy equivalence together with the observed energies associated with 
various disintegrations. If one kn6\^s the disintegration energies, together 
with the atomic weights of all but one of the nuclei concerned in the dis- 
integration, the atomic weight of this remaining one can be evaluated. Since 
a large number of disintegration reactions involving all of the lighter ele- 
ments have been studied, it follows that the atomic weights of all of these 
could be evaluated with respect to O^® = 16.000000. This has been done 
by numerpus workers. 

Numerical Results and Comparison of Atomic Weights by the Two Methods. 
A comparison of results obtained by the puclear method with those obtained 
from mass spectrograph studies serves as an excellent check on the accuracies 
attained: Table IV is a sufficiently complete list of accurate atomic weights 
of the light elements to show the agreement of results obtained by different 
observers and by different methods. For any one isotope the values arc 
arranged in approxinaately chronological order. Those values printed in 
italics have been obtained by the nuclear disintegration method. All 
other values are from mass spectrograph studies. The agreement between 
results by the two entirely different methods is remarkable. The con- 
sistency with which various observers obtain essentially the same value is 
likewise significant. The precision attained with either the mass spectro- 
graph or the nuclear method exceeds by far that which has been attained 
by any chemical or other physical method. Furthermore, both of these 
methods give atomic weights of the individual isotopes of an element, 
whereas the more common older methods- yield only the mean atomic 
weight for all the isotopes present for any element. 

M. L. E. Oliphant, A. R. Kempton and E. Rutherford, Proc. Roy. Soc., A, 160, 241 (1995 ) . 

“ N. Feather, Rep. on Prog, in Phya., 8, 70 (1936). 
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TABLE rv 


A nummary of a^urate determmat.oii. of the atomic maases of individual isotopes of the 

lights demenu AB vJu^ m normal type a« mass spectrograph results. Values printed 
in .^los have ^en obtame^hrough nuclear studies. Some nudear determinations of course 
make use of certam mans spectrograph values for the more aceuratdy known isotopes. Values 
for any one iwtope of an element are arranged in approximately chronological order. For the 
most probable atomic in^a of the isotopes one can scarcely do better than accept the values 
given by Livingston and Bethe.« For the atoms He>, C« and N‘» BetheV more recent 
values should be substituted. For the elements from Ne to A the recent values given by 
Pollard” may be used. Not. all of the isotopes listed in this table are stable; some are radio- 
active. I ho radioactive motoiKW are marked with an asterisk 


ALum 

Z 

A 

Atomic weight 

Reference 

11 

1 

1 

1.0079 

23 




1.00778 

24 




1.007775 

43 




1.0081 

60 




1.00807 

52 




1.0081 

42 




1.00812 

44,31 




1.0081 

53 




i.oose 

64 




1.0081 

55 




1.0081 

56 




1.00816 

49 




1,00816 

67 




1.00813 

48 



2 

2.0185S 

41 




2.01361 

41 




2.01368 

68 




2,0US 

50 




2.0m3 

52 




2.0148 

42 




2.01471 

44, 31 




2.0U7 

53 




2.oim 

64 




2.0U7 

56 




2.01478 

49 




2.0U76 

57 




2.01473 

48 



3* 

3.0162 

47 




3.0161 

50 




3.01610 

52 




3.0171 

53 




3.0170 

56 




3.01701 

67 




3,01706 

48 




188 


THE "PARTICLES" OF MODERN 


TABLE TV {Continued) 



POSITIVE RAyS—ISOTOPES 


189 












190 


THE ‘'PARTICLES’* OF MODERN PHYSICS 


TABLE IV (CWinuerf) 


Atom 

Z 

A 

Atomic weight 

Reference 




10.01671 

48 




10. om 

78 

B 

5 

10 

10.0135 

24 




lO.OliS 

50 




10. one 

52 




10,0161 

53 




10.0161 

54 




10.0161 

67, 31 




10. om 

60 




10.0160 

56 




10.01633 

65 




10.01631 

48 




10.01679 

78 



11 

11.0110 

24 




11.0107 

68 




11.0110 

50 




11.0111 

52 




11 . om 

53 




11. om 

54 




11.0117 

60 




11. om \ 

56 




11.01295 1 

65 




11.01289 

57 




11.01292 

48 




11.012U 

73 



12* 

12.0153 

53 




12.0179 

56 




12.019 

48 

C 

0 

11* 

11.0U3 

53 




11.0150 

56 




11.01626 

48 



12 

12.000 

23 




12.0086 

24 




12.0027 

50 




12.0037 

52 




12,0048 

42 




12.0035 

44 




12.0036 

58 




12.0040 

54 




12.0037 

60 




12.0040 

56 
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TABLE rV {Continued) 


Atom 

Z 

A 

Atomic weight 

Reference 



16* 

16.0066 

66 




16.011 

48 

0 

8 

16* 

16.0079 

66 




16.0078 

48 



16 

16.000000 

Standard 




16.000000 

Standard 



17 

rt.ooko 

62 




17.004.6 

63 




17.0040 

60 




17. 00m 

48 



18 

18.0087 

29 




18.0065 

60 




18.0067 

69, 31 




18.00360 

48 

F 

9 

17* 

17.0073 

63 




17.0078 

60 




17.0076 

48 



18* 

18.0056 

48 



19 

19.0000 

24 




19.0046 

63 




19.0046 

67, 31 




19.0040 

60 




19.00462 

48 



20* 

SO. 006 

48 

Ne 

10 

20 

20.0004 

24 




19.0907 

68 




19.9986 

67, 31 




19.9994 

60 




19.09881 

48 



21 

SO. 999 

60 




21.00013 

66 




20.99968 

48 




SI. 00018 

79 



22 

22.0048 

24 




21,9947 

68 




SI, 9977 

60 




SI. 9985 

70 




SI. 9989 

71 
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TABLE IV {Continued) 


Atom 

Z 

A 

Atomic weight 

Reference 




21.90870 

65 




21.90864 

48 

Na 

11 

22* 

21,9996 

60 




22,0002 

48 



2$ 

22,9980 

60 




SS.997IS 

71 




22,9961 

48 




22,99680 

70 



24* 

S3. 997 i 

48 

• Mg 

12 

24 

23.9938 

70 




23.9939 

71 




S3.99SJi. 

48 




23,99189 

79 



25 

2^.9938 

48 




21^.99277 

79 



26 

23.9908 

71 




23,9898 

48 




23.99062 

1 



27* 

26.9921 

48 

A1 

13 

20* 

23.9929 

48 



27 

26.9000 

67, 31 




26.9899 

48 




26.98960 

79 



28* 

27. 9903 

48 



20* 

28.9904 

48 

Si 

14 

27* 

26.9931 

48 



28 

27.0860 

67 




27,9863 

31 




27.9860 

48 




27. 98639 

79 



20 

28.9864 

67, 31 




28,9866 

48 


1 


28.98683 

!!: 
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TABLE IV (Continited) 


A 



80 


70 


189. 98U 

71 


S9.9832 

48 


29. 9829 

79 

81* 

SO. 9862 

48 

80* 

29.9882 

48 

31 

30.9825 

24 


30.98U 

70 


30.9836 

31 


30.9843 

48 


SO. 98m 

79 

82* 

31.98^1 

48 

32 

31.9812 

70 


81.9823 

81 


31.9828 

48 


si.sssoe 

79 

33 

32.9818 

76 


32.98260 

79 

34 

33.9799 

70, 72 


33.9802 

71 


33.978 

48 


33. 9797 

79 

84* 

33.981 

48 

35 

34.988 

24 


34.9796 

68 


34.9800 

81 


3^.9803 

48 


34.98107 

79 


34.9790 

80 

37 

36.980 

24 


36.9777 

68 


36.9775 

81 


86.9779 

48 


36.97829 

79 


36.9779 

80 

38* 

37.981 

48 
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TABLE IV (Coviimted) 


Atom 

Z 

A 

Atomic weight 

Reference 

A 

18 

36 

36,976 

24 




36.9780 

69, 31 




SB.9786S 

79 



38 

^.9753 

70, 72 




37. 97 Jf. 

48 




37.975U 

79 



40 

39.971 

24 




39.9754 

67. 31 




39.97680 

66 




39.97504 

48 




39.9757 

80 
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The atomic weights of a large number of the heavy elements have 
been determined with precision. Elements beyond argon have not l^een 
included in Table IV for several reasons. A table including all of 
isotopes of the heavier elements would become quite long. For the 
elements there exist measurements by few observers on any one isot^P®* 
Comparisons of results by different observers and different methods 
therefore not possible in general. Dempster’s recent mass spectrogr«-ph 
has proved exceedingly useful for studies of isotopes of large atomic wei 
Practically aU of the accurate measurements that have been made 
these have utilized this or similar apparatus. Dempster himself 
been responsible for a great number of the atomic weights now avail«-l>l®' 
jNumerical values of these and other atomic weights can be found througl^^^^l* 
the literature.“^'**’^*'®*~®^ 



Fig. 19. — A packing fraction curve, Aw/m versus m, for the light elements, using 

accurate atomic weights. 

PackiiLg Fraction Curve for the Elements 

Recent precision atomic weights make it possible to plot in much gro^L ItT 
detail a packing fraction curve similar to that originally given by AhI 
Fig. 19 is plotted from tlie atomic weights given by Livingston and Betho '***'*^'* 

^ A. J. Dempster, Phys. Rev., 63, 869 (1988). 

® A. C. Graves, Phys. Rev., 66, 238, 863 (1989). 

A. J. Dempster, Nature, 138, 120 (1936). 

J. Mattauch, Naturwiss., 25, 170, 180 (1937). 

*“ F. W. Aston, Nature, 140, 149 (1937); 141, 1096 (1938). 

“ W. L. Davidson, Phys. Rev., 67, 244 (l940). 

^ T. Okuda, K. Ogata, H. Kuroda, S. Shima and S. Shindo, Phys. Rev., 69, 104 (194i 1 *) . 
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and by Pollard.^® Aston’s original values®^ are shown for the sake of com- 
parison. These original values follow the present curve surprisingly well. 
Fig. StO, reproduced from the work of Dempster,®^ shows a similar curve for 
the heavy elements. Although it may not appear so, this curve is a con- 
tinuation of that for the light elements. The second curve is plotted to a 
much more extended scale than is the first. The range of packing fractions 
covered by the light elements is so great that it precludes the use of this 
extended scale. 

In 1936 Oliphant®® pointed out some striking features of a curve obtained 
by plotting the divergence of the atomic weight of an isotope from the 
nearest whole number against this whole number. Such a curve contains 
the same information as that shown by the usual packing fraction curve. 
But in Oliphant’s plot the entire divergence from the nearest whole number 



Fig. 20. — Pnckinflf friu-iioii curve for Llio licMivy clcinculs, iih given by Dempater. 

is represented as ordinate, whereas in the usual packing fraction curve the 
ordinate is this divergence divided by the mass number. A curve similar 
to that originally given l)y Oliphaiit, and later extended by others, 
plotted from the more recent atomic weights of Livingston and Betlie^®-®® 
and of Pollard,^® is shown in Fig. 21. The remarkable feature of this curve 
is the consistency with which atoms having atomic weights which are 
multiples of four Full Ixdow the general trend of tlie curve. This tendency 
is marked for those elements below Ne, and it continues somewhat up to A. 
There is not a single cxce])tion i,o the rule that an element with atomic 
weight some multiple of four shows an uim.sually small mass divergence. 
In this connection it is interesting that even the early work of Aston-'* 
showed the atoms lie'*, and (1*® io be distinctly below the packing 
fraction curve drawn through other atoms. 'Phese early observations were 
therefore consistent with the present curve. '^Phe fact that all light atoms 
with atomic weights some whole multiple of He'* have minima divergences 
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suggests that these atoms may be unusually stable. Perhaps the nuclei 
of these contain He^ nuclei as entities. The efPect becomes smaller as one 
goes to heavier atoms; it almost completely disappears in the neighborhood 
of A. 

One further observation, is quite significant. Included on this plot 
are a number of isotopes which are not stable. These atoms are radioactive. 
Immediately they are formed they proceed to disintegrate into some other 
material which is stable. Many of these radioactive atoms fall distinctly 
above the curve drawn through the stable isotopes. The fact that they 



Fia. 21. — A curve (aimilor to 01ipliant*s) of Am versus m for the light elements, using recent 

accurate atomic weights. 

possess this excess energy represented by the larger than normal mass is 
responsible for their subsequent disintegration. In general those materials 
which fall far above the curve disintegrate into stable atoms more rapidly 
than those which have but a small excess mass. Those which fall near the 
curve disintegrate very slowly. 

5. OTHER METHODS OF DETECTING ISOTOPES 

The study of positive rays is not the only method available for detecting 
the existence of isotopes, although this method has yielded a wealth of 
important information that would not have been obtained in any other way. 
Too much knowledge from other fields is interwoven in the application of 
these other methods to permit a detailed discussion of them here. For the 
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present purpose it is sufficient to call attention to the several methods and 
to bring out in a crude way the general basis on which each is founded. 

The existence of isotopes was really well established before the pioneering 
work of Thomson, Dempster and Aston. The fact that there existed sojne 
forty radioactive materials, all among the heavier elements, had been known 
for years. And it had been recognized that in many cases two radioactive 
materials giving easily distinguishable radioactive radiations could not be 
separated by any chemical means. -As early as 1910 Soddy®® remarked: 
“ . . . the complete identity of ionium thorium and radiothorium, of 
radium and mesothorium 1, of lead and radium D, may be considered 
abeady established. . . . The recognition that elements of different atomic 
weights may possess identical properties seems destined to have its most 
important application in the region of inactive elements, where the absence 
of a second radioactive nature makes it impossible for chemical identity to 
be individually detected. Chemical homogeneity is no longer a guaraptee 
that any supposed element is not a mixture of several of different atpmic 
weights, or that any atomic weight is not merely a mean number. The 
consistency of atomic weight, whatever the source of material, is. npt a 
complete proof of homogeneity. . . . ’* The actual existence of isotopes 
among the radioactive heavy elements seemed proved. But the ^reat 
importance of the isotopic structure of aU elements, and a real upder- 
standing of this structure, was not realized until mass spectrograph studies 
had demonstrated the existence of isotopes for the lighter inactive elements. 
In these studies the evidence was irrefutable. There seems no question, 
however, that isotopes were discovered originally through marked differences 
in their radioactive properties. 

There exist several isotope effects which can be observed in the spectral 
emission of atoms. A gas when heated or otherwise excited gives out a 
characteristic bright line spectrum. The lines are located at frequencies or 
wave lengths characteristic of the atom which emits them. It appeared 
for some years that there was no detectable difference between the line 
spectra of radioactive isotopes. Aronberg®® finally succeeded in ^nding 
for two isotopes of lead a difference of 0.0044 A.^ in the characteristic line 
at 4058.00 A°. This is an extremely small but detectable shift. The 
observation was confirmed shortly by Merton®® who found a difference of 
(0.0050 ± 0.0007). Merton also observed a similar effect for the isotopes 
of thallium. Details of the various isotope effects upon spectral emission 
have been summarized elsewhere.®^ Only the essential ideas will b® pre- 

8*F. Soddy, Ch&m, Soc. Ann. R&p., 285 (1910), 

8»L. Aronberg, Asirophys. Joiir., 47, 00 (1918). 

®®T. R. Merton, Proc. Ro]/. Soc., A, 96, S88 (1020). 

P. W. Aston, Mass Spectra and Isotopes (3rd ed.; London: E. Arnold & Co., 1938), 
pp. 193-«18. 
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sented here. There are two reasons for which one might expect the charac- 
teristic line spectra of isotopes to be slightly different. As will be shown 
later, these lines are emitted when a planetary electron transfers itself from 
one energy level to another which is nearer the nucleus. The frequency of 
the radiation is determined by the change of energy. Now the amount by 
which the energies corresponding to two levels differ 
is determined almost entirely by the electrical con- 
figuration of the nucleus, together with the charge 
and the mass of the electron itself. These energies 
are practically independent of the mass of the atom 
and therefore of the mass of the nucleus. But the 
mass of the nucleus does enter in a very minor way. 
As a result one would expect the frequencies of 
characteristic lines for two isotopes to be slightly 
different. Although this difference should be very 
small, it should be easily observable for the lighter 
elements. It is through this effect that Urey, 
Brickwedde and Murphy®^ discovered the existence 
Hjp of heavy hydrogen, a hydrogen isotope of mass two. 
ng the reproduced from this work, definitely shows 

doubling of the Ha and a line attributable to this isotope. But the line is 
lines of the Balraer series very weak, indicating a very small percentage of 
due to the presence of tlie isotope in normal hydrogen. The intensity 

H isotope of mass 2. increased many times by increas- 

ing the concentration of the heavy isotope through fractional distillation. 

There is a second reason for a slight difference in the line spectra of iso- 
topes. In order to interpret properly several complicated features of spec- 
tral emission it has been found necessary to suppose that there is associated 
with the nucleus a certain spin. The magnetic moment associated with 
this spin varies from one atom to another- Since the nuclei of two isotopes 
differ in structure, one would suspect that the spin moment might be differ- 
ent for the two. Now the existence of this nuclear magnetic moment 
influences to a very slight degree the energy associated with any particular 
electron transition. Various possible couplings between the spin moment 
and the electron give rise to several possibilities. As a result there appears 
a so-called hyperfine structure in the line spectra. A line is really made up 
of a number of very closely spaced lines. With special apparatus it has been 
possible to resolve these lines and measure their separations. Two isotopes 
which have different nuclear spin moments give different hyperfine structure 
patterns. Considerable isotopic data has been obtained from studies of 
hyperfine structure. 

H. C. Frey, F. G. Brickwedde and G. M. Murphy, Phys. Rev., 40, 1 (1932). 
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The complete spectrum emitted by polyatomic molecules is far more 
complex than the simple line spectra emitted by atoms. In general the 
complete spectrum emitted by polyatomic molecules can be divided into 
three subdivisions, electronic bands, vibration bands, and rotation bands 
The energy change which a certain molecular configuration undergoes when 
this molecule emits radiation depends largely upon the shift of an electron 
from one energy level to another. For polyatomic molecules, however, 
there are two other possible energy changes. Even in a simple diatomic 
molecule there may be energy represented by vibration of the two atomic 
nuclei along the line joining them; and this energy may change during 
the emission of radiation. Likewise, there may be energy of rotation about 
an axis perpendicular to the line joining the atoms of a molecule; and again 
this energy may change during emission. The electronic energy changes 
are in general much larger than the others; and the vibrational changes 
are in turn much greater than the rotational changes. Emission of radiant 
energy may re.sult from a change in any one of these energies, or from a net 
change brought about by simultaneous changes in any combination of the 
three. As will be pointed out later, the frequency of the radiation emitted 
is proportional to the net energy change the atom or molecule undergoes. 
The electronic bands occur in or near the visible. This is true whether the 
line is given out by a pure electronic transition or by a vibrational or 
rotational change superimposed upon this. The vibrational bands occur 
well into the infrared. This is true for lines emitted by purely vibrational 
changes or for those emitted by a combination of rotational and vibrational 
changes. '^Fhe pure rotation bands occur far in the infrared. Since no 
electronic or vibrational energy changes take place, the net energy change is 
small aiul the frcMpicncy is low. Although these pure rotational bands are 
so far in the infrared that they are difficult to study they have nevertheless 
been observed in a number of cases. 

Fortunately, the effect of isotopic mass upon the vibration-rotation 
bands is inueli greater than that upon the electronic bands. It is obvious 
that the vibrational energy of a diatomic or other polyatomic molecule 
de])eiid.s niark(*(lly \n)oii the masses of the atomic nuclei; it would therefore 
be cpiite dilhTeiit for two isotopes. For example, the vibrational energy 
of a moleeiih' of ItCl^® would be appreciably different from that of the 
molecule IK ’!•*’. Jn a similar manner the rotational energy depends upon 
the inoincnt. of inertia of the molecule. This also is appreciably different 
for tlie two inolecMiles mentioned. As a result there exists both a vibrational 
and a rotational isotoi)e effect in band spectra. If two isotopes are present 
there is a doubling of the S])ectral pattern attributable to one isotope. 
I^VcHpiencies of spectral lines corresponding to the second isotope are offset 
slightly wilh resp<‘ct to the first. This is illustrated by Fig. 23 which 
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reproduces®® one of the vibration-rotation bands for HCl. Thus it is 
possible to detect the presence of isotopes through a study of the vibration- 
rotation band spectra. The method is in fact quite sensitive, and a number 
of rare isotopes have been discovered in this way. The existence of heavy 
hydrogen was confirmed®^ through a study of the band spectra of HCl; 
a band attributable to H^Cl was found. The heavier isotopes of oxygen, 
and 0^^, were actually discovered®®*®® through band spectra studies. 
Among other isotopes discovered in a similar way are and Not 

only is it possible to detect or confirm the existence of an isotope by band 



Fig. 2S. — Showing the R branch of the HCl band spectrum in the infrared under high resolving 

power. 

spectra studies, but relatively accurate measurements can often be made 
of its abundance and its atomic weight relative to other isotopes present. 
For example, the atomic weight of heavy hydrogen, H®, was found ®^ to be 
(2.01367 ± 0.00010). This calculation was based upon the early mass 
spectrograph value = 1.00778. Since this value has since been revised 
upward, so should be the value for H^. In a similar way the atomic weights 
Qir = 17.0029 and = 18.0065 were obtained. All of these agreed 
quite favorably with other values available at the time. Thus spectro- 
scopic evidence has been quite valuable in furthering the knowledge of 
isotopes. 

The question of the relative abundance of isotopes in nature is an 
interesting one. It has long been known®^ that elements of even atomic 

J. D. Hardy and G. B. B. M. Sutherland, Rhys. Rev., 41, 471 (1932). 

J. D. Hardy, E. F. Barker and D. M. Dennison, Phys. Rev., 42, 279 (1932). 

W. F. Giauque and H. L. Johnston, Nature, 123, 318, 831 (1929), 

H. D. Babcock, Nature, 128, 761 (1929). 

W. D. Harkins, Jour. Amer. Ghem. Soc., 89, 856 (1917). 
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niimber make up far the greater share of matter. These elements pre- 
ponderate in a marked degree both in tlie earth's crust and in meteorites. 
They are perhaps ten times more abundant than are those of odd atomic 
number. The light elements are in general much more abundant than the 
heavy. Certain elements such as He, Ne, A, and Kr are exceedingly rare. 
Since the discovery of isotopes the further question of the relative abundance 
of individual isotopes has arisen. Results of many studies of this and 
similar questions have been summarized elsewhere.®®*®® There appear to 
be a number of elements for which the isotopes of median mass numbers are 
far more abundant than are those considerably removed from this median 
number. On the other hand, there exist a group of elements for which the 
lighter isotopes seem far the more abundant. Apparently many family 
resemblances in isotopic structure exist for various elements throughout 
the periodic table. It is also interesting that there exists®® in nature an 
unusual abundance of atoms having masses some multiple of 8. Of the 
nine most abundant types of atoms, O^®, Si^®, Al®^, Na®®, Ca^®, Fe®®, 

K®® and Mg®^, four have atomic weights some multiple of 8. 

6. THE SEPARATION OF ISOTOPES 

The fact that each element found in nature has always the same atomic 
weight, even though it is made \\\y of a number of isotopes of various masses, 
suggests that it might be difficult to separate the isotopes of an element by 
any simple process. I'lie tlieoretical problem of such separation has been 
of importance since the first discovery of isotopes. Once it is possible to 
produce a real separation there is no telling what practical applications 
may spring up. Today numerous isotopes have been separated to a 
sufficient degree and in sufficient quantities for physical and chemical 
research. Almost coniiilete seiiaration has been accomplished for a few. 
Several of these nearly pure isotopes are now being used with some success 
in various biological and physiological studies. 

There are several ways in which it is possible t(^ ])roduce at least a partial 
separation of i.sotopes. The early method.s have been discussed admirably 
by Aston/®® while the later works have been summarized by Urey^®^ and by 
Walcher.’®- For the present purpose it will be sufficient to call attention 
to a few of the more important methods of separation, and to point out the 

G. Ilevo.sy, (-htmiiral Ajial}fnin by X^Raya and if it Applirafinnit (New Y«)rlc: McGraw-Hill, 
1932). 

®® F. W. Aston, Mamt Spectra and Isofopcit (Srcl cd.; London; K. Arnold & Co., 1033), 
pp. 177-185. 

100 p Yi. Aston, Mass Spectra and Isotopes (3rd ed.; London: E. Arnold & Co., 1938), 
pp. 210-233. 

IT. C. Urey, Rep. hn Frog, in Phys,, 6, 48 (1039). 

1®® W. Walchcr, Ergch. d. cxaH. Naturmas., 18, 165 (1939). 
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degree of separation that has been accomplished. These methods may V)< 
classified as: (1) Separation by electrolysis; (2) Separation by diffusion ; (^5. 
Separation by fractional distillation; (4) Separation by chemical exchange 
reactions; (5) Separation by thermal diffusion; (6) Separation by centrifuga 
action; (7) Separation by the mass spectrograph; (8) Separation by photo^ 
chemical action. 

Theoretically, the rate at which a gas diffuses through a porous materia] 
or through an opening depends upon the mass of the atoms of the diffusing 
gas. The velocity of diffusion is inversely proportional to the square mot 
of the mass of the atom. It appears, therefore, that if a gas such as neon, 
which is composed mainly of the two isotopes 20 and 22, were allowed to 
diffuse repeatedly through a porous material or through an opening, rela- 
tively more of the lighter isotope should be found in the one sample, while 
more of the heavier isotope should remain in the residue. Unfortunately 
the separation is extremely slow, for the square roots of the masses of the two 
isotopes of neon differ by only five percent. But with the exception of the 
isotopes of hydrogen, which were entirely unknown in the earlier days, no 
gas seemed to offer a better possibility. It is quite natural therefore that 
the first efforts toward separation were made upon Ne. Aston attomp ted 
to separate Ne by a series of fractional diffusions before the existence of the 
Ne isotopes had been definitely proved. After a long and tedious series «>f 
fractionations, an analysis of the two end fractions, theoretically those of 
greatest and least density, yielded atomic weights of 20.28 and 20.15 as 
against the normal atomic weight of 20.2. While the change in atomic 
weight observed in these experiments was small, in the light of later devcloi)- 
ments it appears that a partial separation was actually accomplislitMl. 
Although the evidence was far from conclusive at the time, the differeiico in 
atomic weights of the two end fractions appeared entirely too large 
attribute to experimental error. It was roughly what was expected on tlie 
theory of diffusion. 

A somewhat similar separation was accomplished early for ITCl 
Part of this is made up from CP® and part from Harkins, after 

repeated fractionations by diffusion, in which the volume of gas was reduced 
from the original 19,000 liters to a few cc., found the heavier fraction t.o 
yield an atomic weight of 35.512 for the Cl. Since the normal atomic 
weight of Cl is 35.457, an increase of 0.055 had thus been effected. A few 
years later it was reportedio4 that Cl with an atomic weight as low as 35.4 1 8 
had been obtained. While changes in atomic weight effected by these 
tedious fractionations were not large, the results left no doubt that a partial 
separation had actually been accomplished. 

108 j)^ Harkins and A. Hayes, Jour, Amer. CJiem, 8oc., 43, 1803 (1921). 

W. D. Harkins and F. A. Jenkins. Jour. Amer. Chem. Soc., 48, 58 (1920). 
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Comparable success was attained early by another method. It can be 
shown that the rate of evaporation from a liquid surface depends upon the 
mass of the atoms of the liquid; this rate is inversely proportional to the 
square root of the mass of the atom. Hence, if a liquid consists of two 
isotopes, the evaporated material should be relatively rich in the lighter 
isotope and the residue should contain more than the normal amount of the 
heavy isotope. BrSnsted and Hevesy^°® applied this method to the separa- 
tion of Hg. Liquid Hg was allowed to evaporate in vacuum. The upper 
surface of the containing vessel, which surface was only a few cm. from that 
of the liquid Hg, was cooled witli liquid air. Practically all atoms evapo- 
rated from the liquid Hg surface struck this cooled surface and condensed 
thereon. Accurate density measurements were then made upon the evapo- 
rated and the residue samples. After repeated fractionations during which 
the volume of Hg was reduced by a factor of 100,000, these workers reported 
densities of 0.99974 and 1.00023 that of ordinary Hg for the two end frac- 
tions. H5nigschmid and Birckenbach,^®® separating Hg by this same 
method, found end fractions of densities 0.999824 and 1.000164 that of 
ordinary Hg. These correspond to atomic weights of (200.564 ± 0.006) 
and (200.632 ± 0.007), whereas the atomic weight of ordinary Hg is (200.61 
± 0.006). Bronsted and Hevesy^®^ obtained a partial separation for Cl 
using essentially the same method. By evaporating a solution of HCl 
in water they produced a change of 0.024 units difference between the atomic 
weights of the two end fractions. Thus this general method again produced 
without question a partial separation, but the end samples were far from 
pure isotopes. In fact, they were just measurably different from the usual 
mixture of isotopes. The one sample had been enriched slightly in the 
lighter isotope, whereas the other had been similarly enriched in the heavier 
isotope. 

More recent efforts^® toward nearly complete separation of isotopes 
have been rewarded with much greater success. Hertz, employing 
gaseous diffusion at low i)rcssure through a special porous material, suc- 
ceeded in producing a real separation for the isotopes of Ne. He produced 
a light end fraction wliich contained less than one percent of the heavy 
isotope. This repreHente<i a real separation, for the heavy isotope of normal 
Ne re])resents roughly ten percent of the total. The heavy end fraction 
was found to contain ap])roxiinately 70% Ne***^ and 30% Ne'-*®. Hertz^®® 
and his associates hav(‘ since snccce<le(l in isolating almost completely 

J. N. BrmiHled and (i. HevoHy. Nature, 106, 144 (lOJeO); FhU. May., 43, 31 (lOa*). 
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from the lighter isotopes of this element. In a similar manner the heavy 
hydrogen isotope has been obtained^® in a spectroscopically pure state 
by repeated diffusions. The separation of hydrogen isotopes presents 
far less difficulty than that of heavier elements, for the percentage difference 
of mass is relatively great for the components of hydrogen. The same 
method has yielded^^^ methane of which 16% was C^®H 4 , whereas the 
normal concentration of the isotope in methane is only 1 %. It has also 
yielded nitrogen of which 6% was whereas the normal concentration 

of the isotope in nitrogen is only 0.6%. 

One of the most effective methods of separation in many cases is that of 
thermal diffusion introduced by Clusius and Dickel.’^^^ In this method the 
gas comprised of two or more isotopes is placed between two vertical parallel 
walls. The one wall is kept hot and the other cold. Diffusion results in a 
concentration of the heavier isotope near the cold wall and of the lighter 
isotope near the hot wall. Due to thermal convection there is a flow of the 
colder gas^ which is rich in the heavier isotope, downward near the cold wall, 
and a flow of the warmer gas, which is rich in the lighter isotope, upward near 
the hot wall. This results in a concentration of the heavier isotope at the 
bottom and of the lighter isotope at the top of the apparatus. Using this 
method Clusius and DickeP^® produced 99.6% pure CP® and 99.4% pure 
CP^. Two different samples of CP® had atomic weights of 35.0£1 and 
34.979. One sample of CP'^ had an atomic weight of 36.956. A comparison 
of these atomic weights with those determined by the mass spectrograph for 
the two isotopes shows how nearly complete was the separation. Other 
isotopes have been separated^®^ by tlie same method. Among these jg 
C^®. The separation of this isotope is of particular interest because of its use 
as a tracer in biological work. Watson^^® has recently estimated the cost of 
production of C^® at a concentration of ^0% at $300 per gram exclusive of 
labor, when the separation is made by the thermal diffusion process. While 
this method is less economical for the separation of than is another 
method to be discussed immediately, it does have certain advantages for 
biological laboratories. 

Pronounced separation of isotopes has also been produced in a number of 
instances by a chemical method known as the exchange reaction method. 
Consider the particular case of the nitrogen isotopes, the separation of which 
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by this method was first investigated by Urey and Aten.^^^ Because of the 
very small difference in chemical properties attributable to isotopes, it is 
necessary to employ rather unusual methods to effect a chemical separation. 
Consider the exchange reaction 

= N^^Hb + Ni«H4+ 

wherein the ammonia NHs is in each case in gaseous form and where the 
ammonium ion NH 4 + is obtained from an ammonium salt in water solution. 
This reaction is allowed to proceed in a fractionating column much like that 
used for distillation. The process is often referred to as a two-phase counter- 
current process. The two phases in this case are the gaseous and the liquid. 
The counter-current designation comes from the fact that, in this case, 
ammonium salt in water solution flows down a fractionating column, and 
ammonia gas, freed at the bottom by the addition of sodium hydroxide, 
passes up the column. 

If K be the equilibrium constant for the above reaction, then 
(NifiH4+)(Ni^H3) _ ^ (N'fiH4+)/(Ni4H4+) 

where the parentheses represent the concentrations of the materials inclosed 
therein. Now it has been shown that in general the equilibrium constants 
for such exchange reactions are not exactly unity.^®^ Furthermore, it has 
been shown that if the constant is not unity for a given reaction then a 
partial separation of isotopes will result, the one being concentrated in the 
gaseous phase and the other in the liquid phase. The greater the divcrgencci 
of the constant from unity the more rapid the separation. Since the con- 
.stant has been found to differ from unity by a significant amount only for the 
lighter atoms, it is only for the light atoms that a real separation can be 
effected by the method. Since it has also been found that the constant 
approaches unity more closely as the temperature is raised, the process must 
be carried out at a low temperature if it is to be most effective in producing a 
separation. By this method the isotopes H®, Li*^, and have been 
produced in significant concentrations. Concentrations as high as 25% of 
in sodium cyanide have been ]>roduced,“® and at the rate of 0.15 grams 
of per day. The normal concentration of this isotope is only 1.06%. A 
concentration of 72.8% of has been produced. Concentrations of 
50% of can be produced at the rate of several grams per day. '^Fhe 
chemical method is the most rapid and the most economical method of 

H. C. Urey and A, H. W. Aten, Phyit. Rev., 60, 575 (1930). 
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separating a number of important isotopes. It has been estimated that 

and can be produced for $15 per gram. 

The discovery of heavy hydrogen, an isotope of mass two, was encour- 
aged by an accidental error in the early value for the atomic weight of 
hydrogen. Recall that Aston^^ had obtained a value (1.00778 ± 0.00015) 
for the atomic weight of At that time the most probable value^^° from 
chemical determinations was (1.00777 ± 0.0000^). These figures, being in 
perfect agreement, seemed t® indicate that no heavier isotopes of hydrogen 
existed. The subsequent discovery of the two heavier isotopes of oxygen 
changed the situation materially. As has already been pointed out, the 
existence of these meant that the physical and chemical scales of atomic 
weight were slightly different. To express any physical value on the chemi- 
cal scale it is necessary to divide by the factor 1.00027. Thus Aston’s value, 
when converted to the chemical scale, was 1.00750, This was appreciably 
smaller than the chemically determined atomic weight; what had appeared 
to be perfect agreement thus proved to be false. It was pointed out^^^ that, 
in order to remove this inconsistency, one must suppose that H contains 
some heavier isotopes. A careful search for these by Urey, Brickwedde and 
Murphy®^ revealed the presence of H^. The abundance of this isotope was 
judged to be of the general order of that necessary to bring the mean atomic 
weight of ordinary hydrogen up to the value observed chemically. It is 
interesting that, whereas an apparent discrepancy stimulated greatly the 
discovery of heavy hydrogen, this discrepancy itself was later shown to be 
due to a small experimental error. It was shown that the original mass 
spectrograph value was slightly low, and this in spite of the fact that Aston’s 
value had been confirmed accurately by Bainbridge.^® When the new spec- 
trograph value of 1.0081 was converted to the chemical scale, it agreed so 
nearly with the chemically determined value that there was no longer any 
reason to suppose the existence of a heavier isotope of hydrogen. Thus a 
certain discrepancy had encouraged a search for unknown isotopes of 
hydrogen. Heavy hydrogen had been found. And then the theoretical 
need for heavy hydrogen was removed through elimination of a small experi- 
mental error. Aston^^ remarked that he would never regret the slightly low 
value obtained for hydrogen in 1927, since it played such an essential part in 
encouraging the search for H^. 

The isotopes of hydrogen have been separated by several methods. The 
first method employed was that of fractional distillation near the triple point. 
This method of separation was used by the discoverers to concentrate the 
heavy isotope in samples to be examined spectroscopically. In more recent 
years an elaborate system of fractional distillation, employing a huge dis- 
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tillation column, has been used with success in concentrating other relatively 
rare isotopes, such as those of oxygen and nitrogen. Under the direction of 
Urey this process has yielded samples of surprising enrichment of certain 
isotopes. 

Commercially, the most important method of separation of the heavy 
hydrogen isotope is that of electrolysis. It was found by Washburn and 
Urey ^22 electrolytic cells used for the production of hydrogen 

and oxygen contained much greater than normal concentrations of heavy 
hydrogen, and that this method could be used-for the production of almost 
pure heavy water. Lewis and MacDonald^^®’^^^ almost immediately pro- 
duced concentrated heavy water by this method of electrolysis. Since then 
almost pure heavy water has been produced in large quantities. As the 
heavy water is taken from ordinary water the density of the remaining water 
decreases below the ordinary value. Water of density 21 parts per million 
less than that of ordinary water has been produced. This water has sup- 
posedly been freed from all molecules containing the heavy hydrogen isotope. 
Such observations indicate that the concentration of in ordinary hydro- 
gen is approximately one part in 5,000. 

The theory of electrolytic separation is not entirely clear. One would 
immediately aus])ect that the different rates of diffusion of the two isotopes, 
or the difference in the mobilities of their ions, might be responsible. Appar- 
ently, however, these are relatively unimportant factors. 6 q'j^e most 
important factor seems to be connected with the transfer of an electron from 
the cathode metal to the solution, and the simultaneous adsorption of the H 
atom by the electrode. The energies involved in this process are apparently 
different for ordinary and for heavy hydrogen. This subject has been dis- 
cussed in some detail by Urey and Teal.^^® 

Because of the widespread use of heavy water, and because it is one of the 
few compounds which can be produced in practically pure isotopic form, it is 
interesting to compare a few of tlie properties of heavy water with those of 
ordinary water. Many of these ])ro])ertics have been summarized else- 
where.^^® A few of the more fundamental ones arc shown in Table V. It 
should be understood that the lieavy water commonly spoken of is really only 
one of a number of possible heavy waters. Since there exist two stable 
isotopes of hydrogen and three of oxygen it follows that there are 0 distinct 
kinds of water ])ossible. Jh*ohably all of these exist to some extent, though 
the scarcity of certain isotopes leads to very small concentrations of most of 
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them. The one heavy water ordinarily spoken of is that made from two 
atoms of the hydrogen isotope of mass two, called deuterium, together with 
one atom of O^®. This is the heavy water that has been obtained in prac- 
tically pure form and which is widely advertised commercially. 


TABLE V 

Comparative properties of ordinary and heavy water 


Property 

H,0 

msm 

Specific gravity at 25° C relative to ordinary water 



ates® c 

1.0000 

1.1070 

Temperature of maximum density 

4.0° C 

11.6 

Dielectric constant 

81.5 

80.7 

Surface tension 

72.75 dynes/cm. 

67.8 

Viscosity at 10° C 

18 . 10 millipoises 

16.85 

Melting point 

0.000° C 

3.802 

Boiling point (76 cm. of Hg pressure) 

100.00° C 

101.42 

Heat of fusion 

1438 cal/mole 

1510 

Heat of vaporization at 25° C 

10,484 cal/mole 

10,748 

Refractive index at 20° C for NnD line 

1.33300 

1.32828 


Another possible method of isotope separation is that of centrifuging. 
The theory of this was given by Aston andLindemann in 1919. Numerous 
early attempts at separation by this method were unsuccessful. Recently 
Beams and his associates have developed an extremely high speed type of 
centrifuge and have applied it to the separation of isotopes. With this 
apparatus it has been possible to obtain^^®-^^® appreciable separation for a 
number of materials. The percentage separation yet produced is small, and 
about that indicated by theory. 

It has always been realized that the ideal way to obtain isotopes in a pure 
state is through use of a mass spectrograph. Such an instrument concen- 
trates particles of different masses at different places. If these particles 
could be caught separately, one would have samples of the pure isotopes. 
The difficulty of application is that an insufficient number of particles can be 
trapped in any reasonable length of time. In recent years, however, certain 
designs^®®' of mass spectrographs have provided unusually intense positive 
ion currents, and the Li isotopes have been separated in sufficient quantities 
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for certain work. Using this method of separation, Smythe and Hemmen- 
dinger^’ have succeeded in collecting sufficient samples of the several K 
isotopes to prove that is the isotope which is responsible for the radio- 
active properties of K. While it will never be possible to collect large 
samples by the mass spectrograph method, it may well provide sufficient 
quantities of pure isotopes to allow at least certain types of studies. 



Chapter 6 


PHOTONS— THE PHOTOELECTRIC EFFECT 
—RADIATION AND ABSORPTION 

Serious studies of the nature of light date back at least to the seventeenth 
century. In the early days the generally accepted concept was that a light 
beam consisted of a stream of rapidly moving corpuscles emitted by the 
source. This view was held by Newton. Satisfactory interpretation of 
such simple phenomena as straight line propagation, reflection and refraction 
were possible on this view. About this same time, however, Huygens 
formulated his wave theory of light. This likewise accounted in a simple 
manner for reflection and refraction, but straight line propagation was not at 
that time evident on this view. Studies of diffraction and interference 
effects, started by Young early in the nineteenth century, soon turned the 
tide strongly in favor of the wave theory. After Maxwell brought forward 
his quantitative treatment of the electromagnetic wave theory in 1864i the 
case seemed conclusive. About 1900, however, there began to appear a num- 
ber of difiSculties with the simple wave theory. It was because of these that 
Planck proposed a radical change of view, at least as regards the process of 
radiation and absorption. He proposed that radiant energy is emitted and 
absorbed in bundles, or quanta, not continuously as the wave theory would 
have it. This idea was extremely fruitful during the ensuing years, and its 
basic correctness seems to liave been proved beyond a doubt. Thus we have 
returned to a form of corpuscular theory, one in which the corpuscles arc 
definite quantities of energy. This does not mean that the wave theory has 
been discarded; it is still necessary to account for many phenomena. But so 
is the quantum theory equally essential to account for other observed phe- 
nomena. The concept of energy quanta received one of its earlier convinc- 
ing confirmations from the ]dieu()nienon of emission and absorption of 
radiant energy by gaseous atoms. Other equally convincing evidence came 
from studies of photoelectricity, llie emission of electrons from metal surfaces 
illuminated with ultraviolet light. Still other evidence came from studies of 
ionization and resonance potentials, and from studies of the scattering of 
X-rays. These studies will now be discussed at sufficient length that the 
underlying concepts may be made clear. 
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1. THE EMISSION AND ABSORPTION OF RADIANT ENERGY 

General Information Regarding Emission from Gases 

The mechanism by which atoms emit and absorb radiant energy is of 
considerable significance. Attempts to analyze this phenomenon have 
played a large part in formulating the present mechanical model of the atom. 
At the same time they have led to highly accurate quantitative evidence of 
the basic correctness of the quantum theory concept of emission and 
absorption. 

All gases when heated or otherwise excited emit characteristic bright line 
spectra. Energy is radiated from an excited atom only at certain well- 
defined frequencies, or wave lengths. Many of these wave lengths are in or 
near the visible. Atoms of any one material emit many lines; that is, they 
emit radiation of many well-defined frequencies. These emission lines are 
extremely sharp, appearing to occur at nearly single frequencies rather than 
over a frequency band of appreciable width. The bright line spectrum of 
any gas is characteristic of the atoms of that material; no other atom emits 
the same groiij) of lines. Also, a gas radiates this characteristic line spec- 
trum, entirely unaltered, when mixed physically with other gases. The 
absence of the line spectrum characteristic of any particular gas is a sensitive 
test of the purity of a sample as regards possible contiimination by this gas. 
A gas has also a characteristic line absorption spectrum. That is, if light of 
all wave lengths is sent through a gas, the gas absorbs light only at sharply 
defined characteristic wave lengths. A gas absorbs when cool exactly those 
wave lengths which it itself emits when hot. This absorption spectrum is 
not.altered by a physical mixing of other gases with the one being studied. 
Each gas present adds its own characteristic absorption. 

Polyatomic molecules, that is, molecules composed of two or more atoms, 
have spectra (piite distinct from that of the atom. The single hydrogen 
atom, for example, emits one line spectrum; the hydrogen molecule emits a 
different line s])ectnim. Let us confine our attention for the moment to the 
spectrum characteristic of the hydrogen atom. At least four distinct 
groups, or series, of lines liave been observed. The spacing of lines, as 
regards wave length, within any one group progresses in a regular order; as 
one proceeds to shorter and shorter wave lcngth.s the lines occur closer and 
closer together. The lines become so close at the shorter wave lengths that 
they appear to overlaj), the wave length ap])roaching a definite lower limit. 
Such a grou]) of lines is called a scries. Fig. 1 reproduces^ a photograph of 
one of the series for atomic hydrogen. This is called the Palmer series. 
Several of these lines are in the visible, and the remaiiifler arc in the neai’ 

1 G. Ilorzbor^;, Atul d. Physik^ 84, 605 (1927); Atoviic Spectra and Alo7ntc Siniciure (New 
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ultraviolet. The longest and the shortest wave lengths are 6563 and 3646 
A°, respectively. Hydrogen also emits another group, the Lyman series, all 
of the lines of which are far in the ultraviolet. Still another series, the 
Paschen, occurs in the infrared. A few lines of a fourth series, the Brackett, 
and of the fifth series, the Pfund, have been observed still farther in the 
infrared. Atoms other than hydrogen also emit characteristic series of lines, 
but the frequencies and the spacings of these lines are quite different from 
those for hydrogen. 

Although it had been possible, even before the advent of the quantum 
theory, to find many empirical relationships among the lines constituting the 
bright line spectrum of a gas, no success whatever had been attained in 
correlating these lines with atomic structure. There existed no concept as 
to why the atom emitted just these particular frequencies, nor did there 
exist any worthwhile picture of the mechanism by which it emitted them. 



Hflf Ejj Hy Ha 

Fig. 1. — The Balmer series of atomic hydrogen. 


It was years after Planck s original suggestion that energy was emitted.and 
absorbed in discrete amounts hvy that Bohr® first succeeded in applying these 
ideas to the problem of line spectra. The results caused revolutionary 
changes in the concepts of atomic structure. 

Previous to Bohr’s contribution there was little exact knowledge on 
which to base any concept of the structure of an atom. It was fairly certain 
that the atom contained both positive and negative charges, but one could 
only guess at the relative locations of these within the atom. Was the posi- 
tive charge near the outer extremities of the atom, or was it deep within? 
J. J- Thomson had suggested a model in which the positive charge was dis- 
tributed uniformly throughout a spherical region, and in which the electrons 
were in various shells within this region. On the other hand, Rutherford® 
had suggested that the atom consists of a positively charged nucleus sur- 
rounded by electrons. Since then it has become possible to obtain fairly 
direct and entirely convincing experimental evidence, which will be discussed 
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in a later chapter, that all of the positive charge on an atom is located in an 
extremely small and centrally loca*ted region called the nucleus, and that the 
outer part of the atom consists of so-called planetary electrons, the number 
of these being different for different atoms. 

But this experimental evidence was not yet available in 1913. Neverthe- 
less, Bohr assumed that an atom consists of a small, centrally located and 
positively charged nucleus,, and that electrons rotate about this nucleus 
much as the planets rotate about the central sun. The simplest atom, 
hydrogen, was assumed to consist of one proton as a central nucleus; there 
was one planetary electron rotating about this. The helium atom was 
supposed to consist of a small central nucleus made up of particles having a 
total mass approximately four times that of the proton and a net positive 
charge the equal of two electrons; there were two planetary electrons rotat- 
ing about this nucleus. Other atoms were assumed to be constructed in a 
similar manner. The greater the atomic number the greater is the number 
of planetary electrons. It is now known that the number of planetary 
electrons associated with any particular atom is equal to the atomic number 
of that atom. 

The Classical Concept of Radiation 

Before proceeding to Bohr’s interpretation of the emission of radiant 
energy, it is well to point out what little success had been attained by the 
classical theory. The planetary model of the atom supposes that the 
various electrons belonging to the atom rotate in orbits about the central 
nucleus. It can easily be shown mathematically that if one relatively light 
body moves about a second relatively massive one, and if the two bodies 
attract one another with a force inversely proportional to the square of the 
distance between theni, then the light body will move in a circle, an ellipse, a 
parabola, or a hyperlola, having its focus at the massive body. If a system 
is to be permanent, then of course the path must be either a circle or an 
ellipse. All of the planets describe ellipses with the sun at one focus. The 
planet moves always with such an angular velocity, and at such a distance 
from the sun, that the centrifugal force outward is exactly balanced by the 
force of attraction between the two masses. It is conceived that the plane- 
tary electron of the atom executes a similar orbit about the nucleus as focus. 
In this way a dynamically stable atom results. 

Before the work of Bohr there api:)eare(I to be serious objections to such 
an atom model. Think of an (‘lec-tron rt)tating with constant angular veloc- 
ity in a circle about the nucleus. This electron is accelerated toward the 
center of the circle. Now it is shown in classical electrodynamics that an 
accelerated electric charge radiates energy as an electromagnetic wave. The 
frequency of the radiation should be the same as that with which the accelcr- 
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ation repeats itself. It follows that the frequency of radiation should be the 
same as the frequency with which the electron rotates in its orbit. On 
classical theory this radiation might represent one of the characteristic lines 
emitted by the atom. There are, however, two serious difficulties. Even 
an atom as simple as hydrogen emits many characteristic frequencies; and 
how could the rotation of the one planetary electron possessed by hydrogen 
be responsible for all of these ? Furthermore, if this rotating electron does 
radiate energy, then from the law of conservation of energy one would expect 
the energy of the electron itself to decrease. In doing this the electron 
moves in closer to the nucleus. A continuously radiating electron would 
therefore spiral gradually iriwar<l. Such an atom would not be a stable 
system. This concept of radiation was therefore untenable. 


Bohr’s Theory of Radiation 

Recognizing the insurmountable dilfictilties of the classical concept of 
radiation, Bohr® proposed an entirely new theory in 11)13. Let us proceed 

with the development of the basic theory bb 
applied to the simplest of all atoms, an atom 
having but one planetary electron. There 
is only one normal atom which meets this 
retpiircineiit, and this is the liydrogen atom. 
An ionized atom of helium would also meet 
the reciuirement, for one of its customary two 
electrons has been taken away in the ionization 
process. A doubly ionized lithium atom 
wcnild also meet the recpiirement, for there 
remains but one planetary electron. Bohr 
assumed that such an atom consists of a 
small but massive and positively charged 
nucleus, about wliicli rotates a single ])laiielary eleelron in an orbit such that 
the centrifugal force is always balanced by the ole(‘ti*ieal Force of attraction 
between the electron and the nucleus. While balan(‘e of forces might be 
met by either an elliptical or a circular orbil, let the j)rcscnt discussion be 
limited to circular orbits only. Jiolir su])p()sed that this centrally 
accelerated electron does nut radiate as classical electrodynamics would lead 
otic to suspect. Ill this way llic atom remains a stable system with the 
electron rotating in a fixed orbit. Now the centrifugal force and the 
electrical force of attraction can balance for any radius of orbit provided 
the electron moves with tlie a])i)ro]>riale velocity. Bohr assniiied, however, 
that only certain of the infinite number of orbits were possible. The only 
ones possible were assumed to be those for which the angular momentum of 
the electron was some whohi nmltii3lc of A/Stt, where h is the universal 
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constant introduced some years earlier by Planck in his theory of the du 
tribution of energy radiated from a black body. Referring to Fig. 2, a 
balance between the centrifugal force and the force of attraction is obtained 
when 

mv^ _ Ze^ 

T 


It is apparent from this that the kinetic energy of the electron is given by 



Ze^ 

%T 


Now Bohr assumed that the angular momentum, or the moment of momen- 
tum, must be some integer times /i/Stt. Thus, the electron can exist only in 
those orbits for which 

nh 


where n is some whole nundber. If one solves this equation for substitutes 
this value for v in the equation for the kinetic energy, and solves the resulting 
equation for r, he finds that 

— 


Thus, according to Bohr’s assumption, the electron can rotate only in those 
orbits which have radii given by this last ex])ression. The radii of these 
permitted orbits are obtained by giving n the values 1, 2, 55, 4, etc. These 
radii are in the ratio of the scpiares of small whole numbers. 

Since the electron is in the field of tlie nucleus it also possesses potential 
energy. This potential energy is given by 


r.E. 



-Ze^ 

r 


The total energy W of the electron is, therefore 


W = K.E. + P.E. 


r 


-Ze^ 

2r 


If the value of the permitted radius r be substituted into this, one obtains 


If = - 
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This represents the discrete energies permitted by Bohr*s assumption. An 
electron is supposed to exist in a stable state with any one of these energies, 
that is, in any one of these permissible orbits. 

Bohr further assumed that monochromatic radiation of energy is brought 
about by the electron jumping from one orbit into some inner orbit. He 
assumed that the frequency of this radiation was such that when multiplied 
by the constant A, the product is equal to the change in the energy of the 
electron. That is, if is the energy of an electron in its initial permitted 
state, and if FT/ is the energy of the electron in its final permitted state, then 

hy = Wi-Wf 


in which v is the frequency of radiation and h is the same constant as entered 
previously. Substituting in this equation the values of Wi and W / for the 
two states, and solving for the frequency v, one obtains 

^ A® \7i/® nt®/ 


The numbers n,- and Uf may be any integers, but for radiation of energy 
must be larger than ri/. n = 1 corresponds to the innermost orbit; n = % 
corresponds to the next orbit out from the nucleus, etc. In terms of the 
Ky Z, M, etc., energy levels, n = 1 corresponds to the K shell, n = 2 to theX 
shell, n = 3 to the M shell, etc. 

Before attempting a comparison between this theory and experiment, 
attention should be called to one slight correction which is necessary. It has 
been supposed that the nucleus remains stationary and that the electron 
rotates about it. Although even- a nucleus of hydrogen is 1837 times as 
massive'* as the electron, this nucleus will not remain absolutely at rest. 
The electron and the nucleus will rotate about their common center of mass. 
The motion of the nucleus will of course be small as compared to that of the 
electron, and the resulting correction should be small. Consideration of this 
correction due to the motion of the nucleus leads to the introduction of a 


factor -j r-^ where M is the mass of the nucleus. The correction 



amounts to 1 part in 1837 for hydrogen. The corrected expression for the 
frequency of radiation is then 


V 





* R. T. Birge, A Mimeograplied, “ Consistent Set of Values of the General Physical Constants,*' 

aa of August, 10S9. 
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This expression is commonly written 



where the constant R is known as the Rydberg constant. This constant 
takes on slightly different values for different atoms, depending upon the 
mass M of the nucleus. 

Let us now turn to experimental evidence bearing upon the equation 
derived for the frequency of emitted radiation. Consider the spectral data 
available for atomic hydrogen. In particular, consider those emission lines 
representing the Balmer series. The fourth column of Table I gives the 
observed wave lengths, as collected by Saha®, of the lines of this series that 
have been measured. Not a line between the wave lengths 6563 and 3657 
A° has been omitted. 

Now if one puts into the Bohr expression for frequency the values of the 
known physical constants, including the Z and M appropriate for hydrogen, 
if 71/ is given the fixed value 2, and if Ui is allowed to take on the values 3, 4, 5, 
6, etc., one gets consecutively frequencies corresponding to the wave lengths 
of the observed lines. Unfortunately, the known constants in the Bohr 
expression cannot be measured individually with the same degree of precision 
as can the wave lengths of spectral lines. A real test of the form of the Bohr 
expression for frequency can best be made, therefore, by using a value of the 
constant R obtained directly from spectroscopic data. The best value of 
this constant for hydrogen, determined experimentally, is^ 

Rn = 109,677.747 ± 0,008. 

Using essentially this value of Ruf assigning rif the fixed value 2, and allowing 
Ui to take on the values 3, 4, 5, 6, etc., Saha® calculated the theoretical wave 
lengths in air shown in the third column of Table I. The known index of 
refraction of air for each wave length was used to convert the calculated 
wave lengths in vacuum to those in air. The agreement between the 
calculated and the observed wave lengths is remarkable. Every one of the 
thirty-six observed Balmer lines is accounted for by the Bohr expression, 
and the wave length of each is given accurately. Accepting the Bohr 
concept of emission, therefore, the various lines of the Balmer series are 
emitted when electrons move from the various outer energy levels indicated 
in Fig. 3, always into a common final level corresponding to n; = 2. Absorp- 
tion of radiant energy occurs when the electron moves from an inner to an 

® M. N. Sahn and N. K. Saha, A Treaiise on Modem Fhynrs (Allahabad and Calcutta: I'he 
Indian Press, 19S4), Vol, I, pp. 319-3(](). 
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TABLE I 

Comparison of the calculated and observed wave lengths of the Balmer series of lines for 
atomic hydrogen, as collected by Saha.® Wave lengths are those' in air, and are given in A“. 
Saha used a value 109,678.696 for the Rydberg constant for hydrogen, and a value approxi- 
mately 1.00028 (varying slightly with wave length) for the index of refraction of air, in evalu- 
ating the calculated wave lengths 


Name of 
line 

Value of Hi 

Calculated 
wave length 

Observed 
wave length 

Ha 

8 

6662.793 

(6562.8473 

<6662.7110 


4 

4861.327 

(4861.3678 
} 4861. 2800 

Hy 

5 

4340.466 

(4340.407 

<4340.429 

H» 

6 

4101.788 

4101,7346 

H. 

7 

8970.076 

3970.0740 


8 

8889.052 

3889.0676 


9 

8B3«.8B7 

3835,307 


10 

3797.900 

3797.910 


11 

3770.633 

3770.634 


12 

3760.154 

3760.162 


13 

8784.871 

3734.372 


14 

3721.948 

3721.948 


16 

8711.973 

3711.980 


16 

3708.866 

3703.861 


17 

3697.164 

3697.160 


18 

3691.657 

3691.653 


19 

1 8686 . 884 

3686 . 833 


20 

3682.810 

3682.825 


21 

3679.366 

3(^79.372 


22 

3676.364 

3676.378 


23 

3073.761 

3673.76 


24 

3671.478 

3671.42 


26 

3669.466 

3669.60 


26 

3667.384 

3667.69 


27 

3666.097 

3666.10 


28 

3664.679 

3664.60 


29 

3663.406 

3663.42 


80 

3662.268 

3662.24 


81 

3601.221 

3661.34 


32 

3660.280 

3660.33 


33 

3669.423 

3669.68 


34 

3668.641 

3658.81 


36 

3657.926 

3668.00 


36 

3657.269 

3667.26 


00 

3646.981 
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outer energy level. The concept makes clear why the frequencies of the 
absorption lines are exactly the same as those of the emission lines. 

Although it is commonly stated that gases emit only bright line spectra, 
this is not exactly true. They do not emit continuous spectra in the sense 
that a hot solid does, but they do emit in certain regions a somewhat 
restricted continuous distribution of energy. For example, atomic hydrogen 
emits a continuous spectrum restricted to the region of wave lengths just 
shorter than the shortest wave length of the Balmer series. One might 
properly inquire into the origin of this. On the Bohr picture the shortest 
Balmer line is emitted when an electron drops from a relatively long way off, 
theoretically from infinity, into the level defined by W/ = 2. This electron 



Fig. 3. — Indicating the origins of the several line series of atomic hydrogen. 

had no energy, either j)otential or kinetic, before moving in. Now suppose 
instead that a free electron with some kinetic energy of thermal agitation 
should drop into the same final orbit. It would give up more energy in the 
transition and, on the Bohr concept, would cause radiation of somewhat 
greater frequency. Since free electrons exist with all possible energies of 
thermal agitation, one would expect some radiation at all frequencies above 
that corresponding to the shortest Balmer line. Since the thermal energy is 
relatively small for a great majority of the free electrons, the resulting 
continuous spectrum would extend, in any measurable intensity, for only a 
short way below the shortest line of the series. Similar continuous spectra, 
often called recombination spectra, should accompany other series, and it 
has been found that they do. Their positions and extent are in general 
agreement with the Bohr interpretation. 
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The success of the Bohr concept did not stop with an interpretation of the 
Balmer series of hydrogen. On this picture of emission, why could electrons 
not jump from various levels into the innermost level? And would such 
transitions not lead to another series of lines? If in the Bohr expression n/ 
is given the fixed value 1, and Ui is allowed to take on the values 2, 3, 4, 5, 
etc., there is obtained a series of lines falling entirely in the ultraviolet. The 
observed lines of the Lyman series correspond accurately to the wave lengths 
calculated by giving n; the fixed value 1. Electron transitions giving rise to 
this series are also indicated in Fig. 3, 

A number of hydrogen lines have also been observed in the infrared. 
Most of these fall in the Paschen series, the members of which have wave 
lengths of the order of 10,000 A°. If one gives Uf the fixed value 3 and 
allows rii to take on various larger values, he again obtains wave lengths 
corresponding accurately to the observed lines. At least two lines of a 
fourth series, the Brackett, have been observed far in the infrared, one at 
40,500 and another at 26,300 A°. • These two can be calculated by giving 
71/ the fixed value 4 and giving rii the two values 5 and 6. One member of a 
fifth probable series, the Pfund, has been observed at 74,000 A°. Giving n/ 
the value 5 and rii the value 6, the Bohr expression predicts a line at 74,578 
A°. The discrepancy here is entirely within the probable error of wave 
length measurements this far out in the infrared. Saha® has collected 
quantitative data showing Ihe agreement between theory and experiment for 
all of the known hydrogen series. In view of all these successes the form of 
the Bohr expression can scarcely be questioned. 

Although the Bohr expression is not applicable to any normal atom other 
than hydrogen, it should apply equally well to singly ionized helium, doubly 
ionized lithium, or triply ionized beryllium. Each of these has but one 
remaining planetary electron; it is a hydrogen-like atom. It differs from 
hydrogen only in that it has a larger nuclear charge and nuclear mass. 
Previous to Bohr’s development certain lines constituting a series known as 
the Pickering had been attributed to some form of hydrogen. Subsequent 
to Bohr’s work it was shown^“® that these lines were emitted by ionized 
helium. The wave lengths of these observed lines are given accurately by 
the Bohr expression when Z is given the value 2, M the mass of the helium 
nucleus, uj the fixed value 4, and when rii is allowed to take on higher 
integers. The quantitative agreement is comparable to that for the Balmer 
series of hydrogen. Alternate lines of the Pickering series of helium coincide 
almost exactly with the Balmer lines of hydrogen. But the correspondence 
is not exact; the Pickering lines fall at slightly shorter wave lengths. The 

® A. Fowler, Proo. Roy. Soo., A, 90, 426 (1914). 

7 E. J. Evans, Phil. Mag., 29, 284 (1916). 

®F. Paschen, Ann. d. Physik, 60, 901 (1910). 
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difference in wave lengths, roughly 2 A®, is just accounted for by the 


smaller effect of the factor 



for helium. 


For the same reason the 


Balmer series for heavy hydrogen, atomic weight 2, does not coincide exactly 
with that for ordinary hydrogen of atomic weight 1. Lines for heavy 
hydrogen fall between the normal Balmer and Pickering lines. Other series 
for ionized helium have since been found at shorter wave lengths. The 
observed lines of these three series can be calculated accurately by assigning 
71/ the fixed values 3, 2, or 1, and allowing 7ii to take on higher values in each 
case. But few data are available on the spectra of doubly ionized lithium 
and triply ionized beryllium. The characteristic emission lines of these fall 
far in the ultraviolet. Certain lines have been observed® for each of these, 
however, and the observed wave lengths correspond closely to those calcu- 
lated from the Bohr expression. 

Let us now compare the value of It obtained directly from spectroscopic 
data with the value calculated from individual determinations of the 
constants involved in the Bohr expression. Theoretically the Rydberg 
constant for hydrogen is given by 


jR// 


0 + 5 )“ 


Methods by which the constants e and e/m, and thence m, can be determined 
accurately have already been discussed. There are a variety of ways in 
which the constant li can be evaluated. Some of these will become evident 
shortly. In the earlier days of the Bohr theory it appeared that the value of 
the Rydberg constant calculated from the above expression agreed quite 
satisfactorily with the experimental value obtained directly from spectro- 
scopic data. In recent years, however, there have been appreciable changes 
in the accepted values of two of our fundamental constants, e and e/m. 
These changes have been brought about by more precise experimental 
methods and technique. Unfortunately these newer values, even though 
more accurate, do not lead to as good agreement between the calculated and 
the observed Rydberg constant as did the earlier values. If one uses present 
accepted values^ of the individual constants, the theoretical Rydberg con- 
stant for hydrogen is Rn = 110,410 provided the (juantity v is expressed as 
the number of waves per centimeter instead of the number per second. 
When so expressed it is called the wave number. The wave number is 
obviously the reciprocal of the wave length. The value of R for hydro- 
gen determined experimentally, directly from spectroscopic data, is'^ 


® A. Ericson and B. EdI6n, ZeUit, f. Phydk, 69, 050 (1930). 
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Ra == 109,677.747 ± 0,008. Thus the value calculated from individual 
determinations of the constants involved is % of 1 percent higher than that 
observed directly. Although the discrepancy is not large, it is much greater 
than probable errors of measurement lead one to expect. 

This discrepancy is at present receiving much attention. The real 
reason behind it is not known, though it is generally supposed that the error 
may lie in the direct determination of the ratio h/e, and hence in the value of 
h used in the theoretical calculation. While there exist what are supposed 
to be precise methods of evaluating the ratio h/e, methods other than spec- 
troscopic, it is supposed that some unrecognized error exists in either the 
experiment or the theory behind it. It is of course possible that some small 
correction factor has been omitted in the Bohr theory of radiation, but most 
workers regard tliis as doubtful. It is to be hoped that the real source of the 
small discrepancy will be revealed iii the near future. Much can often be 
gained from efiForts designed to clear up an apparent discrepancy. For 
example, the original discrepancy between the oil drop value of e and the 
value observed indirectly from X-ray wave length measurements was finally 
attributed to an incorrect value for the viscosity of air; newer viscosity 
measurements have removed the discrepancy. In a similar way an apparent 
discrepancy between values of e/m obtained by deflection methods and by 
spectroscopic methods, led to recognition of certain unsuspected errors 
present in previous deflection methods; elimination of these errors has 
removed the discrepancy. It is interesting that the slight changes in 
constants introduced as these discrepancies were eliminated, are just those 
mainly responsible for the present difficulty as regards the Rydberg constant. 
Let us hope for equal success in clearing up the present discrepancy between 
the value of h/e obtained by direct experiment and the value necessary to 
make the calculated Rydberg constant agree with the observed. 

Sommerfeld’s Theory of Fine Structure 

It was probably noticed in Table I that two observed wave lengths 
were given for each of the first three Balmer lines. Actually, all of these 
lines are multiplets, consisting of two or more lines exceedingly close together. 
The separation -is far less than 1 A°. The strong NaD line doublet, with a 
separation of approximately 6 A°, is a matter of common knowledge; it is 
easily resolved by good spectrometers. The separation of the several 
comj)onents of the line is not more than of this, and some members 
of the multiplet are still much closer; such multiplets can be resolved only 
with the best sy)ectroscopes. '^I'liis multiplicity is referred to as the fine 
structure of the line. The details of fine structure differ from one element 

J. W. M. DuMond, 7%.v. Rev,, 66, 153 (1989). 

F. G. Dunnington, Rev, Mod. PhyH., 11, 65 (1939). 
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to another, both as regards the number of lines in the multiplet and the 
spacing of these lines. 

In Bohr’s original treatment of emission from a hydrogen-like atom the 
orbits in which the electron was permitted to exist were all regarded as 
circles. It is known, however, that a dynamically stable system is 
entirely possible if the electron executes an elliptical orbit. On classical 
theory an ellipse of any eccentricity is possible. Sommerfeld^® extended the 
Bohr theory to include elliptical orbits, but only those of certain eccen- 
tricities. An electron executing an elliptical orbit has, in addition to its 
angular momentum, a component of momentum along the radius vector 
drawn from the nucleus to the instantaneous position of the electron. The 
selection of permitted ellipses was made by postulating that this radial 
component of momentum must also be quantized. Any permitted elliptical 
orbit was therefore defined by two independent integers, an azimuthal and a 
radial quantum number. Through introduction of the radial quantum 
number the ellipses permitted were reduced to a few. These few all have 
the same major axis but different, though well defined, eccentricities. 
Details regarding these permitted elliptical orbits can be found in numerous 
more specialized works. It turned out that only one orbit was per- 
missible for. an electron in the K level; this was a circle. Two orbits were 
permissible for an electron in the L level, a circle and an ellipse. Three 
orbits were permitted an electron in the M level, a circle and two ellipses. 

If no account is taken of the variation of the mass of the electron with 
velocity, the energies of electrons in the various orbits of any one main 
level turn out to be exactly equal. But an electron executing an elliptical 
orbit has a variable velocity; it moves faster when in that part of the 
ellipse near the nuelcns, which is at one of the foci, than when in a part of 
the orbit farther from the nucleus. Furthermore, the mass of an electron 
changes with velocity. Soniinerfeld took into account this variation in mass. 
When this is done it turns out that electrons in the various orbits of any 
one main level have slightly different energies. The energy depends upon 
the eccentricity of the orbit. It should be emphasized that these differences 
in energy are small. Theoretically then, each of the main Bohr energy 
levels within an atom is composed of several closely spaced sublevels. 

When ail electron jiiinjis from the tliird to the second main level the 
atom emits the Balmer line IT„; but, as Somnierfeld ])ointed out, the fre- 
(|ueney of this line should deiiend slightly upon the sublevel from which the 

A. SoinmiTfcld, Ann. d. 61, 1 (II) 1(1). 

II. 10. WliiU*, IiUrodnrHon to AUimiv. KpeHra (New York: McClraw-lIill, ll)tS4). 

F. K. HiclilinycM-, I ntrodnrtion. to Minhni Phyitics (New York: Mc*(5riiw-Hill, lOliH). 

A. Soinnicrfekl, Aloniic. Strurinre and Sprrdral TAnes (3rd cd. rev.; lyoiidon: Methuen & 
Co., 1934). Vol. r. 
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electron comes and the sublevel to which it goes, in the third and the second 
main levels respectively. That is, the line should be a multiplet con- 
sisting of several very closely spaced lines. One would think that this 
multiplet might consist of 6 components. There were introduced early, 
however, rather arbitrary selection rules which forbid a number of these. 
These selection rules place certain restrictions upon the amounts by which 
the azimuthal and radial quantum numbers can change during an electron 
transition. Applying these selection rules, one concludes theoretically 
that Ha should be a multiplet consisting of three lines, two of tliese very 
close together. The characteristic spacing of lines, that between a certain 
pair of the 6 mathematically possible, was calculated to be 0.365 per cm. 
This represents the difference between the wave numbers of the two lines. 
Although Ha is indicated in Table I as a doublet, this is merely because it is 
impossible to separate distinctly the more closely spaced lines; a third 
component is unquestionably present, and there are probably more. 
Futhermore, the experimentally observed separatioii^*^"'^® is almost exactly 
that calculated. For example, one recent experiment^** gave an average 
characteristic spacing of 0.838. It does appear that the observed separation 
may be slightly less than that calculated. The Sommerfeld theory of fine 
structure was equally successful in interpreting the structure of other 
hydrogen lines and of the lines of ionized He. 

The Bohr-Sommerfeld picture was extended far beyond what one would 
infer from our brief discussion. An additional quantum number was intro- 
duced, making a total of three, which had the effect of limiting the angular 
orientations of orbits with respect to any characteristic direction associated 
with the atom. This introduced a still more complex sublevel structure of 
the main energy levels. Although we are about to remark on several short- 
comings of the Bohr-Sommerfeld orbital picture of the atom, this picture has 
been of inestimable value in developing and correlating knowledge of atomic 
processes. Without it physicists would never have arrived at the even more 
satisfactory, though more complex, interpretation in favor today. Actually, 
the Bohr-Sommerfeld theory was rigorously applicable only to a hydrogen- 
like atom, an atom with but one planetary electron. Even one added 
electron introduced a three body problem, a problem not yet subject to 
rigorous mathematical analysis. Through use of analogy and empirical 
relationships it was possible to extend it in a general way to heavier atoms. 
But there appeared certain difficulties. For example, although the fine 
structure interpretation appeared to work admirably for hydrogen and 

G. M. Shrum, Proc. Roy. Soo., A, 106, 269 (1924). 

W. V. Houston, Astrophys. Jour., 64, 81 (1920). 

H. Spedding, C. D. Shane and N. S. Grace, Phys. Rev., 47, 38 (1986). 

W. V. Houston, Phya. Rev., 61, 446 (1937). 
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ionized helium, it did not work satisfactorily for the heavier elements. 
More recent work has shown that it did not completely describe the multi- 
plicity of lines for even a hydrogen-like atom. Nevertheless, the Bohi> 
Sommerfeld picture has been one of the most valuable concepts. Certain 
important aspects c)f the concept have remained, and will no doubt continue 
to remain, intact. The BohrrSommerfeld theory put upon a firm foundation 
the concept of discrete enegry levels within an atom and the emission and 
absorption of radiant energy in photons, quanta of energy hv. No one has 
since questioned seriously either the existence of discrete energy levels or 
the photon characteristic of emission and absorption. And physicists have 
stuck fast to Bohr's original idea that the frequency of the emitted radiation 
is determined by the energy change accompanying the transition of an 
electron from one state to another. More recent developments have only 
served to define in a less arbitrary manner the discrete energy levels. 

More Recent Theories of the Atom 

The purpose of this section has been primarily to present evidence for 
the photon character of radiation. The Bohr-Sommerfeld picture of 
emission and absorption has been introduced mainly as a means to this end. 
It is not our purpose to go into the intricate details of spectroscopy, or into 
modern concepts of the atom. But there have been important develop- 
ments since the Bohr-Sommerfeld theory, and the existence of these should 
at least be recognized. One of the first of these was the introduction of the 
spinning electron. It wtis conceived that, due to spin, the electron 
possessed a magnetic moment. This moment, including its direction, 
would help to determine the energy of the electron in a given level. Sub- 
levels were therefore introduced by this spin. It was in terms of this spin- 
ning electron that (loudsmit and Uhleiibeck-® first succeeded in explaining 
some of the fine structure details that appeared anomalous on the Bohr- 
Sommerfeld theory. The concept of the spinning electron has proved 
valuable also in interpreting other atomic Properties, magnetism for 
example. ^ vl 

Other developments have proposed treatments eimrely foreign to the 
Bohr-Sommerfeld picture, and these have led» more satisfactory 

results from an analytical point of view. They lj6.V4^il le<j, hbwever, to a 
physical atom model comparable with that of l^)ld|Ln ^«i^licity or clarity. 
These modifications were started when de Brogffc^l|:)ro^Rcd that particles, 
such as electrons, possessed many of the propertie.s of waves. He concluded 
theoretically that a ])Hrticle of mass m moving with a velocity v would 
behave as a wave having a wave length X = hjm.v. It has since been demon- 

S, Goudsmit and G. E. Uhlenbcck, Phy»ira, 6, (10£5); Nalurv^ 117, 204 (1020). 

L. de Broglie, Phil. Mag.y 47, 446 (1924); Comptra Rendua, 180, 408 (1925). 
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strated experimentally that electrons do, under suitable conditions, exhibit 
wave properties. They can be diffracted, just as can li^<ht, and in accord 
with the de Broglie equation. Fundamental experimental evidence bearing 
upon this behavior will be discussed in a later chapter. As a result of such 
evidence, the de Broglie equation has become one of the most fundamental 
in modern theories. 

Several newer forms of quantum theory followed. The most important 
of these was that initiated by Schrodinger^**^ and now known as wave 
mechanics. Starting with the de Broglie equation for the wave length 
associated with the electron, . and making use of the fact that all waves 
satisfy a certain differential equation known as the wave equation, Schrbdinger 
deduced a very general differential equation that must be satisfied by an 
electron in an atom. This is called the Schrodinger wave equation. It 
involves, among other things, the total energy W of the electron in the atom. 
Modern theory consists, therefore, of solving this differential equation 
subject to certain conditions characteristic of a particular atom. The 
equation has a number of solutions. These solutions yield a number of 
possible values for the energy W. These represent the permitted energy 
states of the electron. Just as on the Bohr theory, emission or absorption 
of radiant energy is supposed to accompany the transition of the electron 
to a lower or to a higher energy state. 

On wave mechanics the electron is not regarded as a localized particle. 
Rather, it is a distribution of charge extending over a wide region. The 
distribution of charge density in the space surrounding the nucleus can be 
obtained from the Schrodinger wave equation. There are various possible 
positions of the maximum in this distribution curve, positions corresponding 
to the various possible energy states. Whereas the discrete energy states 
were defined by the artificial introduction of three quantum numbers in the 
Bohr-Sommerfeld theory, they are here defined by three integers which 
appear quite naturally in the solution of the wave equation. The orbits of 
the Bohr-Sommerfield picture are not retained as such in the wave theory. 
It is interesting, however, that there is a definite correspondence between 
the radii of the Bdjky-T^mmerfeld orbits and the distances at which the 
electron distribution Aiction has its maxima. The newer theory leads to a 
group of discrete ener^ levels just as did the earlier quantum theory. But 
the newer theorji^es Associate these energy levels with electron orbits. 
Although tlie newer wave mechanics theory has displaced the Bohr- 
Sommerfeld theory for purposes of rigorous treatment, it is still found 
exceedingly convenient and fairly reliable to think generally in terms of the 
orbital atom model. 

E. SchrUdinger, Ann. d. Physilc, 79, 361, 489, 734 (1920); Phys. Rev., 28, 1049 (1926). 
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2. IONIZATION AND RESONANCE POTENTIALS 
General Informatioii 

Direct experimental evidence for the existence of discrete energy levels, 
as postulated by Bohr, is obtained from studies of the ionization and 
resonance potentials of gases. On the Bohr concept an atom emits radiant 
energy when one of its electrons drops from some outer energy level into one 
closer to the nucleus. Since the potential energy of an electron is smaller 
when it is in a level near the nucleus, it is natural that the electron should 
normally exist in the lowest available level. Before an atom can emit 
radiant energy it is therefore necessary to displace this electron from its 
normal state to some outer energy level. This process is said to excite the 
atom. This excitation can be accomplished in a number of ways, one of 
the simplest of which is by heating the gas to a high temperature. The 
collisions of atoms executing their thermal motions are usually such that no 
change in kinetic energy results from collision; the collisions are perfectly 
elastic. Such collisions can never result in the excitation of an atom. It is 
possible that a few atoms having thermal energies much higher than the 
average may occasionally collide inelastically, that one atom may spend 
a part of its kinetic energy in raising the electron of another atom to a 
higher energy level. The electron of this second atom may be taken entirely 
away from the nucleus; the atom may be ionized. Or the electron may just 
be raised to a higher energy level, still remaining a part of the excited atom. 
In either case the atom would emit radiation when its electron returns to its 
normal level. 

It is conceivable also that electrons passing through a gas might lose 
energy to the atoms in two ways. A collision between an electron and an 
atom might result merely iu a change in the division of kinetic energy between 
the two. The electron might give some of its kinetic energy to the atom; 
occasionally it might gain a little from the atom. Such collisions are 
referred to as elastic. There is no change in the potential energy of the 
atom. It is eciually conceivable that other collisions might result in a net 
loss of kinetic energy. Tlie colliding electron might detach an electron 
from the atojn it strikes, thus ionizing it. This requires energy, and this 
energy must come from the original kinetic energy of the electron. Such a 
collision is called an inelastic collision. Some Idiotic energy has been 
transformed into potential energy. Inelastic collisions <'au occur without 
c'omplete ionization of the atom. 'Fhe energy of an electron is increased 
somewhat witliout detacliing this electron from the nucleus; that is, the 
electron is rai.sed to a liiglier energy level within tlie atom. The energy 
necessary U' accomplish this must again come ut the expense of the kinetic 
energy of the colliding electron. 
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In order to look into the process of inelastic collisions, consider a tube 
similar to that shown in Fig. 4. Let this tube be filled with some gas, say 
He, at rather low pressure. Electrons are emitted from the heated filament 
jP. Electrode G, which will be called the grid, consists of a wire mesh; it can 
be held at any desired potential V above that of the filament. A plate P is 
held at a potential slightly negative, perhaps 0.5 volts, with respect to the 
grid. Let the spacing of electrodes and the gas pressure be such that there 
occur a negligible number of collisions between electrons and He atoms in the 
region between the filament and the gi'id. Because of tlie relative spacing 
of electrodes, a great majority of collisions will occur between G and P. 
Starting with the grid at the same potential as the filament, let the potential 
difference V between the two be increased gradually, observing all the while 
the current to the plate. Electrons leaving the filament are accelerated, 



arriving at 0 with an energy given by = Fe, Although some of these 

strike the wires of the gnd, many of them pass through the openings and 
proceed toward the plate. Since there is but a very small electric field 
between G andP, these continue with a nearly constant velocity v. If they 
do not lose any appreciable amount of energy in collisions with He atoms, 
they finally reach the plate and are registered by a sensitive current- 
measuring instrument. Nothing unsuspected happens as V is increased 
from zero up to 19,75 volts. The current to P continues to increase all the 
while. Electrons coming through the grid are able to proceed to the plate. 
In fact they are able, because of the energy Ve given them, to drive them- 
selves to the plate even though the retarding potential Vr be increased to 
a value nearly equal to If. The electrons, in their collisions with atoms, have 
apparently lost an inappreciable part of their energy. As the accelerating 
potential V is increased slightly above 19.75 volts, however, the plate 
current decreases. This decrease occurs even if the retarding potential Vr 
be only a few tenths of a volt, say 0.5. Those electrons that fail to re^h 
the plate must therefore have lost practically all of their energy in a collision. 
Thus an electron with less than 19,75 electron volts of energy cannot give 
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up any of this to a He atom in an inelastic collision. If the electron has 
just 19.75 volts energy and makes an inelastic collision with a He atom, 
it gives up its entire energy. Furthermore, it is found that an electron with 
more than this required amount of energy gives up just 19.75 volts and 
retains the rest itself. The energy represented by this potential is called 
a critical potential. 

Helium atoms also absorb other definite amounts of energy, 20.55, 21.2, 
22.9, 23.6, etc., and 24.5 electron volts. But they will absorb no inter- 
mediate values. In a similar way mercury atoms will absorb 4.68, 4.9, 5.47, 
5.76, 6.73, etc., and 10.38 volts, while they absorb no intermediate values. 
And so it is with all other atoms. They all absorb energy inelastically only in 
definite amounts. These amounts are interpreted as those required to move 
an electron from one Bohr orbit to another, from the normal energy level 
to some higher energy level. Such values are called critical potentials. 
The largest of the group is the ionization potential; it is the energy necessary 
to extract the electron completely from the atom. The smaller values are 
called resonance, or excitation, potentials; they are the energies necessary 
to shift the electron outward one or more orbits from its normal level. 
There are of course many resonance potentials for a given atom. There is 
but one ionization potential, unless one considers multiple ionization. 

The emission of a spectral line has been interpreted as due to an electron 
jumping from one energy level into some lower level; the frequency of 
emission has been assumed proportional to the energy change between the 
initial and the final level. Data substantiating this interpretation have 
already been presented. Following the same concept, a resonance potential 
should represent the energy required to move an electron from one energy 
level to some outer level. If this is true there should exist a simple relation- 
ship between the Fre<(iieiK*y of a given s])eotral line an<l a resonance potential 
observed for the same gas. If Wi and W/ re])resenl. the energy of the elec- 
tron in an outer and an inner level respectively, then in emission 
fip = ^ [f f/ represents the measured resonance potential 

corresponding to a transfer from level fV j to level Wu then Ke = JVi — W/, 
Hence, one would expect to find that hv = Ve. From this equation one 
should be able to calculate resonance potentials from the frequencies of 
observed lines. These calculated potentials might then be compared with 
those observed directly hy electrical methods. 'Diis comparison would 
serve as a good check upon the fundamental concept. 

Methods of Measuring Critical Potentials 

Shortly after 1900 Lenard'*^'^ suggested a method of measuring certain 
critical potentials of a gas. It was only after Bohr had given his picture 

P. Loiiard, Ann. d. Vhynik^ 8, 140 (1002). 
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of the atom, however, that any real progress was made. Since then a great 
many experimental methods have been developed. Summaries of both the 
earlier®® and the more recent®®*®'^ methods are available in the literature, 
P Q A typical early method which allows measure- 

"I I ‘ III Daent of both resonance and ionization poten- 

i I ' ‘ I tials, and allows one to distinguish between 

^ » I i I these, is that used by Davis and Goucher.*® 

This method, as slightly modified later/® 
utilizes a tube with five electrodes, a hot 
filament f , three wire gauze grids Gi, Gs, and 
Gg, and a plate P. The essential arrangement 
of electrodes is illustrated in Fig. 5. The 
potential V a. accelerates* electrons emitted from 
the filament; this potential is variable. Be- 
tween Gi and Ga is a very small retarding 
potential Va^ perhaps 0.1 volt. This is to 
cause positive ions which might be formed in 




-V. 


Fig. 6. — ^Illustrating the elec- 
trode arrangement in the modi- 
fied Davis and Goucher method 
of measuring critical potentials. 
The direction of the arrow associ- 
ated with each potential indicates 
the direction an electron is urged 
in this region. 


this region to drift toward Ga. Since F« is 


very small, electrons coming through G\ proceed toward Go with a constant 
velocity until they make an inelastic collision. They can never reach Gj, 
however, for Fji is made sufficiently large to prevent this. 

When an electron makes a collision between Gi aiul Gi the collision may 
result in excitation or ionization of the atom, depending upon the magnitude 
of the accelerating potential If it results only in excitation there are no 
ions formed. The excited atom will soon radiate energy, however, as its 
electron falls back to its normal energy level. This radiation will fall upon 
various parts of the tube, in particular upon Gg and P. Now we shall soon 
see that many metals eject electrons, called photoelectroiis, when radiation 
falls upon them. Plate P and grid Gg are made of a material photoelectri- 
cally active at the frequencies of radiation encountered here. A small 
reversible potential of approximately two volts is applied between Ga andP. 
If this is applied in such a direction as to urge electrons from P to Gg, as 
indicated by Fi in Fig. 5, then those photoelectroiis ejected by P will go 
over to Gg. Since electrons leave the plate this plate will acquire a positive 
charge. If the potential between P and Gg be applied in such a direction as 
to urge electrons toward P, as indicated by Fa, th(m l.ho plate will acquire 
a negative charge due to the radiation. Those photoelectroiis emitted from 


afi K. T. Compton and F, L. MohJer, BulL Nat. Rea. 9, 1-00 (1024). 

H. D. Smyth, Rev. Mod. Phyn.y 3, 347 (1031). 

M. N. Saha and N, K. Snlm, A TreaHac on Modern Phyttiea (Allahabad and Calcutta: 
The Indian Press, 1934), Vol. I, pp. 011-010. 

*®B. Davis and F. S. Goucher, Phya. Rev., 10, 101 (1917). 
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P aje stopped by the potential and return to P. Electrons emitted by 
Gz are urged to the plate P. * Hence, the plate acquires a negative charge. 
Thus the plate current change corresponding to a resonance potential may 
be either positive or negative depending upon whether potential Fi or F 2 
is used. If, however, an electron produces ionization between Gi and G 2 * 
the behavior is quite different. 

Although the newly formed negative 
ion can never reach the plate, be- 
cause of the retarding potential Fa, 
the positive ion will be urged toward 
the plate. Since Vr is larger than V\ 
or F 2 , this positive ion will reach the 
plate regardless of whether Fi or F 2 
be applied. Thus ionization is ac- 
companied by a positive increase in 
plate current regardless of the direc- 
tion of the potential applied between 
Gz and P. Fig. 6 reproduces^® results obtained for mercury vapor. These 
results show quite clearly two resonance potentials, one at 4.9 and another 
at 6.7. l^hey show an ionization potential at 10.4 volts. 

Experimental Results 

Using a variety of methods similar to that discussed, various workers 
have determined directly the ionization potentials of many gases and 
vapors. Values obtained for a number of the more common gases and 
vapors are shown in the second column of Table II. It is interesting 
that He has the largest ionization potential known. Another interesting 
observation is the gradual decrease in ionization potential among the 
inert ga.s<‘s lie, Ne, A, Kr, and Xe, as one proceeds to gases of higher 
atomic miinber. 

In order to test the physical concept of the connection between an ioniza- 
tion potential and the frequency of the shortest wave length radiation the 
normal atom is capable of radiating, a comparison of observed and calculated 
ionization ])otentials is advisable. It has already been argued that the 
critical ])otential V required to excite a line of frequency v should be given 
by the expression 



Fiq. 0. — Indicating certain critical poten- 
tials of mercury vapor, as obtained by the 
Davis and Goucher method. 


Ve = hv or 


V - 


h 

e 


V 


It has already been nunarked that the values of the constant h/e obtained by 


International (■rllieal Talden (New York; MeCiraw-lIill, lOjiO), Vol. VI, p. 70. 
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different methods are not entirely consistent. If we use what appears to be 
a precise value of hje = (1.3762 ± 0.0003) X 10”^^ obtained from certain 
X-ray studies,®® and if we agree to express X in A° and V in volts, we find 

, A 0 _ 1.3762 X 10-17 X £.99776 X lO^® X 299.776 12367 

^ e X X X 10-8 X 

Incidentally, if the value of hfe obtained from experimental determination of 
the Rydberg constant is used, the above numerical constant is replaced^ by 


TABLE II 

Ionization potentials, in volts, of a number of common gases and vapors. Note the agreement 
between the values measured directly and those calculated from spectroscopic data 


Gas or vapor 

Ionization potential 
determined electrically 

Ionization potential 
calculated from 
spectroscopic data 

H 

IS. 54 

13.50 

H, 

15.9 


0 

13.5 

13.58 

0, 

13. 


N 

14.5 

14.49 

N, 

16.8 


He 

24.5 

24.52 

Ne 

21.5 

21.54 

A 

15.7 

16.72 

Kr 

13.8 

13.97 

Xe 

11.5 

12.11 

Li 

1 

5.37 

Na 

5.18 1 

5.12 

K 

4.1 

4. 33 

Rb 

4.1 

4.17 

Cs 

8.9 

3.89 

Mg 

7.75 

7.63 

Ca 

6.01 

6.10 

Zn 

0,3 

9.36 

Cd 

8.92 

8.96 

Hg 

10.38 

10,41 


12395. Differences of this magnitude are of no consequence for our present 
purpose, for electrical determinations of ionization potentials are not precise. 
If the highest frequency emitted by a normal atom is used in the above 


J. DuMond and V. Bollman, Fhys. R&o., 61, 400 (1937). 
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expression for the critical potential F, the, resulting potential will represent 
the theoretical ionization potential for the atom. The third column of 
Table II lists a few of the calculated ionization potentials. The agreement 
between the values observed directly by electrical methods and those calcu- 
lated from spectroscopic data is excellent. Saha®^ has given an extensive 
table of ionization potentials calculated in this way. 

TABLE III 

Comparison of directly observed resonance potentials with those calculated from the wave 
lengths of spectral lines. Resonance potentials are given in volts and wave lengths in A®. 
Those potentials marked (I) are ionization potentials 


Gas or vapor 

Resonance potential 
determined electrically 

Wave lengt.h of 
associated line 

Resonance potential 
calculated from 
frequency of this 
spectral line 

H 

10.15 

m«.r 

10.17 


12.05 

1026.0 

12.05 


12.70 

972.7 

12.71 


18.00 

949.7 

13.02 


13.17 

937.8 

13.19 


13.27 

930.8 

13.29 


13.54 (I) 

911.8 

13.56 (1) 

iig 

4.68 

2656 

4.00 


4.9 

2537 

4.87 


5.47 

2271 

5.45 


5.76 

2150 

5.76 


6.73 

1849 

6.69 



1604 

7.71 



1430 

8.61 



1260 

0.76 



1188 

10.41 (1) 


Although no re.sonancc potentials are listed in Table II, some have been 
measured electrically for many materials. As a further check upon the 
connection between resonance potentials and spectral emission, one might 
compare a series of electrically determined resonance potentials of some gas 
with the theoretical resonance potentials calculated from the frequencies of 
the spectral series lines emitted by this gas. Direct measurement of the 
critical potentials of atomic hydrogen [present the difficulty of having first to 

M. N. Saha and N. K. Saha, A TreiUiae on Modern Physios (Allahabad and Calcutta: 
The Indian Press, 19S4), Vol. I, p. 674. 
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dissociate the normal hydrogen molecule. These measurements have been 
made,®® however, by carrying on the experiment in a very high temperature 
furnace. A sufficiently high temperature, 2800° K, was maintained that the 
molecular hydrogen was largely dissociated due to thermal energies. It was 
therefore possible to obtain directly the resonance potentials of atomic 
hydrogen. These are shown in the second column of .Table III. 

Now one would expect that the smallest amount of energy that could be 
absorbed by the hydrogen atom would be that required to move an electron 
from its normal energy level characterized by the Bohr quantum number 
n = 1, out to the next energy level for which n = 2. After this energy is 
absorbed the atom should emit the longest wave length of the Lyman series, a 
line having an observed wave length of 1215.7 A°. The next resonance 
potential should correspond to the next line of the Lyman series, the one 
emitted when an electron jumps from the n = 3 level to the n = 1 level. 
Other resonance potentials should correspond to other lines of this series. 
Finally, the ionizing potential, representing the work required to move an 
electron from the n = 1 level to the n = oo level, should correspond to the 
short wave limit of the Lyman series. In fact it is observed that the emis- 
sion of each of these lines does set in at the corresponding resonance poten- 
tial. The wave lengths of the six longest Lyman series lines, together with 
that of the series limit, are shown in the third column of Table III. If one 
calculates the lowest resonance potential of atomic hydrogen, that corre- 
sponding to the longest line of the Lyman series, he obtains 


V = 


12367 

X 


12367 

1215.7 


10.17 volts 


Similar calculations for other lines of the Lyman series lead to the resonance 
potentials listed in the last column of Table III. The agreement between 
measured and calculated values is remarkable. Table III shows also a 
similar comparison of observed and calculated resonance potentials for 
mercury vapor. An abundance of data of this character speaks strongly in 
favor of the Bohr concept of emission and absorption of energy, and of the 
photon as a unit of radiant energy. 

3. THE PHOTOELECTRIC EFFECT 

Metals Illuminated with Visible or Ultraviolet Light 

Early History , — In 1864 Maxwell predicted that energy would be radi- 
ated from an electric circuit in which an oscillatory current was maintained. 
In 1887 Hertz succeeded in detecting this radiation. It is this radiation that 
is used in present day radio transmission. In order to detect this new radia- 

P. S. Olmstead and K. T. Compton, Phya, Rev,, 22, 569 (1923). 
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tion Hertz used an electric circuit in series with which there was a spark gap. 
With proper adjustment of the circuit a spark was found to jump across this 
gap. This spark represented reception of energy from the transmitter 
which was located across the room. It was observed by Hertz®® that this 
spark gap could be made to break down with a larger separation of electrodes 
if the light from the spark at the transmitter were allowed to fall upon the 
electrodes of the receiving gap. Although the reason for this was not 
understood at the time, it was no doubt due to the photoelectric effect of the 
ultraviolet light from the transmitter spark falling upon the metal electrodes 
of the receiving gap. 

Hertz’s discovery was the forerunner of along series of investigations,®^'®® 
many of the earlier of which were subject to errors introduced by various 
experimental difficulties not then realized. 

Certain fundamental findings were established 
in spite of these difficulties. Hallwachs®® 
immediately showed that when ultraviolet light 
is allowed to fall on a zinc plate connected to a 
negatively charged electroscope, as indicated in 
Pig. 7, the electroscope discharges rapidly. 

Electrons are emitted from the surface of the 
zinc and repelled by the negative charge on this 
plate; the negative charge on the plate is thus 
reduced. An uncharged plate gradually ac- 
quires a small positive charge when illuminated 
by ultraviolet light; electrons are ejected until 
the plate becomes sufficiently positive to cause 
subsequently ejecte<l electrons to return im- 
mediately to the plate. The positive poten- 
tial assumed by such a plate is not large; it 
is of the order of a few volts. A positively 
charged electroscope is not discharged®'^ by the action of the light, for 
although electrons may be ejected by the light they all return immediately 
because of tlie attraction of the positive plate. It was shown®®-®® quite early 

” ir. ITci-U, Urn/. /Iwn., 31, OHS (1887). 

J. J. Thoinsoi) and (i. P. TlioniHoii, (Conduction of KIcctricUy Through Gases (3rd ed.; 
l.rondoii; ( ainbrid^(c UnivcrHity PresH, 10!48)» Vol. I, pp, 435-482, 

A. L. iind L. A. DuHridgo, Phoioeledrir Phenomena (Now York: Mc(Jrivw-TIill, 

l!)32). 

W. llalhviu'lis, IVied. Ann., 33, 301 (1888). 

”J. Klsler and II. (JeiUd, Wied. Ann., 38, 40. 407 (IHSO); 41, 161 (1800); 42, 504 (1891); 
43, 225 (1892); 62, 433 (1894); 66, 084 (1H96). 

P. I^nnrd, Wien. Per., 108, 1049 (1890); Ann. d. Physik, 2, 369 (1900); 8, 149 (1902) 

J. J. Thorn.sdn, Phil. Mag., 48, 547 (1809). 



Via. 7. — Illustrating the dis- ■ 
charge of a negatively charged 
zinc plate by shining ultraviolet 
light upon it. 
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that the negatively charged particles ejected by the ultraviolet light are 
identical with the cathode rays in a discharge tube; they are electrons. It 
soon became apparent that many metals possess this photoelectric property, 
and that light over a wide range of wave lengths is capable of ejecting the 
photoelectrons. It was soon possible to arrange a number of metals in the 
order of decreasing activity to ultraviolet light. These ran®^ Rb, K, Na, Li, 
Mg, Th, and Zn. This order of metals is the same as that in the Volta series 
for contact potentials. The most electro-positive metals are the most active 
photoelectrically to ultraviolet light. 

Photoelectrons are ejected from a given metal only if the wave length of 
the light is shorter than a certain critical value. The maximum wave 
length capable of ejecting photoelectrons, known as the long wave length 
limit, is characteristic of the material. It is well toward the red of tlie visible 
spectrum for Rb, near the middle of the visible for Na, and in the invisible 
ultraviolet for Zn. It is now known that all materials, whether they be 
solid, liquid, or gas, whether they be conductor or nonconductor, are capable 
of ejecting photoelectrons if they are illuminated by radiation of sufficiently 
short wave length. 

It became apparent early that the photoelectric current given off from a 
metal surface was at least closely proportional to the intensity of illumina- 
tion. This of course supposes that the wave length distribution of the 
incident light remains fixed aS the intensity is varied. This proportionality 
is now known to hold accurately. The maximum energy with which photo- 
electrons are ejected from a given metal surface is entirely independent of 
the intensity of light; it was fouiid^** to depend, however, upon the source 
.from which the light came. Observers soon began to illuminate surfaces 
with monochromatic lights® of various wave lengths in an effort to find just 
how the energy of the emitted electrojis depends upon the wave length. It 
was found that tlie energy of the fastest electron ejected from a given surface 
depends entirely upon the wave length of the incident light. The shorter 
this wave length the greater is the maximum energy. 

All electrons emitted are not ejected with the same velocity. By placing 
nearby a metal gauze at a potential slightly lower than that of the surface, it 
is possible to determine the velocities with which the electrons are ejected. 
An electron ejected with a particular velocity is able to drive itself against a 
definite potential difference before being brought to rest. One therefore 
measures the number of photoelectrons that arrive at the gauze against 
various retarding potentials. The energy of the speediest electron is given 
directly by the greatest retarding potential through which any electron is 
able to drive itself. The manner in which the number of electrons arriving 


E. Ladenburg, Phys. Zeits.y 9, 504 (1907). 
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at the gauze increases as the retarding potential is made smaller, allows one 
to determine the distribution of electron velocities of ejection. It is found 
that electrons are ejected over a continuous range of velocities varying from 
zero up to a definite maximum. A majority are ejected with velocities much 
much less than this maximum, the greatest number coming off with a veloc- 
ity something like 0.4 of the maximum. It is the maximum velocity of 
ejection that is determined entirely, for a given metal, by the wave length of 
the exciting light. 

The literature contains much early data indicating that the photoelectric 
properties of a given material depend upon the length of time the surface 
has been illuminated. Surfaces were therefore said to show a fatigue effect. 
Both the magnitude of the photoelectric current and the long wave length 
limit of the material appeared to change with the length of time the surface 
was illuminated. This behavior is now recognized as being due to varying 
degrees of contamination of the surface with adsorbed or chemically active 
gases. Illumination produced photo-chemical changes of the surface, and 
thereby changed the surface being studied. An oxidized Na surface has 
properties quite different from a freshly cut surface; a carefully out-gassed 
surface is photoelectrically quite different from one which has not been out- 
gassed. When surfaces which have l)een carefully cleaned and out-gassed 
are studied in high vacuum there appears no evidence whatever for a fatigue 
effect. 

During the past fifteen years the photoelectric cell has found wide and 
important applications'^^ in research, in industry, and in connection with 
many more or less common contrivances. In its simplest form such a cell 
consists only of a photoelectrically active surface and a second nonactive 
electrode placed within a glass envelope. In many cases the cell is thor- 
oughly exhausted. It is then quite stable, not at all critical in operation; 
it has a sensitivity indej)endent of the potential placed across it, provided 
this potential is not too low. Many other cells contain certain gases. 
The advantage of the gas filled cell is its much greater sensitivity. For a 
given illumination the gas filled cell will furnish a current from five to ten 
times that obtainable from one of the high vacuum tyj^e. This increase 
in current comes through ionization by collision of the gas filling the cell; 
the photoelectric current itself is no larger than in the vacuum type. Since 
the extent of ionization by collision depends upon the potential applied 
to the cell, the sensitivity changes markedly with the applied potential. For 
this reason the gas filled cell is much more critical in operation than is the 
vacuum type. Cells of both types are used extensively. They provide a 
means of changing variations in light intensity into variations in electric 

A. L. llughos and L. A. DuBrirlgf, PhotoHodric Phenomena (New York: McCiniw-Hill, 
1932), pp. 406-493. 
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current. These electric currents can then be amplified and made to perform 
various tasks. 

Einstein's Interpretation of the Effect , — It was not until 1905 that any 
worthwhile interpretation of the photoelectric effect was offered. The 
wave theory of radiation offered no logical explanation. On this theory 
it would seem that the energy with which the electron is ejected should 
certainly depend upon the intensity of illumination. The electric field 
associated with an intense light beam is much greater than that of a low 
intensity beam, and this stronger field should eject the electron with a 
greater velocity. But it does not do so; the velocity of ejection is inde- 
pendent of the intensity of light. Shortly after Planck had established 
rather firmly his quantum theory of black body radiation, Einstein^® offered 
an entirely new theory of the photoelectric effect. For satisfactory interpre- 
tation of black body radiation, Planck had found it necessary to assume 
that radiant energy is not emitted and absorbed continuously by matter, 
but that emission and absorption of energy occurs always in energy quanta 
of definite size. For radiation of frequency v the energy of each quan- 
tum was given by the product fev, where h is a constant, approximately 
6.6 X 10“^^ erg-sec. Applying this concept to the photoelectric effect, 
Einstein suggested that when light of frequency v strikes a metal surface, 
the radiant energy is absorbed in energy quanta of size liv. If this energy 
is transferred to an electron within the metal, as Einstein assumed, then 
the absorbing electron will acquire an energy e(|iial to hv. It appeared 
probable that the electron would have to expend some of this energy in 
getting out through the surface of the metal. The amount of energy 
necessary might well be more for an electron coming from a considerable 
depth beneath the surface than for one coming from the outermost layer 
of atoms constituting the surface. If w represents the minimum amount 
of energy necessary to free an electron from the surface, then the maximum 
kinetic energy that the ejected electrons could have, should be 

= hv - w 

This is known as the Einstein photoelectric equation. 

When it is recalled that there had so far been established very little 
evidence that interchanges of energy between radiant energy and matter 
always take place discontinuoiisly, in energy quanta of size hv, and when 
it is recalled that the quantitative photoelectric data available at the time 
of Einstein’s suggestion were both meager and unreliable, it appears bold 
indeed that Einstein should have offered such an inter])retation. But the 
real advances in science have come from those who have the courage to 

A. Einstein, Ann. d. Phydk, 17, 132 (1905); 20, 199 (1906). 
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think originally. Since Einstein’s suggestion many data^^- 36 . 43-53 
shown the correctness of his interpretation. His equation has been verified 
for the photoelectric emission from numerous metals illuminated with light 
over a wide range of frequencies. It has also been found to hold for photo- 
electrons ejected from either gases or metals by the action of either X-rays 
or gamma rays. 

Millikan's Verification of the Einstein Equation— ISimstem's photoelectric 
equation makes several quantitative predictions. First, the equatibn 
predicts that the maximum energy of emission is determined entirely by the 
frequency of the exciting light; it is independent of the intensity of excita- 
tion. Second, the equation predicts a definite value for the maximum 
energy of ejection. Third, it predicts that the curve relating the kinetic 
energy of the most speedy electrons ejected to the frequency of the exciting 
light is a straight line. Fourth, it predicts tlie existence of a long wave 
length limit; no photoelectrons will be ejected unless the frequency of excit- 
ing light is sufficiently great that hv is equal to or greater than w. These 
as well as a number of other conclusions which follow from the Einstein 
concept are subject to experimental test. The first entirely trustworthy 
experiment designed to test the Einstein equation was one performed by 
Millikan . ^3 The results of this careful study were of great significance. 

Millikan’s elaborate experimental arrangement permitted the removal 
in high vacuum of all surface films from the surface to be studied, the meas- 
urement of retarding potentials and corresponding ])hotoelectric currents 
due to these film free surfaces, and the almost simultaneous measurement 
of the contact potential difference between the test surface and the metal of 
which the electron receiver was made. Fig. 8 reproduces the essentials of 
the experimental apparatus. Blocks of three different test materials, Na, 
Li, and K, were mounted in such a way that any one of the surfaces could be 
turned toward the scra])er K, toward the quartz window Q, or toward the 
plate aS. After the entire system was thoroughly evacuated the material 
to be studied was first cleaned. The armature M was rotated magnetically 
until the scraper K was pressed firmly against the surface to be cleaned. 

A. L. lIiiglu'H, Phil. Trans. Roy. Son,, 212, 205 (1912).* 

K. T. (’ornplon. Phil. May., 23, 570 (1912). 

O. W. Riohjirdson and K. T. Phil. May.^ 24, B75 (1912). 

« W. 11. Kmlesch, Phys. Rn)., 3, 397 (19U). 

W. IT. Kadesch and A. K. Tlcnninga, Phys. Rrv., 8, 221 (1910). 

*®R. A. Millikan, Phys. Rcv.^ 7i 355 (1910). 
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®°R. A. Millikan, Phys, Rev., 18, 280 (1921). 
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This pressure was developed by means of the threaded section shown 
attached to M. The scraper was then rotated by means of the armature 




“.ft -1.0 -1.2 -1.4 -1.6 -1.6 -2.0 -2.2 -2.4 


Vfelts 

Fig. 9. — Showing the photocurrents observed for various retarding potentials. All curve.s 
are for a Nn surface. Any one curve represents re,sults obtained for monochromatic illumina- 
tion of the indicated wave length. 

M*. Thus a fresh surface was prepared in high vacuum. The test surface 
was then faced toward the* monochromatic light coming through the quartz 
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window Q. Various retarding potentials were applied between the surface 
being studied and the gauze connected to B. The photoelectric current' 
to the gauze was measured for each of these potentials. Such measure- 
ments were made for a number of diflferent wave lengths of monochromatic 
light. The results for any one wave length were then plotted as shown in 
Fig. 9. The intercept of any one curve on the potential axis, when corrected 
for the contact potential between the test surface and the electron receiver, 
gives the retarding j)otential against which the most speedy electrons 
ejected by light of this wave length can drive themselves. The measure- 
ment of contact potential W4is made by a standard method, after rotating 
the test surface until it was close to an auxiliary platinum plate S. The 
electron receiver was carefully constructed of a material which was not 
photoelectrically active at the wave lengths used. 



Fiu. JO.-- Kxp<*riiiu*iiliil test of the* KiiiHteiu equation, UHiiiK a Na surface. 

If V re])r(\scnt.s the retarding imtential just necessary to sto]) the most 
speedy eleedrou ejected by illumination of frequency Vy then according to 
the Einstein etiiuition 

— hv — w 

Observed valu(\s of V were f)lotte(l against the corresponding frequencies v- 
On theory the r<‘suUing curve should be a straight line with slope h/e and 
intercept —w/e, 'I'lie six values of V obtained for Na from the intercepts 
in Fig. 9 an^ shown plol te<l against the corresponding frequencies in Fig. 10. 
The resulting curve is (piite accurately a straight line. Although the values 
plotted ill this figure have not yet been corrected for contact potential, this 
fact does not ulfect eitlier the sliape or the slope of the curve. It does alter 
the position of the intercept on the fretjueucy axis. When each observation 
is coiTectcd for the contact potential, the entire curve is shifted into a new 
position indicated by the dashe<l line near the top of Fig. 10. Similar results 
were obtained for the Li surface. Accident prevented obtaining data on K. 
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The observations on Na and Li, however, bear out the Einstein equation 
•quite accurately as regards the manner in which the maximum energy of 
ejection varies with the frequency of the illumination. 

The intercept of the experimental curve on the frequency axis gives the 
theoretical low frequency, or long wave length, limit for the metal being 
studied. In the case of Na for example. Fig. 10 indicates that this critical 
frequency should be 4.39 X 10^^. This corresponds to a wave length of 
6830 A®. By using various wave lengths just below and just above this 
value, Millikan found that this did truly represent the long wave length 
limit of the material. Any shorter wave length excited photoelectrons; no 
longer wave length caused ejection of these photoelectrons. It is true that 
the long wave length limit observed by MiUikan is appreciably greater than 
that now accepted for a carefully cleaned and thoroughly, out-gassed Na 
surface. This fact does not detract, however, from Millikan’s test of the 
Einstein equation. The equation holds for any given surface, whether it 
be thoroughly out-gassed or not. Only the numerical value of the long 
wave length limit is different. 

Theoretically the slope of the straight line of Fig. 10 should be A/e. 
Using tlie experimental value of the slope, together with the known value 
for the electronic charge, Millikan found a value for h. Essentially the 
same value was obtained for both the Na and the Li surfaces. Millikan 
reported as the most probable value 6,57 X erg-sec. Tlie probable 
error in this value was something like This deterniiiiation of the 

value of Planck’s constant h was by far the most accurate then available. 
Thus Millikan’s experimental test of the Einstein photoelectric ecpiation 
not only proved the correctness of the equation, but it also provided a much 
more accurate value for one of the important fnndaniental constants of 
nature. 

Using the experimental value of h along with the exi)eriinental value of 
the low frequency limit, it was possible to express the work function w of the 
metal in usual energy units. If vq represents the low frequency limit, then 
hpQ = w. The value of w obtained by Millikan for a freshly cleaned but 
not out-gassed Na surface was 2.88 X 10“^^ ergs. This is equivalent to 
1.80 electron volts. That is, tlie miuinium energy necessary for an electron 
to get out of a clean surface of metallic Na is that which an electron would 
acquire in dropping freely through a potential difference of 1.8 volts. It is 
now known that the work function for a thoroughly oiit-gasscd Na surface 
is somewhat, larger than this, perhaps slightly over *2 v(dls. It is of course 
clear that the long wave length limit of a material is larger if that material 
has a small work function. It is probable that chajiges in photoelectric 
behavior produced by surface impurities are brought about largely through 
changes in this work function. 
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More recent studies,®^-®® perhaps more precise than Millikan’s, have only 
served to emphasize the correctness of the Einstein equation. These studies 
have likewise provided accurate valixes of the constant A. Whereas Millikan 
obtained the value 6.57 X 10“®^ supposedly good to H%, more recently 
reported values are 6.543 X and 6.541 X j'jjg accuracy 

claimed for the two last values is from 0.1 to 0.2%. There are a number 
of methods of determining the constant h other than that involving the 
photoelectric effect. Attention will be called to one of the more accurate 
of these in a later chapter on X-rays. After a critical examination of the 
values of h obtained by all methods up to 1929, Birge®'^ concluded that the 
most probable value was (6.547 ± 0.009) X 10”^^ erg-sec. It will be 
noticed that this is essentially the value obtained from studies of the photo- 
electric effect. 

Attention should be called to the fact that determination of the constant 
h from photoelectric data really comes through a direct evaluation of the 
ratio h/e from experimental data. The constant h is then obtained by 
combining this ratio with the known value of e. Since the above values of 
h were calculated the accepted value of the electronic charge has been raised 
by some % of 1%. Using the same ratio h/e then, this higher value of e 
leads to a higher value for h. This change alone raises the Birgc 1929 most 
probable value to 6.592 X In addition there has arisen considerable 

question"^'^®’^^ as to just what the best value of li/e may be. Several appar- 
ently precise methods of determining it yield results which differ by approxi- 
mately 0.2%. Although this di.screpancy is not large, it is much greater 
than the probable errors of the <ieternii nations indicate that it should be. 
As a result, the present value of the constant h is somewhat in doubt. One 
recently quoted valuc“ is 6.610 X 10"^^ erg-scc; another^ is (6.6236 ± 
0.0024) X 10-27^ 

Other Interesting Aspects of the Effect , — It has been shown that the 
Einstein photoelectric equation allows one to express the contact potential 
between two metals in terms of the work functions of these metals. The 
work function for a given metal expressed in electron volts is of course given 
by hv^/e. The work function can therefore be determined by observing 
the long wave length limit of the material. It has been found,®”-®® in full 
accord with the Einstein equation, that the measured contact potential 
difference between two metals is the difference in their photoelectric work 
functions. Using extremely pure electrolytic Ee and Ni, for example, 
Glasoe®® found work functions of (4.71 ± 0.02) and (4.93 ± 0.02) electron 
volts, respectively. A simultaneous measurement of the contact potential 
difference between the two metals yielded (0.21 ± 0.01) volt. This is 


MR. T. Uirge, liov. Mod. Plii/s., 1, 1 (1929). 
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quite accurately the difference between the two work functions expressed in 
electron volts- 

It has long been known that metals emit electrons when heated to 
sulficiently high temperatures. Richardson®^ has shown theoretically 
that the electron current from unit area of a heated metal should be given 
by an expression of the form 

i = AT^e kT 

where k is the Boltzmann gas constant and A and h are constants charac- 
teristic of the metal. The quantity b is called the thermionic work function. 
This constant represents the energy required to carry a free electron from 
within the metal to a point well Outside the surface. Actually, Ricliardson 
deduced an expression for the thermionic current on two different assump- 
tions. If one supposes that the number of free electrons in a metal is 
independent of temperature, and if one also assumes that these share 
equally with the atoms in the energy of thermal agitation, then one can 
calculate the number of electrons which have energies sufficient to do the 
work necessary to get them through the surface of the metal. The resulting 
expression for the thermionic current is not quite that written above; 
the temperature factor occurs as instead of If, however, one sup- 
poses that the number of free electrons is a function of temperature, as one 
can argue thermodynamically it should be, then one obtains, the equation 
written above. Since the exponential term varies far more ra})idly with 
temperature than does or it is impossible to judge from exi)crimental 
data which power of T is proper. Newer theories of the behavior of elec- 
trons in metals lead physicists to favor®®“®® sti’ongly tlic form involving 2’^. 

The general form of this equation, known as Richardson's cHpiatioii, 
has been found to be in agreement with experimental data.®’' ®^ From 
observation of the thermionic currents given oflF by a metal when heated 
to various temperatures, the value of b can be determined. This is of the 
order of a few electron volts for the common metals. The (piestion naturally 
arises as to whether this thermionic work function is the same as the photo- 
electric work function for the same surface. TJnfortiii lately the magnitude 
of each work function varies greatly with even slight contamination of the 
surface. Probably mainly for this reason, results reported for each constant 
by various early observers varied widely. Even today a trustworthy answer 

O. W. Richardflon, Emission of Eleiiricity from Hot Bodies (2nd ed.; London; Longmans, 
Green & Co., 1921), pp. 29-37. 

K. K. Darrow, Rev. Mod. Phys.^ 1, 90 (1929). 

S. Dushman, Rev. Mod, Phys., 2, 381 (1930). 

J. A. Becker, Rev. Mod. Phys.^ 7, 95 (1935). 
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to the question can be obtained only from studies in which both work 
functions have been determined nearly simultaneously for the same care- 
fully out-gassed surface. The most trustworthy data are available for 
Pt. The first reliable value for the thermionic work function of platinum 
was obtained by DuBridge.^^ After carefully cleaning and out-gassing tlie 
platinum specimen, DuBridge found a thermionic work function (6.27 ± 
0.05) volts and a photoelectric work function of 6.30 volts. This is excellent 
agreement, indicating that the two work functions are idential. Hughes 
and DuBridge®" and Becker®*^ have summarized in tabular form the photo- 
electric and thermionic properties of a goodly number of materials which 
have been rather carefully studied. In many cases the agreement between 
the photoelectric and the thermionic work functions is by no means as good 
as that indicated by the values quoted above for platinum. When one 
considers only those materials which have been carefully out-gassed, and 
for which the same observer has made measurements of the two work func- 
tions on what there is reason to believe is exactly the same surface, the 
agreement is striking. Table IV shows values®”-®" which have been deter- 
mined under these conditions. There can be little doubt of the equality 
of these two work functions when they are determined for exactly the same 
surface. 


TABLE IV 

A comparison of the ])liolo(*l(‘{’t.ric and the thermionic work functions obtained .simultaneously 

f(»r a /riven surface 


Mclul 

Plioto(dec-t,ric work fuiK^tloii 

Thermionic work fuiicli<)u 

IM 

4 . »({ 

4.99 

PI 

({ . 80 

0.27 

Hii 

4.57 

4.58 

Mo 

4.15 

4.14-^1.17 


Temj)eratiire changes normally tuicountered have no significant effect 
upon the photoeleclri(^ behavior of a metal. It is true that early studies 
did indicate rather large variations of both photoelectric current and long 
wave length limit witli (hanges of temperature. Stibseqiient investigations 
have showiu however, ihat most of these observations were affected greatly 
by gaH(\s absorlxMl on the siirrac(\ By far the greatest part of the apparent 
temperature efb^ct was due to a change in the nature of the surface; the 
amount of absorbed gas depends greatly upon the temperature. It has 
been found that surfaces carefully out-gassed show no measurable variation 

L. A. DuBridf'c, Phya, Hcv., 29, 451 (llWT); 81, 548« (1928); 32, 9«l (1928). 

““A, L. llu/(]u-s iiikI I.. A. DuBridge, Photoelectric. Phemmma (New York: M.c(iniw-Hill, 
1932), pp. 75 78. 
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in either photoelectric current or long wave length limit over a considerable 
range of temperature near that of their normal surroundings. A significant 
vanation has been found, however, at high temperatures. Some studies 
have been carried up to 1250“ C. At high temperatures, even after the 
most careful out-gassing, Pt,« Co,^^ and Rh,®^ show a definite increase in 
photoelectric current with increases in temperature. While workers have 
frequently found a decrease in photoelectric sensitivity with increase in 
temperature, it is generally suspected that these results have been brought 
about by failure to free the surface from gases! It has also been found that 
the long wave length limit of carefully out-gassed Pt,®^ Ag,*^^ and Ta°® 

shifts slightly toward the red with increases in temperature. This shift is 
something of the order of 100 A° for a temperature change of 500 C°. As a 
result of this shift in the long wave length limit with temperature, which 
represents a decrease in work function, enormous increases in photoelectric 
current with increases in temperature are observed when the wave length 
of the illumination is but slightly shorter than the long wave length limit 
of the metal. Theoretical consideration «« of these temperature effects 
indicates that they are brought about through changes in the thermal 
energies of electrons within the metal. The recent observation^ that the 
thermionic jvork function for W shows a small increase of 0.00006 electron 
volts per C“ rise in temperature may be important in this connection. The 
photoelectric and the thermionic work functions cannot be identical if the 
foriner decreases and the latter increases with increases in temperature. 

Although it is known that the presence of adsorbed gas on a surface 
often affects greatly the photoelectric behavior of the surface, it is impossible 
to formulate any very general rules regarding such behavior. A survey®" 
of the observed effects of various gases on various metals shows that some 
gases increase photoelectric emission, other gases decrease it, and still others 
have no effect The photoelectric behavior is known to depend upon the gas 
truly absorbed by the metal rather than upon the gas surrounding it. As a 

result the problem is difficult, and many inconsistent results have been 
reported. 

Another interesting study connected with the photoelectric effect has to 
do with the possible existence of a time lag between the instant the sur- 
face IS first illuminated and the instant it starts emitting photoelectrons. 
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Information regarding this has been obtained by illuminating a surface 
intermittently for very short intervals of time. One study®® showed that 
there was no lag as great as sec. A more recent study®® has shown that 
the photoelectric current starts within 3 X 10 “® sec. after the surface is 
illuminated, and that it ceases within 10 *"® sec. after the illumination is cut 
oflP. No lag whatever has been found. These times represent merely upper 
limits established by the method and apparatus. The absence of any 
measurable lapse of time between the instant of illumination and the start 
of the photoelectric current is entirely consistent, with the quantum theory 
interpretation of the photoelectric effect; it is not in accord with the classical 
theory in which the electron must gradually accumulate energy from the 
wave front until it has a sufficient amount to enable it to pass through the 
surface. Even with the lowest intensity of illumination for which it is 
possible to measure the photoelectric current, this current starts immedi- 
ately. On quantum theory this means that a certain few of the electrons 
immediately absorb a large amount of energy, an amount hv. If one 
supposes, according to classical theory, that the electron must gradually 
accumulate this energy from the wave, then it is logical to expect a measur- 
able lag in the start of the photoelectric current. If one assumes that an 
electron can absorb energy only from that part of the wave front which 
strikes a single atom, then for very low intensity it would take years for the 
electron to absorb sufficient energy to be ejected. It has been shown^® 
theoretically that an absorber the size of the electron will absorb energy 
from an area of the wave front of the order of Even with absorption 
of this area of the wave front there would still be a lag of several hours for 
very low intensity blue light. But experimentally there is no lag. It is 
necessary, therefore, either to accept the quantum concept that a few 
electrons absorb an energy hv and others absorb none, or to assume that the 
individual electrons can absorb energy from parts of the wave front many 
centimeters distant from the absorbing electron. The evidence is strongly 
in favor of the quantum concept. 

Materials Illuminated with X-rays or ^-rays 

Solids. — X-rays and 7 -rays are also capable of ejecting photoelectrons 
from materials, either solids or gases. The process is identical with that 
already discussed for ultraviolet light. The Einstein equation holds just 
as certainly for the case of X-rays and 7 -rays as it does for light. There is 
just one essential difference, one brought in by the fact that the energy 
quantum for an X-ray frequency is much larger than that corresponding to a 


K. Marx and K. Lichtenecker, Atm. d. Phydk, 41, 124 (191S). 
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light frequency. Whereas the energy of a quantum is about 1.8 electron 
volts for red light, 3.1 for blue light, and 90 for the shortest ultraviolet 
radiation, it is of the order of 1^5,000 electron volts for X-rays of average 
wave length, say 0.1 A°. This is more than sufficient to overcome the 
surface work function for any material. In fact it is sufficient to eject 
electrons from deeper levels of any of the atoms. Whereas light can eject 
electrons only if they are practically free from atoms, X-rays and 7-rays 
can eject electrons from the ilf , i, and K levels of the atom as well. As a 

result, the work function takes on a 
number of values for the same material. 
The largest of these represents the work 
to extract a K electron from the atom; 
the smallest is that required to get a 
free electron out through the surface. 
Wnhen monochromatic X-rays or 7-rays 
are allowed to fall upon a thin film of 
metal, electrons having a number of well 
defined energies are ejected. Since many 
of these electrons have very high veloci- 
ties, the kinetic energy can no longer be 
written It is necessary to use 

the expression which takes account of 
the fact that the mass increases with velocity; that is, one must write 



Fig. 11. — Illustrating the method of 
determining the velocities of high speed 
photoelectrons. Photoelectrons emitted 
from the surface T are bent in a circular 
path, by a magnetic field perpendicular 
to the plane of the paper, and strike 
the photographic film P. 


K.E. = 

Using this in the Einstein equation, 

1 


.Vi - ?■ 


- 1 




Vl - 


= hv — w 


where w may take on any one of a number of definite values characteristic 
of an atom. The numerical values of w are known accurately for a majority 
of atoms from studies of X-ray spectra. The experimentally determined 
velocities of photoelectrons ejected by a known frequency are just those 
one calculates from the Einstein equation when one uses first one and 
then another of these values of w. There exists a low frequency limit, or 
long wave length limit, corresponding to each discrete energy level within 
the atom. A certain frequency may be able to eject an L but not a K elec- 
tron from a given material. 

The fact that the Einstein equation holds accurately for photoelectric 
ejection by X-rays and 7-rays has proved a valuable aid in determining the 
wave lengths of 7-rays. One allows the 7-ray to fall upon a thin film of 
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some metal for which the various energy levels are known. The velocities 
of the resulting photoelectrons are then determined, usually by the method^^ 
illustrated in Fig. 11. Having the velocity of one group of photoelectrons, 
one could calculate the frequency of the incident 7-ray if he could be certain 
from which level in the atom these electrons came. Fortunately, the energy 
difference between successive levels varies greatly from one material to 
another. Hence, by observing the photoelectrons ejected from several 
materials, it is possible to judge with certainty the level from which each 
group of electrons came. When one succeeds in assigning the origins of 
the various groups of electrons to the proper levels, the values calculated 

TABLE V 

Showing data on photoelectrons ejected from various miiteritils and from various atomic 
levels by a single 7 -ray having a wave length of 0.0352 A®. All energies, including hvl^ for 
the gamma ray, are given in kilovolts. (Jamma ray wave lengths are given in A°. 


Material 

Energy of 
photoelectron 

Assumed 

level 

Known work 
function for 
this level 

(hil ciliated 
hvjo 

Calculated 
wave length 

Ag 


K 


348 

.0354 

Ta 


K 


344 

,0358 

W 

276 

K 

69 

345 

.0357 

Pt 

265 

K 

78 

343 

.()S5» 


269 

K 

78 

347 

.0355 


275 

K 

78 

353 

.0349 


340 

I^i.r 

12 

352 

.0350 


352 

M 

3.0 

355 

.0347 

Au 



K 


348 

.0354 

Pb 

258 

K 

87 

345 

.0357 


260 

K 

87 

347 

.0355 


260.9 

K 

87.4 

348.3 

.0354 


263 . 8 

K 

87.4 

351.2 

.0351 


265 

K 

87 

352 

.0350 


332 9 

L, 

15.8 

348 . 7 

.0354 


337.9 

Lin 

13.0 

350.9 

.0852 


350.2 

M 

3.2 

353.4 

.0349 

• 

353 . 6 

N 

0.5 

354 . 1 

,0348 

U 

2,31 

K 

115 

346 

.0356 


238 

K 

115 

353 

.0349 


H. Robinson, Prov. Roy. Son., A, 104, 455 (1923). 
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for the frequency of a 7-ray from data on the various groups must come 
out the same. When it does, one is quite certain that his assignments are 
correct. Results^^ of such measurements are shown in Table V. All of 
the photoelectrons for which data are quoted in the table were ejected 
by a single 7-ray having a wave length of 0.035^ A°. That the Einstein 
equation holds accurately for this process is evident from the agreement of 
wave lengths for this 7-ray as calculated from photoelectric data on various 
materials. Furthermore, wave lengths evaluated in this manner agree with 
those measured directly by reflection from crystal surfaces. The photo- 
electric method has been found the more convenient and the more precise 
for determining wave lengths of the shorter 7-rays. 

Gases. — Gases also exhibit a photoelectric effect when illuminated with 
ultraviolet light, X-rays, or 7-rays. The general behavior is entirely 
similar to that discussed above. Whereas ultraviolet light is capable of 
ejecting only the outermost electrons. X-ray and 7-ray photons have 
suiBScient energy to eject electrons from the deeper energy levels. If a pulse 
of X-rays is sent through a Wilson cloud chamber just preceding an expan- 
sion of this chamber, the tracks of photoelectrons ejected from the gaseous 
atoms can be seen. By observing the ranges of these tracks it is possible to 
evaluate approximately the energy with which the electrons are ejected. 
When the work w required to eject an electron from the appropriate level 
of the atom is added to the kinetic energy of the ejected electron, the total 
energy obtained is equal to kv within the limit of error. Thus the Einstein 
equation is again found to hold. 

If one calculates the entire energy that could fall upon any one atom 
during the short pulse of X-rays, assuming that the X-ray energy spreads 
out as a wave, it is found that this is often much less than the energy of the 
photoelectroii ejected from the atom. Just as in the case of metals illumi- 
nated with ultraviolet light, it is found that the photoelectron has often 
absorbed far more energy than one would expect, on the wave hypothesis, 
to come even close to it. Certain of the electrons immediately absorb a 
large amount of energy, hv, whereas others absorb none. Thus again it 
appears that radiant energy is not only emitted and absorbed in quanta of 
size hvhut these discrete photons may proceed individually in quite definite 
directions. Further evidence concerning this will be pointed out shortly. 
X-rays are absorbed in passing through a gas by means of the ejection of 
high speed photoelectrons. Each photon of X-rays gives up its entire 
energy to an electron. This high speed photoelectroii in turn gives up its 
energy by forming ions along its path; the photoelectron gradually comes to 
rest. It is now clear why a photograph of a Wilson cloud chamber through 
which an X-ray beam is traveling shows no definite path for the X-ray, but 
A. F. Kovarik and L. W. McKeehan, Bull. Nat. Res. Coun.t 10, 120 (1925). 
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does show tracks of innumerable electrons proceeding in all directions and 
all originating within the geometrical boundaries of the X-ray beam. 

It is interesting to inquire briefly into the direction in which a photo- 
electron is ejected from an atom. Many experimental studies^® have 
shown that a majority of these are ejected in a direction nearly perpendicular 
to the direction of the X-ray beam. For an unpolarized beam the dis- 
tribution of ejected electrons is symmetrical about the direction of travel 
of the X-ray. For a plane polarized beam the distribution is no longer 
symmetrical; a majority of the electrons are ejected in a direction parallel 
to the electric vector of the wave representing the X-ray. It is interesting 
that, although the ejection process clearly follows the concepts of the 
quantum theory, it is necessary to revert to the classical wave theory to 
formulate any clear-cut concept dealing with the general direction of 
ejection. 

It has been remarked that for an unpolarized X-ray beam a majority 
of the photoelectrons are ejected in directions nearly perpendicular to that 
of the X-ray beam. Peculiarly, more are ejected in the forward direction 
than in the backward direction.’^®’*^'^ That is, the direction in which a 
maximum number of electrons are ejected makes an angle somewhat less 
than 90° with the forward direction of the X-ray beam. This is indicated 
by Fig. 12, a reproduction of the electron distribution observed by Ander- 
son.*^® Many experiments of this type show that the average forward 
component of ejection increases with increasing frequency of the incident 
X-ray. On the quantum theory one would expect a majority of the 
electrons to be ejected in a somewhat forward direction. The photon gives 
up to the electron not only its energy but also its momentum. A photon 
having an energy hv and moving with the velocity of light c would possess 
a momentum hv/c in the direction of motion. Qualitatively at least, the 
forward component of the direction of ejection appears to be in accord with 
the idea that the electron must absorb this forward momentum. The 
increase in the forward component with increasing X-ray frequency is also 
in qualitative accord with this concept. Quantitative agreement is not 
obtained, however, on this simple picture of the process. The observed 
asymmetry in the forward direction is definitely larger than that expected 
on this concept. Modern wave mechanics treatment of this problem does 
lead^®'^^*’® to a theoretical asymmetry in close agreement with that observed. 

A. L. IIukUos and L. A. DuBridgc, Photoelectric Plwnomcna (New York: McGraw-HiH 
1932), pp. 404-414. 

A. II. Compton and S. K. AlILson, X-Rayc in Theory and Experiment (2nd ed.; New York: 
D. Van No.strand, 1935), pp. 604-682. 

” C. D. Ander.son, Phys. Rev., 36, 1139 (1930). 

G. Wentzcl, Zeitc.f. Phyaik, 40, 574 (1926); 41, 828 (1927). 
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In fact the solid line curve of Fig. 12 was not drawn as the best curve repre- 
senting the observed points; it represents the theoretical distribution of 
photoelectrons. A similar preponderance of photoelectrons in a forward 
direction has also been observed for very thin films of metal irradiated with 
X-rays. In fact it was here that the phenomenon was first discovered. If 
X-rays are shone on one side of a very thin film, more electrons are ejected 
from the back surface of the film than from the surface facing the source 
of X-rays. This again is attributed to the fact that the electron must 
absorb not only the energy but also the momentum of the incident photon. 

There are many other aspects of photoelectric phenomena and many 
more intricate details of those we have mentioned, that provide valuable 
information. Our purpose of illustrating the photon character of radiation, 



Pig. 12. Showing that more photoelectrons are ejected in a forward than in a backward 

direction. 

as exemplified in the basic photoelectric process, has been served sufficiently 
well, however, by this brief discussion of the more fundamental photoelectric 
phenomena. The photoelectric effect contributed some of the earliest and 
most convincing evidence for the existence of the photon. The photon 
character of radiation would certainly have been accepted without this 
evidence, but its acceptance would no doubt have been delayed for some 
years. 

4. THE SCATTERING OF X-RAYS 

Some of the more fundamental findings and concepts of X-rays will be 
discussed briefly in a following chapter. Studies of emission and absorption 
of X-rays provide further convincing evidence for the photon character of 
radiant energy, and tor the existence of discrete energy levels within the 
atom. This evidence is so nearly parallel to that which has already been 
discussed in connection with visible and ultraviolet radiation, however, 
that its inclusion at this time is unnecessary. There is one phenomenon of 
X-rays, however, that provides quite another line of evidence regarding the 
photon character of radiant energy, one which has no clear-cut parallel in 
light. This has to do with the phenomenon of scattering. The evidence 
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it provides as to the photon character of radiation is so important that it is 
advisable to discuss this phenomenon here at sufficient length to bring out 
the fundamental concept involved. 

Everyone is familiar with the fact that visible light can be scattered by 
minute particles of matter such as dust or fog. Although when light of 
all wave lengths is scattered there often results a change in effective color 
in certain directions, it is recognized that this is due directly to the fact 
that blue light is more effectively scattered in all directions than is red light. 
It is for this reason that the sun appears unusually red at sunset; and for 
the same reason the sky always appears blue. But it is equally well recog- 
nized that if monochromatic light is scattered, there is no change in color. 
That is, although the light may be scattered in all directions, the color, and 
hence the wave length, is entirely unchanged by the scattering process. 

X-rays are also scattered by matter, largely by the electrons associated 
with the atoms of the scattering material. In the early days no funda- 
, mental difference between this process and that of light scattering was 
recognized. On classical theory one pictures the X-ray as an electro- 
magnetic wave having associated with it varying electric and magnetic 
fields. Electrons of the scattering material are supposed to be set into 
vibration by the varying electric field. These vibrating, and hence acceler- 
ated, electrons are then supposed to re-radiate the energy in all directions. 
This re-radiated energy represents the scattered X-rays. On this concept 
it is clear that the frequency of the vibrating electron, and hence the fre- 
quency of the scattered radiation, should be exactly the same as that of the 
incident radiation. The wave length of the scattered X-rays should 
then be exactly the same regardless of the direction in which the X-ray is 
scattered, and this should be equal to the wave length of the X-ray incident 
upon the scattering material. It was soon found, however, that this was 
not actually the case. In general the wave length of X-rays is increased 
when the rays are scattered, and the increase is definitely measurable. This 
finding was quite inconsistent with the classical view. 

In 1922, A. H. Compton^"^ suggested an entirely different interpretation 
of the scattering process. The quantum theory had by this time secured an 
unmistakable foothold in the fields of spectroscopy and photoelectricity; 
the concept of the photon seemed quite necessary. It was therefore natural 
that attempts should be made to apply the concept to other phenomena. 
Compton assumed that X-ray energy travels as photons, in quanta of energy 
hv. He supijosed that the energy is scattered by electrons within the scat- 
tering material, electrons some of which behave essentially as if they are 
free. Referring to Fig. 13, let the incident photon come from the left 
towards a free electron at point P. The energy of this photon is hv; its 
A. H. Compton, Bull Nat. Res. Coun., 4, 1-56 (1022) ; Pkys. Rev., 21, 207, 48S (1923). 



256 


THE ••PARTICLES” OF MODERN PHYSICS 


momentum^® is feiz/c, where c is the velocity of light, the velocity with which 
the photon travels. When this quantum is scattered by the free electron, 

let the scattered quantum move off in some 
direction making an angle 4> with the direc- 
tion of the incident quantum. And let us 
suppose that the scattering electron recoils 
from the ^‘collision” with a velocity in 
some direction 6. The photon must in 
general lose energy as it is scattered, for it 
gives some energy to the electron. Now the 
only way in which a photon might decrease 
its energy would be to decrease the frequency 
associated with it. Let the energy of the 
scattered photon he hv'y where the frequency 
v' is in general less than v. Compton 
assumed that the laws of conservation of 
energy and conservation of momentum hold for the interaction between 
the photon and the scattering electron. From the law of conservation of 
energy 



Fig. 13. — Illustrating a sup- 
posed “ collision ” between an X-ray 
photon and a free electron. 


kv = fev' + moC^ r — — ll 

LvT^^ J 


From the law of conservation of momentum, considering first the com- 
ponents of momenta along the original direction of the incident photon, 

hv hv' , . moBc 

— = — cos 6 H pr- ~ - ■ - 

c c Vl - 


cos 6 


And considering components of momenta perpendicular to this direction 

mope 


0 = — sm <t> — , 

C Vl - 


sin 6 


We thus have three equations in four unknowns, v', </>, /?, and 6. It is pos- 
sible to eliminate completely any two of these, obtaining a relationship 
between the remaining two. For example, the equations can be solved for 
the frequency of the scattered photon, in terms of the angle <t> at which 
the energy is scattered. It is clear that the frequency will be decreased 
upon scattering; the wave length of the scattered radiation will be longer 


On the mass-energy equivalence concept a mass m is equivalent to an energy E = c^m 
The mass one must assign to the photon can therefore be obtained from hv ^ mc^. The 
momentum to be assigned the photon is therefore me = hv/c. 
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incident radiation. By solving the above equations it is 
round’' that the increase in wave length, AX, is given by 

^ sin® I <^. = 0.04853 sin® | 

where recent^ values of the constants A, m and c have been used to evaluate 
the numerical constant, and where it is agreed that AX is to be expressed in 

Al • 

Compton’s theory of the scattering by free electrons thus leads to the 
remarkable conclusion that the wave length of the scattered radiation 
should be greater than that of the incident radiation. Furthermore, the 
increase in wave length should vary from 0 for energy scattered straight 
forward to 0.04853 A® for that scattered directly backward; and the increase 
should vary as the square of the sine of one-half the angle of scattering. In 
addition the theory predicts that the increase in wave length should be 
independent of the wave length of the incident radiation, and independent 
of the nature of the scattering material. Many careful experiments'® bear 
out these conclusions in all detail. The wave length is increased during the 
scattering process, and it is increased in accord with the theoretical expres- 
sion derived by Compton. Only a few years ago what Compton'® regarded 
as the best experimental observations®® showed the increase in wave length 
to be 


AX = (0.04848 ± 0.00008) sin® }4<l> 

Ihe numerical constant of this experimentally confirmed relationship agrees 
remarkably well with the theoretical constant 0.04853. The precise value 
of the theoretical constant depends slightly upon which experimental 
values of h/e and e/m one accepts. While the value of e/m is known with 
precision, the value of k/e is open to some question. In calculating the 
above theoretical constant the value'' h/e = (1.3793 + 0.0002) X 10“" 
obtained from the Rydberg constant has been used. If one uses instead 
the value'’" h/e = (1..3762 + 0.0003) X 10~'' obtained directly from X-ray 
measurements, the theoretical constant of the Compton expression become.s 
0.04842. The agreement with the experimental value is still entirely satis- 
factory. It should be remarked that Ross and Kirkpatrick®' find a some- 
what lower value of this constant, (0.04760 ± 0.00006). In fact they feel 
that the original Compton cxpre.ssion is not exactly correct, that a small 
term should be subtracted to take account of the fact that the scattering 

A. H. (Vimpton and S. K. Allison, X-Raynin Theory and Experimenl (2rid twl.;'New York: 
D. Van Nostrand, 19»6), pp. 20()-2.S7. 

N. S. Gingrich, Phya. Rev., 36, 1050 (1930). 

P. A. Ro.s.s and P. Kirkpatrick, Phya. Rev., 46, 223 (1934); 46, 608 (1934). 



258 


THE “PARTICLES** OF MODERN PHYSICS 


electroti is not entirely free. This proposed correction term, and hence the 
change of wave length accompanying scattering, depends upon the wave 
length being scattered. When this correction term is included in the 
Compton expression, Ross and Kirkpatrick find for the multiplier 2fe/mc 
the value (0.04836 ± 0.00008). 

Even more direct evidence as to the correctness of this concept of 
scattering has been secured, photographic evidence that quanta do proceed 
in quite definite directions and do produce recoil electrons when they are 
scattered. The scattering process has been allowed to take place in a cloud 
chamber. The path of the recoil electron can be observed visually or 
photographically. Although a photon does not leave a continuous track, 



F'ig. 14. — Showing the track of a recoil electron and that of a photoelectron eje<^te<i by the 
scattered photon. Lead sheets have been placed in the chamber to increase the chance timt 
the scattered photon will eject a photoelectron within the chamber. The lower figure repro- 
duces the original photograph; the upper figure has been retouched by Compton. 

the direction of the scattered quantum can also be determined from such a 
photograph. After traveling a short distance the photon will often be 
absorbed by an atom with the resultant emission of a photoelectron. The 
track of this photoelectron can be observed visually or recorded photo- 
graphically. The direction taken by the scattered photon is then that of a 
line drawn through the point at which the recoil electron track starts and 
the point at which the photoelectron was produced. Such a photograph 
is reproduced^^ in Fig. 14. There can be no doubt of the existence of the 
recoil electron; and there is likewise no doubt that the scattered photon 
proceeds to a definite point where it ejects a photoelectron. 

Many other experimental tests of the Compton theory of scattering can 
be devised, some as regards the relative angles at which the recoil electron 

A. H. ('ompton and A. W. Simon, Phys, Rev., 26, 2S9 (1925). 
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and the scattered photon leave the point of scattering, some as regards 
the energy of the recoiling electron, and others as regards the simultaneity 
of the appearance of the recoil electron and the scattered photon. All of 
these features have been investigated^® and the results are in full accord with 
the Compton theory. They leave no doubt as to the correctness of the 
concept. It is true that this scattering process has been treated by Schr5d- 
inger®^ on the modern wave theory of the electron. The theoretical results 
are identical with those obtained by Compton on the particle concept. 
Certainly the Compton treatment gives a much clearer picture of the 
process. The important bearing the Compton work had upon modern 
physical concepts is evidenced by the fact that the Nobel Prize was awarded 
in recognition of the work. Studies in this field seem to leave no doiibt of 
the photon character of radiant energy. 

E. Schrodinger, A nn. d. Phyaik, 82, 257 (1927). 



Chapter 7 

X-RAYS 

It was during the course of a systematic search for a possible radiation 
capable of traversing matter opaque to ordinary light that Roentgen^ 
discovered the X-ray in 1895. Roentgen had been studying the ultraviolet 
light given off from an electrical discharge passing through a rather highly 
evacuated tube, and had been using crystals of platinum barium cyanide 
spread over a paper screen to detect the presence of radiation too short to 
affect the eye. These crystals fluoresce when illuminated with radiation of 
sufficiently short wave length. Having covered the discharge tube com- 
pletely with opaque paper, Roentgen found that the screen continued to 
fluoresce. The intensity of fluorescence was found to decrease when heavy 
obstacles were interposed between the discharge tube and the screen, but 
some radiation was able to penetrate considerable thicknesses of matter. 
It was evident that this was some new radiation of unknown nature and 
origin, a radiation excited in some manner in the discharge tube. Roentgen 
called this ‘X-rays,’’ a name indicating the then unknown character of the 
radiation. 

Roentgen thought that the X-rays he observed came from the glass walls 
of his discharge tube, and they no doubt did. It is now known that X-rays 
are given off from any material when properly excited. The excitation is^ 
usually accomplished by bombardment with high speed electrons, although 
irradiation with other X-rays will likewise cause a material to emit X-rays. 
Roentgen found immediately that obstacles interposed in the path of this 
new radiation cast shadows upon the fluorescent screen. The shadow is 
due to the partial absorption of the radiation by the obstacle. The dis- 
coverer of this new radiation foresaw its probable importance to medical 
science. 

Roentgen at once attempted to determine many of the properties of 
X-rays. He found that the radiation could not be deflected by electric 
or magnetic fields; hence, it did not consist of charged particles. His 
attempts to reflect and refract the rays were unsuccessful. Early attempts 
of other workers to observe diffraction effects were also unconvincing. 
However, it has since been shown that it is possible to reflect, refract, and 

1 W. C. lloentgen, Sitzungsber. der Wiirtzburger Physik-Medic. Geaellsoh., (1895); reprinted 
in Ann..d, Phydk, 64, 1 (1898) ; translated by A. Stanton, Science, 3, 227, 726 (1896). 
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diffract the radiation, that it produces interference phenomena, and that it 
can be polarized. The radiation not only causes fluorescence, but affects 
a photographic plate and produces ionization in gases. It can therefore be 
detected visually, photographically, or electrically. It has already been 
stated in an earlier section that X-rays eject photoelectrons from metals 
or gases on which they impinge. The subject of X-rays has now been 
developed so extensively that we can touch here upon but a few of the more 
fundamental and interesting properties, leaving to more specialized works^ 
the complete development of the subject. 

I, GENERAL PROPERTIES OF X-RAYS 


Their Production 

X-rays are produced whenever high speed electrons are stopped abruptly 
by allowing them to impinge upon a target of some material. It makes no 
difference what kind of a target the electrons strike. X-rays are produced. 
Targets made of materials of high atomic number give much more intense 
X-rays. The higher the speed of the electron stopped the more penetrating 
are the X-rays produced. X-ray tubes consist essentially of a source of 
electrons, some means of giving these electrons high speeds, and a target on 
which the electrons strike. The X-rays are given out from the point where 
the electrons strike this target. 

There are two general types of X-ray tube, the gas tube and the Coolidge 
tube. The former consists of a concave metal cold cathode facing a metal 
target. A small amount of gas, at a pressure of the order of a few tenths of a 
micron, is purposely left in the tube. A potential difference of the order of 
50 to 100 kilovolts is applied across the tube. Just as in the discharge tube 
at higher pr(\ssures, this causes electrons to 1)C freed from the cathode. The 
shape of the ealhode is sneh that these electrons arc l'oeuse<l on a small 
spot of the target. I"his gives nearly a point source of X-rays, but it does 
necessitate that the target be made of some liigh melting ])<)int material 
such as plaliniiin or molybdenum. Since the penetrating })<)wer of the 
X-rays produced is determined by the potential difference across the tube, 
and since the ]>otential re<|uired to maintain a gaseous discharge is deter- 
mined largely by the |)r<‘ssure of the residual gas, the ordy way to change the 
hardness of the X-rays })r()<hieed is to change the ])ressiire of the gas in tlie 
tube. Most gas lubes ar<‘ therefore equipped with a, small side tube con- 
taining means for adjusting the gas pressure, '’i'ln^ Coolidge tube utilizes 
a hot cathode which furnishes electrons, ndie lube is exhausted as thor- 
oughly as possible, ^idie vacuum must be good, for otlierwise the healed 
filament is damaged by positive ion boinbar<]menL '^Fhe ]>()t(‘ntial across 

2 A. H. (\)inpl()n uikI S. K. Allison, AV«//.v in Theory and Kxperiinent (!in<l tMl.; New 
1). Van Nosirund, IDS,')). 
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the tube can be made anything desired, for it is in no way dependent upon 
the residual gas pressure. The Coolidge tube therefore possesses the great 
advantage that the intensity and the hardness of the X-rays can be con- 
trolled independently. The intensity is controlled by varying the tempera- 
ture of the filament, and hence the number of electrons striking the target 
per unit of time; the hardness is controlled by varying the potential differ- 
ence across the tube. This independent control is not possible with a gas 
tube. Both types of tube are used extensively. 

Velocity 

Only a few years after Roentgen’s discovery of X-rays it was shown®'^ 
that this new radiation travels through space at a velocity at least closely 
that of light. This was done by comparing the velocity with which the 
X-ray traveled with the velocity of an electric wave along a wire. An 
X-ray tube and a spark gap were connected, some distance apart, between 
two long wires. The straight line distance between the gap and the tube, 
and the length of the wire connecting these, could be varied independently. 
An electrical potential, a pulse of very short duration, was applied to the 
X-ray tube. This excited X-rays immediately, and these X-rays traveled 
through the air to the spark gap. The potential wave, after arriving at 
the X-ray tube, traveled along the wire to the gap. Now the gap would 
break down most readily if this potential wave arrived just as the X-rays 
were producing ionization in the gap. From the relative distances traveled 
by the potential wave and the X-ray in arriving at the gap simultaneously, 
it was found that the X-ray travels through air at a speed not far different 
from the speed of the electric wave on the wire. Since it was already known 
that an electric wave trav^els along a small straight wire far removed from 
the ground and other objects at a speed approaching that of light, it was 
evident that X-rays also travel with a velocity at least closely that of light. 
Some years later^’ *’ a photoelectric cell was substituted for the spark gap. 
A maximum photoelectric current indicated that the potential wave and 
X-ray were arriving at the photoelectric cell simultaneously. Again the 
X-ray velocity was found to be equal to the velocity of light within the prob- 
able error of the rather crude method. 

Diffraction and Interference 

Diffraction hy Slits . — Early studies of diffraction and interference of 
X-rays were only moderately successful. It is now possible, however, to 

2 B. Briinhes, Comptea Hendus, 130 , \^7 (1900). 

^ R. Blondlot, Comptes Rt^ndiiHy 134 , 1559 136 , 7^1, 70S, 7(J0 (1902). 

^ K. Marx, Ann. d. Phynik, 20 , 677 (1900); 28 , 37, 163 (l909); 33 , 1305 (1910); 36 , 397 
(1911); fVr//. DeuUck. Phys. (resell., 10 , 167, 598 (1908). 

® J. Franck and R. Pohl, Verh. Deutsch. Phys. Gesell, 10 , 489 (1908); Ann. d. Physih, 34 , 936 
(1911). 
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produce these efiFects in three distinct ways, by narrow slits, by crystals, 
and by ruled gratings. These diffraction and interference phenomena 
show that the X-ray is a wave motion in every sense that ordinary light is a 
wave. Diffraction by narrow slits was first accomplished by Haga and 
Wind*^ in 1899. Having no real knowledge of the wave length of X-rays, 
in fact not knowing for certain that X-rays were even of wave character, 
early workers had little idea as to the width of slit that might show these 
effects. X-rays were therefore directed through a very narrow V-shaped 
.slit a few thousandths of a millimeter wide at its wider end. In effect this 
served to try slits of various widths all at the same time. Exposure on a 
photographic plate placed beyond the slit showed a broadening of the X-ray 
beam after passing through the narrow parts of a slit. The shadow cast 
was not one sharply defined by the geometry of the apparatus. This 
broadening was attributed to diffraction. It was calculated that the 
observed broadening was such as to indicate a wave length of the order of 
cm. Some years later Walter and PohP performed a similar experi- 
ment, presumably with several refinements, and reported little if any 
evidence for diffraction. They concluded that if any diffraction effects 
were present they were certainly far smaller than those previously reported. 
These latter data were later recalculated by Sommerfeld,^ however, using 
accurate photometric measurements of the blackening of the photographic 
plates. Sommerfeld regarded the evidence as strongly in favor of diffrac- 
tion, and calculated that the hard X-rays used to produce the observed 
diffraction pattern must have had a wave length of 4 X cm. He 
also found that the wave length of the softer more easily absorbed X-rays 
was somewhat greater, probably near the value reported by Haga and 
Wind. 

In more recent years several workers have obtained exceedingly clear- 
cut photographs of diffraction effects produced by X-rays coming through 
slits. The improvement has come mainly through use of monochromatic 
X-rays. In the intervening years it had been shown definitely by other 
methods that X-rays had a wave length approximately that indicated by 
early diffraction experiments; and workers had learned how to obtain 
monochromatic X-rays, radiation of a single wave length. Just as in the 
case of light, the use of a single wave length leads to a much more striking 
diffraction pattern. Excellent diffraction photographs have now been 
obtaine<l from slits using X-rays of several different wave lengths, 1.54 
and 0.71 A®*' in particular. These wave lengths represent quite ordinary 

7 H. Haga and C, H. Wind, Wied. Amt.., 68, 884 (1899). 

« B. Walter and R. Pohl, d, Phynk, 29, 381 (1909). 

” A. Sommerfeld, Ann. d. Phydk., 38, 473 (1912). 

10 B. Walter, Ann. d. Phydk, 74, 661 (1924); 76, 189 (1924). 

I. 1. Rabinov, Prm'. Nat. Acad. SeL, 11, 222 (1925). 
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X-rays. Even more striking are the results which have been obtained^.is 
by using rather soft X-rays in vacuum. Pig. 1 reproduces a diffraction 
photograph taken by Larssonii* of X-rays of wave length 8.3 A° passing 
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Fig. l.-Showin« the diffraction of X-rays of 8.3 A“ wave length in passing through a slit 

0.0055 mm. wide. 


Fig. 2.-Showing the diffraction of X-rays of 8.3 A» wave length as they pass a wire 0.038 mm. 

in diameter. 

through a slit 0.0055 mm. wide. Fig. 2 reproduces a remarkable photograph 
y Kellstrom of the diffraction pattern formed by these same X-rays in 
passing a piece of wire 0.038 mm. in diameter. These photographs are 
entirely analogous to those formed under similar circumstances by light; 

A. Larsson, Uppsala Univ. Arsskrifty No, 1, p. 97 (1929) 

(i. Kellstrom, ^/ov. Act. Reg. Soc. Sci. UppsaHensis, 8, No. 5 (1932). 
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and they are fully as definite as those obtained with light. The theory 
developed for the diffraction and interference of light holds equally well 
for these results obtained with X-rays. There can be no doubt that the 
behavior is entirely analogous. The only difference is that ;X-rays, being of 
much shorter wave length, require much narrower slits to show these effects 
clearly. * 

It is interesting that the similarity in behavior of X-rays and light has 
been illustrated even further by other experiments. Recall that inter- 
ference fringes of light can be obtained through use of a Fresnel double 
mirror, the two mirrors being inclined at a very small angle with one another. 
Kellstrom^^ has obtained clear cut Fresnel interference fringes in exactly 
the same way using soft X-rays. 

Diffraction by Crystals . — ^Long before any great success had been obtained 
in studies of the diffraction and interference of X-rays coming through 
narrow slits, in fact before there existed any conclusive proof of the wave 
character of X-rays, it occurred to Laue^^ that a crystal might act toward 
X-rays much as does a ruled grating toward light. Early slit diffraction 
experiments had indicated that X- 

rays had a wave length of the order x 

of or cm. Although these n 
early experiments were not accepted 11 

as particularly convincing at the 

time, the results have since been \Siy ~7 

shown to 1)0 surprisingly accurate. ] f C 

At any rate, they no doubt played 
a big part in Laue’s remarkable 

discovery, for Lane recognized that ^ 

the regular spacing between atoms ^ ^ 

,1 1 /• x- Fio. S. — ^Illustrating the esHential tirrangemcnt 

in a crystal was only a tew times • • t u x u 

. 1 1 1 f apparatus for obtaining Laue photographs, 

the estimated wave length of 

X-rays. But light passing through a grating having lines ruled a few 
wave lengths apart produces the well known interference spectra. Laue 
therefore argued that, since the atom planes in a crystal are separated by a 
few wave lengths of X-ray, the crystal might produce interference effects 
when traversed by X-rays. 

The original experiments were carried out by Friedrich, Knipping and 
Laue,^^ using an arrangement of apparatus illustrated in Fig. 3. A narrow 
beam of X-rays was collimated by passing through two circular holes Hi 
and 7 / 2 . A thin crystal C of zinc blende, zinc sulfide, was placed as shown. 
After passing through the crystal the X-rays fell on a photographic plate 

W. Friedrich, P. Knipping, and M. Laue, Ber. bay&r. Akad. JViss., 303 (1912); Ann. d. 
Physik 41, 971 (1913). 
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Fig. 5. — A Laue photograph of an iron crystal. 
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placed perpendicular to the original direction of the X-rays. It was found 
that, in addition to a strong central spot, the X-rays produced intense and 
sharply defined spots considerably removed from this center and located 
symmetrically about it. Pig. 4 reproduces a typical Lane diflFraction 
photograph, one taken with a single crystal of zinc sulphide. Fig. 5 repro- 
duces a similar photograph^® taken 'with a single crystal of iron. It should 
be borne in mind that results such as these are obtained only when the 
crystal used is a single large crystal. As will be pointed out later, quite 
different appearing photographs result when a powdered crystalline material 
is used. 

A logical interpretation of these Lane spots was offered immediately 
by W. L. Bragg. It was shown that each of the spots surrounding the 
central spot could be interpreted as the reflection of the incident beam of 



Fig. C).- Showing the (‘sHcntiul arrangement of apparatus in the Bragg method. This 
arrangement is fre<iuently (allied a single crystal X-ray .spectrometer. The ionization chamber 
is often replaeiMl by a jihotographic film. 

X-rays from some series of parallel atomic planes within the crystal. Let 
us imagine the innumerable planes which might be drawn through the 
regularly spaced atoms making up a crystal, .say a crystal having a cubical 
array of atoms. The number of atoms in any particular plane depends upon 
the angle this plane makes with the principal planes of the atom array. It 
turns out that planes drawn at simple angles with the cubic axes of the 
crystal are relatively rich in atoms. And it is i)reci.sely these planes which 
produce the more iulen.se Lane s])ots. The greater the number of atoms in 
a particular plane the more iiiteii.se is the spot corresponding to reflection 
from this plane. It is clear, therefore, that considerable information regard- 
ing the crystalline structure of a material might be gained from Lane photo- 
graphs taken in different directions through the crystal. 

One would expect the natural deavage fact‘ of a crystal to be one of that 
series of parallel planes which is richest in atoms. It was therefore natural 

(h L. ('lurk. Applied X-rays (2nd cd.; New York: McGraw-Hill, 1982), p. ISO. 

W. L. Bragg, Proa. Carnb. Phil. Soc., 17, 43 (1912). 
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that W. H. Bragg and W. L. Bragg, father and son, attempted immediately 
to observe reflection from the cleavage face of a crystal. A narrow beam 
of X-rays was allowed to fall at near grazing incidence upon the cleavage 
face of a crystal. A search was made for a reflected beam by means of an 
ionization chamber. The essential arrangement of apparatus is shown in 
Fig. 6. The Braggs found a reflected beam of considerable intensity at a 
position such that the reflected beam made the same grazing angle with 
the crystal face as did the incident beam. Then keeping the relative angular 
positions of the incident beam, the crystal, and the ionization chamber, 
such as to receive this reflected beam, that is, keeping the two angles d of 
Fig. 6 equal, the distribution of reflected energy with changing angle of 
incidence was investigated. The results were striking indeed. Fig. 7 



Fig. 7. — Showing the intensity of X-rays reflected for various angles of incidence on the (100) 

faces of rock salt. « 

reproduces those^^ obtained by reflecting from a NaCI crystal the X-rays 
given off by a tube having a platinum target. Although considerable energy 
is reflected at all angles, there are certain angles at which distinct maxima 
occur. These peaks occur in groups of three, first at Ci, Bu and Au and 
then again at B2, and A 2- It is natural to suppose that the general 
intensity represented by this curve is that due to the continuous radiation 
given off by the X-ray tube, radiation of all wave lengths. It is further 
supposed that the peaks Cu Bi, and Ai correspond to certain wave lengths 
characteristic of the target. If this interpretation is correct, it is possible 
that C2, B2 and A 2 represent the second order reflections of these same 
wave lengths. Although results are shown here for reflection from only 
one face of a NaCl crystal, the Braggs actually investigated reflections from 
various faces of a number of crystals. It was found that the same peaks 

W. H. Bragg and W. L. Bragg, Proc, Roy, Soc,, A, 88, 428 (1913); 89, 246 (1913). 
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always occur in the same relative positions regardless of the crystal face 
used, or even regardless of the crystal used, provided the same X-rays are 
used throughout. The actual angles at which these peaks occur depend 
upon the particular face used to reflect the X-rays and upon the crystal used. 
This fact was taken to indicate different spacings of atom planes in different 
directions within any one crystal, and different spacings between corre- 
sponding sets of planes in two different crystals. 

Let us interpret the two groups of peaks in Fig. 7 as representing first and 
second order diffraction spectra, as did Bragg, and work out the connection 
between the wave length being reflected and the angular position of the 
reflected energy. The concept of a crystal, even previous to the work of 
the Braggs, was that of a regularly spaced set of atom planes. It is true 
that the spacing between planes was not known, nor was there any. very 



Fjo. 8. 


direct evidence regarding the arrangement of atoms. But the regularity of 
crystal faces, together with the pioneering work of Laue, had convinced 
scientists that a crystal does consist of some regular array of atoms. Let 
us think of a simple cubic crystal in which there is a rectangular array of 
atoms e.xtending in three directions, and in which the distance between 
atoms is the same along the three rectangular axes. Let the points of 
Fig. 8 represent the atoms Forming the facial plane of the crystal. Let a 
narrow beam of X-rays having a wave length X strike the crystal face at a 
grazing angle 6. Since the distance between adjacent atoms is known to 
be of the order of 10”^ cm., even a very narrow incident X-ray beam will fall 
upon many atoms in this surface layer. X-rays will be diffracted in all 
directions from each atom. These diffracted waves will be in phase, and 
therefore reinforce, only when 

'//X d cos d -- d cos 

where <t> is the grazing angle of reflection and where n is some whole number. 
It is thus obvious that waves diffracted by all atoms in any one plane will 
reinforce when <^ = that is when n = 0, and this regardless of wave length. 
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Diffraction by Ruled, Gratings , — While all early attempts of Roentgen 
and others to reflect X-rays failed, it is now Igiown that the radiation is 
reflected from such polished surfaces as glass and metal under suitable con- 
ditions. There is no doubt some energy reflected under all conditions, but 
the fraction reflected from such surfaces is appreciable only when the radi- 
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ation is Incident at a very small grazing angle, an angle ordinarily less than 
half a degree. As will be shown later, when X-rays are incident at a grazing 
angle less than this on any polished surface such as glass or metal, that 
surface becomes an excellent reflector. It should therefore be possible, by 
ruling a series of parallel lines on a polished surface, 
to obtain a line grating spectrum for X-rays 
entirely analogous to the grating spectrum ob- 
tained with light. 

It might be thought that the exceedingly short 
wave length of X-rays would necessitate ruling the 
lines so close together as to be impractical. The 
mere fact that the X-rays must be incident at such 
a small grazing angle, however, allows one to use a 
relatively coarse grating. Referring to Fig. 10, 
let A and B be two of the many reflecting regions 
left between the lines scratched on a grating. 

Let aa and hb be the paths of X-rays reflected from 
these. The difference in path length traveled 
by these two adjacent rays is {CB — AD), or 
(d cos 6 — d cos <!>). For reinforcement this path 
difference must be some whole number of wave 
lengths. Hence, reinforcement would be ex])ected in a direction 0 such that 

n\ = (i(c<>s 6 — cos <^) 

Various orders of spectra should be found, corresponding to n = 0, ±1, ±2, 
etc. Since 6 and <l> are each very close to 0, and therefore have cosines very 
close to unity, and since the cosine of a small angle changes very slowly 
with the angle, it follows that 0 will be appreciably different for the different 



Fig. 1 1 . — Spectrum of 
the Kai line of Mo, X = 0.71 
A®, taken with a grating of 
.'500 lines per cm. ruled on 
speculum metal. 
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order spectra in spite of the fact that d may be thousands of times larger 
than the wave length of the X-rays. 

One of the first photographs taken with a ruled grating, one by Comp- 
ton and Doan,^^ is reproduced in Fig. 11. The technique has now been 
improved so that the resulting lines are much more sharply defined as is 
shown by the photograph^® reproduced in Pig. 12. Knowing the distance 
between lines on the ruled grating, an absolute determination of the wave 
length of a given X-ray can be made by observing the diffraction spectrum 
formed by the grating. This now constitutes an exceedingly accurate 
method, the most reliable now used, of measuring X-ray wave lengths. It 
is true that many wave lengths had been measured accurately by observing 
the Bragg reflection from a crystal long before diffraction spectra were 
produced by a ruled grating. But attention will be called later to the 



D -I 0 12 3 4 

Pig. 12. — Spectrum of the Ka line of X = 45 A®, obtained with a ruled glass grating. Note 

the several orders of spectni. 

fact that these crystal measurements have recently been modified by a 
fraction of 1% because they were found not to agree e.xactly with ruled 
grating measurements. 

Refraction 

Early attempts by Roentgen and others to deviate a beam of X-rays 
by passing it through a prism failed. It was many years later that refraction 
was definitely proved. It can now be shown by three distinct methods**® 
that X-rays are refracted; and each method yields a value for the index of 
refraction of the refracting material for the X-ray used. 

The existence of refraction was first shown by Stenstrdm-^ in 1919. 
In studying the reflection of X-rays from crystal faces, he found that the 
Bragg law did not give exactly the angles at which the several orders of 
reflection occurred for waves longer than about 3 A°. Stenstrom interpreted 
this as being due to refraction of the beam as it enters and leaves the crystal 
face. If this interpretation is correct, a similar, though smaller, effect 
should exist for shorter X-rays. Precision measurements^^’^'* have since 

A. H. Compton and R. L. Doan, Proa. Nat. Acad. Sci.y 11, 598 (1925). 

G. E. Howe, Ri^v. Sci. hidr.^ 1, 749 (1930). 

2® A. H. (’lompton and S. K. Allison, X-rays in Theory and Experiment (2nd ed.; New York: 
D. Van Nostrand, 1935), pp. 40-42, 270-285. 

W. Stenstrom, DissertaJiony Lund (1919). 

W. Duane and R. A. Patterson, Phys. Rev.y 16, 526 (1920). 

23 M. Siegbahn, Oomptes Rendus, 173, 1350 (1921); 174, 745 (1922). 
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shown that the effect does exist for X-rays of any wave length. Results 
of this character show that the index of refraction is slightly less than 1. 
That is, the direction of the deviation from Bragg’s law is such as to indicate 
that the X-ray entering the crystal is bent away from the normal to the 
surface. It is clear that this bending should have been taken into account 
in deducing the Bragg law. When it is taken into account it can be easily 
shown^^ that the modified form of Bragg’s law becomes 



- l]^ 
sin^ e . 


where is the index of refraction- This expression fits observations 
accurately when an appropriate index of refraction is assigned to the 
crystal. By observing the small deviation from the original Bragg law it is 
possible to evaluate this index for any particular crystal and for any given 
wave length. The indices found are so near unity that the quantity 
(1 — jn) is of the order of 10“® or 10“® for various materials. 

A slight modification of this method of measuring the index has been 
used by numerous workers. It has already been remarked that the 
observed deviations from the original jg' 

Bragg law are extremely small. Now 
it is well known that the angle through 
which a ray is bent in the refraction 
process is considerably greater if either 
the incident or the refracted ray makes 

a very small grazing angle with the jijj 

surface. But the grazing angle a beam Piq_ is.- Illustrating the wedge 
must make with the atom planes in a method of magnifying deviations from 
crystal in order for the Bragg reflection *^ragg\s law, in order to obtain accurate 
to take place is determined by the wave 

length of the X-ray and the spacing of the crystal. Hence it is impossible, - 
by using the normal face of a crystal, to have the incident or the refracted 
ray almost graze the surface. But if an artificial face is cut and polished on 
the crystal, a face making an angle with the atom planes almost, but not 
quite, equal to the Bragg grazing angle of inci<lence, then when a reflection 
takes place from the ])laiu*s of the crystal, either the incident or the 
refracted ray will almost graze the surface. That this is the case is illus- 


2'* See, for example, II. Sennit., Introduriion to Alomic Phyaicn (New York: Farrar & Rine- 
hart, 1939), p. no. 

2'* C. (1 fiatley and B, Davis, Phys. Rvv.y 23, 290 (1024). 

R. von NardrofT, Phyn. Rev., 24, 143 (1924). 

27 C. C. Hatley, Phys. Riw., 24, 480 (1924). 

28 A. Larsson, DiHaeriation, Uppsala, (1929). 
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trated in Fig. 13. By this method, known as the wedge method, dev 
tions from Bragg’s law are greatly magnified. As a result, indices 
refraction can be obtained with considerable precision. ^ 

Compton^® realized that if a material had an index of refraction less th 
unity the phenomenon of total reflection should occur when X-rays t 
incident on that material at a very small grazing angle. Just as in lij5 
the incident angle at which total reflection sets in should be that for wh 
the refracted ray proceeds parallel to the surface. Total reflection shoi 

be observed at all grazing angles of in 
dence less than this. Since the inc 
differs so little from unity, total reflect; 
does not set in until the grazing angle 
incidence becomes, for most materials, 1 
than half a degree. The manner in wh 
the observed intensity of reflected enei 
changes with the grazing angle of inciclei 
in the vicinity of the critical angle for to 
reflection is shown^® in Fig. 14. These cIj 
are for the reflection of a monO'Chroma 
X-ray beam, wave length 1.279 A°, frox: 
polished glass surface. The marked b 
fairly abrupt increase in reflection at 1 
critical angle is excellent confirmation of i 
theory of total reflection. It is possible 
determine the critical angle from measurements such as these, and the**! 
calculate the index of refraction. The fact that the phenomenon sets 
gradually rather than abruptly for some materials is attributable to abso 
tion. In many cases it is essential to take into account'^® the effect of t 
absorption in evaluating the index of refraction. 



Fig. 14. — Showing the total re- 
flection of a monochromatic X-ray 
beam from a polished glass surface. 



Fig. 15. — Showing the arrangement for refracting X-rays with a prism. 

A third way of investigating the refraction of X-rays is through use ci 
prism. Although all early attepapts to observe some bending of a beam 
passing through a prism failed, it has since been shown definitely by t 


29 A. H. Compton, Phil. Mag., 46, 1121 (1923). 
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method that refraction does take place. Larsson, Siegbahn and Waller®^ 
were the first to succeed in this. The general arrangement of apparatus is 
illustrated in Fig. 15. They used a narrow beam of X-rays incident on the 
prism face at a very small grazing angle. This angle was just larger than 


REFLECTED RAY 


that for which total reflection sets in. In this way the bending suffered by 

the ray was made much larger than DIRECT RAY 
it would have been had the incident 
ray struck the prism at a large graz- 
ing angle. A photograph obtained 
with this arrangement is reproduced 
in Fig. 16. The refracted ray is bent 
upward sufficiently that it strikes the 
photographic film above the place 

where the ray going directly over the 
^ . . *1 ri>i 1- Fig. 16 . — Photograph showing the refrac- 

top of the prism strikes it. Ihedirec- tv u 

^ ^ tion of X-rays by a prism. 

tion of bending shows clearly that the 

index of refraction is less than unity. From the positions at which the 
three rays fall on a photographic film, together with the angle of the 
prism, one can calculate the index of refraction of the material of which 
the prism is made. 

Indices of refraction as determined by the three possible methods agree 
closely with one another. The fourth column of Table®^ I shows some 

TABLE I 

A compariKSon of observed and calculated indices of refraction of materials for X-rays 


Pig. 16 . — Photograph showing the refrac- 
tion of X-rays by a prism. 



’^0 A. Larsson, M. Siegbalm, and T. Waller, Naturwiss,y 62, 1212 (1924); Phys. Rev,, 25, 
235 (i925). 

A rearrangement of values quoted by A. H. (’ompton and S. K. Allison, X-rays in Theory 
and Experiment (2nd ed.; New York: D. Van Nostrand, 1935), p. 284. 
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of the indices observed for various materials at various wave lengths. Most 
indices diflPer from unity by only 10“® or 10~®. The manner in which the 
index of a given material varies with wave length is interesting. Data in 
the table show this variation well for glass. 

It is possible to calculate theoretically the index of refraction of a 
material in terms of certain other constants pertaining to the material. 
On classical theory of optical dispersion, the refractive characteristics of a 
medium are attributed to the vibrations of electrons' within the medium 
under the influence of the incident electromagnetic wave. That is, one 
supposes that the incident wave sets electrons into vibration, and that these 
vibrating electrons affect the velocity of propagation of the wave. Develop- 
ment of the analytical theory of refraction has no place in this discussion. 
It is sufficient to state that if one extends the classical concept of dispersion 
to the X-ray region, it can be shown that 



where jit is the refractive index for the wave of frequency v, where e and m 
refer respectively to the charge and the mass of the electron, where Vj, is 
the so-called natural frequency associated with the electron, and where the 
summation is to be extended over all the various types of electrons (iiC, L, 
M, etc.) present. The quantity rip represents the number of electrons of the 
particular type which are present per cc. An expression entirely equiva- 
lent to this has been found quite satisfactory in the case of optical spectra. 
Now it is a fact that if one puts into the above expression values of rip 
consistent with the view that there are 2 K electrons, 8 L electrons, etc., 
and puts in for the values of Vp the corresponding critical absorption limits, 
that is the frequency associated with an electron transfer from the orbit 
in question out to infinity, then the calculated values of refractive index 
agree quite satisfactorily with observed values. A number of values 
calculated in this way are shown in the third column of Table I. The small 
discrepancies between calculated and observed values are probably no 
larger than those which might reasonably be introduced experimentally. 

It is apparent that in calculating the theoretical index it has been 
assumed that the number of planetary electrons within the atom is equal 
to the atomic number; and it has been assumed that they are arranged in 
definite groups at different discrete energy levels. The fact that the 
calculated index agrees accurately with the observed in most cases is strong 
indication of the correctness of these concepts. In fact Compton has 
stated that this provides one of the most accurate methods of showing that 
the number of planetary electrons per atom is equal to the atomic number; 
he believes that the calculations show this equality to within one percent. 
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A word should be said regarding the significance of an index Of refraction 
less than unity. This indicates a wave velocity greater than the velocity of 
light in vacuum. Now it is a conclusion of the theory of relativity, and one 
in which great confidence is placed, that no particle or energy in any form 
can be transmitted with a velocity greater than the velocity of light. A 
refractive index less than unity may for this reason appear contradictory at 
first sight. However, the theory of relativity does not preclude the possi- 
bility of a wave velocity greater than the velocity of light. It can be shown 
that the energy associated with a wave motion is not necessarily propagated 
with a velocity equal to the wave velocity. There are really two velocities 
to consider, a so-called phase velocity and a so-called group velocity. The 
phase velocity is the velocity with which any particular phase of the dis- 
turbance is propagated outward from the source. The group velocity is the 
velocity with which the wave front moves forward. These are in general 
different for a dispersing medium, and the group .velocity is the smaller. 
Energy is propagated from one place to another with the velocity with which 
the wave front moves, the group velocity. On the other hand, it is the phase 
velocity involved in the index of refraction. It is therefore clear that 
although an index less than unity indicates a phase velocity greater than the 
velocity of light, it in no way necessitates a group velocity as great as this. 
In no case is the group velocity greater than the velocity of light, even when 
the index is less than unity. An example of these two velocities is evident 
in watching water waves move over a quiet surface. If one watches a 
particular phase travel outward from the source he notices that it gradually 
catches up with the wave front, finally disappearing therein. Thus the 
phase velocity is greater than the velocity with which the wave front 
proceeds. Energy is of course propagated with the velocity possessed by 
the wave front. 

Reflection 

The fact that X-rays can be reflected from polished surfaces has already 
been adeciuately presented in our discussion of diffraction and refraction. 
Although one is willing to accept the reflection observed from surfaces at 
angles less than the critical angle for total reflection as entirely analogous 
to the reflection of light from mirrors, one is perhaps hesitant to agree 
immediately that the reflection from crystals is entirely analogous. It is, 
however, except for the fact that X-rays are reflected not only from the 
surface plane of atoms, but also from many planes beneath the surface. 
The crystal is entirely equivalent to a series of equally spaced mirrors, each 
of which reflects only a small fraction of the incident energy. It is for this 
reason that the Bragg diffraction peaks occur for X-rays whereas one does 
not find the equivalent phenomenon for light. 
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Polarization 

Polarization of primary X-rays, X-rays coming directly from the 
target of a tube, was first observed by Barkla®^ in 1905. The electro- 
magnetic theory of radiation from an accelerated electron leads one to 
expect such polarization. Referring to Fig. 17, consider the X-rays travel- 
ing from the target T out toward iSi. These were produced by the stoppage 
of high speed electrons which had traveled from C to T. These electrons 
suffered large negative accelerations in stopping. This acceleration was 
parallel to a line joining C and T. Now on electromagnetic theory an 
accelerated electron radiates energy in all directions perpendicular to which 
there is any component of acceleration. The electric field of the wave 



Fig. 17. — Illustrating the method of studying the polarisation of X-rays. 

radiated in any direction is parallel to that component of the acceleration 
perpendicular to this direction. One would therefore expect those X-rays 
radiated toward to be plane polarized with the electric field in the plane 
of the paper. 

In order to investigate the possible polarization of these rays, Barkla 
scattered the primary X-rays by a small block of material such as carbon 
placed at Si. He then proceeded to measure, with an ionization chamber, 
the intensity of X-rays scattered at right angles to the primary beam, 
particularly in the two directions A and B. These early measurements 
showed a 10 to 20 percent greater intensity of X-rays scattered in direction 
A than in direction B. This is precisely what one would expect if the 
primary X-rays had been partially plane polarized with the greater electric 
field parallel to xSiR, and hence to OT, Were the primary rays completely 

C. G. Barkla, Phil. Trans, Roy. Soc., 204, 467 (1905); Proc. Roy. Soc,^ A, 77, 247 (1906). 
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plane polarized with electric field parallel to CT, then one would expect 
to jSnd no X-rays scattered in direction B. X-rays are supposedly scattered 
by electrons in the scattering material. Were the primary rays completely 
polarized a scattering electron would vibrate under the influence of the 
primary wave, parallel to SiJ5, and its acceleration would be entirely in 
this line. Since this accelerated electron re-radiates most strongly in 
a direction perpendicular to its acceleration, the intensity of radiation 
scattered in direction A should be large. Since the scattering electron would 
have no component of acceleration perpendicular to direction J?, there would 
be no X-rays scattered in direction 5. The fact that some radiation is 
scattered in this direction shows that the primary rays are only partially 
polarized. 

Numerous later studies^® have shown that filtering out the softer X-rays, 
those of lower frequency, increases the degree of polarization. Since the 
higher frequency radiation comes from electrons stopped at the very surface 
of a thick target, before they have been gradually slowed down by pene- 
trating the material, it might be suspected that the total radiation from 
a very thin target would be more completely polarized than is that from a 
thick target. Such is found to be the case.^'^’^*^ These facts suggest a 
plausible reason for the lack of complete polarization of a beam of primary 
X-rays. Those electrons which penetrate the target, gradually slowing 
down somewhat before producing the softer X-rays, would in all probability 
be deflected from their straight forward direction. When they do suffer 
their final large acceleration it is not parallel to the line CT. As a result 
the X-rays radiated would have a component of electric field parallel to 
direction Jl. 

Barkla''*^ was also the first to secure evidence regarding the polarization 
of X-rays which have been scattered. It is found that whenever X-rays 
are incident uf)on matter they are scattered diffusely in all directions, 
though not equally in all directions. The polarization of these scattered 
X-rays can be studied by rescattering this energy. Fig. 18 illustrates the 
method used originally by Barkla. Primary X-rays which are but partially 
polarized are scattered by Si. The energy scattered at 90° by Si is rescat- 
tered by This rescattered radiation is examined, particularly in direc- 
tions 1) and K. It is found experimentally that but a very small amount 
of energy is scattered in direction K. l^his shows that the energy scattered 
by ^Sli is strongly polarized with electric vector parallel to S^B. Barkla’s 
experiment indicated that the scattered radiation was 70% polarized. The 

A. H. (^ompton and 8. K. Allison, .V-ra//.Y in Theory ami Kxprrunrut f^nd ed.; New York: 
1). Van Nostrand, 1935), pp. 18, 19, 93 -95, 119- lies, 

H. Kulenkampfl, Ann. d. Phi/nk, 87, 597, (19i£8); Zeiljf., 30, 513 (19!£9). 

B. Dasannaebaryu, Phys. Rvv.^ 36, 129 (1980). 
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apparent lack of complete polarization of the radiation scattered at 90® 
is attributed to the fact that, because of the finite size of the scattering 
block, not all energy is scattered at exactly 90°, and to the fact that appre- 
ciable multiple scattering probably occurs. More recent experiments®® 
have shown that when multiple scattering is eliminated by usirig a very thin 
scattering block, and when the geometrical error arising from the finite size 
of the scattering block is allowed for, the polarization of the X-rays scattered 
at 90° is complete within an experimental error of 1 or 2 percent. This was 
found to be so regardless of whether the scattering material be paper, carbon, 
aluminum, or sulphur. X-rays scattered at other than 90° are but partially 
polarized, the degree and the direction of polarization depending upon the 



Fig. 18, — Illustrating the method of studying the polarization of seatiered X-rays. 

direction of scattering. Those X-rays scattered directly forward or directly 
backward are not polarized in the scattering process. 

Scattering 

X-rays are diffusely scattered by matter in all directions, though not 
equally in all directions. On the classical theory of scattering, the electrons 
in the scattering material are set into vibration by the varying electric field 
of the incident electromagnetic wave. These vibrating, and hence acceler- 
ated, electrons then serve as radiators of energy. Scattering was therefore 
conceived of as equivalent to absorption and re-radiation. Obviously 
on this concept, since the frequency with which the eh^ctron is set into 
vibration is equal to the frequency of the incident X-rays, and since the 
frequency of the wave radiated is ecjiial to that with which the electron 
vibrates, the scattered X-rays should have the same freciuency, or the same 
wave length, as the incident X-rays. 

The observed polarization of scattered X-rays has already been discussed 
and found to agree satisfactorily with that suggested by the classical 
concept. Let us now look briefly into the intensity of energy scattered 

A. 11. (\)inpt()n and (\ F. llagenow, 8, 487 (1924). 
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in various directions. Since the vibration of ^the scattering electron is 
perpendicular to the direction of propagation of the incident X-ray, and 
since the electric vector of the scattered wave must always be perpendicular 
to the direction of scattering, it follows that all scattering electrons will 
re-radiate most strongly in the forward and the backward directions. On 
the average only half of the electrons would scatter energy from an unpolar- 
ized primary beam at an angle of 90° with this beam. Hence, the intensity 
of energy scattered in either the forward or the backward direction should 
be twice that at 90°. For soft X-rays, radiation of long wave length, this 
is approximately the distribution observed. For harder X-rays, however, 
far more energy is scattered in the forward direction than in the backward 
direction, and far less in the backward direction than at 90°. This distribu- 
tion cannot be reconciled with the classical concept. 

On classical theory it was argued that the wave length of the scattered 
radiation should be. the same as that of the incident radiation, and this 
regardless of the direction in which the scattered radiation is studied. 
It is observed that in the forward direction the wave length of the scattered 
radiation is always identical with that of the incident beam. And in all 
other directions some scattered radiation of this wave length is found. In 
all directions other than straight forward, however, there is considerable 
scattered radiation having a wave length measurably longer than that of the 
incident radiation. The difference between the wave lengths of the scat- 
tered and the incident radiations increases as the angle of scattering increases 
from 0 to 180°. The increase in wave length caused by scattering is inde- 
pendent of the wave length of the incident X-rays. This change of wave 
length upon scattering can in no way be reconciled with the classical concept. 

A quantum theory of scattering was advanced by A. H. Compton*^^ 
to interpret these facts found contrary to the classical theory. Compton 
conceived of the energy being scattered in quanta, each (luantum being 
scattered by an individual free electron. One pictures a j)hoton of energy 
hv and momentum hv/c striking a free electron at rest. The electron recoils 
in one direction and the photon goes off in some other direction. On the 
assumption that the laws of conservation of energy and conservation of 
momentum hold for the “collision” between the photon and the scattering 
electron, it has already been shown in the chapter on photons that the 
freciuency of the scattered photon is less than that of the incident photon; 
the wave length of the X-rays is increased in the scattering process. It has 
been shown that this increase in wave length is given by 

AX = — sm- - 0 
tne t 

-'>7 A. H. (Compton, Hull. Nal. Hrs. (^oun., 4, 1 r>(i (192‘i); /V///.v. Hrr., 21, 207, 4H.S (1928), 
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where 0 is the angle between the direction, taken by the scattered X-rays 

and that of the incident beam. If recent values®® 
of the known constants are put into this expres- 
sion, and if it is agreed to express the increase 
in wave length in A®, then 

AX = 0.04853 sin® }4<l> 

This theory of scattering predicts a definite value 
for the increase in wave length of X-rays scat- 
tered at any particular angle, and it predicts that 
this increase should be independent of the wave 
length of the X-rays being scattered. 

A wealth®® of experimental work has shown 
that scattering does occur entirely in accord with 
this expression. The experimental curves^® re- 
produced in Fig. 19 show definitely the relative 
wave lengths of the primary and the scattered 
radiation. Curve A represents the Bragg reflec- 
tion of the primary X-rays from a crystal. 
Curve J5 represents the Bragg reflection of this 
same radiation after being scattered at an angle 
of 45°. Curves C and D are for scattering at 
larger angles. It is clear that the wave length 
of a portion of the scattered radiation is in- 
creased, while that of the remainder is not 
changed. These two components in the scat- 
tered radiation are referred to respectively as the 
modified and the unmodified beams. One can 
calculate the increase in wave length actually 
liG. 19. Showing the in- brought about by scattering from the Bragg 

duced by scattering mono- angles at which the modified peak and the pn- 
chromatic X-rays, the Ka line mary peak occur. It is found that the observed 
of Mo, at various angles by increase in wave length occasioned by scattering 
graphite. angle agrees accurately with that predicted 

by the quantum theory of scattering. The lines marked M in Fig. 19 were 
actually drawn at those angles at which the modified peak should fall 

R. T. Birge, A mimeographed, “Consistent Set of Values of the General Physical Con- 
stants,'* as of Aug. (1939). 

A. H. Compton and S. K. Allison, X-rays in Theory and Experiment (2nd ed.; New York: 
D, Van Nostrand, 1935), pp. 200-237. 

A. H. Compton, Phys. Rev., 22, 409 (1923); A. H. Compton and S. K. Allison, X-raiys in 
Theory ctnd Experiment (2nd ed.; New York: D. Van Nostrand, 1935), p. 203. 
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according to theory. It is seen that they coincide with the observed peaks/ 
The wave length is increased during the scattering process, and it is increased 
in accord with the theoretical expression given by Compton. Only a few 
years ago what Compton^® regarded as the best experimental observations^^ 
showed the increase in wave length to be 

AX == (0.04848 ± 0.00008) sin^ 

an increase agreeing accurately with the numerical increase predicted by 
theory. 

Although the quantum theory of scattering by free electrons accounts 
beautifully for the presence of the modified peak at a wave length slightly 
greater than that of the primary X-rays, scattering by these electrons 
can in no way account for the presence of the unmodified peak in the 
scattered radiation. This unmodified component is accounted for by the 
scattering by bound electrons, electrons held in the atom structure so firmly 
that the atom as a whole, rather than an isolated electron, recoils from the 
impact. Applying the same energy and momentum considerations to this 
interaction as were applied to the interaction between the photon and the 
free electron, one obtains an expression for the increase in wave length 
exactly similar to that already obtained except that the mass of the particle 
involved is now that of the entire atom instead of that of the electron. 
Since the mass of an atom of any scattering material is thousands of times 
that of the electron, the theoretical increase in wave length caused by 
scattering by bound electrons would be an entirely negligible and unmeas- 
urable quantity. Qualitatively then, scattering by bound electrons might 
logically account for the unmodified beam. This might also account for 
the fact that one does not find the full equivalent of the modified beam in 
scattered light. Electrons which behave as free to energetic X-ray photons 
would probably behave as bound electrons to the low energy light photons. 
Rather convincing evidence of the correctness of this general view is fur- 
nished by measurements of the relative intensities of the two peaks when 
X-rays are scattered by materials of different atomic numbers. Experi- 
mental curves'*^ showing these relative intensities for a number of scattering 
materials are shown in Fig. 20. Whereas practically all of the radiation 
scattered by Li and other materials of low atomic number is of the modified 
wave length, materials of higher atomic number have more and more of 
their scattered radiation in the unmodified peak. This is precisely what 
might be expected. Although there is some question as to just how firmly 
an electron may be attached to the atom and still behave as a free electron, 
it appears that even the K electron of Li might be classed as free for the 

N. S. (Titigrich, Vhya. Rev., 36, 1050 (1930). 

« Y. H. Woo, Phye. Rev., 27, 119 (1920). 
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scattering of high energy X-ray photons, whereas the K electrons, and 
probably also the L electrons, of Cu would behave as bound electrons. 
The variations in the relative intensities of the two peaks shown in Fig. 20 
are in agreement with this general view. 

In this same connection it should be mentioned that Ross and Kirk- 
patrick^® feel that the original Compton expression for the increase in wave 

length, of the modified beam is not 
exactly correct, that a small term 
should be subtracted to take account 
of the fact that under no circum- 
stances do the scattering electrons 
behave as if they were entirely free. 
This proposed correction is a func- 
tion of wave length, increasing as 
the wave length increases. Dn this 
view the change of wave length upon 
scattering depends slightly upon the 
wave length of the X-ray being scat- 
tered. Ross and Kirkpatrick^® pre- 
sent data which appear to bear out 
their contention. When no correc- 
tion term is included in the Compton 
expression these experimenters find a 
value (0.04760 ± 0.00006) for the 
multiplier, a value appreciably lower than the theoretical 0.04853. It is 
only upon including their proposed correction term that they find a value 
(0.04836 ± 0.00008) for the multiplier 2/i/mc. 

It will be noticed from Fig. 20 that the modified peak of the scattered 
radiation has an appreciable width. This is not entirely due to lack of 
resolving power of the apparatus or to the lack of a truly monochromatic 
primary beam. The modified line is not sharp; it is broader than the 
primary beam, also broader than the unmodified beam. It was suggested 
by Jauncey'^^ that the breadth of the modified line is due to the motion of the 
electron within the atom at the instant of scattering. The normal velocity 
of the electron may be in the direction of motion of the incident photon, in a 
direction opposite to this, or in a direction making any angle with it. 
Analytical treatment of the problem shows that this initial velocity produces 
a Doppler effect with a conse(|uent broadening of the modified peak. The 
magnitude of the broadening has been investigated by DuMond and 
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Fig. 20. — Showing the relative intensities 
of the modified and the unmodified scattered 
radiation. 


P. A. Hoss aild P. Kirkpatrick, Phyt^. Rev., 46, 22S; 46, 068 (1984). 
G. E. M. Juunccy, Phys. Rev., 26, 814, 728 (1925). 
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Kirkpatrick"^® and has been found to be that which one expects on the 
supposition that it is due to the initial velocities of the scattering electrons. 
Data of this character constitute rather direct evidence for the dynamical 
structure of the atom. These authors have also shown how the observed 
shape of the modified line can l)e analyzed to determine the distribution of 
electron velocities required to produce the observed effect. This procedure 
and the information it has yielded regarding the motions of electron;? within 
atoms have been summarized by DuMond.'^® 

There are many other aspects of the quantum theory of scattering 
which are subject to experimental test. As has already been stated in the 
chapter on photons, it is possible to photograph"^^ this scattering process 
in the cloud chamber, and to determine from the photograph the angles at 
which the scattered photon and the recoil electron leave the point of scatter- 
ing. Such photographs leave no doubt of the actual existence of recoil 
electrons; and they leave no doubt that the scattered photon proceeds in 
some definite direction until it is either rescattered or absorbed through 
the ejection of a photoelectron. The photon theory of scattering leads also 
to a definite correlation between the angles at which the recoil electron and 
the scattered photon leave the point of scattering, to a definite connection 
between the energy of the recoil electron and the angle at which the electron 
recoils, to the conclusion that there should appear one recoil electron for 
each quantum of energy scattered, and to the conclusion that the recoil 
electron and the scattered photon should appear simultaneously. All 
of these predictions are subject to experimental verification, and they are 
borne out**” beautifully by many detailed observations. The scattering of 
7-rays is entirely similar to that of X-rays, and many of the experimental 
tests have been ina<lc with 7-rays. For exam])le, it has been found that 
there is no time lag'*^ greater than 10""* seconds between the ai)pearance of a 
scattered photon and that of a recoil electron. There can he no doubt that 
the Compton theory describes the scattering ])rocess correctly. It is true 
that an alternate theory leading to essentially the same results has been 
develope(H‘’’'*‘^ on the modern wave theory of matter. ''Inhere is little to 
choose between the two theories except for the fact that the C-ompton 
particle theory gives a simple and clear-cut ])icture of the process, whereas 
the wave theory is almost devoid of simple pictures. 


J. W. M. DuMond and 11. A. Kirkpatrick, /%.v. Rev., 37, (1031); 38, 1094 (1931); 

62, 419 (1937). 

J. W. M. DuMond, Rev. Mod. Phi/s., 6, 1 (19.33). 

A. H. C’ompton and A. W. Simon, Phi/.s. Rev., 26, 289 (192.')). 

H. S. Shankland, Phyn. Rev., 62, 414 (1937). 

K. SchrQdinger, Ann. d. Phydk, 82, 257 (1927). 
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Absorption 

X-rays are absorbed to some extent by all material through which they 
pass. The fraction of the incident energy absorbed by a given thickness 
of material depends upon both the nature of the absorber and the wave 
length of the X-ray. The decrease in intensity suffered by a beam in passing 
through a very thin element dx of the absorbing material is assumed to be 
proportional both to the incident intensity and to the thickness of the 
absorber. That is, 

dl = — fxldx 

where I represents the intensity at the front face of the element dx, and 
where ja is a constant. Integrating this expression, taking the antilogarithm 
of each side of the resulting equation, and calling the intensity at the initial 
face of the absorbing material 7o, one obtains 

I = 

This gives the intensity I after the beam has penetrated any finite thickness 
X of the absorber. Prom the first equation written above the quantity ju 
is seen to represent the fraction of the energy removed from the beam per 
centimeter of path. It is called the linear coefficient of absorption. It is 
found experimentally that the intensity of an X-ray beam does fall off with 
distance in accord with the expression just deduced, provided the incident 
radiation be homogeneous, that is, monochromatic. If one applies this 
equation to the absorption of other than monochromatic radiation, one finds 
that the absorption coefficient /x decreases as the radiation proceeds through 
the absorbing medium. This should of course be expected, since the more 
easily absorbed radiation disappears more rapidly from the beam. 

There are in frequent use two other ways of expressing the absorption 
coefficient of a material. Since by definition I represents the energy falling 
per second on a square centimeter of the absorber, the quantity ii can also 
be regarded as the fraction of the energy removed per second from a beam 
one square centimeter in cross section by each cubic centimeter of the 
absorbing material through which the beam passes. In this sense it is 
referred to as the volume coefficient of absorption. If this coefficient be 
divided by the density of the absorbing material one obtains the energy 
removed from the beam per second per gram of absorbing material passed. 
This is known as the mass absorption coefficient. Or, if the coefficient ix is 
divided by the number of absorbing atoms per cubic centimeter one obtains 
the energy removed per second from the beam per atom of absorber it passes. 
This is known as the atomic absorption coefficient. Both the mass and the 
atomic absorption coefficients are independent of the physical and chemical 
state of an absorber, whereas the linear coefficient is not. For example. 
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water has the same mass and the same atomic absorption coefficient regard- 
less of whether it be in the form of ice, liquid or steam. It has quite different 
linear absorption coefficients in the liquid and the vapor state. 

There are two distinct ways in which a material removes energy from 
an X-ray beam. One of these is by scattering the energy; the other is by 
true atomic absorption. The coefficient spoken of above refers to the total 
loss of energy from the beam. It is therefore called the total absorption 
coefficient and is often written as the sum of two coefficients, one the true 
absorption coefficient, the other the scattering coefficient. When true 
absorption takes place the energy given up by the X-ray is taken up by the 
absorbing atom. The atom absorbs this energy by having one of its elec- 
trons displaced from its normal level to some outer level, or by having this 
electron completely removed from the atom. Shortly thereafter this atom 
radiates energy in the form of its characteristic X-rays. In the case of gases 
one sees direct evidence in cloud chamber photographs that these electrons 
are ejected completely from the atoms as high speed photoelectrons. The 
additional energy possessed by the photoelectron after being torn from the 
atom is gradually dissipated through the formation of a multitude of low 
energy ‘ions along its path. In fact it is almost altogether by this method 
that X-rays ionize a gas. The X-rays eject a few energetic photoelectrons. 
These photoelectrons in turn form a multitude of low speed ions which 
represent almost the entire ionization of the gas. 

If the concept of scattering with the consequent appearance of recoil 
electrons is correct, and if the concept of absorption with the consequent 
ejection of photoelectrons is correct, then one should expect to find one recoil 
electron for each quantum of energy scattered and one photoelectron for 
each quantum of energy absorbed. The ratio of the number of photo- 
electrons to the number of recoil electrons should be equal to the ratio of the 
true absorption coefficient to the scattering coefficient. Many experi- 
ments®*^ show that this is true within the rather large error associated with 
the measurements. 

The magnitude of the mass absorption coefficient varies greatly with 
both the nature of the absorbing material and the wave length of the X-ray 
being absorbed. In general the coefficient increases rapidly with increases 
in wave length. There are certain regions, however, where a slight increase 
in wave length leads to a much lower absorption coefficient. This is illus- 
trated by Fig. ^Zl, which shows the absorption of argon over a considerable 
range of wave lengths.®*^ X-rays of wave length 4.0 A° are absorbed far 
less rapidly than are those of 3.7 A°. All absorbers show sharp discon- 
tinuities of this character, though the wave length at which this discoii- 

A, H. Compton and S. K. Allison, X-rays in Theory and Experiment (Sind ed.; New York: 
D. Van Nostrand, 1935), pp. 9~11. 511-54*. 
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tinuity occurs becomes shorter for absorbers of high atomic number. For 
example, tables giving the positions^^ of such discontinuities show that the 
K absorption jump occurs at 3.866 f or A of atomic number 18, at 0.6185 A° 
for Mo of atomic number 42, and at 0.1577 for Pt of atomic number 78. 
Pig. 22 reproduces®^ a similar absorption curve for Pt. Still more discon- 
tinuities appear in this curve within the region of wave length for which 




Fig. 21. — Showing the manner in which the Fig. 22. — Showing the manner in 
mass absorption coefficient of argon varies with which the absorption coefficient of plati- 
wave length. num varies with wave length. 

data are plotted. The wave lengths for which these abrupt discontinuities 
occur are known as critical absorption wave lengths. They are charac- 
teristic of the absorbing atom. Data for some materials have been extended 
over an appropriate range of wave length to show that there exists at a still 
higher wave length another group of 5 discontinuities. Tables®* show that 

TABLE II 


Showing the critical absorption wave lengths of Pt and the energies corresponding to these 


Absorption 

discontinuity 

Wave length 
in A° 

Corresponding 
energy in volts 

K 

0.1577 

78420 

Li 

0.8914 

18870 

Lit 

0.9821 

18270 

Lm 

1.0710 

11550 

Ml 

8.003 

8482 

Mu 

8.788 

8808 

Mu\ 

4.676 

2645 

Mi\ 

5.544 

2281 

Mv 

5.746 

2152 


A. H. C’uinpton an<l S. K. Allison, X-ray a in Throry and ExpvnmviU (2nd (‘d.; New York: 
I). Van Nostrand, 1985), pp. 792 794. 

A. 11. Compton, X-ray.s' and. Klrcfrmi.t (New York: 1). Van Nostrand, 1929), p. 1S7. 
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for Pt these discx)ntinuities, some of which are shown in Fig. 22, occur at 
the wave lengths shown in Table II. 

The quantum theory of radiation and absorption provides a simple 
interpretation of these discontinuities. If electrons within the atom exist 
only in well defined energy levels, and if absorption takes place when an 
X-ray photon ejects an electron from some inner level to some outer level, 
then whether or not a K electron contributes to the absorption depends 
upon whether the X-ray photon is suflGiciently energetic to eject this electron. 
In the case of argon illustrated in Fig. 21, a photon of wave length 4.0 A® 
does not possess suflGicient energy to eject the K electron; a photon of wave 
length 3.7 A° is suflficiently energetic to eject this electron. Hence there is 
an abrupt increase in absorption coeflBcient between these two wave lengths. 
All materials show just the one discontinuity in that group of discontinuities 
occurring at the shortest wave length. It would therefore appear that the 
two K electrons possessed by a given atom are in exactly the same energy 
level. There appear ,to be no sublevels in the K shell, and this is con- 
sistent with all other data. On the other hand, all materials show three 
discontinuities in the L region, corresponding to the three sublevels supposed 
to exist in the L shell. The three discontinuities occur at slightly different 
wave lengths, for the photon must possess slightly different energies to eject 
an electron from the three sublevels. In a similar way the five discon- 
tinuities shown to exist in the M region are due to the five sublevels in the 
M shell. Whereas a great many accurate measurements®^ have been made 
in the K and L regions, only isolated observations have been made in the 
M region. For all except the highest atomic number elements the M 
region corresponds to very soft X-rays. 

Although these absorption discontinuities appear perfectly sharp in the 
figures reproduced here, they have fairly recently been shown not to be 
absolutely abrupt. And one would suspect a fine structure from the concept 
of atomic structure and absorption phenomena. Let us think in particular 
of the K critical absorption line, and let us take Pt as a specific example. 
Pt, having atomic number 78, has 2 X, 8 L, 18 itf, 32 iV, 16 0 and 1 P electron. 
The A\ L, M, and N shells are full. The 0 and outer shells continue to build 
up as oTK^ goes to elements of higher atomic number. If a X electron of 
Ft is to he displaced it must be taken at least to the 0 shell; the L, My and 
N shells are already full. It would be possible, however, to transfer this 
electron to the 0 shell, the P shell, the Q shell, etc. In any case absorption 
would take place, but the energy involved in the absorption would depend 
slightly upon the final level in which the electron is left. This difference in 
energy could never amount to more than that retpiired to transfer an 0 
electron on out to infinity, d'liis is less than 100 volts. Hence one might 
expect to find in the K absorption discontinuity involving an energy absorp- 
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tion of 78,420 electron, volts, a fine structure extending over a width of some- 
thing less than 100 volts. Using apparatus of extremely high resolving 
power, several observers**'” have found for a goodly number of materials 
a definite fine structure extending over a region of approximately 100 volts. 
This fine structure appears as narrow bands of slightly decreased absorption 
appearing on the high frequency side of the discontinuity. This is in gen- 
eral agreement with the picture formed above. 

The absorption coefficient for X-rays of a given wave length varies 
rapidly also with the atomic number of the absorbing material. In general 
the materials of high atomic number are much the best absorbers. Again, 
however, there appear abrupt discontinuities, situations where a material 
of a given atomic number is a much better absorber than one of somewhat 
higher atomic number. This is illustrated by Pig. 23 which shows the 
absorption of X-rays of 1 A° wave length by various materials.** The 

interpretation of these discontinuities 
follows immediately from the discussion 
above. An X-ray photon of wave length 1 
A° has a definite energy. This is not 
enough to eject a K electron from selenium, 
atomic number 34, but it is sufficient to 
eject this electron from arsenic, atomic 
number 33, Since the energy required to 
eject a K electron increases with the atomic 
number, the position of the K discontinuity 
moves toward higher atomic numbers as one 
decreases the wave length used for the 
measurement. The three L discontinuities 
arise because of the existence of three sublevels in the i shell, and because 

the energy corresponding to any one of these increases with the atomic 
number of the atom. 
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l''iG. 23. Showing the manner in 
which the absorption coefficient for 
X-rays 1 A® long varies with the 
atomic number of the absorber. 


2. X-RAY SPECTRA 

When high speed electrons are stopped abruptly by a target there are 
m general two types of X-rays given off. A part of the radiation is of a 
continuous distribution of wave lengths, the intensity and extent of which is 
determined mainly by the potential difference through which the electron 
fell before striking the target. This is called the continuous spectrum. The 
enerp is distributed at all wave lengths down to a definite lower limit which 
IS determined entirely by the potential difference through which the electron 
alls. Another part of the X-ray energy is radiated at certain definite wave 
P. A. Ross, Phys. Rev., 44, 977 (1933). 
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lengths which are characteristic of the target. Although the potential 
difference across the tube must be at least a certain value in order to excite 
these characteristic lines, the wave lengths are entirely independent of this 
potential difference. This part of the radiation is called the line spectrum, 
or the characteristic radiation. A typical distribution of the energy in the 



Fig. 24 .—Typical X-ray spectra of W, Mo, and Cr with 35,000 volts across the tube. 
Note the intense characteristic spectra of Mo at approximately 0.63 and 0.71 A®. Similar 
characteristic spectra occur for Cr at wave lengths longer than those included in the figure, 
while equivalent spectra for W arc excited only by application of a higher potential. 

continuous spectrum, along with the characteristic line spectrum super- 
imposed, is reproduced^® in Fig. 24. 

Continuous Radiation 

The continuous X-ray spectrum contains far the greater part of the totjal 
radiation, and shows several points of interest. Fig. 25 reproduces®® the 
continuous spectrum from a IV target when this target is bombarded by 
electrons which have fallen through various potential differences. W is a 
material of such high atomic number that the characteristic radiation of the 
target is not excited by potentials as low as those used here. Although the 
intensity of this continuous spectrum is considerably greater for targets of 

« C. T. Ulrey, Pkys. Rev., 11, 405 (1918). 
w C. T. Ulrey, Phi/e. Rev., 11, 401 (1918). 
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high atomic number, the general features of the spectrum of W are typical 
of that from any target. For a given potential aaross the tube there is no 
radiation at very short wave lengths. At a particular wave length, which 
depends upon the potential applied, the radiation starts abruptly and rises 
rapidly to a maximum. Its intensity then falls off more gradually, 
approaching zero slowly at very long wave lengths. The application of a 

higher potential increases the inten- 
sity of radiation at all wave lengths, 
but particularly at the shorter wave 
lengths. The position of the peak 
intensity shifts toward shorter wave 
lengths as the potential is increased. 
It is for these reasons that one is 
able to control the penetrating 
power of X-rays by varying the 
potential across the tube. 

The shortest wave length radi- 
ated for a given potential likewise 
shifts to lower values as the poten- 
tial difference across the tube is 
increased. Although the experi- 
mental points shown in Fig. 25 are 
2 ^ g j ^ entirely too scarce to show convinc- 

WAVE LENGTH - A** ingly that the curves cut sharply 

Fig. 25, — Showing the way in which the into the wave length axis, other 

continuous spectrum fmm a W target depends observations have shown definitely 
upon the potential difference across the tube. -r^ 

that they do. k urthermore, Duane 
and Hunt®^ have shown that this short wave limit is inversely proportional 
to the potential applied across the tube. It turns out that 

Ve = hy,^. = ^ 

in which V is the potential difference across the tube and in which Vmax and 
\min refer respectively to the frequency and the wave length of the shortest 
X-ray radiated. It appears that the most energetic X-ray photon radiated 
is one possessing an energy which is equal to that of the electron striking the 
target. This relationship is known as the Duane and Hunt law. Its rela- 
tionship to the Einstein photoelectric equation is obvious. Whereas the 
Einstein equation says that all the energy of an incident photon is spent 
in removing an electron from the material and giving it kinetic energy, 
the Duane and Hunt law says that the maximum energy a photon can receive 
W. Duane and F. L. Hunt, Phys, Rev., 6, 166 (1915). 





X-RAYS 


293 


is equal to the kinetic energy of the electron incident on the target. The 
production of X-rays according to this relationship is frequently referred to 
as the inverse photoelectric effect. 

Since both potential differences and X-ray wave lengths can be measured 
with considerable accuracy, the Duane and Hunt law forms a basis for a 
precision determination of the ratio A/e. Many observers have deter- 
mined the ratio A/e by this method. One of the most thorough sets of 
observations is one by DuMond and Bollman.®^ These observers find 
A/e = (1.376 ± 0.0003) X 10*"^^ erg sec. per e.s.u. Quite recently Bearden 
and Schwarz®^ have found 1.3772 X 10“^^ and 1.3777 X 10“^^ for a gold 
and a copper target, respectively, the probable error being about 2 in the 
last place. These and other precise measurements by a different method 
have led Bearden to feel that the value obtained depends slightly upon the 
target used. If this is the case then some small factor has been neglected in 
the theory underlying the method. Most other results by the Duane-Hunt 
method are in close agreement with the values just given. Likewise, these 
agree rather well with the typical values®^ 1.372 X and 1.371 X 10”'^ 

obtained from studies of the photoelectric effect, although the photoelectric 
values are not as accurately determined as are the X-ray values. 

There is still another method of evaluating the ratio A/e, however, 
which yields a value appreciably larger than any directly measured value. 
It will be recalled that the Rydberg constant in the Bohr expression for the 
frequencies of the characteristic spectral lines emitted by atomic hydrogen 
involves the quantities 6, e/m, and A/e. If e and e/m are assumed to be 
known rather accurately from direct experiment, a supposedly accurate 
value of A/e can be calculated from the observed value of the Rydberg con- 
stant. Unfortunately this value is slightly higher than any obtained by 
direct measurement. Birge®® gives (1.3793 ± 0.0004) X 10“^^ as the most 
probable value obtained from the Rydberg constant. Although the dis- 
crepancy between this and the directly measured value is not large it is many 
times the probable error associated with the methods of determination. As 
a result the value of A/e is at present somewhat in question. Since A 

A. H. C’ompton and S. K. Allison, X-rays in Theory and Experiment (2nd ed.; New York: 
1). Van Nostrand, 1085), p. 705. 
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is obtained most accurately by combining the recent accurate value of e with 
the value of h/e, then the quantity h is also in question. If the directly 
measured®^ ratio h/e is used one obtains a value 



1.376^ X 10-17 X 4.803 X IQ-i® = 6.610 X lO-^^ erg sec. 


One recent survey®^ of physical constants suggests an arbitrarily accepted , 
value 6.610 X This is equivalent to accepting the ratio h/e observed 

directly in preference to the value calculated from the Rydberg constant. 
On the other hand, another recent survey®® accepts the spectroscopic value of 
hje as the more probable, and this leads to a value (6.6236 ± 0.0024) X 10“^7 
for h. Although there appears to be rather strong justification for accepting 
the value of h/e calculated from the Rydberg constant in preference to that 
observed directly, it is disconcerting that not a single direct determination of 
h/e by any method gives a value as high as the spectroscopic value. Very 
recently Bearden and Schwarz®^ have obtained a value 1.3793 X lO-i^, 
exactly equal to the spectroscopic value, by observing the excitation poten- 
tial for the Kai line of nickel, but similar observations on targets of copper, 
zinc, gallium and tungsten all lead to lower values. That for copper is only 
slightly lower but for the other materials the value is essentially that 
obtained by the Duane-Hunt method. The fact that the directly measured 
value is always lower than the spectroscopic is particularly disconcerting 
when it is recalled that this ratio can be determined from the photoelectric 
effect with near visible light, from the limit of the continuous X-ray spec- 
trum, from the excitation potentials of characteristic X-ray lines, from the 
energies of photoelectrons ejected by X-rays, from ionization and resonance 
potentials, from the Compton effect in the scattering of X-rays and from 
electron diffraction experiments. Only further work will show the real 
cause of this small but important discrepancy. 

The origin of the continuous X-ray spectrum is open to considerable 
question.®® '7® The classical theory attempted to account for this electro- 
magnetic radiation distributed continuously over a wide range of wave 
lengths in terms of the negative linear accelerations suffered by the electrons 
as they strike the target. Several features of this spectrum, together with 
some of the details of the angular distribution of radiation in various direc- 
tions from the target, appear quite reasonable on this concept. Thinking in 
terms of radiation from an accelerated electron, the energy making up the 
continuous spectrum is often referred to as impulse radiation. Although 


A. H. Compton and S. K. Allison, X-rays in Theory and Experiment (2nd ed.; New York: 
D. Van Nostrand, 1935), pp. 56-115. 

F. K. Richtmyer, Introduction to Atomic Physics (New York: McGraw-Hill, 1928), pp. 
483-497. 
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this general view of the continuous spectrum Is based upon the rather basi 
concept that an accelerated electron should radiate energy, it is in serious 
disagreement with the observed energy distribution in the continuous 
spectrum in at least one respect. On the classical theory of radiation from 
an accelerated electron it can be shown that the energy distribution should 
approach zero asymptotically at short wave lengths. The existence of the 
sharp Duane-Hunt short wave length limit is quite inconsistent with the 
classical view. 

The quantum theory offers a simple and convincing interpretation of this 
short wave limit. If the entire energy Ve of the electron striking the target 
should be converted into a single photon of radiation, the frequency of this 
radiation should be given by 

'Ve ^hv 

Since this is the maximum energy that could be converted into a single 
photon, the frequency of the photon would be a maximum, or the wave 
length a minimum of those radiated. Thus the Duane-Hunt law becomes 
obvious. Only a few of the electrons striking the target would be expected 
to give up their total energy in the formation of a single photon. Most of 
them penetrate the target somewhat, giving up some of their energy to one 
atom and some to another. Such energy interchanges would result in the 
radiation of lower frequency, or longer wave length, photons. Hence a 
continuous distribution of energy at wave lengths greater than the Duane- 
Hunt limit would be expected. Calculation of the distribution of energy at 
various wave lengths expected on this view is also moderately successful. It 
is found, however, that some features of the continuous radiation are not so 
simply explained even on this view. 

Characteristic Radiation 

The origin of the characteristic radiation appears much more certain. 
The characteristic radiation of a material can be excited by electron bom- 
bardment, by alpha particle bombardment,^^ by proton bombardment, 
or by irradiating the material with sufficiently short X-rays. Whereas 
excitation by electron bombardment produces both the continuous and the 
characteristic radiation, bombardment with alpha particles or protons excites 
only the characteristic radiation. The X-rays given off by a material 
irradiated with other X-rays are in part those scattered from the primary 
beam and in part those characteristic of the material irradiated. The 
characteristic X-rays are often called fluorescent radiation. Barkla and 
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Sadler^^»^^ were the first to study this fluorescent radiation seriously, and to 
classify it in different types. From a long series of measurements of the 
absorption coefficient of the characteristic radiation they concluded that the 
radiation characteristic of a given material could be divided into two types. 
One type was much more penetrating than the other, now known to be of 
shorter wave length, and this they called the K radiation. A more easily 
absorbed type they called the L radiation. The hardness of either type was 



Fig. 26. — ^The original Moseley photograpli of the K series lines from different elements. 

found to increase with the atomic number of the material emitting the radia- 
tion. Barkla apparently recognized that these two types of radiation were 
probably composed of lines or groups of lines characteristic of the material. 

Accurate analysis of these characteristic radiations had to await develop- 
ment of the X-ray crystal spectrometer. Moseley"^® was the first to attempt 
a systematic study of the line spectra making up the K and L characteristic 
radiation given off by the different elements. Using a Bragg crystal spec- 

C. G. Barkla and C. A. Sadler, FhiL Mag-y 16, 550 (1908). 

C. G. Barkla, PhiL Mag., 22, 396 (1911). 

7«H. G. .T. Moseley, Phil. Mag., 26, 1024 (1913); 27, 703 (1914). 
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trometer in which a photographic film replaced the ionization chamber, 
Moseley examined the characteristic lines emitted by 38 different elements 
and found that these lines belonged to two distinct series which he identified 
with the K and L fluorescent radiation found by Barkla and Sadler. Mose- 
ley’s original photograph of the K series spectra of a number of the elements 
is reproduced in Fig. 26. The record for any individual element is so placed 
in the figure that the distance of a given line from the left side of the figure 
can be taken roughly as a measure of the wave length of the line. The ele- 
ments are arranged in the order of atomic number, the lowest being at the 
top of the figure. There is only one element between Ca of atomic number 
20 and Zn, as a component of brass, of atomic number 30, which is missing 
from the figure. 

The regular manner in which the frequency of the characteristic K radia- 
tion increases with the atomic number is remarkable. The lines characteris- 
tic of both Cu and Zn are present for brass, showing that an alloy gives the 
characteristic radiations of its component elements. Notice also the Fe 
and Ni impurities in Co. The photograph shows definitely that there is one 
element missing from the group. Sc of atomic number 21. X-ray data of this 
character would locate immediately any missing element for which a place 
should be left in the periodic table. They show definitely that all elements 
that exist between H and U have either been found or had blank spaces left 
for them in the periodic table. In early years there was considerable doubt 
as to whether (^o of atomic weight 58.94 or Ni of atomic weight 58.69 should 
come first in the periodic table. The lower atomic weight of Ni provided a 
great incentive to place this element before Co. A glance at Moseley’s 
results shows conclusively that Co falls between Fe and Ni. There are only 
three examples of reversal of atomic weight in the periodic table. These are 
A and K, Co and Ni, and Te and I. X-ray data show beyond all question 
that these elements have been placed in their proper order in the periodic 
table; the material of higher atomic weight has in each of these cases the 
lower atomic number. 

The wave lengths of the lines comprising the characteristic L radiation 
vary regularly with atomic number in much the same manner as do those of 
the K lines. 'Idiis is shown by the photograph^^ reproduced in Fig. 27. The 
atomic numbers of tluvse four elements are 79, 81, 82, and 83 respectively, 
starting with An, It is at once evident that one element, Hg of atomic 
number 80, is missing from the photograph. Similar regularity has been 
found for the lines of the M and N series. The wave lengths of a multitude 
of the characteristic lines for the different elements have been measured and 
(‘an be found in tables. 

77 M. Sioghalin an<l E. Krirniin, Ann. d. Phymk, 49, 010 (1910); M. Siegbahn, Spektroskopie 
der lionlgenMrahLvn (2n<l od.; Borlin: J. Springer, 19S1), p. 9i. 
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Mioseley found from his experimental data that if the square root of the 
frequency of any particular line of the K series of an element be plotted 
Hgainst the atomic number of this element, the points for the various ele- 


Yi 


1 V V 



I'uj. S47. — ’"IVpical L series spectra of four elements nearly adjacent in the periodic table. 
Hg, between Au and Tl, is missing? from the photograph. 



Kio, Moseley's curve showing the relation between the frequencies of chii met eristic X-ray 

lines and atomic number. 


m<ui is fall r>u a smooth curve which is very nearly a straight line. Expressed 
Hiuily t i<*ally this means that the frequency of a line is given by 

V7 = K{Z - k) 

where K and h are universal constants for all the elements and where Z is the 
atomic number of the element. This is known as Moseley’s law. The 
<*.sH<^ntial correctness of this linear expression is evident from Fig. ^8 in which 
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Moseley’s original data have been plotted. The accuracy with which the 
points fall on a smooth curve shows that the atomic number is a much more 
fundamental quantity than the atomic weight in determining the frequency 
of the characteristi 9 X-ray emitted by an element. A similar linear expres- 
sion, with other constants instead of K and A, holds for lines of the L 
radiation. 

Precise measurements have shown that these lines are not exactly 
straight, that the above linear relationship is not exact. But it is very close 



Fig. 29. — Illustrating the energy levels, and the distribution of electrons in these levels, for 
the Mo atom. {Modeled after a diagram by Compton and Allison, X-Rays in Theory and 
Experiment, p. 34, 1985.) 

to the truth and, as a method of correlating the characteristic X-ray fre- 
quencies with atomic number, it led immediately to strong inferences regard- 
ing atomic structure and the process by which an atom emits an X-ray. 
The success that Bohr had just had in interpreting the several series of 
optical spectra of atomic 7/ in terms of discrete energy levels within the 
atom, led Moseley to Htteni|it a similar interpretation for characteristic 
X-rays. Let us consider, as a s])ecific example, the atom of Mo. Although 
in Moseley’s day there existed little evidence regarding the distribution of 
electrons among the several supposed shells, let us think in terms of the 
distribution now known to be correct. Fig. ^9 depicts^® the several energy 
A. H. Compton and S. K. Allison, X-rays in Theory and Experiment (2ntl ed.; New York: 
L). Van Nostrand, 1985), pp. 81-38. 
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levels and the number of electrons normally existing in each of these. 
Whereas optical line spectra result from a transition of one of the valence 
electrons from one level to another. X-ray spectra are associated with transi- 
tions of the deeper electrons. Obviously the normal atom is in no condition 
to radiate an energetic X-ray photon by having an electron fall into one of 
the lower levels; these lower levels are all full. The atom can absorb a 
large amount of energy, however, by having one of its electrons ejected. A 
large amount of energy would be required to eject a K electron, for this 
electron must be removed at least as far as the N level. Critical absorption 
wave length data show that it requires an energy of 20,000 electron volts to 
remove a K electron completely from Mo. Almost as much energy would be 
required to displace the K electron to the N shell, the difference being only 
the few volts, approximately 20, required to remove an N electron. The large 
amount of energy required to remove this K electron can be supplied either 
by suflSciently energetic bombarding electrons or by sufficiently short wave 
length X-rays. In the latter case the ejected electron appears as a photo- 
electron having a kinetic energy equal to the energy of the incident photon 
less the energy of removal from the K level. Other photoelectrons are 
ejected from the L level by the same photons. The difference in the kinetic 
energy of these two photoelectrons gives directly the energy difference 
between the K andi level, ITl — Wk- This same energy difference might 
also be obtained from the relative positions of the K and L critical absorption 
discontinuities. By such methods it is possible to obtain the numerical 
values of the energies associated with electrons in the various shells. 

Once an electron has been removed from the K shell all the X-ray lines 
characteristic of the atom may appear. An electron from any outer shell 
may fall into the vacancy in the K level, thus giving the various lines of the 
characteristic K series. The line corresponding to a transition from the L 
to the K shell is called the Ka. line. It is now obvious why the Ka line cannot 
be excited without the simultaneous appearance of higher frequency lines of 
the K series, and why the energy required for excitation of the Ka line corre- 
sponds to that of a photon having the limiting high frequency of the K series 
rather than to that of the Ka line itself. This Ka line should have a fre- 
quency given by 

hv = Wj. - Wk 

where the energy difference is that determined by above mentioned methods. 
It is found that the longest wave length line of the K series does have just 
this frequency. The frequency of the K^ line agrees with the interpretation 
that this line arises because of a transition from the M to the K level. 
Similar statements can be made for other lines of the K series. Further- 
more, once an electron drops from the L to the K level there is a vacancy in 
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the L level. Electrons falling from outer levels into this vacant L level give 
rise to the characteristic L series of X-rays. In a similar way an M series 
and an N series arise for the heavier elements. One cannot excite the K 
series without exciting also these other series. One can excite the M series 
without exciting the L or the K, or can excite the L series without exciting 
the K. 

Again, as was the case in optical spectra, close investigation shows that 
the characteristic lines are not actually as simple as has so far been 
inferred. The Ka line of Mo, for example, is a close doublet rather than a 
single line. The wave lengths of the two components of this doublet are 
0.7121 A° and 0.7078 A°. Lines of the L and M series are still more complex 
multiplets. This suggests immediately the existence of sublevels within the 
main energy levels. The numerical energies associated with these sublevels 
are just those required to interpret quantitatively the one X, the three Z and 
the five M critical absorption discontinuities. If there are three L sublevels 
it would at first appear that the Ka line should be a triplet rather than a 
doublet. But again as in the case of optical spectra, transitions from certain 
sublevels of one shell to certain sublevels of another shell are apparently 
forbidden. A rather simple selection rule can be formed to cover all of the 
permitted transitions. Thus, although absorption can occur by the ejection 
of an electron from any one of the three L sublevels, emission can occur only 
by transitions from two of these into the single K level. Hence the resulting 
line is a doublet. Since the combined sublevel pattern of the M and L shells 
is more complex than that of the Z and K shells, one should expect the line 
La and all other lines of the Z series to be more complex multiplets than are 
the lines of the K series. Comparison of photographs’^"^ of the type shown in 
Pig. 27 of the K and Z series respectively show that lines of the Z series have 
the more complex structure. Although the essential features of X-ray 
spectra are in entire accord with the simple picture here set forth, considera- 
tion of the many details of emission and absorption is a subject in itself. 
Such details must therefore be left to more specialized works. 

With these more recent and detailed views in mind, let us return to 
Moseley's interpretation of the observed manner in which the frequencies of 
characteristic lines vary with the atomic number. Following the general 
method which had been used by Bohr to calculate the energies associated 
with the various levels, and thence the frequencies of the emitted lines, of 
atomic //, Moseley attempte<l to calculate the frequencies of the characteris- 
l ic X-rays. . For an atom with net nuclear charge Ze and but one planetary 
electron, Bohr obtained for the frequency of emission 


M. Siej?ba.hn, The Speetroneo'py of X-rays (London: Oxford University Press, 1925); 
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where R is known as the Rydberg constant. Now the many-body prol>. 
presented by a heavy atom prevents any rigorous calculation of an equi 
lent expression for X-rays. Not only the positive nuclear charge but a.1 
the other planetary electrons as well would exert forces on any partiox 
electron one might consider. While electrons in the outer shells wo 
probably not affect a K electron seriously, because they are on all sides o 
the second K electron would no doubt decrease appreciably the net atti 
tion between the nucleus and the first K electron. Perhaps the net atti 
tion, everything considered, might be represented as that due to an effeci 
nuclear charge {Z — /c)^, where k is some small constant often called 
screening constant. On this basis the expression for the frequency of er 
sion becomes 


V 


^Tr^m(Z — k)^e^ 





Now for any particular line such as Kay the entire right side of this, exc 
for the factor (Z — k)\ is a constant for all the elements. If this const 
factor be written K^y one has 


= K\Z - hy or W = K{Z - k) 

wherein, let it be remembered, Z represents the net nuclear charge mcasu 
in electron units. But Moseley found experimentally that 

= K{Z - k) 

wherein Z represents the atomic number. As Moseley pc^inted out, ii 
therefore almost impossible to escape the conclusion that the atomic mini 
of an atom is equal to the net positive charge on the nucleus of that ate 
This was the first convincing evidence obtained regarding the nuclear cha 
of an atom, and because of this Moseley’s work took oh still added imp 
tance. There had previously been two strong indications of this equal! 
one^^ from the intensity of X-rays scattered by light elements, the othe 
from the scattering of o; and 13 rays by thin films of metal. Although 
latter of these has since provided convincing evidence of this equal! 
neither of these two other lines of evidence was entirely convincing 
Moseley’s time. 

C. G. Barkla, Phil. Mag., 21, 648 (1911). 
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Not only was the Moseley expression of the correct form, but 
to give essentially the correct numerical value for the frequency i 
X-ray. The theoretical Moseley constant K can be evaluated directly 
the Rydberg constant and the initial and final quantum numbers Ui ano 
pertaining to the electron transition giving the line being considered. Whuc 
the value of the screening constant k cannot be deduced rigorously from 
theory, it can be calculated approximately. There is reason'^® to believe it 
to be 0.5. One can then calculate the theoretical frequency, or the theoreti- 
cal wave length, of the Mo Ka line from the expression 

where Z = 42, where k = 0.5, and where n/ = 1 and = 2. This yields^® 
a calculated wave length of 0.70 A®, which compares favorably indeed with 
the values 0.7121 A® and 0.7078 A® observed for the two components of the 
doublet of which the Ka line is actually composed. Carrying out a similar 
calculation^® for the La line of JV of atomic number 74, using a screening 
constant of 5.5, one obtains a theoretical wave length of 1.40 A®. In view 
of the much larger screening effect of other electrons in this case, this figure 
agrees as well as we could expect with the observed wave length of 1.47 A®. 

3. DIFFRACTION BY CRYSTALS AND CRYSTAL STRUCTURE 

Considerable evidence concerning the diffraction of X-rays by crystals, 
and the interference and consequent reinforcement of the radiation in certain 
directions has already been presented. And it has been shown, following 
Bragg, just how such reinforcement is brought about through diffraction by 
the atoms or the molecules making up the regular lattice of the crystal. It is 
to be expected, therefore, that considerable information might be obtained 
regarding the details of crystal structure from the directions in which the 
beams diffracted by the different atom planes in a crystal reinforce. There 
are three distinct methods of studying crystal structure in this way, theLaue 
method, the Bragg method, and the powder crystal method. A fourth 
method, known as the oscillating crystal method, has also been used, but it 
involves no new features of crystal behavior. Detailed discussions of these 
methods can be found in many places.®®”®^ 

The Laue Method 

The first of the three methods to be developed, that of Laue,^** consisted 
of sending a continuous spectrum of X-rays through a pinhole and thence 

^ W. H. Bragg and W. L. Bragg, X-rays and Crystal Sirtiature (London: G. Bell & Sons, 
1915). 

F. C. Blake, Rev. Mod, Phys., 6, 109 (1933.). 

^ A. H. Compton and S. K. Allison, X-rays in TJieonj and Experiment (ind ed.; New York: 
D. Van Nostrand, 1935), pp. 316^364. 
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through a single crystal of the material being studied, and of recording on a 
photographic plate placed beyond the crystal the spots of reinforcement. 
The essential arrangement has already been shown in Fig. 3, and typical 
photographs have been reproduced in Figs. 4 and 5. The complete analyti- 
cal theory of the formation of these Laue spots has been developed. It turns 
out that each spot is due to a Bragg reflection from a series of parallel planes 
of atoms within the crystal. 

The formation of these Laue spots is made more evident by the sketch 
reproduced®^ in Fig. 30. It will be shown shortly that some crystals such as 


2 


3 

4 
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Fig. 30. — illustrating the reinforcement of monochromatic X-rays by a cubic crystal made 
up of two kinds of atoms, when an X-ray beam containing all wave lengths is shown on the 
crystal horizontally from the left. {Modeled after a diagram by Rirhtmycr^ Inlroducfion to 
Modern Physics^ p. 477, 1928.) 

NaCl are made up of a simple cubic array of atoms, the two types of atoms 
alternating in position along the three axes of the cube. Fig. 30 reproduces 
one plane of such a crystal, the full circles representing one kind of atom and 
the open circles the other. A series of parallel planes, identical except for the 
alternation of atoms, can be imagined out in front of and behind the plane 
shown. There exist in the crystal numerous sets of parallel planes such as 
those represented by the lines 1, 2, 3, 4, and 5. The spacing between the 
planes is different for each different set of parallel planes. Let these spacings 
be represented by di, ds, etc. Now imagine a pinhole beam of X-rays 
containing a continuous distribution of wave lengths incident horizontally 
on the left face of the crystal. Even the narrowest of beams would more 

F. K. Richtmyer, Introduction to Modern Physics (New York: Mc(Jniw-HilI, 1928), p. 
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than cover the entire section of the crystal shown. Now the angles 6u 
02> etc. are fixed by the orientation of the crystal with respect to the 
incident beam. Consequently, according to the Bragg law n\ = sin 6, 
any particular set of planes will pick out from the continuous X-ray spectrum 
only one wave length for reflection. The planes of group ^ will pick out that 
wave length Xa for which 

n\2 = M2 sin 02 

Since these are reflected in such a way that the incident and reflection grazing 
angles are equal, the reinforcement spot due to these planes will occur at an 
angle of ^62 with respect to the incident beam. Other sets of planes will pick 
out other wave lengths from the continuous spectrum and produce reinforce- 
ments in other directions. In this way the many Laue spots are formed. 
We have of course considered reflections from only those planes drawn 
perpendicular to the plane of the paper in Pig. 30. If the entire cubic array 
of atoms is considered, it is clear that many other similar sets of planes would 
provide reflections which are not in the plane of the paper. Thus there 
results a symmetrical distribution of spots about a central spot. The degree 
of symmetry will depend upon the structure of the crystal and upon the 
orientation of the crystal with respect to the incident X-ray beam. With 
the beam incident on a cubic crystal as shown in Fig. 30 there should result a 
twofold symmetry of spots. The photograph reproduced in Fig. 4 shows 
this twofold symmetry. 

Having a clear understanding of the formation of these Laue spots, it 
should be possible to determine the essential features of the structure of a 
given crystal from the angular positions of the spots for this crystal. The 
complete analytical considerations become rather involved, however. In 
view of this complexity, and in view of the much simpler experimental 
method developed immediately by the Braggs, wC shall not discuss further 
the details of crystal analysis by this method. . 

The Bragg Method 

The general method of studying the reflection of X-rays from a crystal, as 
developed by the Braggs,^^’^® has already been outlined. The general 
arrangement of apparatus was shown in Fig. 6 and typical results were shown 
in Fig. 7. The manner in which the various atomic planes within the crystal 
operate to produce reinforcement of the reflected beam in certain directions 
has already been discussed. Let us now look briefly into how data of this 
character can be made to furnish information regarding the essential struc- 
ture of a crystal. This will necessitate digressing for a moment to make 
clear the nomenclature used in referring to the various sets of planes within a 
crystal. 
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Let us confine our attention to a simple cubic array of diffracting centers 
forming a so-called cubic crystal. Let the small circles of Fig. 31 represent 
these diffracting centers spaced regularly and equally along the three cubic 
axes. Let us use as a unit of measure along the axes the spacing between 
successive diffraction centers along this axis. Let any plane parallel to the 
yz plane be drawn through a group of atoms, say a plane containing the atom 
as coordinate (1, 0, 0). This plane intersects the a;-axis at 1, the y-axis at oo 
and the 25-axis at oo . Let this plane be specified by stating the reciprocals of 
these three intercepts. Thus the plane is referred to as a (100) plane. Any 
parallel plane, regardless of whether it cuts the ar-axis at 1, 3, 4, etc., is 

called a (100) plane. An entirely similar group of planes might be drawn 
parallel to the xz plane, and these might be called the (010) planes. Another 
similar set drawn parallel to the xy plane might be called the (001) plane. It 
is dear, however, that these three sets of planes are entirely equivalent; 



Fig. si. — S howing the (100), the (110), and the (111) planes of a cubic crystal. 

whether a set be called (100), (010), or (001) planes depends entirely upon 
the choice of axes in the crystal. Hence all three sets of planes are referred 
to as (100) planes. There are, however, other types of planes. Think of 
that plane intersecting the a;-axis at 1, the ?/-axis at 1 and the 2 ^^axis at oo . 
The reciprocals of these intercepts are respectively 1, 1, and 0. 'l''his plane, 
as well as any one parallel to it, is called a (110) jdaiie. It is clear that one 
could draw two other sets of similar planes, one set parallel to the cc-axis, the 
other parallel to the ^-axis. These might be called respectively the (Oil) 
and (101) planes. But again these three sets of planes are exactly alike, 
their only distinction being due to the choice of axes. They are all called 
(110) planes. A third set of planes consists of those drawn parallel to that 
plane which intersects each of the three axes at 1. This is called a (111) 
plane, as is any other plane which intersects the three axes at equal distances 
out along the axes, A great many other types of planes might be drawn 
through the diffraction centers making up the crystal, and these are specified 
in an exactly similar way. It is clear that the simple planes, the (100), the 
(110) and the (111), are much richer in diffracting centers than are the more 
complex sets of planes. For this reason one is particularly interested in 
these three simple sets. 

Let us think now of three different possible cubic arrays of diffracting 
centers. These are shown in Fig. 32. Configuration (a), drawn to half the 
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scale used for the others for a reason which will soon become apparent, is 
known as a simple cube. Configuration (6) is known as a face centered cube; 
an additional lattice point is placed in the center of each face. Configuration 
(c) is known as a body centered cube; an additional lattice point is placed in 
the center of the cube. Now geometrical considerations show that the 
relative spacings of the (100), the (110), and the (111) planes are different for 
these three different cubic structures. If dioo represents the spacing between 



(b) FACE CENTERED CC) CENTERED 

t'lu. Svd. Illuslrutinj? the simple euhic liillice (a), the face centered cubic lattice (6), and the 

body centered cubic lattice (c). 

the (100) planes in Fig. 8i^(a), it is seen that OP represents the distance 

a/2 

hctwocM (110) planes, and that this is — ^ dioo- The distance between (111) 

pianos represented by OQ^ which is ks likewise seen to be — ^ <iioo- 

If th<.^ sjune geometrical considerations are applied to the face centered and 
the Ixxly centered cubes, oiie finds that 

h\>r simple ciilx* diooi ^/uox/m : : 1 : l/\/2- 1/ y/^ 

For fa(‘(‘ o<‘nlere<l cube dioo: ^/uox/iu^ : 1: l/\/2:2/\/3 

For body eent<*r('(l euhe dmo^diion/m: :l:2/\/2.l/\/3 

Thus the relative interplanar <lislan(tes are diiferent for these three cubic 
structures. 

( %)usider now a typical crystal study, that of the crystals KOI and NaCl. 
Fig. .‘kS repn)dii(*(‘s”“ Bragg’s <‘xp(‘riinental curves for reflection from the 
sev(‘ral Faces of tlies(‘ cryslals. X-rays from a IM target were used in obtain- 
ing thc.se curves. The two peaks which (consistently repeat themselves 
always in approximately the .same redative intensity are due to two character- 
islic 'wave lengths of IM. Evaluation of the angles at which a particular 
jM‘ak reepeats itself for any one .set of plane.s shows that the repetitions are the 
various orders of Bragg reflections occurring in accord with the Bragg law 
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n\ = 2d sin d. The fact that a particular peak occurs at different angles for 
reflection from the several sets of planes of a given crystal, shows that the 
spacing is different for the different planes. And the fact that a given peak 
for reflection from the (100) planes occurs at a slightly different angle for the 
two crystals, shows that the spacing of the (100) is slightly different for KC l 

and NaCl. Since today the absolute 
wave length of a given characteristic 
radiation is known from measurements 
with ruled gratings, it is possible to 
determine accurately the spacing be- 
tween the parallel planes of a given 
set from the angle at which the peak 
occurs. Or if one knows the crystal 
spacing one can calculate the wave 
length of the X-ray used. In the 
early days of this work ruled grating 
measurements of wave length were not. 
available. The wave lengths that 
were known had all been obtained 
from crystal measurements, and evahi- 
ation of these necessitated knowing 
the crystal spacing. This crystal 
spacing could be calculated from the 
molecular weight and the density of 
the crystal if one could be certain of 
the arrangement of the atoms within the crystal. Thus it was important 
for more than one reason to learn all that was possible regarding the 
structure of these crystals. 

The Braggs were able to arrive definitely at the structure of these 
crystals from the curves of Fig. 33. Consider first the crystal of KCl. F or 
the sake of brevity consider only the data furnished by the X-ray giving 
always the more intense of the two peaks. For the (100), the (110), and the 
(111) planes this peak occurs at angles 26 of 10.43°, 15.00° and 18.10°, 
respectively, or at angles 6 of 5.22°, 7.50° and 9.05°. Since from the Bragg 
law the spacing of planes is inversely proportional to the sine of the angle 9^ 
it follows that 

J 7 ^ . 1 I 1 

dioo.dno.din. 5 . 22 ° ’sin 7.50° ’sin 9.05° 

I . 1 

.0910 ‘ .1305 ■ .1573 

:: 1 : 1/1.43: 1/1.73 

; : 1 : l /\/2 : l /\/3 
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Fig. 33. — Showing the intensity of re- 
flection for various grazing angles of inci- 
dence d on the several faces of the crystals 
KCl and NaCl. The intensity of reflection 
is plotted as ordinate against 2d as abscissa. 
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'I'll is ra tio of splicings iiulicatos a simiile <'ahic st ructure rat her than that of a 
fa<‘<‘ or a body (•(•ntereil cube. 

l/ 0 <>kiunu<‘xt at the curves for Na('l one sees immediately a peculiarity in 
the r<‘fle<dioii from the (111) planes. Whereas for all other curves the inten- 
sity falls off conlinuou.sly a.s one goes 
to higher orders of reflection, the 
second order for the (111) plane.s of 
Na('l appears much stronger than the 
first or«ler. Bragg further remarks 
that these planes give a very weak 
t hird order an<l a <lefinitely ob.servable 
fourth. Were one to ignore the weak 
ndks'tion at approximately 10® and 
jmlge .solely by the strong peak at 
ai)proxiniatt‘ly «0® one woukl a.ssign to 
Nad a simple cubic .structure .similar 
to K<'1. On the other haml, its .struc- 
ture us jmlged from the po.sition of the 
first p<*ak is that of a face centered 
«'ube. Hut this ignores entirely the 
pei'uliar <*hange.s in intensity as one 
procissls to higher onlers. Fnrther- 
mor<'. there is reu-son to believe that 
the g«-neral .structure of the NaCl 
<Tyst al is the same as that of KCl, and for that matter the same as that of 
KBr ami KI. 

.Siiiiiiar Bragg ourvc.s for KBr and KI .show that of all these KCl is the 
only one wliieh does not show the peculiar alternation of intensity in 
the ndlection from the (111) planes. 'Phis suggested imme<liately that the 
iliffraction centers in all of the.se crystals were not molecules at all but single 
atoms of K or Na ami singl<‘ atoms of ( '1, Br, or I. Let us therefore look into 
the po.ssibility of a structure such as indicated in Fig. 34. In a crystal such 
as this, where the two kinds of atoms alternate in filling the lattice points 
along any one lints all (100) iilanes contain etpial numbers of alkaline metal 
and halogen atoms. Likewi.se all (110) planes contain etpial numbers of 
the.se. But the (111) planes tlo not. One of these plane.s is made up entirely 
of alkaline metal atoms, the next entirely of halogen atoms, the next of 
alkaline atoms, etc. .\lthough the .sjiacing between adjacent (111) planes is 
d/\/ii the spacing between plane.s containing the same kind of atoms is 
2t//V^l. The tpiestion of the relative reflecting powers of the planes 
made up entirely of the two ilifferent kinds of atoms must therefore be 
eonsi<Icrod. 



Via. 84. — Illustrating the structure of 
an alkali tnotal halogen crystal, say NaCL 
The full circles represent Na atoms and the 
open circles (’1 atoms. 
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Now in a rough way at least, the reflecting power of an atom is propor- 
tional to its atomic number, or proportional to the number of planetary 
electrons. K of atomic number 19 and Cl of atomic number 17 would there- 
fore have closely the same reflecting power. They would therefore act 
nearly the same to the X-ray, and the spacing of (111) planes calculated from 
X-ray reflection would be expected to come out d/\/3> as it does for KCl. 
On the other hand, since the atomic numbers of Na, Br, and I are, respec- 
tively, 11, 35, and 53, no other crystal of this type would behave in this way. 
The reflecting power would vary decidedly from one (111) plane to the next. 
For a reinforcement at an angle corresponding to a spacing of d/*\/3» that 
between adjacent planes regardless of type, all of the planes would reinforce, 
thus leading to an intense reflection. At a smaller angle corresponding to 
the spacing between like planes, however, all alkaline atom planes would 
reinforce one another and all halogen planes would reinforce one another, but 
adjacent dissimilar planes would work pair by pair in exact opposition. 
There is still a resultant reflection for all crystals except KCl only because 
the one type of plane is a better reflector than the other. Thus the structure 
shown in Fig. 34 is in entire accord with the Bragg curves both as regards the 
positions and the relative intensities of the reflection peaks. It is the 
accepted structure for these crystals. One might ask how K of atomic 
number 19 and Cl of atomic number 17 have so nearly equal reflecting powers 
as to cause almost complete destruction of the first peak in the (111) reflec- 
tion. If ions rather than atoms are at these lattice points, both the positive 
K ion and the negative Cl ion would have 18 planetary electrons. If the 
reflecting power is exactly proportional to the number of these electrons, then 
this structure would cause complete disappearance of this (111) peak for 
KCl. The fact that the peak is practically absent has been considered as 
some evidence that ions rather than atoms are at the lattice points of these 
crystals. 

It is to be noted that the conclusions drawn regarding the arrangement of 
atoms in the NaCl and similar crystals have been possible without knowing 
the wave length of the incident X-ray. If one knew the distance between 
the characteristic planes of this crystal one could calculate the wave length 
of the X-ray from the observed angular position of the Bragg reflection peak. 
It is therefore of great importance that knowledge of the arrangement of 
atoms in the crystal allows one to calculate this spacing with certainty. 
Consider a cube of NaCl 1 cm. on a side. If d be the distance between (100) 
planes, the number of atoms along one edge of the cube is 1 /d. The number 
of atoms in the centimeter cube is then 1/d®. But the number of molecules 
in this centimeter cube is Np/M where N is Avogadro’s number, M the 
molecular weight and p the density of the crystal. Since there are two 
atoms, and hence two lattice points, for each molecule of NaCl, the number 
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of atoms in the centimeter cube is 9>Np/M. Hence 




aiVp 

M ' 


from which 


d 


\2iVp 


Using N — 6.064 X 10^® as obtained from the Faraday and the Millikan oil 
drop value of and using M = 58.46 and p = 2.167 gms/cc., one finds that 
the spacing of (100) planes in the NaCl crystal is 

d = 2.814 X 10-8 cms. = 2.814 A° 


Knowing the spacing of planes in this crystal the wave length of any 
X-ray reflected from the face of the crystal can be calculated accurately from 
the angular position of the peak. It is from such crystal measurements that 
all early values of X-ray wave lengths were determined. Although there are 
now available more accurate values of the molecular weight and density of 
NaCl, from which a more accurate value of the lattice spacing could be 
calculated, this crystal is not used extensively for precision measurements of 
wave length. It turns out that calcite has many practical advantages over 
NaCl as a crystal to be used for precision measurements. The spacing of the 
calcite planes determined in a way analogous to that employed above, has 
been given 8® as 

d = (3.02816 ± 0.001) A° 

for a temperature of 20.00° C. The probable error in this value is due 
almost entirely to that associated with the value of Avogadro’s number. It 
will be recalled that at the time of this work the best value of Avogadro’s 
number was obtained from the Faraday and the Millikan oil drop value of e. 
In the hands of Siegbahn^-^ and others the crystal spectrometer has been 
developed to such a degree that the accuracy attained in the measurement of 
X-ray wave lengths is comparable to that attained in the measurement of 
the wave lengths of optical lines. Relative wave lengths could of course be 
measured much more accurately than absolute wave lengths, for the former 
does not involve the probable error in the crystal spacing. For the purpose 
of standardization Siegbahn'^^’ had already adopted an arbitrary value for the 
spacing of calcite approximately 1 part in 3,000 higher than the experimental 
value later reported by Bcarden.8® TTntil relatively few years ago all accu- 
rate X-ray wave lengths were specified on this Siegbahn scale. 

It has since become ])<)ssible to obtain X-ray spectra from ruled gratings 
and to calculate the wave length of the X-ray from the known distance 
between lines on the grating. 1 1 was found, that wave lengths measured 

J. A. Bearden, Ph}/s\ Rrv.^ 38, 2080 (1031). 

K. Backlin, Diiisrrfatwn^ Uppsala (1028). 

J. A. Bearden, Phy.t. Hcv.^ 48, 38,^ (1935). 
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by this method did not agree exactly with those from crystal measurements; 
they were (0.248 ± 0.002) % larger. Although this is a relatively small 
error it was important, for it brought to light an appreciable error in another 
important fundamental physical quantity. After a careful search for any 
possible unrecognized error in either method of wave length measurement, it 
was concluded®* that the ruled grating method gives the correct value and 
that the crystal measurements were slightly in error. Now the crystal 
measurements involved the calculated spacing of crystal planes and this 
calculation involves in Avogadro’s number the Millikan oil drop value of the 
electronic charge. Since X-ray wave lengths are determined precisely by 
ruled grating measurements, one can now determine the crystal spacing 
directly, and thence calculate Avogadro’s number with accuracy. This 
gives®* 

= (6.0221 + 0.0005) X lO^® 

Then using this value of N and the accurately known value of the Faraday, 
one obtains®* for the electronic charge 

e = (4.8036 ± 0.0005) X lO-^® e.s.u. 

This value is now accepted as essentially correct and, as brought out in a 
previous chapter, it has since been shown that the primary error in the 
original Millikan oil drop value was due to the use of a slightly incorrect 
value for the viscosity of air. 

This new value of Avogadro’s number made it necessary to revise slightly 
all previously calculated spacings for the various crystals. In fact it was 
from direct measurement of this spacing in terms of the ruled grating wave 
length that the new value for Avogadro’s number was obtained. The 
spacings of all crystals are slightly higher than those previously calculated. 
For example, the accepted spacing for calcite at 20° C is^® now 

d = (3.03560 ± 0.00005) A° 

This is 0.246% higher than the value obtained*® through use of the old 
value for Avogadro’s number. It is also interesting that the probable error 
associated with this new spacing for calcite is very much smaller than the 
former. 

The Powder Crystal Method 

A third method of studying crystal structure, one rather widely used 
today, was developed shortly after the Bragg method. Whereas both 
the Laue and the Bragg methods required the use of a single crystal, and in 

” P. Debye and P. Scherrer, Gdtt, Nachr., (1916); Phys, Zeits., 17, 277 (1916). 

9® A. W. Hull. Phys, Rev., 9, 84 (1916); 10, 661 (1917). 
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the Bragg method a fairly large one, this new method used the crystalline 
material in the form of a finely ground powder. It is therefore known as the 



Fig. 35. — Illustrating the method of obtaining an X-ray diffraction pattern by using a 

powdered crystal. 

powder crystal method. The principle of the method is illustrated in Fig. 
35. Although the arrangement is essentially that used by Laue, a mono- 





(/>) 


Fig. 36. — (a) X-ray powder diffraction pattern of Al. (5) X-ruy powder diffraction pattern 
of W, obtained with a narrow strip of film bent in the arc of a circle. 


chromatic beam of X-rays is used in this method whereas a continuous band 
of wave lengths was used in the Laue method. Whereas in the Laue method 
a given set of crystal planes was fiixed in position and therefore had to pick 
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out from the continuous band of wave lengths that particular wave length 
which it was in a position to reflect, in this method the single wave length 
finds certain small bits of the crystal oriented in such a manner that a given 
set of planes will reflect this wave length. This is made possible by the 
powdering and the consequent random orientation of the small particles. 
Since even those bits of crystal which are in such a position as to reflect from 
a given set of planes will have all possible orientations about the direction of 
the incident X-ray beam, it is clear that the reinforcement will occur all 
around a circle rather than in a definite spot. A typical i)hotograph is 
reproduced®^ in Fig. 36(a). Each circle corresponds to reflection from a 
given set of planes. Since all characteristics of the diffraction pattern are 
contained on a narrow central strip across the photograph, it is customary 
to record the pattern only on such a strip. Furthermore, to facilitate the 
evaluation of angles, this strip is usually bent in the arc of a circle whose 
center is at the powdered crystal. A typical photograph obtained in this 
way is reproduced®^ in Fig. 36(fc). The ease with which such photographs 
can be taken, together with the fact that the crystalline material need not be 
obtained in the form of a large crystal, makes the powder crystal method an 
exceedingly useful one foi; the analysis of crystals. 

A fourth method of crystal analysis, known as the oscillating crystal 
method, was developed g^iU a few years later. Since the method is 
somewhat more involved, and since it adds nothing to the fundamental 
concepts we wish to convey, no details will be given. The method is not 
widely used in the practical analysis of crystals. 


n Introduction to Atomic Physics (New York: Farrar & Hiru'liarl, \m)) i> 1()}> 

Ongmal photographs by A. W. HuU and coworkers. ' 

92 H. Seemann, Phys, Zeiis., 20, 169 (1919) 
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M. Polanyi, Naturwiss., 9, S3T (1921); Zeits.}. Phynk. 7, 140 ( 1081 ). 
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come originally from either uranium or thorium. It soon became apparent 
that atoms of these radioactive materials are not stable. Sooner or later 
they disintegrate, giving oflf a penetrating radiation, and become a new 
material. This material in turn is radioactive and the procedure is repeated 
until the new atom formed in the disintegration process is one of stable 
structure. Thus it may be said that either uranium or thorium is the 
ancestor of at least nearly all the natural radioactive atoms. Most of these 
radioactive materials are heavy atoms, atoms having atomic weights greater 
than that of lead. The ancestry of all of these heavy radioactive atoms is 
almost completely known. There are four much lighter materials which 
have also been found to be naturally radioactive. These are Rb®^, 
and The activities of K and Rb were discovered many 

years ago, while those of and have been found in relatively 

recent years. The atomic numbers of these materials are respectively 19, 37, 
6^, and 71, whereas the atomic numbers of all of the heavier radioactive 
atoms lie between 81 and 92. Innumerable investigations have been carried 
out in the field of natural radioactivity since its original discovery. Many 
summaries of the field, together with extensive tables of radioactive con- 
stants, can be found in the literature. 

The Half Life Period 

The average time a radioactive material exists before it disintegrates into 
some other material varies greatly from one substance to another. Only one 
half of a sample of UI disappears by disintegration in 4.5 X 10® years. Only 
thorium disappears less rapidly than this; one half of a sample of thorium 
disintegrates in 1.34 X 10^° years. At the other extreme, one half of a 

J. J. Thomson, Phil, Mag., 10, 584 (1905). 

® N. R. Campbell and A. Wood, Proc. Camb, Phil. Soc., 14, 15 (1907). 

® N. Campbell, Proc, Camh. Phil. Soc., 14, 211 (1907). 

10 G. Hevesy, M. Pahl and R. Hosemann, Z&its.J. Physik, 83 , 43 (1933). 

R. Hosemann, Zeits. J, Phy»ik, 99 , 405 (1936). 

T. R. Wilkins and A. J. Dempster, Phys. Rev., 64, 315 (1938). 

M. Heyden and W. Wefelmeier, Naturwiss., 26, 612 (1938). 

W. F. Libby, Phys. Rev., 66, 21 (1939). 

A. F. Kovarik andL. W. McKeehan, Bull. Nat. Res. Coun., 10, 1-203 (1925). Reprinted 
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sample of RaC' disappears in 10"^ seconds; one half of a sample of ThC' 
probably disintegrates in approximately 10“^^ seconds, although this figure is 
not so reliably known. The time required for one half of a sample to dis- 
integrate is called the ‘‘half life” of the material. Approximately forty 
different natural radioactive materials are known, and the half lives of these 
are distributed widely between the limits just quoted. There is nothing one 
can do to change in any way the rate at which a given material disintegrates. 
The half life is entirely independent of pressure, temperature, and other 
conditions under our control. The radioactive atoms insist upon dis- 
integrating, and at a rate which is no doubt determined somehow by the 
degree of instability of their structure. 

Nature of the Emissions 

Investigations of the nature of the radioactive emissions of these mate- 
rials have shown that there are three types of radiation. These are called 
a:, 0 and 7 -rays. The a and /3-rays can be bent in an electric or magnetic 
field, though a relatively strong field is required to deflect a-rays ; these are 
definitely charged particles. The 7 -rays cannot be deflected in either 
magnetic or electric fields ; they are not charged particles. It has been shown 
that the a particles are He nuclei; they bear a positive charge equal to two 
electrons; they are He atoms which have lost their two planetary electrons. 
The jS particles are simply high speed electrons, negatively charged particles 
exactly like those leaving the cathode of a discharge tube. Both the a and 
the /S particles are ejected with energies of the order of a few million electron 
volts. The 7 -rays have been shown to be very short electromagnetic waves; 
the wave length of these is in general shorter than that of X-rays, although 
many of the softer 7 -rays are longer than the more penetrating X-rays. 

The Transformation Series 

We now know something over forty natural radioactive substances, 
know the type of radiation each emits, and have in nearly all cases a reliable 
value for the half life. Most of these substances were identified within a 
decade after the discovery of radioactivity, although a few have been found 
in more recent years. All of the heavy substances fall within three series of 
chain transformations. These chains are referred to as the uranium, the 
actinium and the thorium series. The members of the three series are shown 
in Table I. The successive transformations ])roceed from the top toward the 
bottom in each series shown. IT, AcU and 'lli are the ancestors of the three 
families. RaG, AcD and ThD are the respective end products of the three 
chains. Table I gives also the half life associated with each transformation 
and the type of radiation emitte<l. The half lives given for Ul, UII and AcTI 
are those found recently by.Nier,^^ while those given for UXi, AcB and AcC" 
A. O. Nier, Phya. Rev.y 55, 150 (19S9). 
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TABLE I 

Natural radioactive elements. The atomic number Z, the atomic weight A, the half life T, 
and the type of radiation is given for each. Beta radiations inclosed in parentheses are not of 
nuclear origin. The letters y, d, A, m and s used in expressing the half lives stand for year, day, 
hour, minute and second, respectively. The alpha particle ranges are those in air at 760 mm. 
of Hg and 15® C. * The series branches here, part of this element disintegrating into C' and 
part into C". ** The two branches reunite here 


URANIUM SERIES 

Substance 

2 

A 

T 

Particle 

emitted 

Extrapolated 
range of 
ot particle 

Uranium I 

92 

2S8 

4.56 X 1082/ 

a 

2.07 

Uranium Xi 

90 

234 

24.1rf 

P 


Uranium X 2 

91 

234 

1.14TO 

7 


Uranium II 

92 

234 

2.7 X lOBy 

a 

3.23 

Ionium 

90 

230 

8.3 X 1042/ 

a 

3.2 

Radium 

88 

226 

15902/ 

ct, (j8), 7 

3.39 

Radon 

86 

222 

S.825i 

a 

4.08 

Radium A 

84 

218 

3 . 05m 

ot 

4.69 

Radium B 

82 

214 

26.8m 

7 


Radium C* 

88 

214 

19.7m 

0, 7 

4.1 

Radium C' (99.96%) 

84 

214 

10-Ba 

a 

6.95 

Radium C" (0.04%) 

81 

210 

1.32m 

0 


Radium D** 

82 

210 

222/ 

0* 7 


Radium E 

83 

210 

5.0d 

0, 7 


Radium F 

84 

210 

140d 

« 

3.87 

Radium G 

82 

206 

Stable — lead of 






atomic wei/jlit 206 



ACTINIUM SERIES 

Actinouranium 

92 

235 

7.13 X 108// 

a 

3.2 

Actinium Y 

90 

231 


0 


Protoactiniuin 

91 

231 

3.2 X 104// 

a 

3.67 

Actinium 

89 

227 

18// ? ■ 

0 


Radioactinium 

90 

227 

18.9(2 

a, (0), 7 

4.68 

Actinium X 

88 

223 

n.id 

a 

4.37 

Actinon 

86 

219 

S.Qis 

a 

5 . 73 

Actinium A 

84 

216 

2 X 10-3« 

a 

0.50 

Actinium B 

82 

211 

36.1m 

01 7 


Actinium C* 

83 

211 

2. 16m 

0 

5.40 

Actinium C' (0.16%) 

84 

211 

5 X 10-3« 

a 

6 . 60 

Actinium C" (99.84%) 

81 

207 

4.767a 

0, 7 


Actinium D** 

82 

207 

Stable — lead of 






atomic weight 207 



THORIUM SERIES 

Thorium 

90 

232 

1.84 X 10»0// 

a 

2.59 

Mesothorium 1 

88 

228 

6.7// 

0 


Mesothorium 4 

89 

228 

6. ISA 

0, 7 


Radiothorium 

90 

228 

1.90// 

a, (/9) 

4.02 

Thorium X 

88 

224 

3.04d 

a 

4.35 

Thoron. 

86 

220 

54.5a 

ot 

6.08 

Thorium A 

84 

216 

0.14a 

a 

5.67 

Thorium B 

82 

212 

10. 6A 

0, 7 


Thorium O 

83 

212 

60.6m 

ot, 

4.78 

Thorium C' (65%) 

84 

212 

lO-ii^r ? 

a 

8.62 

Thorium C" (85%) 

81 

208 

3. Im 

0, 7 


Thorium D** 

82 

208 

Stable — lead of 






atomic weight 208 
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are those found by Sargent.^® Other values are those commonly found in 
tables. Whenever possible the ranges given for alpha particles are 
those reported by Holloway and Livingston. Other values are those given 
by Hevesy and Paneth.^® 

The successive transformations within each series are known with but 
few exceptions. These transformations are indicated graphically in Fig. 1. 
Two fundamental laws associated with radioactive transformations were 
recognized many years ago by Rutherford and Soddy.^® These were: 
(1) whenever a substance disintegrates by the ejection of an a particle the 
newborn substance has general chemical properties similar to those of an 
element two places to the left of the parent element in the periodic table; 
{%) whenever an element disintegrates by the ejection of a particle the new- 
born substance has chemical properties similar to those of an element one 
place to the right of the parent element. It has further been found that a 
decrease of four in atomic weight accompanies the emission of an a particle, 
whereas the emission of a /3 particle produces no appreciable change in atomic 
weight. . Rutherford and Soddy formulated their so-called displacement 
laws describing radioactive transformations before the advent of the Ruther- 
ford-Bohr model of the atom; the laws were formulated entirely from 
experimental observation. 

On the present nuclear atom model these changes are of course just what 
one would expect. The emission of an a particle, a He nucleus of mass 4 
and charge +2 electron units, from a parent atom should procjuce a new 
atom having a net nuclear charge two less than the parent and having an 
atomic weight four less than the parent. A reduction of two in atomic 
number displaces the element two places to the left in the periodic table. 
The emission of a particle from a parent atom should increase the net 
positive charge on the nucleus by one unit, thus increasing the atomic num- 
ber by one and causing the material to behave as an element one place to 
the right of the parent. Emission of the /3 particle would cause no appre- 
ciable change in atomic weight. The present concept of atomic structure 
is therefore consistent with the Rutherford-Soddy laws describing radio- 
active transformations. In fact observations in the field of radioactivity 
played a very important part in formulating the present concepts. 

The family connections of one heavy radioactive material, UZ, is not 
definitely known. This material disintegrates by ejecting /S-rays, and has 
a half life of 6.7 hours. It is an isotope of Pa. Until recently it has been 
thought that only 99.65% of UXi disintegrates into UX 2 , the remaining 

B. W. Sargent, Canad. Jour. Rtis., A, 17, 103 (1939). 

24 M. G. Hollaway and M. S. Livingston, Fkys. Rev., 64, 18 (1938). 

23 E. Butherford and F. Soddy, Trans. Chem. Soc., 81, 321, 837 (1902); Phil. Mag., 4, 370, 
569 (1902); 6, 441, 445, 576 (1903). 
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0.35% forming UZ. Both UX2 and UZ were then supposed to disintegrate 
into UII. Recent work indicates that it is more probable, however, that 
UZ is not the offspring of UXi; it is probably a product of the disintegration 
of It is known that uranium has three isotopes, and 

These have all been observed with a mass spectrograph. Aston^® found 
U^®® and estimated that this isotope constitutes at least 97 % of all uranium. 
Dempster^^ detected the U^®® isotope in 1985, and Nier^® found U^®^ in 
1938. According to Nier^^ the relative abundance of these isotopes is 
U 288 /U 236 = 139 and U^^VU^®^ = 17,000. U^®^ is the ancestor of the 

uranium series. U^®^ is UII, a member of this series. U*-^®® is now thought 
to be the ancestor of the actinium series. It disintegrates with a half life 
of 7.13 X 10® years,^^ forming AcY. It is thought that UZ may be a prod- 
uct of this disintegration series. 

The atomic weights shown in Table I for the various members of the 
uranium and thorium series are without much doubt correct. Although a 
majority of these atomic weights have not been measured directly, those of 
certain members within these series have been measured. For example, 
the atomic weight of UI is known to be 238, that of Ra 226, and that of 
Rn 222. The latter two of these are the values one expects from the known 
series of transformations which UI undergoes to become first one and 
then the other of these materials. UI is changed to Ra after three a particle 
and two /? particle transformations. The atomic weight of Ra should there- 
fore be 12 less than that of UI, as is observed. Ra changes into Rn after 
one a particle transformation. One would therefore expect Rn to have an 
atomic weight 4 less than that of Ra, as is observed. Thus there is a con- 
siderable degree of certainty of the atomic weights assigned to the various 
members of the U series. In a similar way the atomic weight of Th is known 
and one can thus deduce rather certainly the weights of those members 
of the thorium series for which there are no directly measured values. The 
same certainty is not attached to the atomic weights shown for the actinium 
series. In fact only a few years ago it seemed that this entire series might 
be a branch of the uranium series. UY, a member of the actinium series 
and now frequently called AcY, was thought to come from UII. Part of 
UII was supposed to form ionium and thence the remainder of the uranium 
chain. Another part was su])p()sed to form UY, which in turn formed 
protoactinium and the remainder of the actinium chain. On this supposed 
origin of UY the atomic weights assigned to members of the actinium chain 
were each one less than those shown in '^Fable I. Recent observations indi- 
cate,^® however, that the atomic weights are probably those shown in the 
table, and that UY is not a branch product of the uranium chain starting 

F. W. Aston, Nature, 128, 725 

A. J. Dempster, Nature, 136, 180 (1935); Proc, Amir. Phil. Sue., 76, 755 (1935). 
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with Rather recently an U isotope of atomic weight 235, called actino- 

uranium, has been discovered. It seems probable that UY results from this 
U isotope through an a particle transformation. This view, consistent with 
the atomic weights shown in Table I, is now rather generally accepted. If 
this view is correct the actinium series is not a branch of the uranium series; 
it is an independent chain starting with Considerable progress has 

been made in recent years on the separation of isotopes. If several members 
of this series can be isolated so that their atomic weights can be obtained 
directly, then it will be known whether the atomic weights now assigned are 
correct. 

It is both interesting and important to note that each of the three series 
of transformations ends with Pb, an atom of atomic number 82. Seven 
isotopes of Pb are shown in Fig. 1. The four heavier of these are radio- 
active; the three lighter ones are stable. The uranium series ends with 
Pb^®®, the actinium series with Pb^®^, and the thorium series with Pb^®®. 
Now it was discovered quite early that the measured atomic weight of Pb 
depends upon the origin of Pb. The chemical atomic weight of Pb as it is 
ordinarily found is^® 207.21. This is no doubt the mean of a number of 
isotopes normally present. There has been found^^ on numerous occa- 
sions, however, natural Pb which has an appreciably different atomic weight. 
The atomic weight of Pb present in the mineral thorite has been found to 
be unusually high, 207.9 for example. This is excellent evidence that most 
of this Pb has been formed through disintegration of Th; it is composed 
mainly of the Pb*-^®® isotope. On the other hand the atomic weight of Pb 
found in U minerals is unusually low, 206.03 for example. This is appar- 
ently composed almost entirely of the Pb^®® isotope, the end product of the 
disintegration of No one has yet found Pb composed mainly of the 

isotope Pb“®^ the end product of the actinium series. This is probably 
because the supposed ancestor of the actinium series is a relatively rare U 
isotope, Since is 139 times as abundant in nature as and 

since both would be expected in U minerals, the presence of the end product 
Pb207 would be masked by that of the end product Pb^o®. For no other 
element does the isotopic composition vary as greatly as it does in Pb. It 
has been found®® that the percentage of heavy hydrogen is slightly less and 
that of slightly greater in snow than in normal river water. Similarly 
the ratio of the carbon isotopes has been found®^ to differ in carbon 

International Atomic Weights, Jour. Amer. Chem. Soc-.^ 60, 744 (1938). 

G. Heve^iJ’ and F. A. Paneth (translated by R. W. Lawson), A Manual of Radioactivity 
(Sind ed.; London: Oxford University Press, 1938), pp. 149-151. 

A. E. Brodsky, O. C. Scarre, E. 1. Donzowa and M. M. Sluckaia, Acta Physicochimiea, 
7, 611 (1937). 

A. O. Nier and Others, Jour. Amcr. Chem. Soc.. 61, 697 fl989); Phys. Rev., 69, 771 (1941). 
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obtained frona various natural sources. But these variations are small, 
not even comparable with those observed for Pb associated with radioactive 
minerals. It is interesting that even common Pb, apparently not contami- 
nated with radioactive minerals, shows^*-^ significant variations in isotopic 
constitution. This is probably because it has been contaminated with these 
minerals in the past. 

It has been remarked that there are four relatively light natural elements 
which are radioactive. These are shown in Table II. Three of these emit 

I 


TABLE II 

Natural radioactive light elements 


Substance 

Z 

.4 

T 

Particle 

emitted 

Range of 
a particle 

Potassium 

19 

40 

1.9 X 10 » 3 / 

iS, T 


Rubidium 

37 

87 

5 X 



Samarium 

62 

148 

1-4 X 10”j/ 

a 

1.16 

Lutecium 

71 

176 

7 X 10‘»iy 




/3 particles. Samarium is the only natural light element known to emit a 
particles. Although it has been recognized for many years that K and Rb 
are radioactive, it is only recently that it has been known for certain which 
isotope of each is the active one. Since knowledge of both the particular 
isotope which is active and the relative abundance of this isotope is neces- 
sary before one can evaluate the half perio<l, it is only recently that reliable 
values of these periods have been obtained. The isotope was discovered 
by Nier^^”*^'^ in 1935 and found to make up Js^oo of the element. Two years 
later Smythe and Hemmendinger^*^ succeeded in separating the isotopes of 
K with a mass spectrograph. Sufficient quantities of the several isotopes 
were isolated to show definitely that the radioactivity was associated with 
the component. Knowing the active isotope and its relative abundance 
it was then possible to obtain^® a reliable value for the half period. Through 
use of the mass spectrograph and other methods the active isotope of Rb 
has been found to be that of atomic weight 87, the active isotope of Sm to 
be^“ that of atomic weight 148, and the active isotope of Lu to be^"^ that of 
atomic weight 176. Nothing is known regarding any chain transformations 
among these lighter elements. There is no evidence that the four shown are 
connected in any way. It is interesting that the 7 radiation from K is 

32 A. O. Nior, Jour. A mer. (Jivm. Nor., 60, 1571 (1038). 

33 A. O. Nior, /V///.V. Rev., 48, 2S3 (1035). 

34 A. K. Brewer, Phys. Rev,, 48, 040 (1035). 

3^ W. R. Bmytlie and A. Ilerninendinger, Phys. Rev., 51, 178 (1037). 

30 A. Brainley and A. K. llrewer, Pht/s. Rev., 63, 50^ (1038). 
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almost as penetrating as that from HaC. The radiation from RaC is some 
10^“ times as intense, however. The intensity of radiation from all of these 
lighter elements is low, so low that it is difficult to study the radioactive 
properties reliably. 

2. THE THEORY OF RADIOACTIVE TRANSFORMATIONS 
General Considerations 

It was Rutherford and Soddy^^ who first proposed a general theory 
of radioactive transformations. It was supposed that radioactive atoms 
are unstable and that they disintegrate according to the laws of chance. 
They assumed that the disintegration of a single atom is accompanied by 
the ejection of a single a or a single ^ particle. That this is the case at least 
statistically has now been shown by experiment. If a particles are allowed 
to strike a fluorescent screen a tiny flash of light called a scintillation is 
produced by each particle striking the screen. By counting the scintilla- 
tions produced in a known time by a particles ejected within the known 
solid angle subtended by the screen at the source, one can evaluate the total 
number of a particles ejected per unit time. This number is always found 
equal to the number of atoms disintegrating per unit time, the number of 
disintegrating atoms being calculated from the observed rate of change 
of the parent substance into the new material. It has also been proved 
experimentally that the number of particles ejected per unit time from the 
nuclei of a substance undergoing a j8-ray transformation is statistically 
equal to the number of atoms disintegrating per unit time. More /3 particles 
are actually ejected but these additional particles are not of nuclear origin; 
they come from the planetary structure of the atom. While these observa- 
tions really prove only statistically that one nuclear particle is ejected for 
each atom that disintegrates, it is logical to assume that the relationship 
holds for individual atoms and that the one ejected particle actually comes 
from the one disintegrating atom. 

Analytically the problem of radioactive disintegration can be treated 
only statistically, that is, according to the laws of probability. That the 
disintegrations do occur at random is shown by the random distribution of 
observed a particles. These a particles are ejected at random as regards 
both direction and time. Let us suppose that at time t there are N radio- 
active atoms of a given parent element present. Let X be the fraction of 
these that disintegrate per unit time. Then the increase dN in the number 
of atoms present occurring in the time interval dt is 

dN = -\Ndt 

The negative sign appears because of the general agreement that the differ- 
ential dN represents an increase in N and because the quantity \Ndt itself 
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represents a decrease in N. Integrating, and designating the number of 
parent atoms present at the time t = 0 by JVo, one obtains 

N = 

Experimentally it is found that any radioactive parent substance does decay 
along an exponential of this form. A typical decay curve, that for UXi, 
is shown in Fig. 2. From the observed rate of decay the constant X, or the 
half life T, can be evaluated. Starting with any point on the decay curve 
of Fig. 2, an additional 23 or 24 days are required for half of the UXi then 
present to disappear. These early data^^ agree favorably with the present 
accepted value of 24.1 days for the half life period of UXi. If one takes the 
natural logarithm of each side of the last equation and plots log N against 
t a straight line results, a line whose negative slope is X. One can therefore 



Fig. 2. — Illustrating typical decay and growth c‘urvc*s of radioactive materials. 

test any particular transformation to see whether it conforms to the expo- 
nential decay just deduced by plotting experimental values of log N against 
t. If this leads to a straight line then the disintegrations occur as supposed 
and the experimental value of X can be obtained from the slope of the experi- 
mental line. This constant X is characteristic of a particular transforma- 
tion; it is called the transformation constant. 

Relationships among the Several Radioactive Constants 

The average life of a radioactive atom can be expressed in terms of the 
transformation constant X. While the actual lives of individual atoms may 
be anything from 0 to oo, the average life is cjuite definite. From the 
definition of X the number of ajtonis which break down between times t 
and (t + dt) is 

dN = XNdt 

E. Rutherford, Radioactive Suhfttanccif and Their Radiations (London': Cambridge Univer- 
sity Press, 191 S), p. S85. 
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Substituting the value of N found above for the number of atoms still 
existing at this time t, one obtains 

dN = \Noe-^dt 


Each of these atoms has a life t. Then the average life Ta, all atoms con- 
sidered, is 


or 


Ta 


\tN o« ^‘dt 
Wo 



to-^tdt = X 


- 1 ) 

X* 




ao 

0 


Ta 


1 

X 


Thus the average life of a radioactive atom is the reciprocal of the trans- 
formation constant. 

The half life period T of a radioactive substance is defined as the time 
required for one half of the active material present at any time to decay. 
It is the characteristic constant perhaps most commonly linked with a 
radioactive material. It can be evaluated in terms of the transformation 
constant X. From the definition of the half life, T is the value of t for which 
N/No = 3^. Thus at a time t = T one can write from the expression 
N = that Taking the natural logarithm of each side, 

log 1 — log 2 = — xr 

from which 

log 2 _ 0.693 
^ X X 

The half lives T for the various radioactive substances, ranging from 
Seconds up to billions of years, are shown in Table I. It is clear that the 
rapidity with which a radioactive material disintegrates could be expressed 
by stating any one of three characteristic constants, the transformation 
constant X, the average life Ta, or the half life period T. Having any one 
of these, either of the others can be found. 

The Manner in Which a New Substance Builds Up 

The quantitative manner in which a parent element decays has already 
been discussed; it decays along a decreasing exponential the equation of 
which is iV = NQe~^K Let us inquire into the manner in which the newborn 
substance builds up. The problem is complicated by the fact that during 
the rise of the new substance the amount of parent substance present 
continually decreases; also, the substance formed by decay of the parent 
begins itself to decay. Let us therefore consider the problem under two 
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conditions: (1) that when the rate of decay of the parent substance is 
negligible; (2) that when the rate of decay of the parent is not negligible. 
The first condition is really a special case of the general situation represented 
by the second condition. 

If the parent substance decays at a negligible rate the number of parent 
atoms Noi remains essentially constant during the time required for the new 
substance to build up. Let he the number of newborn atoms actually 
present at any time t. There are being formed continually more new atoms 
by disintegration of the parent. The number of new atoms formed per 
second from the parent is NoiXi, where Xi is the transformation constant 
of the parent. At the same time some of these new atoms are themselves 
disintegrating. The number disintegrating per second is N2X2 where X2 
is the transformation constant of the new substance. If dN^ represents the 
increase in the number of new atoms present which occurs in time dU then 

dN 2 ” (A^oiXi — N 2 ^ 2 )dt 

Integrating this, and using the fact that A2 = 0 when t = 0 , one finds that 
the number of new atoms present at time t is 

N, = Noi ^ (1 - e-\‘) 

It is found experimentally that the rise of a radioactive product from a 
slowly decaying parent is in accord with this expression. Fig. 2 illustrates 
the manner in which the newborn substance builds up to an equilibrium 
value. It is obvious from the last equation that the number N2 reaches a 
steady value, theoretically for /, = 00 , given by 

iV. = Not ^ 

A2 

Tinder this condition the new substance, represented by the subscript 2, 
is decaying at the same rate as that at which it is being formed from the 
parent substance 1. The two are said to be in radioactive equilibrium. 
The proportions of the two substances present remain fixed. 

In many instances there may be more than two radioactive materials 
in equilibrium. Each substance present is then disintegrating at exactly 
the same rate as that at which it is being formed. It is evident from the 
definition of the transformation constant X that when any number of sub- 
stances are in radioactive ecjuilibrium the product of the number of atoms of 
a particular kind present and the transformation constant for this atom is 
the same for each substance ])resent. That is, for a number of substances 
in radioactive eciuilibrium A^iXi = ^2X2 = A3X3 = A4X4. . • - This rela- 
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tionship has often been found useful in determining the transformation 
constant of a substance. If the transformation constant of one of two 
materials in equilibrium is known, and if the relative numbers of atoms of 
the two materials present can be determined by quantitative analysis, then 
the unknown transformation constant can be calculated. 

In the above treatment it has been assumed that the parent substance 
decays at an inappreciable rate. If this parent substance disintegrates at a 
rate comparable with that of its product the treatment is somewhat more 
complex. The number of parent atoms present is no longer constant; let 
it be Ni at time t. Then there will be iViXi new atoms formed per second 
from the parent; and A^2X2 of these newly formed atoms decay per second. 



Fig. 3. — The rise and fall of AcC being formed from a fairly rapidly decaying parent AcB. 

The increase in the number of new atoms in a. small interval of time dt is 
therefore 


dN 2 ~ (-^iXi — N 2^2^dt 

But the number of parent atoms Ni existing at time ^ is given by 

Ni = 

where A^oi represents the number of these atoms originally present. Putting 
this value of A^i into the above equation, 

dN 2 = — ^2X2)^^ 

Integrating this, and using the fact that A^2 = 0 when i = 0 , 

Ni = Nil 

A2 Ai 
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have been shot into It. There can be no doubt that a particles are truly 
He nuclei; they become ordinary He atoms after taking up two planetary 
electrons. The a particles emitted spontaneously by many radioactive 
substances must all be ejected from the nucleus, for it is only the small 
central nucleus of an atom that contains any positive charge. 

Velocity and Range 

Alpha particles are ejected with velocities of the order of that of 
light, the actual velocity depending upon the radioactive material ejecting 
them. The velocity of ejection is characteristic of the radioactive sub- 
stance, and tables giving the velocities characteristic of various a particle 
emitters are available. These range from 1.420 X 10^ cm/sec. for the 
a particles for UI to 2.054 X 10^ cm/sec. for those ejected by ThC'. The 
energies of these a particles are respectively 4.19 and 8.78 MEV. oj-rays 
are thus extremely energetic particles. It appeared for many years that all 
the OL particles ejected by a given substance had exactly the same energy. 
Only a decade ago Rosenblum^^ found that certain of the a-ray emitters 
give off particles of a number of definite velocities. Many of these velocities 
have now been measured^^"®® and they can be found arranged in tabular 
form.^^ Most of these lie very close to that velocity characteristic of the 
main group, though a few have been found with much higher speeds. The 
very existence of this so-called fine structure in the energy of a-rays, as well 
as the observation of occasional particles which have a very much greater 
energy, has been of utmost importance in forming the present concepts of 
nuclear structure. Attention will be called shortly to the nature of this 
influence. 

For a majority of purposes one can still regard all a particles emitted by a 
given material as having a common velocity, since it is only by careful 
experiment that one can distinguish among them or find those few particles 
which have unusually high velocities. Since all particles have essentially 
a common velocity they all travel the same distance through a material 
before losing their energy and coming to rest. Although a particles possess 
large energies they are not very penetrating. An ordinary sheet of paper 
will stop all of them. Since it is only in a gas that they travel an appre- 
ciable distance, it is customary to specify the penetrating power of a given 
group by stating the distance these particles will travel through air at 


S. Rosenblum, Jour, de Physique et le Radium, 1, 438 (1930); Comptes Reudus, 190, 1124 
(1930); 194, 1919 (1932). 

Mme. P. Curie and S. Rosenblum, Comptes Rendus, 196, 1598 (1933). 

E. Rutherford, C. E. Wynn-Williams, W. B. Lewis and B. V. Bowden, Proc. Roy. Soc., 
A, 139, 617 (1933). 

W. B. Lewis and B. V. Bowden, Proc. Roy. Sor., A, 146, 235 (1934). 
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In relatively recent years the magnitude of this straggling effect has been 
investigated accurately by measuring the ranges of many individual 
tracks photographed in a cloud chamber filled with a gas of low stopping 
power. Curve (a) of Fig. 6 shows the relative numbers of particles which 
stop at different distances from a Po source, these distances being converted 
to air at 760 mm. of Hg and 15° C. Approximately 450 individual a 
particle tracks were observed in the construction of this curve. Another 
method of investigating the straggling of particles is to bend the stream of 
particles in a magnetic field after these particles have passed through 
various thicknesses of absorbing material. The width of the deflected beam 



Fig. 6. — Showing the straggling of alpha particles from l^o. 

is a measure of the variation in velocity among the particles. Any variation 
in velocity introduced by passage through matter can thus be measured. 
Accurate measurements of this character by Briggs show that a definite 
straggling is introduced by even a thin sheet of mica equivalent to only a 
few mm. of air. Observations by this method are consistent with those 
illustrated by curve (a) of Fig. 6. 

The shape of the straggling distribution curve is just that which one 
would expect from a purely accidental distribution about a mean. The 
straggling is a chance proposition. In their travel through matter various 
particles give up slightly different energies in the collisions which they 
happen to make. Some particles make a few more collisions than other 

I. Curie, Ann. de Ph^/siquey 3, 299 (1925). 

®3L. Meitner and K. Freitag, Zeits.f. Physik, 37, 481 (1926). 

I. Curie and M. P. Mercier, Jour, de Physique et le Radium y 7, 289 (1926). 

W. M. Rayton and T. R. Wilkins', Phys. Rev., 61, 818 (1937). 

A. King and W. M. Rayton, Phys. Rev.y 61 , 826 (1937). 

G. H. Briggs, Proc. Roy. Soc., A, 114 , 313 (1927). 
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extrapolated range. Curves similar to (6) of Fig. 6 are fairly straight over a 
considerable distance during the rapid fall near the end of the range. There 
is actually a point of inflection, corresponding to the position of the peak 
of curve (a), at the center of this approximately straight section. The 
extrapolated range is obtained by projecting this nearly straight line until 
it cuts the axis, and taking the intercept as the range. This extrapolated 
range is always larger than the mean range. Both the mean and the 
extrapolated ranges of alpha particles are frequently given in tables. 

Some recent work by Holloway and Livingston shows that there are 
really two extrapolated ranges, the value obtained depending upon the 

nature of the curve extrapolated. 

^ ^ — y , Many range determinations have been 

f made by using a shallow ionization 

I chamber to determine the ionizing 

^ power of alpha particles which have 

/ ^ traveled different distances. It will 

/ / and RaTh shown later that the ionizing power 

2 increases as the velocity of the particle 

< / / / Ra decreases, reaches a maximum just 

^ i 7 J Po short of the end of the range, and then 

- I J // 1 drops rapidly to zero. The curve 

^ j//// y representing the final rapid fall is 

^ / fc/// r/ PaTh fairly straight. The range is obtained 

^ projecting this line until it cuts 

procedure yields an 

|2 |3 j4 RANGE -CM, extrapolated range intermediate be- 

8 16 24 32 40 48 56 tween the mean range and that ob- 

PRESSURE - CM. OF HG. tained by extrapolating a curve 

Fig. 7.-The range corresponds to the ^ 

position at which the curve changes slope i, ■, 

abruptly. really three ranges in use, the 

mean range, an extrapolated range 
obtained from a curve representing the ionizing power of a group of 
particles after these particles have traveled a given distance, and an 
extrapolated range obtained from a curve representing the number of 
particles which go a given distance before stopping. Holloway and 
Livingston have discussed the theoretical connections among these three 
ranges. These connections involve the observed straggling coefficient of 
the particles and the manner in which the ionizing power varies with 
velocity. These authors have given in tabular form all three ranges for 
those alpha particles for which accurate data are available. Differences 
among the three ranges are not large, but they are significant. For example, 
for alpha particles from Po in air at 760 mm. of Hg pressure and 15° C tern- 
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shows the degree of accuracy with which the Geiger-Nuttall law does relate 
the range to the transformation constant. Although the law is Only approxi- 
mate it has been of considerable aid in evaluating the approximate trans- 
formation constant of newly discovered a-ray emitters. 

Production of Ionization 

An alpha particle produces a very large number of ions along its path 
through a gas, the total number depending upon the original energy of the 
particle. Tables are available^*^'^® which give the total number of ions 
formed by the various characteristic a particles. An a particle from RaC', 
whose energy is 7.68 MEV and whose ionization extrapolated range is 6.95 
centimeters, produces a total®^'®^ of %.% X 10® ion pairs in air before being 
stopped. It follows, therefore, that an energy of approximately 35 electron 
volts is given up on the average for each pair of ions formed. The energy 
required for the formation of a pair of ions varies somewhat from one gas to 
another, being®® between 20 and 40 electron volts for those gases for which 
data are available. This energy is invariably higher than the ionization 
potential of the gas involved. The excess of the average energy required to 
produce an ion pair over the ionizatiom potential is due to two things. The 
a particle no doubt excites some atoms without ionizing them, and this 
requires energy. The electrons freed from those atoms which are ionized 
are given some kinetic energy, and this as well as the ionization energy must 
be furnished by the a. particle. 

It can be calculated from the numerical values given above that if the 
ionization produced were uniform throughout the entire range of the o 
particle, there would be 3.2 X 10® ion pairs formed per millimeter along the 
the path of the particle. That the ionization is intense is evident from 
the cloud chamber tracks of such particles. The water droplets which 
have condensed upon the ions formed are so close together that the indi- 
vidual droplets are not distinguishable; they form what appears to be a 
continuous line. These many ions are produced as the a particle passes 
through or near the planetary electron system of the atoms in the air. 
Planetary electrons are freed from the atoms by the electrical forces exerted 
on them by the a. particle passing nearby. Although this is undoubtedly 
the primary process in ionization, an appreciable number of the ions are 
formed indirectly. If one examines closely the a particle track in a gas, 
say helium, at considerably less than atmospheric pressure, one sees very 
short branches leading off from the main track. These are due to the 

H. Fonovits-Smereker, JVien Ber., 131 , 355 (1922). 

I. Ourie and F. Joliot, Cornptes Rendiis, 187 , 43 (1928). 

E. Rutherford, J. Chadwick and C. D. Ellis, Radiations from Radioactive Substances 
(London: Cambridge University Pres.s, 1930), pp. 67-82. 
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per mm. when the particle is still 4 or 5 mm. from the end of its range. 
Beyond this the specific ionization falls off very rapidly. 

The curve of Fig. 10 represents the average ionization produced by a 
large number of alpha particles. The shape of the curve is therefore 
influenced somewhat by the straggling of the particles. In recent years it 
has become possible to obtain the specific ionization curve for a single alpha 
particle. This was first done by Feather and Nimmo®® through a study of 
the photographic density of tracks in a cloud chamber. Similar data 
have since been obtained by others^^'®®*®^ using different methods. All these 
data lead to a rather well defined curve^^ which has the same general shape 
as that of Fig. 10. 



Fig. 10. — The manner in which the ionizing power of the alpha particles from RaC varies with 
the distance the particles have gone. 


One might wonder why the ionizing power of an a particle should vary 
at all with velocity; the charged particle exerts the same force on a given 
planetary electron regardless of the particle’s velocity. But the length of 
time for which this force is exerted is also important in determining whether 
or not the electron is to be freed from the atom. One might suspect that as 
a first approximation the probability of freeing an electron would be pro- 
portional to the product of the force and the time. Since the force is inde- 
pendent of the velocity, and since the time for which this force acts is 
inversely proportional to the velocity, the ionizing power of the a particle 
should be inversely proportional to its velocity. It is observed that the 


^ N. Feather and R. R. Nimmo, Proc. Camh, Phil. Soc., 24, 139 (1928). 
87 H. Schulze, Zeits.f. Physik, 94, 104 (1935). 
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ionizing power does vary approximately as \/v as long as the particle still 
has an energy many times that required for ionization. 

This variation of ionizing power is entirely consistent with the fact that 
the range of an a. particle is approximately proportional to the cube of its 
velocity. Suppose that a particle of range R has already gone a distance 
X, and that it still retains a velocity v. Then 

= A(R — x) 

Now one would certainly expect the number of ions formed per unit distance 
to be proportional to the rate of energy loss. Except for the small change of 
mass with velocity, the energy of the particle is proportional to Solving 
for and differentiating this with respect to Xy 

« - Ax(li X) and ^ 

where Aiy and A3 are constants. Thus, if the range is proportional to 
the cube of the velocity then the rate of energy loss is inversely proportional 
to the velocity. One would therefore expect the ionizing power to be 
inversely proportional to v. The fact that the specific ionization does vary 
approximately as 1 /v is thus consistent with the observed range- velocity 
relationship. 

Long Range Particles and Fine Structure 

Long Range Particles . — It is commonly stated that all a particles from 
a given source are ejected with one and the* same velocity, and this statement 
is sufficiently near the truth for many purposes. Careful measurements 
show, however, that a given source often emits particles of a number of 
velocities. Some sources emit a few particles having ranges very much 
greater than that of the main group. These a particles are frecjuently 
referred to as long range particles. Again, some sources emit particles of 
a number of different but well defined velocities all relatively close together. 
These velocities differ so little that the ranges of the individual components 
of the group are indistinguishable by ordinary methods; they all occur within 
the region of straggling. The existence of these discrete and closely space<l 
components within an a-ray group is referred to as the fine structure of the 
rays. 

The existence of a few particles of unusually long range has been known 
for years; the early history^’” of these is interesting. ''Phey were first 
observed by Rutherford and Wood.®*^ Using a ])reparati()ii of which 

E. Rutherford, J. Chadwick and C. D. Kllis, Radialion.s Jmm liadioari'ive Hiihstances 
(London: Cambridge Pniversity Press, 1930), pp. S7 05, 

®®E. Rutherford and A. 13. Wood, Phil. Mag., 31, 379 (191(}). 
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of course contained ThC' whose a particles have ah extrapolated range of 
8.62 cms., these investigators found that a few particles were able to pene- 
trate an absorbing screen which was sufficiently thick to stop all particles 
of normal range. These few particles continued to produce scintillations 
on a zinc sulfide screen after penetrating the absorber. By inserting more 
absorbing material these particles were found to have a range of about 11.3 
cms. in air. There are very few of these particles, the original estimate being 
about 100 per million normal particles ejected. There was some indication 
at the time that some of these long range particles had a range of only 



Fig. 11. — Showing a single long range Fig. 12.-— Showing a long range 
particle, of range lO.S cm., among a multi-* particle from ThC'. 

tude of normal particles from RaC'. 


10 cms., whereas a majority had a range of 11.3 cms. A few years later^® 
similar long range particles were observed to come from a RaC preparation, 
no doubt from the RaC' as is now known. Here again the number of long 
range particles is very small, an early estimate being 22 per million particles 
of normal range. 

In more recent years these long range particles have been studied by 
three other methods, each of which gives definite information regarding 
the number of particles involved and their ranges. One of these methods^2,73 
involves the measurement of a large number of tracks photographed in a 
cloud chamber. The photograph reproduced'^- in Fig. 11 shows the track 

’“E. Rutherford, mi. Mag., 37, 537 (1919). 

G. Hevesy and F. A. Panetli (traiislaled by R. W. Lawson), A Manual of Radioactwity 
(2nd ed.; London: Oxford University Press, 1938), pp. 26, 27, 98-101. 

72 K. Philipp and K. Donat, Zeits. f. Physik, 52, 759 (1929). 

7® R. R. Nimmo and N. Feather, Proc. Rxyy, Soc.^ A, 122, 668 (1928), 


a, 5 AND y-R ays— NATURAL RADIOACTIVITY 


341 


of a single long range particle among an enormous number of normal par- 
ticles from RaCy. In some cases^* several of these long range particles have 
been observed in a single photograph. Fig. 12 is interesting in that it 
shows^® two relatively rare phenomena on the same photograph in spite of 
the fact that the total number of tracks recorded is very small. One of 
these is a long range particle from ThC', a particle having a range of 11.49 
cms. The other relatively rare phenomenon is the forking of one of the 
normal tracks. The second branch of the fork is produced by a nucleus 
recoiling from a close collision with the a particle. 

A second method of studying these long range particles involves 
the use of a very shallow ionization chamber coupled with an extremely 


sensitive current amplifier. By 
designing the amplifier so that its 
response is proportional to the ioni- 
zation produced, it is possible to 
study quantitatively the number of 
particles of various ranges longer 
than the normal. 



Fig. 13 . — Showing the several characteristic 
velocities of alpha rays from ThC. 


A third of studying these long range particles, as well 


as of investigating the fine structure of the normal particles, has been made 
possible through the development of sufficiently strong and extensive 
magnetic fields to deflect the energetic a particles in semicircles. In this 
way one can determine accurately their velocities. The first important 
investigation'*’’ of this character used a magnet having poles 6 cms. apart 
and 75 cms. in diameter, capable of producing an essentially uniform field 
of 24,000 oersteds over a region some 35 cms. in diameter. After passing 
through collimating slits the a particles were deflected through 180° by the 
magnetic field. Particles of a given velocity formed an exceedingly sharp 
trace on a photographic plate, the sharpness being enhanced by the geo* 
metrical focusing associated with the 180° deflection. That the normal 
a particles from ThC are ejected with several discrete velocities, and not 
with various velocities varying continuously over a narrow range, is shown 
clearly by Fig. 13. From the position of a given line it is possible to evaluate 
accurately the velocity of the particle. Relative velocities can be measured 


Rutherford, P. A. R. Ward and C. E. Wynn-Williams, Proc. Roy. Roc., A, 129, 211 

(1930). 

« E. Rutherford, F. A. B. Ward and W. B. Lewis, Proc. Roy. Roc., A, 131, 684 (1931). 

E. Rutherford, C. E. Wynn-Williams and W. B. Lewis, Proc. Roy. Roc., A, 183, 351 (1931) 
” W. B. Lewis and C. E. Wynn-Williams, Proc. Roy. Roc., A, 136, 349 (1932), 

E. Rutherford, W. B. la^wis and B. V. Bowden, Proc. Roy. Roc., A, 142, 347 (1933). 

G. H. Briggs, Proc. Roy. Roc., A, 139, 638 (1933); 143, 604 (1934). 

»« G. H. Briggs, Proc. Roy. Roc., A, 167, 183 (1986). 

R. Ringo, Phya. Rev., 68, 942 (1940). 
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to an accuracy of a few parts in 10^; the absolute velocity is probably 
accurate^® to 1 part in 10^, Photographs such as Pig. 13, obtained with a 
particles in vacuum, show that the usual straggling of particles is introduced 
entirely by the absorber. All particles of a given subgroup are ejected with 
exactly the same velocity. There is some indication®^ that there may be a 
few particles having relatively low velocities distributed over a wide range, 
but the existence of these is far from definite. 

Studies by the three methods outlined have yielded reliable informa- 
tion^^’®2 regarding these long range particles. It appears that of all the 

a-ray emitters it is only RaC' and 
ThC' that eject long range particles. 
One might suspect that AcC' would 
also eject them, but they have not yet 
been observed. The long range par- 
ticles ejected by ThC' fall into two 
groups, one having a mean range of 
approximately 9.8 cms., the other a 
range of 11.6 cms. These two groups 
are shown by Fig. 14 which incorpo- 
rates measurements’^® of over 550 
cloud chamber tracks of long range 
particles. The distribution about a 
mean in each group is due to strag- 
gling. Analysis of these results shows 
that the straggling distribution is 
essentially of random character, and 
that the mean ranges of the two 
groups of particles are 9.82 and 11.62 
cms. The results shown in Fig. 14 
leave no doubt of the two distinct 
groups of long range particles. There were observed about 65 particles 
of 9.8 cm. range and 180 particles of 11.6 cm. range for every million 
particles of normal range. The fact that the distribution about the mean 
range in each group is essentially random, and therefore probably due to 
straggling, indicates that no other long range particles are present. It is 
true that Nimmo and Feather^® actually observed a few isolated particles 
with ranges of from 13 to more than 17 cms. Actual ranges greater than 
17 cms. could not be measured, for these particles passed outside the cloud 
chamber. These isolated particles with ranges still much greater than the 
11.6 cms. do not come from ThC'; they may result from the disintegration of 



RANGE - CM. 

Fig. 14. — Showing the distribution of long 
range particles from Th(y. 


F. Rasetti, Elements of Nuclear Phydc.s (New York: Prentice-Hall, 1936), pp. 114-120. 
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other matter produced either by the radiation from the preparation used 
by cosmic rays. 

These general findings regarding long range particles have been con- 
firmed by both the shallow ionization chamber and the magnetic deflection 
method. In the latter case the results are of a high order of accuracy. 
Lewis and Bowden®° find two long range groups, one of mean range 9.69 
and the other 11.54 cms; Magnetic deflection measurements show only 
34 particles in the first group and 190 particles in the second group per 
million normal particles. It is gratifying that measurements by the 
cloud chamber method and by the magnetic deflection method agree 
so well, particularly as regards the ranges of the particles. One recent 
table^'^ gives for the mean ranges of these two groups (9.724 ± 0.008) and 
(11.580 ± 0.008) cms. 

Whereas ThC' ejects only two groups of long range particles, RaC' 
has been found to eject many groups. These groups are so close together 
that they cannot be distinguished with certainty from cloud chamber 
observations."^® Measurements of the magnetic deflections suffered by these 
particles in vacuum show, however, that the particles do fall into definite 
groups. Table III lists the long range particles emitted by RaC' as given 
by Lewis and Bowden. There are 12 groups of long range particles from 
RaC', the mean range of the longest being 11.47 cms. The total number of 
long range particles is again very small, approximately 30 per million of 
normal range. The ejection of a long range particle is indeed a rare occur- 
rence. It is interesting that the longest range particles from RaC' have a 
mean range of 11.47 cms., corresponding to an energy of 10.51 MEV, 
whereas those from ThC' have a range of 11.54 cms., corresponding to an 
energy of 10.54 MEV. These represent the most energetic particles ever 
ejected by any natural radioactive material. 

It is desirable to call attention at this time to the last two columns 
in Table 111. The actual energy released during the disintegration of an 
atom by a particle ejection is slightly greater than the energy of the a 
particle itself. The same nuclear force which projects the a particle with 
a high velocity in one direction also causes the remainder of the atom to 
recoil in the opposite direction. From the conservation of momentum one 
could calculate, in a given ca.se, the velocity, and thence the energy, with 
which the newborn nucleus recoils. These recoil energies are from 0.1 to 
0.2 MEV for tho.se heavy atoms whicli emit rather energetic a particles. 
The actual energy furnished by a disintegrating atom is of course the sum 
of the energy of the ])article and the recoil energy. The energies of dis- 
integration corre.sponding to the various groups of long range a particles 
from 11‘dC' are given in next to the last column of ''Fable III. We shall 
inquire shortly into the origin of the long range particles, and in this inquiry 
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we shall be interested in the excess energies these particles have over that 
of the normal particles. This excess energy is given in the last column of 
the table. 

TABLE III 

Long range ot particles from RaC'. There are 12 groups of particles with ranges longer 
than 6.870, the range of the normal particles. There are emitted approximately 30 long range 
particles per million of normal range. A table of ranges by Holloway and Livingston^^ gives 
ranges about 0.4 % larger than those given here 


Velocity X lO"® 
in cm/sec. 

Mean range 
in cm. 

Energy 
in MEV 

Relative No. 
of particles 

Energy of disin- 
tegration in 
MEV 

Difference of energy 
of disintegration 
from that of main 
group 

1.9220 

6.870 

7.683 

10« 

7.829 

0 

1.9950 

7.755 

8.280 

0.43 

8.437 

0.608 

2.0729 


8.941 

(0.45) 

9.112 

1,283 

2.0876 

9.00 

9,069 

22 

9.242 

1.412 

2.1157 


9.315 

0.38 

9.493 

1.663 

2.1356 


9.492 

1.35 

9.673 

1.844 

2.1543 


9.660 

0.35 

9.844 

2.015 

2.1678 


9.781 

1.06 . 

9.968 

2.138 

2.1817 



9.908 

0.36 

10.097 

2.268 

2.2001 



10.077 

1.67 

10.269 

2.439 

2.2079 


10.149 

0,38 

10.342 

2.513 

2.2274 


10.329 

1.12 

. 10.526 

2.697 

2 2466 

11.47 

10,509 

0.23 

10.709 

2.880 


Fine Structure of Alpha Rays . — Except for the few long range particles 
emitted by only ThC' and RaC', it was thought until 1930 that all a particles 
from a given substance were ejected with accurately the same velocity. 
In that year it was shown by Rosenblum*^^ that this was not true. Upon 
carefully collimating a beam of a particles and bending it in a semicircular 
path with a strong and extensive magnetic field, he found that the normal 
a particles ejected by any one of a number of materials fall into several very 
closely spaced velocity groups. The photograph reproduced in Fig. 13 
represents typical findings. The previously supposed homogeneous 
a-rays emitted from ThC actually fall into five distinct groups. The rays 
are said to have a fine structure. These general findings have been verified 
both by shallow ionization chamber studies*^^-^” and by many other magnetic 
deflection experiments, many of these by Rosenbluni. References to these 
works are available elsewhere. The distribution of a particles making 
up the fine structure of ThC, as given by Lewis and Bowden, is shown in 
Table IV. 
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TABLK IV 

The fine structure of the a particles from ThC. The ranges of the individual groups have been 
calculated relative to the average range of the two most prominent groups 


Group 

Velocity X 10"“® 
in cm/sec. 

Mean 

range 

in cm. 

Energy 
in MEV 

Relative 
No. of 
particles 

Energy of 
disinte- 
gration 
in MKV 

Difference of 
energy of disin- 
tegration from 
that of oil group 

0:1 

1 . 7108 

4.73 

6.084 

27.2 

6.201 

0 

Ot'i 

1.705J5 

4.68 

6.044 

69.8 

6.161 

0.040 

Of3 

1,6651 

4.36 

5.762 

1.80 

5.873 

0.328 

0:4 

1.6445 

4.20 

5.620 

0.16 

5.728 

0.473 

«5 

1.6418 

4.18 

5.601 

1.10 

5.709 

0.492 

Average of 0:1 


4.603 





and ot‘> 








The extreme energy difference among the components of this fine struc- 
ture is only 0.492 MEV. The difference in range of adjacent groups is often 
only a few tenths of a millimeter, and never more than a few millinieters. 
It is apparent that the entire fine structure occurs within the region of 
straggling, and it is this fact that delayed so long the discovery of the 
structure. Table IV gives also the number of particles associated with 
each component, the energy of disintegration of each component, and the 
apparent deficiency in disintegration energy of the shorter range particles 
below that of the highest energy group. 

Entirely similar findings have been made for many other a-ray emitters. 
A number of materials show a fine structure consisting of only two groups. 
Some have three comj)oneiits, one five components, and one eleven compo- 
nents. It is lldAc which shows a fine structure consisting of eleven compo- 
nents. On the other hand a goodly number of substances appear to have no 
fine structure; they emit all of their a particles with exactly the same 
velocity. Some of these may later be found to have a structure which has 
not yet been detected. Careful but still unsuccessful searches for a possible 
structure have been made for some of these, and it seems very doubtful 
that even a structure of weak lines exists. Perhaps the most extensive 
measurements have been on the a i)articles from Po, and these have failed 
without exception to show more than a single sharp hue. The fine struc- 
tures of the rays from a great majority of the twenty-five heavy elements 
which emit a particles are now known. Rather complete tables of these 
structures, including both fini^ structure and long range particles, are 
available in the literature.*" ’*'-’ 'Phe.se give the velocity and the energy of 
the a particles, the energy of disintegration, an<l the number of particles 
associated with each group com]>rising the fine structure. 
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The Origin of Long Range and Fine Structure Particles . — ^Accurate knowl- 
edge of the fine structure of a-rays, together with knowledge of the long 
range particles emitted by ThC' and RaC', has been of inestimable value 
in arriving at a clear-cut concept of the origin of these particles. All a 
particles must of course come from the nucleus, but just why should they 
be ejected from a given nucleus with a variety of discrete energies? In 
view of the success already attained in the interpretation of spectroscopic 
phenomena in terms of discrete energy levels in the planetary system of an 
atom, it was natural to attempt an interpretation of these phenomena in 
terms of discrete energy levels within the nucleus. In fact considerable 
quantitative evidence for the existence of these nuclear energy levels had 
already been obtained from studies of the and y-rays emitted by radio- 
active materials. 

Suppose that there do exist in the nucleus a number of discrete energy 
levels. Although these nuclei would normally exist in their lowest energy 
state, they might exist for short times in excited states. The mere existence 
of nuclear energy levels provides the possibility of excited states, configura- 
tions having more than the normal amount of energy. Definite evidence 
that the fine structure of oj-rays can be interpreted simply and logically in 
terms of these supposed energy levels was first given by Gamow.^® As a 
specific example, consider the fine structure particles emitted by ThC. The 
characteristics of the five components of this structure are given in Table IV. 
It is supposed that a ThC atom always releases an energy of 6.^01 MEV 
when it disintegrates by a-ray ejection to form ThC". This, accordingto 
Table IV, is the energy of disintegration associated with the most energetic 
component in the fine structure. When ThC ejects one of these most ener- 
getic a-rays the resulting ThC" nucleus would be in its lowest energy state; 
all of the disintegration energy has gone into ejecting the a particle and 
causing the recoil of the newly formed atom. Suppose, however, that a 
ThC atom ejects an a particle of the second group, one for which the appar- 
ent energy of disintegration is only 6.161 MEV. The resulting ThC" 
nucleus should possess more than its normal amount of energy. It should 
be in an excited state, and the energy associated with the excitation should 
be 0.040 MEV, the difference between 6.^01 and 6.161 MEV. One would 
expect this excited nucleus to release this excess energy almost imme- 
diately, probably through the radiation of a 7-ray. Now there is found in 
the 7-ray line spectrum of ThC" a line of such frequency that the photon 
energy is exactly 0.040 MEV. If ThC disintegrates instead by ejecting an 
a particle of the third group the energy of excitation of the resulting ThC" 
nucleus should be (6.201 — 5.873) = 0.328 MEV. Again, there is found in 
the line spectrum of ThC" a 7-ray having an energy 0.327 MEV. On 
G. Gamow, Naturey 126, 396 (1930). 
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energy in any way other than through emission of a 7 -ray. These, are 
the cases of ThC' and RaC', the two materials which eject long range a 
particles. These are the two shortest lived radioactive atoms; they have 
half lives of 10”^^ and lO”"® seconds, respectively. As a specific example, 
suppose that a RaC atom ejects a j9-ray of such an energy that the newly 
formed RaC' nucleus is left in an excited state. The average length of time 
for which a nucleus remains in an excited state is none too reliably known , 
but it is very small, probably of the order of 10 “^® seconds. Thus most 
atoms emit a 7 -ray photon and pass to their normal energy states long before 
they undergo a subsequent nuclear disintegration. But the half life of RaC' 
is so short that a few of these atoms may well undergo their next transforma- 
tion, ejecting an a particle and becoming RaD, before the excited Ra(y 
nucleus has ejected its 7 -ray and passed to its normal state. The same 
general argument would lead one to expect also that some of the exceedingly 
short lived ThC' atoms would disintegrate, ejecting an a particle and becom- 
ing ThD, while the ThC' nucleus is still in an excited state. The particle 
might well be given not only its normal energy but the excitation energy 
as well. This is the supposed origin of the long range particles of RaC' 
and ThC'. Another short lived atom is AcC', which has a half life of about 
lO””® seconds. This is so large as compared to the average life of an excited 
nucleus that the chance of a disintegration occurring from an excited nucleus 
becomes increasingly remote. Hence it is only ThC' and RaC' which eject 
long range particles, and even these eject only 224 and 30, respectively, per 
million normal particles. 

If the general concept of the origin of long range particles is correct then 
one would expect ThC' to emit 7 -ray photons having energies equal to the 
differences of energy levels required to interpret properly the excess energies 
of the long range particles. The energies of disintegration corresponding 
to the normal and the two long range groups of particles from ThC' are 
8.948, 9.674 and 10,745 MEV, respectively. These require three energy 
levels, the normal and 0.726 and 1.797 MEV above the normal. One might 
therefore expect to find three nuclear 7 -rays having energies of 0.726, 1.797 
and 1.071 MEV, the last being the difference between the two excited states. 
7 -ray photons of energies 0.726 and 1.802 MEV are found. These agree 
closely with those expected* from transitions from the two excited states 
into the normal state. A 7 -ray corresponding to the transition between 
the two excited states has not been observed. 

In the case of RaC/ it is possible to make a much better test, for the 
12 groups of long range a particles it emits require at least 12 energy levels 
above the normal state. The excess energies represented by these states 
are shown in the last column of Table III. One might expect a nuclear 
7 -ray corresponding to transitions from each of these levels into the normal 
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whereas all of the normal a particles have energies between 4 and 9 MEV. 
Even though the energy is somewhat smaller the ^ particle, because of its 
much smaller mass, travels with much the greater speed. Like the a 
particle, the /S-ray gives up its energy gradually by forming many low energy 
ions along its path as it proceeds through an absorber. But the ^ particle 
forms far fewer ions per mm. of travel- Whereas a 8 MEV a particle has a 
velocity 3^5 hh 3 ,t of light and produces some 4,000 ion pairs per mm. of 
travel through air at 760 mm. of Hg and 15° C, a 3 MEV ^ particle has a 
velocity nearly 0.99 that of light and produces only about 4 ion pairs per mm. 
of travel through air. Because of the much smaller specific ionization the 
particle has much the greater range. Whereas a 3 MEV a particle has an 
air range of approximately 1.7 cm., a ^ particle of this energy travels some 
13 meters through air before being stopped. A ^ particle having an energy 
of only 0.5 MEV has a range of approximately 1 meter. Thus the average 
* /3-ray is hundreds of times more penetrating than the average a particle. 
Even the most energetic normal a particles are stopped by an ordinary 
sheet of paper or by a sheet of almninum having a thickness of the order of 
0.06 mm. This thickness of absorber makes only a bare beginning in 
slowing down the /3-rays. Some of these are able to pass through more than 
a mm. of aluminum. Whereas an a particle usually proceeds through air in 
nearly a straight line path, cloud chamber photographs of ^ particle tracks 
show that these particles suffer many gradual deflections. The /3 particle 
track is far from a straight line. As a consequence the range of /S particles 
is of less definite meaning than is the range of a particles. The real range of 
a ^ particle could be evaluated properly only by observing the total distance 
traveled along the irregularly curved track. 

The 7 -rays accompanying radioactive disintegration are of the same 
character as X-rays. They cannot be bent in electric or magnetic fields; 
they travel with the velocity of light; they can be diffracted and made to 
interfere just as can X-rays; they eject photoelectrons from materials in the 
same manner as do X-rays. These 7 -rays are short electromagnetic waves, 
still shorter and more penetrating than the X-rays. The wave length of 
7 -rays depends upon the material emitting the rays and is characteristic 
of this material. Some of the longest 7 -rays emitted are those from RdAc 
and those from ThC". These have wave lengths of 3.9 and 3.0 A°, respec- 
tively. The equivalent photon energies are respectively 0.032 and 0.041 
MEV. The shortest and most penetrating 7 -rays observed are those from 
ThC'^ and BaC. These have wave lengths of 0.0466 and 0.0557 A°, respec- 
tively; the equivalent photon energies are respectively 2.65 and 2.22 MEV. 
The lower energy 7 -rays have wave lengths much longer than many of 
the X-rays. The more energetic 7 -rays have wave lengths considerably 
shorter than any X-rays normally produced, though X-ray tubes have 
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Beta and Gamma Ray Spectra 

The ContinvDus Beta Ray Spectrum , — The emitted by a given 

radioactive substance have energies distributed continuously from nearly, 
0 up to several MEV, the upper limit depending upon the substance emitting 
the radiation. The velocities of the jS-rays given off by a particular sub- 
stance can be determined experimentally by bending the rays in a magnetic 
field as shown in Fig. 15. Electrons of different velocities fall at different 
places on the photographic plate. The distribution of velocities can there- 
fore be evaluated roughly from the variation in the intensity of exposure 
along the plate. When an accurate count of the /3-rays of a given velocity 
is desired, it is preferable to substitute for the photographic plate either an 
electroscope or a Geiger counter tube. By allowing first one and then 



Fig. 15. — Illustrating the method of determining the velocities of the line |8-rays. 

another velocity of particle to fall upon this the relative distribution of 
particles can be determined reliably. Such experiments show that the 
general distribution of 13 particles, except for one feature to which attention 
will be called shortly, is as illustrated^^ by Fig. 16. Other substances such 
as RaB, RaC, ThB, ThC, and ThC" have been shown^®-®®’^® to have similar 
energy distributions of their disintegration electrons. The energies are 
distributed continuously over a wide range. These jS-rays are therefore said 
to form a continuous energy or a continuous velocity spectrum. 

Data are somewhat inconsistent as to the exact shape of the continuous 
spectrum curve at the lower energies. It is rather generally supposed that 
the curve continues through the origin as indicated by the broken line in 
Fig. 16, but this is by no means certain. It is certain that all such curves 
have a definite maximum, the height and position of which depend upon 
the substance emitting the /3-rays. It is also certain that there exists a 

G. Hevesy and F. A. Paneth (translated by R. W. Lawson), A Manual of RacHoactivity 
(2nd ed.; London: Oxford University Pres.s, 1938), pp. 101-107. 

J. S. O’Conor, Phys. Rev., 52, 303 (1937). 

R. W. Gurney, Proc. Roy. Sac., A, 112, 380 (1926). 

E. Madgwick, Proc. Camb, Phil. Soc., 23, 982 (1927). 
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this average energy turns out to be 0.34 MEV. Now it is possible to 
determine the average energy associated with a disintegration by placing 
the disintegrating substance within a calorimeter designed to absorb all 
the known products of disintegration, and by measuring the total heat 
energy produced by a known number of disintegrations. Such an experi- 
ment has been carried out carefully, one observer®^ finding for RaE an 
average energy of disintegration of (0.35 ± 0.04)" MEV, another-’^ obtaining 
a value (0.337 ± 0.020). This is in excellent agreement with the value 
0.34 MEV for the average energy of the /3-rays, and far below the upper 
energy limit 1.2 MEV. Thus it appears certain that the original energy 
given the /3-ray is, on the average, just that which one finds these particles 
possess when they get out of the atom. ■ They have not all been ejected with 
an energy corresponding to the upper limit, and then lost varying amounts 
in getting out of the atom. 

It appears probable that any possible loss of energy of the jS-rays would 
come through conversion into y radiation, and it is true that the calorimeter 
would probably not absorb this. But it is well known that RaE emits no 
7-rays of any consequence. It does emit a very hard 7 radiation of feeble 
intensity, but experiments^ has shown that this could not account for an 
average energy loss exceeding 10,000 electron volts, a loss incomparable with 
the difference between the high energy limit and the observed average 
energy. Of course it might be possible that the loss of energy appears 
indirectly as secondary /3-rays, but these would certainly be absorbed in the 
calorimeter since this calorimeter is designed to absorb all of the primary 
j0-rays. On the other hand it would appear logical that the actual energy 
associated with each disintegration should be the same, and probably that 
corresponding to the upper energy limit of the continuous j5-ray spectrum. 
But if this is true a great deal of the energy must be given to some unob- 
served particle which is not absorbed in the calorimeter. It is felt that in all 
probability there is such a particle, called the neutrino, which shares this 
energy of disintegration. If such a particle exists it bears no electrical 
charge, for it does not produce ionization and it must be extremely small, 
and probably of very small mass, for it is very penetrating. There is no 
direct evidence for the existence of such a particle, but the indirect evidence 
is becoming iriore and more convincing. 

Beta Ray Line Spectra , — It has been stated that except for one important 
feature the energy distribution of jS-rays is similar to that shown in Fig. 16. 
For a great many materials there is superimposed upon the continuous 
distribution curve a number of distinct peaks. These are very narrow and 

C. D. Ellis and W. A. Wooster, Proc. Roy. Soc.^ A, 117, 109 (1927). 

Meitner and W. Orthmann, Zeits.f. PhyHk, 60, 143 (1930), 

G. H. Aston, Proc. Camh. Phil. »Soc., 22, 935 (1927). 
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purpose of this section will be to present the modern concept regarding the 
origins of the radiations and to call attention to typical evidence which 
has given rise to this concept. 

The continuous beta rays^^ certainly come from the nucleus. Every 
material which disintegrates through the emission of 13 particles emits a 
continuous )S-ray spectrum; it may or may not emit a line jS-ray spectrum. 
Furthermore, in all cases where reliable measurements have been made, 
the number of continuous jS particles ejected per unit time is closely equal 
to the number of atoms disintegrating per unit time. The particles making 
up the continuous i3-ray spectrum are definitely the disintegration electrons. 
They are, therefore, of nuclear origin. The logical and almost inescapable 
inference is that each disintegrating atom ejects one disintegration electron; 
in fact the ejection of this electron from the nucleus must constitute the 
actual disintegration. 

It is conceived that these electrons are ejected spontaneously from the 
nucleus with an energy equal to or less than that corresponding to the end 
point of the jS-ray spectrum. The total energy of the disintegration is 
shared by the ^ particle and a supposed neutrino which is assumed to be 
ejected simultaneously with the electron. These two particles supposedly 
share the energy and the momentum in such a way that both of these 
quantities are conserved. 

Almost the entire evidence for the existence of the neutrino is theoretical ; 
no satisfactory general concept of the continuous distribution of /3-rays 
that does not involve the assumed neutrino has yet been suggested. No 
direct effects attributable to the particle have been observed; the particle 
does not ionize and hence possesses no electrical charge; it must be of very 
small mass for it produces no directly observed effects attributable to col- 
lision. Perhaps the most direct experimental evidence for the existence of 
this particle is a recent cloud chamber study®® of individual atoms ejecting 
/3-rays. As a jS-ray is ejected the atom recoils. Unfortunately this recoiling 
atom produces a track entirely too short to measure even in a cloud chamber 
operated at the. lowest practical pressure. It has therefore been impossible 
to evaluate the energy and the momentum of recoil from the length of this 
track. This recoil energy goes into forming new ions, and a rough count 
of the number of ions formed can be made by delaying the expansion a 
sufficient time after the disintegration that the droplets form after the 
ions diffuse considerably. The recoil energy can then be estimated from 
an actual count of the number of ions formed and the known average energy 
required for the formation of a pair. Thus the energy and the momentum 

E. Rutherford, J. Chadwick and C. D. Ellis, Radiations from Radioactive Substaners 
(London: Cambridge University Press, 1930), pp. 385-410. 

H. R. Crane and J. Halpern, Phys. Rev., 53, 789 (1938). 
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up the line beta ray spectrum. Both the line gamma rays of extranuclear 
origin and the line beta rays, which will be shown also to be of extranuclear 
origin, are characteristic of the atom emitting them ; they are just as charac- 
teristic as are the nuclear gamma rays. In arriving at a proper concept of 
the origin of these, it is important to note first of all that those materials 
emitting a well-defined beta ray line spectrum invariably emit also a strong 
line spectrum of gamma rays, while those materials emitting only a con- 
tinuous beta ray spectrum emit exceedingly weak if any gamma radiation. 
Recall that RaB is an isotope of Pb, atomic number 82, and that RaC is 
an isotope of Bi, atomic number 83. Recall also that the characteristic 
jBl .and L series X-rays of the various isotopes of a given element are almost 
identical. That is, two or more isotopes have almost identical systems of 
energy levels in the planetary electron structure. 

Now it has been found'-*® that many of the line gamma rays emitted when 
RaB disintegrates to form RaC are identical in wave length with, and 
similar in relative intensities to, the K and L characteristic X-rays of Bi. 
This means that they are identical with the characteristic X-rays of RaC, 
since RaC is an isotope of Bi. These gamma rays which appear really to 
be X-rays are just those which cannot be assigned a nuclear origin on any 
simple picture of nuclear energy levels. There can be no doubt that a part 
of the electromagnetic radiation accompanying the disintegration of RaB 
into RaC, a part of the gamma ray line spectrum, is truly the characteristic 
X-rays of RaC. These lines clearly have their origin in the planetary sys- 
tem, for all characteristic X-rays arise there. 

These findings would appear quite reasonable if the RaB atom has 
already disintegrated, ejecting a beta particle, before the nuclear gamma 
rays are emitted. In this case the atom would already have become RaC 
before emission of these gamma rays. In this case the process could be 
interpreted as follows: Because of its inherent instability the RaB nucleus 
ejects a beta particle, becoming immediately an atom of RaC. If the 
ejection of this beta ray should leave the nucleus in its lowest energy state, 
no gamma ray would be emitted. This is apparently the case for some 
materials, such as RaE, which eject only a continuous beta ray spectrum; 
these materials emit no gamma rays and no line beta rays. If, however, 
the nucleus is left in an excited state it proceeds to eject gamma radiation. 
Those atoms which pass immediately to their lowest state eject a single 
gamma ray, an energetic one. Other nuclei may proceed to the lowest 
state by a series of changes, and these eject a number of lower energy gamma 
rays. In any case, regardless of how the nucleus does return to its ground 
state, nuclear line gamma rays are emitted. Now this nuclear gamma ray 

®®E. Rutherford, J, Chadwick and C, D. Ellis, Radiations from Radioacfiv*> Substances 
(London: Cambridge University Press, 1930), pp, 350-381, 
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rapidly into RaA, RaB and RaC successively. The walls of the Pt cylinder 
were suflSciently thick to stop all of the alpha rays from Rn and RaC and 
all of the natural beta rays from RaB and RaC. The gamma rays from 
RaB and RaC were only partially absorbed. These gamma rays eject 
photoelectrons from the Pt. Some of these phdtoelectrons are ejected from 
the outermost surface of the cylinder, and it is only these in which we are 
interested. On the outside surface of the Pt there was deposited a very thin 
layer of RaB and RaC. This layer served as a source of the natural line 
beta rays characteristic of RaB and RaC. Thus the experimenters had 
essentially a common source, as far as position goes, giving off the natural 
line beta rays of RaB and RaC, and in addition the photoelectrons from Pt 
ejected by the same gamma rays as are responsible for the production of the 
natural beta rays. 

Ignore for the moment the original presence of RaC and think only of 
the radiation associated with the transformation of the original RaB atoms 
into RaC. Now the energy Ei of a given photoelectron from Pt is givtn by 

El = hv — w 

where hv is the energy of the gamma ray photon responsible for the ejection 
and where IPts is the energy corresponding to the level in Pt from which 
the photoelectron comes. In a similar way the energy E 2 of the line beta 
ray given out during the disintegration of RaB should be either 

E 2 = hv — Wsz or E% = hv — 1^82 

depending upon whether the RaB atom has or has not already ejected its 
disintegration electron. It follows, therefore, that the difference between 
the measured energies, {Ei — £ 2 ), of the photoelectron and of the beta 
ray from Corresponding levels should be either (IFss — Wrs) or {W — IFts), 
depending upon whether the nuclear beta ray has or has not been ejected. 
The energy difference {Ei — E^ was measured directly by bending the 
paths of the particles in a semicircle by means of a magnetic field. The 
choice of Pt, a material of atomic number rather close to that of the radio- 
active atom being studied, allows a direct and rather accurate measurement 
of this energy difference. It was found that this energy difference is defi- 
nitely (1^83 — rather than (W 82 — This shows conclusively 

that the first step in the disintegration of RaB is the ejection of a nuclear 
beta particle, for the RaB atom has already changed into RaC, atomic 
number 83, before the nuclear gamma ray ejects the natural line beta rays. 
In a similar way it was found that the natural beta rays coming from the 
disintegration of the RaC present come from an atom of atomic number 84 
rather than 83, showing that the ejection of the nuclear electron is the first 
step in this process also. 



Chapter 9 

THE POSITRON 

I. DISCOVERY OF THE POSITRON 

Previous to 1932 there was every reason to believe that the nuclei of all 
atoms were constructed of various combinations of just two fundamental 
building stones, electrons and protons. It is true of course that the existence 
of the photon was recognized; but this quantum of radiant energy had 
scarcely those characteristics which would lead one to call it a particle in 
the usual sense of the word. There were recognized just two fundamental 
particles, the very light and negatively charged electron, and the relatively 
massive and positively charged proton. Workers had frequently con- 
sidered the possible existence of a positive electron, a particle having the 
same mass and magnitude of charge as the Millikan electron, but one bearing 
a positive rather than a negative charge. But there was no evidence what- 
ever that such a particle existed. The proton was the lightest positively 
charged particle known; no one thought seriously that a still lighter one 
would soon be discovered. 

The way in which this discovery came about is interesting. It illustrates 
beautifully how some of the most important discoveries grow out of studies 
undertaken for quite a different purpose. About 1930 there was an intense 
interest in cosmic rays. It was recognized at that time that these rays were 
exceedingly penetrating. But there was no general agreement as to the 
nature of the radiation; neither was there any convincing evidence as to 
the energy associated with the radiation. It was known that when a 
cosmic ray is absorbed it often ejects one or more very energetic charged 
particles from an atom of the absorbing material. It appeared, therefore, 
that one might gain some knowledge regarding the energy of the incident 
cosmic ray by measuring the energies of the particles ejected during absorp- 
tion. The natural way to undertake such measurements was to photograph 
the tracks of ejected particles as they passed through a Wilson cloud 
expansion chamber placed between the poles of an electromagnet. There 
was a difficulty, however. The charged particles were usually ejected with 
such high energies that they could not be bent appreciably by any magnetic 
field then in use. The highest energies that had so far been measured by 
such a method were of the order of 15 MEV. The problem then presenting 
itself required the measurement of energies far greater than this. The 
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natural solution was to build a large cloud chamber and an unusually large 
and powerful magnet. This was undertaken by Anderson and Millikan 
of the California Institute of Technology. 

The resulting magnet, with its associated cloud chamber, was a distinct 
improvement over previous similar pieces. The general design and the 
enormous size of the magnet are illustrated^ by Fig. 1. The vertical cloud 
chamber was 17 cm. in diameter and 4 cm. thick. The magnetic field 
between the poles of the magnet was nearly uniform over this region. A 
current of 2000 amperes was sent through the winding of this magnet. A 



10 CM. 


Fig. 1. — A diugrum of the original cloud chamber and inagmd, built at the (iilifornia 
Institute of technology for the purpose of measuring directly the energies of cosmic ray 
particles. 

generator of nearly 1000 horsepower was required to fiirni.sli it. The result- 
ing magnetic field was 24,000 oersteds. This was a much larger field, 
existing over an extended region, than had previously been used. The 
apparatus was capable of producing a measurable bending of particles 
having energies as great as 6000 MEV. This made possible the measure- 
ment of energies some 400 times as great as those previously measured. 
Figs. 2 and 8 illustrate the ability of this apparatus to bend energetic elec- 
trons. Fig. 2 is a photograph,'*^ taken with a magnetic field of 12,000 
oersteds, showing tracks of electrons ejected by some of the most pene- 
trating gamma rays. The magnetic field is sufficiently strong to cause these 
electrons to describe very small circles. The paths are really spirals about 
the magnetic lines of force, for most of the electrons are not traveling 

' C. D. Anderson, Phys. Rev., 44, 40fi (1983). 

2 C. 1). Anderson, Phys. Rev., 41, 405 (1982). 
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pcrponrlinular thcne Wwh, Thw Hpiraliiig elToct caii bo »oon In Bomo 
inataiicKw for, Altiiciugh tho cainora Ih jyiiiitod purallct to Lho magnotic iicirli 
tho light from Bomu [xirtB of blio field of vioAV conica into Lho cnniora at a 
Hlight aiiglo with the magnetic field. Vig. S nhowii* tho path deBcribod by a 
coHmio ray electron in the flamo magnetic field, Altlioiigli tlio energy of 
thia electron in moi-o than three timoa aa great ua tliat of any oloctron over 
ejected by a natiiml gamma ray» the magnetic field ia never tlielcaa capable 



Fio. a. — A phtilognjili I hr Imoku of olodroos gunmi rnya from nHiom 

■flfir IhrMo bull (lIUTni ihrough 0.5 cm, of alcd. Home of lho eleclmnn have rnorgim 
Ilf 1 MKV. llw plpilikffnpli wuH lakoii wiLh a magnellc Sold of 10,000 oomlo<1ii. 

of caiiHiiig the x>jirticlc tn dcHcribo n circlo ao amall aa to bo completed within 
the cliiiinhor. It will lie hctii later, liowcvor, that thia oicctroii poHscfiBoa 
a vopy low energy for a cfianiic ray particle. Some arc ao energetic that 
they are not bent i>erceptibly by the Htrongoat floldB oven now available. 

Stiidicfl with thiH ixnvorfui magnet produced rcaulta of far-reaching oonae- 
quoiiccH. Olio of the oarly photographa taken is reproduced* in Fig. 4. 
Hero arc ah own two ti^aclof left by ]>artie1o8 apparently arising simultane* 
niisly at a common point, Hoth tracks show an appreciablo curvature in 
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tlio mnutiotic field. Otlior cxiwrimenterB* had provioiuly observed such 
iwirod trncloi, but tho magnotio flold which had been used was too small to 
imxluco any certain curvature of tho tracks. Here the curvature is quite 
ap])arDnti and the bvo ])articlos clearly have opposite signs. It is barely 
IxiHsiblo that tho two iwrticloti did not arise at a common point, that they 
lire of liko cliorge and traveling in osHontdally opposite directions across the 
chamber. Such a ]>osHibility is extremely improbable, and tho frequency 



Vui. 8 .-HIki*Iiik ■ Inrk Wl Uy u «wnlc ray doclran In • n.iffnrile Hel.l of IWWO 
qiio onoiw cif lliiN rliTlnm bi H MKV. vwy low for n.coMnlo my, but raiush lilgber Ibin thnl 
of iiiy ^mii rwr c-Jt-cUKl by « (jnmnm ray from a natural tuiUdocUvu mibaUmco. 


with which Hiurh {mircil tracks arc ohtainwl rules out such an interpretation. 
The thinner of the two tracks is undoiihtclly doe to on electron, one laissc^ 
aiuK an energy of 1«(> MKV. The more dense, straightcr track appo^ ti, 
be that of a pn.b.ii of IHO MKV eiicPRy. proton of this energy. should 
ionise sr-verni Lillies ns heavily ns an ehn-tron, and “ 

»r this grealer lonisaliuu. Since it lind long Ik-c. rccoginacd that 
partiel,^ eoi.lai.u.l in Ihe sln.et.iro of an aUi... were coiiUuied wllbni^e 
lunnll eei.lnil uik-Icuh. aii.l sinee here a ««.iiiic ray has ejectcil from an atom 
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a positive particlo, thia photograph conatitiitod the Arab direct oxiierimoiital 
proof that the nucleiui of an atom plays an important rolo in the absorption 
of cosmic rays. 

It has often been said that this photograph sliowing the electron and 
proton paired tracks actually doloyed the discovery of the positron by 
several months. As it lias turncHl out, proton tracks of tliis character ore 
relatively rare. Of several thoiuMinrl photographs studied by Anderson and 





1^. 4. — A pair of tncks BppqrrQLly arldng iilmiiltancoaiily from a ooinmnn poInL ouUdde 
iho Acid' of vUiw. Tlio parlldai nmpoiulblu fur llicio Lnckji have bocn cjocU3(1 whru a runmk 
ray wna ahnurfacMl. The Lhinnor inick la Lhal of u lao MKY eloctron. 'flic niont ikiiae IncL 
hi Lbiit of a ISO UKV proiun. HiLi photograph wna takan with a nol<l of 17,000 ocralotbi. 

his fiasnciutos at this tinio, tlmt reproduced in Fig. 4 shows the only track 
that soomod certainly to demand a proton as the particle ros])oiisil)le for tlic 
track. A great imijority of the ])liotogra])lis shoAving pairiKl trucks were 
more ns illiistratcHl^ in Fig. B. Here again the two ])artieles iiro clearly of 
npiKisito sign; but blicy appear to produce equal ionisaLioiis. ^ITic \mrticle 
pro<lucing the truck of grouter curvature is a ft7 MliV electron. If the two 
])firticlcs anuic iit a eoniinoii ])oint, uiid tliem is un extremely small chance 
of obtaining two such tracks under any other circumstaacei then the particle 
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producing the atraiglitcr ot tho two .trackB must have boon poaitivcly 
chargotl. But a proton of tliu curvature Hhould produce an ioiiixation 
Bovoml timuH oa lioavy oa that produced by on oloctmn; and this particle 
(loos not do HO. There aocniod to bo no roasonablo oscapo from tho con- 
elusion that this was a new pailiclo, a pi^aitivoly choi^gcd olcctron, n particle 
having tho saino moss and magnitudo of cborgo ns tlic ordinary oloctron but 





PiH. 5. — Aiuilhur iKilr iif Lmcbi ariHlng flimiilUnniuidy fnim a cnminon point. Thi* two 
pnKirli'M mponHihlo for Llntw Lneka produce iMpul ipcciflc iuiibciLicHM. 'ITiu oiio Icnvlng I ho 
Imck of ciirvuLunt hi un clnrLron of B7 MKV onorgy. 11 k 3 one ImvinM Llio Lnick of 

mnillrr cnirvulun' wan apimn'iiMy Irfl by n purtlcUi not IImh known In oiliiU a parilclr (dpiiili'iil 
wiLli Iho cl(4'LnHi ciitiiL Miul IL mrricvi a puHlllvo chnrgo. It In a 4S0 MKV pcMlLnin. 

lioaring a ])osit!vu ntLlicr iliun a negative charge. Tliis ])nrtic1e lias hven 
called the ]N>sitinn, The original aiinnuiiceineiit'* of ovidenco iiulicfiting 
ilH exinteiu^ was niiido by Andc^rsoii in 10^112. 

l^ur more (loiivincing ovidenco For tlu* cxistcnco of nneh a particle was 
obtiiinrd sliorLiy. The iucLIkkI of imired Irncks manned ([iiitr safe, but when 
a (juestion of this iin[iortanc!c is to lie HcLLlfxl uniple cvidimcc is iicciMsary. 
More paired tracks were ubtaiiuKb but Uio prociwi was tedious. In tliu 

^ D. Andenton, ^nVffrri 76, 2HS (lOHU). 
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liroeoclim originally luwl by Ancloraoii* tho clnud chain lior wan cxpBn<lcfl 
and tho photograph taken at random. Ono tniHte<l to luck aa to whelhor 
a high energy par tide hod imasocl through Llic chamber juHt before the 
azpanaion. As a rosult, only about one photograph in 50 showod a naablo 
track of a high energy particle; and only a amall fraction of those showed tho 
clearly deflnwl pairs. Single tracks wore not Hiifflcicnt for identifleation of 



Fig. 0. — A phoLoffrmph of graaL Idiloriniil ialonnl. The truck U nno loft by a prailLrun. 
ITili podLnm p oii ioiod mn antagj of 08 MKV beforo cnloring Lho load plaLo from bdow; iiflcr 
ponotratlng Uh 6 mm. loul plato lb procnodod with on energy of 29 MKV. 'fliU chuigo of 
eORgy flhowH daflnlLrly Ura dircoiion of moLlon uf lho parUclo ami, Ihorvroro, allciwn otu> Ui 
ohicIikIo Lhat It 1 h paaHiroly charged. 

the new positive particle, for ono never knew for certain in which diroction 
the particle waa moving through tiio chamber. 

This qiicMtion was ho tiled hy Ajidcrsoii^ in a simple mniinor. A shcGt 
of lomi 6 mm, thick was placed within tlie cloud chamber and in sucli a 
position that the track of a particle pnasing tlirough tlio leml miglit bo 
photographed, l^g. 6 reproduces* the higlily imjiortant photograph 
obtained hy Anderson in August, IDS®, The curvature of this track Ls 
much greater abovu Uio Icotl ])lato than below it. 'Phe track liolow tlic ])lato 

* 1). AncloTwHU RiK, 48p 491 (1088). 
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iH thjit or a 68 MJAW olcctroii; thin imrtLcle might bo crithor nr nega- 

dvo, depondiiig ii]inn tho dirocUon of motion ncroan the chamber. Above 
the load plate tho track in that ot a M MEV eloctron, ngaiii cither positive 
or negative, dopouding upon tho direction of motion. Now one would 
fnarcely wiali to argue tliat tlio particle gained 40 MEV of energy in police 
trating tho 6 mni. lead plate; actually this ia approximately the amount of 
energy ono would expoct such a particle to loao. Tho i>articlc must have 
been moving upward acmafl the cliambor. But if lb won moving upwanl, 
then tho known direction of the magnotio field ahowa dofinitoly that it is a 
poaitivo particlo, Ono would scarcely wish to conaidor tho hi^ly improl)- 
ablo poHaibility that the two traokB on tho two sidoa o( tho lead were marie 
by twq entirely different nogativo oloctroiw each moving downward, T\^o 
sign of tho i>article is definitely oatabliahod ns positive. Tlic next qiioation 
ia — could it bo n proton P Tho anerwor is again quite definite. A ])rot(>ii 
leaving a track having a curvature oF that above t]io plate would poaacKH 
ah oiiorgy ot only 800,000 electron volts. A proton of tills low energy is 
known to ioiiino many timea more heavily tlian dooa an electron; and this 
track dnea not indicale an ionisuition at all comparable with what ono shniild 
expect of aiicli a i>roton. In tho socoml place, tho range of a pnibon of tliis 
energy ia kno^vn to be only about 5 mm, iii air. But this ]>articlo haa a 
range of more than 5 cm., more than 10 timoa that which it would have 
wore it a ])n)ton. Tho only answer Keomod to ho that tho ])artielo rcHpon- 
aiblo for tlic entire truck waa a posibroti, a newly discovered particle. This 
ovidonco won so convincing tliat Anderson was later awardod the Nobel 
Prise in ])liyMicH for Ilia discovery. 

Shortly after AndcrHoira iliscovory other workers reported similar 
tracks of ])oaiLive }>articlcH. Ability to obtain tracks of high energy ]>Ar- 
ticlcs WHS greatly enhanend by dcvohqimeiit of the automatically controlled 
cloud cliaml)er* Alxiiit this time Blackett and Occhinlini^ arranged two 
Geiger tubes, one above and one liolow tho cIchuI cliauiber, iti siieli a way 
that tlio chamber was automatically oxiiaiulod whenever a iiartielo passed 
through 1)0 th Geiger tiilnw simiiltaiieoiisly. A few exi)anHi(}nH were sot off 
by two different |mrticles ]MuiHiiig tliroiigh tho two tul>cH at oAHonbially the 
same time, neitlicr of tliese piirtideH E)jiJiHing Uinnigh the cloud chamber. 
Experiment sIiowchI, however, that the expansion contnil woa brip|)ed in a 
great majority cjf eHses by a single ]iartirlc passing Llimiigh tho u])i)cr Geiger 
Lnl>c, tlmiugli the cloud chamiKT, and thciiee tliniugli the lower Geiger 
IuIk). High energy particles wen* Lliufl eaiisefl to lake photographs of their 
own bracks. IFsing Hiich apparatna, these observers found that BO ])crcciiL 
of their cx|)osnrcH showod tracks of high energy parLicles. Thin represontod 


P. M. K, niicikpLl ■nd C;. P, fl, OuchiMUnj, Pror. Tlnjf. Hop,, A, 189, 009 (IBStf). 
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a markod incrcaBO over tho 10 porcoiit’ aiid tho 0 percent* foiiiul by provioiia 
obsarvors taJdng photogra]ilis at random. 'Iho ukc of hiicIi conn tor con- 
trolloci expajmion chamborH ia oommon today in all uncli work. Tlic ]jliobo- 
graphs obtained by Blackett and Occhiolini* recorded miTncroiiH tracks 
showing clearly tho oxisteiico of tho positron, and thiiH confl ruling Ander- 
son's discovery of tho new particle. Other confirmatory evidence’”* 
appeared about tho saTtio time. Several historical summaries of tlioso early 
dovelopmonta are available in tho literature.*®”^* 

Li more recent years many workers have photographed tho tracks of 
such partidea. and have observed tho particles under a variety of con- 
ditions. llie positron is on a firm experimental foundation; there can bo 
no doubt of its oxistenco. As far as is luiown, the mnss of this particle is 
identical witli tliat of the negative electron; its chorgo is also pntbably 
exactly equal iu magnitudo to tluit of tlio oloctmiii oltlioiigh liere again thore 
is no accurato information. AU estimates of tho charge of the jinnitron 
have Gomo from studies of tho tracks loft by the particlos, 'riieso Htiidios 
also himlsh estimates of tho moss, although tlic mass of tlio ])Hrtie1e can ho 
obtained indirectly through othor studios as well. Such inethodH yield far 
from jirocise values for eitlior tho diargc or tho niasH. but tliey do furnish 
roiigli values for each. Aiidorson* concludod from his original work that 
tlio charge cannot bo os groat ns twice that of tho o1eotn)ii. Ho alHo am- 
eluded that tho mnss could not bo groator tliaii SO tiines that of tlie eloctnm. 
'i'hero was at tliat timoi and tlioro has since appeared, no evideiuK' to suggest 
that either the charge or tlio moss is actually any difTcnnit fnmi Lliat osso- 
ciatc<l with the ordinary negative electron. More recent evidnuxi has 
lowered cnnsidcrahly tlio pmbablo limits by which either miglit difTcr. 
Anderson* found that tlie s]>ccific ioniiation produco<l by tlio ])OHitn>n does 
not differ from Uiat of the electron by mure than SO ])erciMiL; iiieiisiirt'iiicnls 
were not sufTlciontly precise to detect a dilTcrciice smallor Uiiiii this. Sinew 
the spcciflc ionixalioii produceel by a chargoel particle is pn>iK>rtioiiiil Ut tlio 
square of the cliargo. other things being cuiiHtaiit. it follows lliuL Llio iiosilnm 
charge cannot differ fmm that of the electron by more than 10 percent. 
Millikiui** states that tlioso studies show idsu that the two niasHcs {*aiinot 
difTor l)y more than JiO percent. Experiments of a tliffertMiL type, lo Iw 
discuHHorl latei-p sliow that tlio masses cannot differ by os nnicli ns lliis. 

f 1). Skolirliyn, ComjdM RvBtivM, 195, 815 (IfSlfi). 

^ P. M. H. nUekcLL, Nahire, 188, 017 (1088). 

• Kuiud, X«rVf./. rJipM, aO, 5S0 (1088); 88, 1 (IfttU)- 
P. XuniD, PAff. M, B40 (1088). 

” W. lioibo, NatHTviMw., 21, R25 (1088). 

C. D. AiiilcnmD, iVa/NK, 1S8, 818 (1884); NtUynein^ 29, 288 (1084). 

R. A. MlllllcAii, RMwrm (+ ami — ). PnWoffi, PitotoMM, NrutninM^ and Powmir Ragt 
((*hlc«go: UniwilLj nf Chicago Pkhb, 1888), p. S35. 
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It \H iTitorcNting tliat two attomptaliAVo boon miulo tn cletormiiio tlio ratio 
e/vi For tho iKMitron tli rough uao of magiiotic and clcclric doiloctiiig flclda. 
llie firat of tliesot'^ utilizing a rather umiaiial arrangomont of cloflccting 
flcUla, gavo roHiiltB wliicli Hhowod that tho niimorical valuo of this i^atio doen 
not diffor by more than from tliat for tho iiegativo electron. Tho 
retmltH did not indicate that tho ratio was any difforotiL A moro rocont 
Qxporinioiit-by Spoon and Zalin^* lioa nliown tlio equality of tlio ratio 
for poHitmiiH and oicctronn to a much groator dogroo of accitrocy. Eocall 
that thcHo workofH had mcofuircd a/m for the electron UHing ii modification 
of tlio origino] Jluchorcr motliodp a modification in whicli tho ]M)aitioiiH of 
tho Hourcc and tho dotocting dovico woro intorchangctl, and in which a 
counter tube replacc<l tho photographic film used by lliichorcr. Exactly 
tho Hamo method won employed for pooitronB. Tlio aourco of poaitroiiB used 
was an artificially rodiooctivo matoriaJ, Cu*^, wliich omita both poaifcronfl 
and olectroiiB. Uy UHing this common sourco of oloctrona and [joaitroiia 
it woH ]KUiHiblo to comimro diroctlyi through rovoraal of tlio oloctric and 
magnetic dofiocting tio1d8, tho mtio o/m for tho two pnrticloB. RcaultH 
fihowod timt tho ratio e/m for potritrona is tho aamo na that for oloctroiia 
witliiii a ])n)l)a])lo error of npproxiinatoly 8%* 

Wliilo 110 attempt bo mooiniroi directly tho chargo on tlie poaitron hoa 
yet liccii rc|xirUMl, tlicro is one motlicKl which Iiaa boon iiBod recently by 
Ijwlcnbiirg and liccrn'^ to mcuHiii^c the charge on the Ixsta piirticlo tliat in 
c([iially upplhiablo tn the nieaiiiiromcnt of the iMiaitron cliargo, Tho 
method conmHlH cHHciitially of nieaauring tlio diargo de|M>Nito(l ])cr aocond 
on a etdh^tor of licta niyn from RnE» and of dotorminiiig the numbor of 
licta imrticlcB arriving per Hocond by inoaiiN of a Geiger counter. Tho ratio 
of them? two ((iiniitiLio-M given the charge carried by the beta ])articlo. TIuh 
ex]imiiieiit Iwl to a cliiirgc (4,84 ± O.Ofi) X 10~^® o.h.ii., a value agreeing 
(‘loM'ly with I he neet^pUHl elcctrrmic diargo. If nil artificial mdioaotivc 
Kourco cniitLing |)OMil.n)iiH were to lie HiibHtitutcd for the Rali, tlio moUiod 
con Id 1)0 nHc<i to incHBurc Lho H]>ccific clmrgi? of the ])(Mitnni. 

2. ARE POSITRONS ABUNDANT IN NATURE? 

Tn view of the riKreiil diHCMJvery of the iMwitnni, one iiiiglit HnapiTt that 
iliem^ parLich^H extremely ran* in iiaLiiro. Such \h by no meaUK Lho eaw?. 
They appear Ui Iw nliont iih luinienniM in coHinic ray HtiulicM' * oh are Lho 
cninmoii iiegiilive cleclnniM. What part they piny in the eoHiuie railiiitinii 
nml not (*on<Trti \\h nl IIiIn Lime. Sufiici^ i( to Hay lliiiL certainly most 
of tlioiK* oliHorvwl near wa level iiPt» of Hecondiiry origin; they have \wn 

4. 'riiilmuil, /Ihw. »W. Sri. rfr IhvxrUrn, 64, UU (UKH); /Err, 45, 7Hl (11M4). 

A. M. SiM4>H mid (*, T. X«hit. /{ri.. 57, 7fl (laiO); 68, H51 (KHO). 

\\, Uidonburg iind Y. llotTH, PAjff. 6S, 757 (1040). 
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<qeoted from the nuclei of atomn making up tho atmoaphere and the 
ruU about ua as a roault of abaorption of tho primary cosmic radiatioii- 
If those newly fomed poitlclos ere really numerous, then why were 
not Found oarlioi'f Thcro are two mjun reasons for tho dolay. In tlu* 
place these particloa do not exist for long as froo jXMitrons; this is piirliru^ 
loriy true of tho lower energy onoa. As might bo aus])ccted, the |HiHilivi-|^ 
charged positron has n great teiuloncy to combine with the negnlivrl^ 
choL-god olcctron; and tliore is an abundance of electrons, some fret* jiim| 
many but lightly attached to the planetary stnictures of atuinx, wiij^ 
which it may combine. Am a rusiilt Uio normal life of a free positnin 
extremely small fraction of a second. One might fliiHfiect that poHilnuij^ 
which hml lost most of their energy would combiiio moi^e readily 
electrons than wouhl those of high energy. Buoh is no doubt the case. A in | 
one might well ask tlio mterosthig quostioii — Just what is formeil whi-ii ^ 
positron docs comlniiu with, and oloctrically noutraluio, an elcctnin? 
shall soe in a moment whether oxporiniontal ovidonco can help aiiswi-r Ihi^ 
quosbioii. Pirst, howovor, another reason for not recognising enrlirr tli^, 
existence of tho positron sliauld bo mentioned, llocall that it has 
only a docaxlo sinco invostigatoi'H enlarged tho Wilson cloud cxpuiisio)^ 
chamber, and increased tho magnetic field applioil thereto, sufflciciilly li| 
procliiGQ ol>scrvnblo curvature of the track loft by a tnily higli cuirrgy 
particle. Many tracks of energetic imsitmoH ha<l no doubt l)eeii pluiliK 
gi'aphcd before blio oxistenco of tho pailiclo was reoogiiisetl, but thesi* lijii) 
boon nttribut(Ml to olectixius. Even when it liccaiuo |)uwiiblc to imsliii',. 
obsei'vablo ciiiwaturo of Lliesc trackH it wan still iieccHHaiy to uw* Minii. 
auxiliary criterion, such os pairtxl tracks or tho ix^nctration of tlie imrlirK. 
through a leaxi shoot, before one could Iko certain of the direction of iiiotinii 
of tho particle, and honco of the sign of its charge. In view of thiH siliialinii. 
and in view of the very short time for which Free ]K)SitroiiH exist, il i:^ un 
wonder that duKWvery of Llio iwtiele was <lidayi-d inilil iv relatively latr diih*, 
lliorc are several further duveInpnieiilH UuiL slioiiUI be mentioned I 
taking up tlio qiiustion of whiit lia])])eii8 when an electron and a poriilnui 
iieuLraliao one another, niosc have In do with otlier sources of 
that woit) dovcluped within a year after the original (lisef>vcry of tlie iNirliHe. 
All of tho works so far disciisswl utilifod ]>ositT«nH produced by cosmic rays. 
It was soon diHcovci'c<U^“““ that if tlio olenient lieryllium were bonibiinlHl 
with alpha rays given off by the nuLural rad ioac Live malorial poloiiiiiTii, thi^ 
bombard moot ii^iilLod in the priKliictiou of positrons, 'llie evidi-iiit-'" 
indiaited that those positrons iiiighL 1>e fornitiil indirectly, fonncMl by tlu' 

J. Chudwk^ P. M. S. HIsrlulL and 0. P. A. OuchULil, Nninff, 131, 478 
» 1. C.iirir and F. Jullnl, rmmpirw ReivfnM, 106, llOfl (1088). 
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gamma roya reaulbing from Ihe bombardmmt Regardleaa of Low thoy 
were formed, podtrona were certainly produced. Further evidenco'®“” 
woa aoon forth-coming that poaitzona can be produced directly by aDowitig 
gamma roya of HufHcioiitly abort wave length to fall upon any of the lioavlor 
elements. Many cloctrona ore alno ejected. Frequently one obtains cloud 
ch amber photograplia Hhowiiig paired tracks entirely similar to those found 
in cosmic ray atiidicH. The two tracks are those of on olectron-positnm 
pair, the two i>articlofl having ariacii at a common |x)iiit, tlio ixiiiit of 
impingomoiit of the gamma ray photon. Tliis constitutes direct ovidoiico 
that siifHcioiitly oncrgctic photons ore capaldo of producing olcctrun-posititin 
pairs. We shall shortly return to a more dotailcil discussion of tho manner 
of such production and of tlio onergios involved in the production. For the 
time being it is su/Hciont to rocoguiso that hanl gamma rays do pn)ilu(w 
pomtrons when they impinge u|>on matter. Tho miml)cr of positroiiH 
omitted incroaBos rapidly l)oth with tlic atomic number of the inaLcnal 
irnuliatcd and with tlio frequency of tho gamma ray, Tlio pniduction of 
pumtroiis lasts only os long oh tlio gamma radiation contiiiuuH to fall uimiyi 
tlie material. 

Ill 10J14 (/line and Joliot*^ aiinoiiiiocil the <li«c(ivory of artincial radio- 
activity, and this phenomenon liiis provided excellent Hourccs of ]x»siLn>nH. 
These obsorvorH, who liiive won tho Noliol Ih-iac Awartl for their oiiLHinndiiig 
contrihiibioiiH ti) Kcieiice, found that if iMmni, magnesium, or aluininiini is 
bombanlccl with blic alpha particles given off by ]x>loniuni, the Ujinhanle^l 
material begins to omit |>oNiti*oiiH. ft is certain that l.lie emitted jiarticles 
are positrons, for the nature of the charged pRrLicIcs has lieeii studiud by 
botli ioniBatioii and niagncUc deflection cximrinicnts. The eiiiissioii of 
tlioRo particles continue-s oven after tho source of al|)hH |>ArLi(‘les lins been 
Tomoved, (hirio mid Joliot hIiowcmI that the raU^ of |x>silr(in emission 
docrcoscH ox]>onciitiiilly after the al]>lia my stmret^ is ronioved; it cleeroHses 
in the same manner iis does the einission of any natural nulioacLive huI>- 
stanco. T^o half life of iKSiitron eiiiisNioii frcjm that nrtiflciul nulionclive 
substance miulo by bombarding aluiniinim with alpha particles was round 
to bo S minutes and 15 Hcconds. Tlio average energy of Uie ]H)HibronH 
ojocted wfis found from alisorpLioii measurenieiitH to lie approximately 
2.2 M£V. Wc shall defer until Inter any atleiiqit to romudaU^ working 
concepts coniicctctl with tlic phenomenon of artificial nulioactivily. It is 
iiitcrostiiig bo know, however, that tlioso original ejcimrimeiitcrs fonnetl a 


** C. D. Ajiclomon, TI, 4311 (JfttS). 
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suflSiciently concise view to allow them to predict that if carbon were to be 
bombarded with energetic deuterons, nuclei of heavy hydrogen, the same 
radioactive end product would result as that which they had observed when 
boron was bombarded with alpha particles. It has since become possible 
to produce in the laboratory very high energy particles of one kind and 
another, particularly protons, deuterons, and alpha particles. It was 
almost immediately verified^^ that bombardment of carbon by deuterons 
does produce the radioactivity that had been predicted. Since these original 
works on artificial radioactivity the field has been expanded tremendously. 
Today it is possible to make a radioactive isotope of practically any element 
desired. There are^® well over 60 of these radioactive isotopes that emit 
positrons ; some of these have quite long half lives. Thus there are available 
in the laboratory today, as a by-product of artificial radioactivity, con- 
venient and intense sources of positrons. 


3. CREATION AND ANNIHILATION OF ELECTRON-POSITRON PAIRS 


Let us return now to the question of just what is produced when a 
positron and an electron combine. Fortunately there is sufficient experi- 
mental evidence to answer this question definitely. Although sufficient 
quantitative evidence has already been presented, in connection with the 
accurate determination of the masses of isotopes by the nuclear disintegra- 
tion method, to convince one of the interchangeability of mass and energy, 
it is nevertheless somewhat of a shock to learn that when an electron and a 
positron combine the two masses disappear and there appears simultaneously 
a definite amount of radiant energy. It is equally surprising that a photon 
of radiant energy often disappears, and in its place arises simultaneously 
an electron-positron pair. Nevertheless, it is quite certain that this is just 
what happens. In the main, evidence concerning nuclear disintegrations 
has to do with the conversion of mass into kinetic energy, and vice versa. 
The present problem has to do with the conversion of mass into radiant 
energy, and vice versa. There is ample evidence to show convincingly 
that this latter conversion also takes place. 

Let us speculate for a moment on what might happen when a free 
positron and electron combine. According to the mass-energy equivalence 
concept, the rest mass of an electron represents an energy 


V - 


moc^ 

e 


(2.99776 X 1010)2 
1.7584 X 10^ X 108 


= 0.511 X 106 Ev. 


That is, if the mass of an electron could be changed into energy there 
should be exactly this amount of energy formed. If the mass of the positron 

H. R. Crane and C. C. Laiiritsen, Phys, Rev., 46, 430 (1934). 

R. Gregoire, Jour, de Physique et le Radimn, 9, 419 (1938). 
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is identical with that of the electron, and there is every reason to believe 
that it is, then an equal energy would result from the conversion of this mass 
into energy. Hence, it an electron and a positron combine and their rest 
masses disappear as a result of such combination, there should be released 
an energy of MEV. If this mass were to be transformed into a single 
photon having this energy, the wave length of the radiation should be 

X = - = ^ =: 2.99776 X 10^° X 6.608 X 10“^^ 

V Ve/h (1.022 X 10V299.776) X 4.808 X 
= 0.01210 X 10~«cm. 

This w'avc length, 0.012 A°, is in the region of the hard gamma rays. If 
for some reason this energy should be split equally between two photons, 
instead of all going into one, each would possess an energy of 0.511 MEV, 
and would represent radiation having a wave length of 0.024 A°. 

Several experimenters have found radiation of these two wave lengths 
formed under conditions where there should be a number of free positrons 
combining with electrons, A number of investigations^®”^® had shown that 
very hard gamma rays were absorbed much more rapidly in the heavier 
elements than one would expect. As far as was previously known the 
so-called Klein-Nishina formula gave quite well the absorption of X-rays 
or gamma rays to be expected in the extranuclear electronic structure of an 
atom. And it was not tlion suspected that the nucleus itself played any 
appreciable role in this absorption. The actually measured absorption 
was, liowever, much greater for very penetrating gamma rays than this 
formula led one to expect. Particularly was this true for the heavier ele- 
ments. It was obvious that cither the Klein-Nishina formula did not hold 
for very sliort wa ve length gamma rays, or that there was some absorption 
mechanism other than tliat connected with the extranuclear electronic 
structure. Most workers referred to the additional absorption as nuclear 
absori)tion. "I'he presence of an unexplained secondary gamma radiation 
given off during tlie absorption process was first shown by Chao.^® It was 
recognized that tlie energy going into this secondary radiation probably 
accounted for tlie unexpectedly large absorption of the primary gamma rays. 
The .s(‘eondary gfunma radiation observed by Chao was of approximately 
0.55 MPV, aiiproxiinately 0.0225 wave length. This estimate of wave 
length, and hence of energy, was made through absorption measurements; 
hence, no great accuracy can be claimed. 

(’lijio, Vwv, Nat. Arad. »SV/., 16, 4S1 (lO.SO); Proc. Roy. Soo.y A, 136, 206 (1932). 

27 L. Moilner juid II. II. IhipfcM, Zrili.f. Pliydk, 67, 147 (1930). 

2^ (i. P. 'rjirraiil, Pror. Roy. tSor., A, 128, 345 (1930). 
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It is suggestive that this gamma ray agrees essentially in energy with 
one of those which, according to the calculations just carried o\it, might 
result from the annihilation of an electron-positron pair. The existence of 
this new secondary gamma radiation was confirmed immediately by Gray 
and Tarrant, who found evidence also of a second and weaker component, 
a component of shorter wave length. The existence of this shorter wave 
length component was confirmed®^ immediately. Gray and Tarrant 
obtained for the two radiations, energies of 0.47 and 0.92 MEV, or wave 
lengths of 0.0^7 and 0.0135 A®. The first of these agrees, within the large 
probable error associated with these early measurements, with the finding 
of Chao. The second represents a gamma ray photon having twice the 
energy of the first. 

These experiments also brought to light several other pertinent facts. 
The energy, or the wave length, of the secondary radiation did not depend 
upon the energy of the incident gamma rays. Neither did it depend upon 
the material used for absorbing the primary gamma rays. It could not be 
identified with any of the characteristic gamma rays given off by the 
absorber. Its wave length was independent of the angle, with respect to 
the incident beam, at which it was observed; hence, it could not be attributed 
to Compton scattering with the accompanying change of wave length with 
angle of scattering. There was considerable evidence that there existed 
some minimum energy which must be possessed by the incident gamma ray 
photon before the secondary radiation was excited. By rather indirect 
methods this minimum was placed*® as probably between 1.5 and 2 MEV. 

A connection between these unexplained secondary gamma rays and the 
annihilation of positrons was first suggested by Blackett and Occhialini® in 
1932. All subsequent evidence has only emphasized the probable correct- 
ness of this suggested connection. It has already been stated that positrons 
are formed when sufllcieiitly energetic gamma rays are allowed to fall on 
! any absorber; they become more numerous the higher the atomic number 
i of the absorber and the higher the energy of the gamma ray photons. It 
will be shown shortly that these high energy gamma ray photons actually 
form electron-positron pairs. It would appear from the calculation of the 
energy represented by the rest masses of this pair, that an energy of at 
least 1.02 MEV would be required to form the pair. If the incident photon 
had more energy than this, the remainder might logically go into kinetic 
energy of the two particles constituting the pair. Experimental evidence 
showing that this is the case will soon be presented. For the present pur- 
pose, however, one needs only recognize that when a material is irradiated 
by gamma rays of 2 or 8 MEV energy there are formed many positrons. 

®®L. H. Gray and G. T. P. Tarrant, Proc. Roy, Soc., A, 136, 662 (1932); 143, 681 (1934). 

Meitner and H. H. Hupfeld, Zeits.f. Physik, 76, 705 (1932). 
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While some of these probably have considerable kinetic energy at the instant 
of formation, they no doubt lose this rapidly in penetrating the absorber in 
which they are formed. As a result, most of the positrons combining with 
electrons probably have very little kinetic energy at the time they, combine. 
If the energy of the rest masses of these two particles is converted into a 
single photon when they combine, then this photon should have an energy 
of 1.02 MEV, a wave length of 0.012 A®. This agrees essentially with the 
more penetrating component of the previously unexplained secondary 
gamma radiation just discussed. If the energy of the rest masses of the 
two particles of the combining pair should be radiated as two equal photons, 
then the energy of each of these should be 0.51 MEV ; the wave length should 
be 0.024 A®. This agrees essentially with the softer component of the 
secondary gamma radiation found experimentally. 

This annihilation radiation has also been observed coming from artificial 
radioactive bodies which emit positrons, and also from metals against which 
the positrons are allowed to strike. Both Joliot^*-^ and Thibaud^^ measured 
the absorption of gamma rays coming from metals against which a stream 
of positrons was directed. McMillan^’^ measured the absorption of gamma 
rays given off by radioactive a material which emits positrons. In 
each case the energy of the gamma radiation was found to be approximately 
0.5 MEV, corresponding to the annihilation radiation given off when the 
positron combines with an electron of the material in which it is absorbed. 
More recently Richardson and Kurie®"^ and Richardson*^ have observed the 
gamma rays from a number of artificial radioactive materials. Each of 
those materials which emit positrons also give out gamma rays of 0.5 MEV 
energy; the negative electron emitters do not give out this gamma ray. 
Individual values obtained for the gamma ray energy were 0.51 MEV from 

0.53 from V'‘^ and 0.47 from Cu^^. These agree well with the expected 
0.51 MEV. No gamma ra<liation of 1.02 MEV is found except in the case 
of V^®. This material emits a strong gamma ray of 1.05 MEV energy. 
While this agrees quite well with the more penetrating annihilation radi- 
ation, it appears more likely that this i>articular radiation is one character- 
istic of the atom. 

One might properly ask how it happens that the combining electron-posi- 
tron pair sometimes gives rise to a single photon of approximately 1 MEV 
energy, while at other times it gives rise to two photons of essentially 
MEV each. (Consideration oF the simple laws of conservation of energy and 
conservation of momentum will show that if the combination takes place in 

F. Joliot, Jour, de Physique ct le Radium, 6, 299 (1933). 

E. McMillan, Phys. Rev., 46, 868 (1984). 

»T. R. Richardson and F. N. D. Kurie, Phys. Rev., 60, 999 (1936). 

■'•'i J. R. Richardson, Phys. Rev., 63, 124, 610 (1988), 
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free space, removed from any third particle, it is impossible for the energy to 
be converted into a single photon. There is no way in which both energy 
and momentum can be conserved in such a process. On the other hand, 
these conditions can be met if two photons are radiated. These two need not 
be of equal energy, though a more involved theoretical treatment shows that 
the probability of the formation of two equal photons is far greater than that 
of any other distribution between the two. Thus one accounts for the 
formation of two MEV photons instead of one having the entire energy. 
If, however, the combination of the electron-positron pair takes place near a 
third particle, say an atomic nucleus, then both energy and momentum can 
be conserved even though a single photon is formed. The third particle 
takes up some of the momentum and some of the energy, so that both are 
conserved. If the third particle be relatively massive, as would be the 
nucleus of any atom, the amount of energy taken by it is so small that it can 
be neglected entirely in calculating the energy of the resulting photon. Thus, 
when an electron-positron combination takes place near an atomic nucleus, 
the energy represented by the rest masses of the two particles may be 
radiated as a single photon of 1.02 MEV energy. Theoretically then, one 
would expect both types of photon, some of 1.02 and some of 0.51 MEV 
energy. As has already been pointed out, both are observed. A complete 
theory would predict the fraction of the energy going into each type of radia- 
tion, and present day theory attempts to do so. It will be necessary to 
await improvement in experiment, and probably in theory, before one can be 
certain how successful such predictions are. At present the possibility of 
both types of photon is recognized, and it is known that the relative number 
of the two types depends upon the nature of the material in which the 
electron-position combination takes place. 

Studies of the inverse process, the production of electron-positron pairs 
through the disappearance of an energetic photon, have been more satisfying 
from a quantitative point of view. One has the advantage here of studying 
in a cloud chamber the particles created, and of being able to measure fairly 
accurately their energies. As soon as it was discovered that the gamma rays 
from ThC" eject positrons as well as electrons when they fall upon heavy 
elements such as lead, several workers^^'^^-^®*^^ set about measuring the 
energies of the ejected particles. In one of these studies Anderson and 
Neddermeyer^*^ obtained photographs of several thousand tracks of indi- 
vidual positrons, individual electrons, and electron-positron pairs. These 
particles were ejected from lead, aluminum or carbon irradiated by the hard 
gamma rays from ThC". These gamma ray photons have an energy of 
2.62 MEV. Measurements of the energies of the ejected particles yielded 

C. D. Anderson and S. H. Neddermeyer, Phys. Rev., 43, 1034 (1933): 

Meitner and K. Philipp, Natnrunss., 24, 468 (1933). 
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pertinent information concerning the .production phenomenon. The ener- 
gies of the single positrons were all less than approximately 1.6 MEV ; the 
energy seemed to approach this as an upper limit. The energies of the single 
negatives were distributed over a wide range, approaching approximately 
2.6 MEV as an upper limit. The sum of the energies of any electron-posi- 
tron pair was usually from 1 to 1.6 MEV; there appeared to be an upper 
limit of about 1.6 MEV. 

These results speak strongly in favor of the concept of creation of elec- 
tron-positron pairs from photons. An energy of 1.02 MEV would be 
required to form the rest masses of the resulting electron and positron. 
Since the photons used in this investigation possessed an energy of 2.62 
MEV, it follows that there should be left over an energy of 1.6 MEV which 
might go into kinetic energy of the pair particles. This is apparently just 
what happens. The energy is not necessarily divided equally between the 
two, so that the maximum energy of either individual particle constituting 
the pair, or the maximum combined energy of the pair, should be 1.6 MEV. 
Single electrons with energies much higher than this are observed, the 
maximum energy approaching 2.6 MEV. These electrons are not those 
resulting from the pair creation process. They are photoelectrons which 
have been ejected from the planetary electron system by the gamma rays. 
The energies of those photoelectrons coming from the outermost shells 
should of course approach the energy of the gamma ray photon. Hence the 
energetic single electrons observed are to be expected. One might also 
wonder why pair energies less than 1.6 MEV are observed. In general there 
are two reasons. Gamma rays sources give off gamma rays corresponding to 
a wide range of energies. Attempts are usually made to filter out the lower 
energy radiation, but an appreciable amount often remains. Pairs created 
by these lower energy photons would of course have correspondingly less 
kinetic energy. Secondly, it is to be remembered that these pairs are pro- 
duced in some material, perhaps lead. The pair may lose an appreciable 
part of its original kinetic energy before emerging from the absorber, and 
hence before its energy is measured. 

A survey’^^ of the early literature shows that other experimental works of 
this character led to much the same conclusions as those just outlined. 
The general concept seeme<l to be already upon a rather firm foundation. A 
number of more precise measurements’*®"^^ of the energies of the particles 

38 V. M. S. uiiickott, Nahirr, 132, 917 (lOSiJ). 

30 J. (Mijidwick, V. M. S. l^liickoll and (1. P. S. Occhialini, Proa, Roy. Soc., A, 144, 235 (1934). 

M. N. S. Tmnielinan, N cUunrhs.y 24, 91 (193(0. 

IF. Klarmann and W. llothe, Physiky 101, 489 (1936). 

"^3 L. Simons and K. Zuber, Proc. Roy. Roc.y A, 169, 383 (1937). 

'‘3 Takcuclu and T. Sugita, Proc. Phyn. Math. Japan, 19, 555 (1937). 

M. Miwa and S. Kozima, Proc. Phya. Math. Japan, 19, 757 (1937). 
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followed. A relatively early series of observations*® involving some 4000 
photographs led to the conclusion that the highest energy positron ejected 
from lead by the 2.62 MEV photons from ThC" was (1.55 + 0.03) MEV, 
and that it could have this maximum energy only when the associated elec- 
tron remained at rest when formed. It was further concluded that an 
electron was always created simultaneously with a positron, though only one 
of the particles is observed in a majority of cases. The other particle mak- 
ing up the pair frequently does not emerge from the absorber in which the 
pair is formed. Hence, the maximum energy found for the positron should 
also represent the kinetic energy of the pair at the instant of creation. The 
experimental value 1.55 is only 3 percent under that theoretically expected. 
These observations also led to a maximum energy of (2.49 ± 0.04) MEV for 
the ejected electrons, a value only 5 percent under that which would be 
possessed by a photoelectron ejected from the outermost planetary 
shell. 


Several studies have been made in which the electron-positron 
pairs were formed in the gas itself in the cloud chamber. This procedure 
has the disadvantage that the probability of forming a pair is much smaller 
in any of the gases than in lead. It has the advantage, however, that the 
observations are relatively free from the unknown energy losses suffered by 
the two particles of the pair before they emerge from the lead or other heavy 
absorber more commonly used. Photographs have been obtained of pairs 
formed m ^ypton,^® in xenon and in krypton, “ and in argon and in methyl 
iodide. These gases range in atomic number from 18 for argon to 54 for 
xenon. The observations are concerned not only with the energies of the 
pairs but also with the angular distribution of the ejected particles with 
respect to the incident photon. One series’" of measurements in xenon and 

an average 

of 1.66 ME^ for the energy of the pair. Any possible difference between 
e average energies of the positive and negative components of the pair 
was smaller than the experimental error of measurement. 'J'he average 
observed angle between the pair particles formed in xenon was much larger 
than that for pairs formed in krypton. This led to the conclusion that the 
average angle between the pair particles increases with the atomic number 
of the element in which the pair is formed. The data of Simons and Zuber'** 
toortJlS^ consistent, however, with this last conclusion. These observers 
took 1032 photographs using methyl iodide and 1380 using argon gas. 
These showed 75 paired tracks in methyl iodide and 52 in argom This 
llustrates in a rough way how much more probable is the formation of pairs 
indirl ^ atomic number. Most of those pairs formed in methyl 

atomic numb ‘'a® 

atomic number 53, as against 18 for argon. 
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These data of Simon and Zuber indicated no difference between the 
average angles of ejection of particles in the two cases. Fig. 7 reproduces*^^ 
the angular distribution of all the particles observed, both positive and 
negative. The number of particles observed within a given angular region 
is shown by the rectangular curve. The full line smooth curve represents 
the theoretical distribution.*^® If / represents the fraction of particles 
projected at angles between 6 and (6 + dd) with the direction of the incident 
photon, it turns out theoretically that 

Odd 

^ [{:ni,cyEy + e^Y 

where E represents the total energy of the projected particle, the sum of its 
kinetic and rest energies. Since E depends upon the energy of the photons, 



Fig. 7. — Sliowing tho iiiigular (iisLribiitioa of pair par tides, bolli positrons and eleotrons, 
about the line representing the dircetion of the original jUioton. The solid rectangular curve 
is the observed distribution when iiieasureinenls are made only on those tracks whose length 
exceeds S.O cm. 'J'he dashed rectangular curve is the observed distribution when ineasim'- 
inents are further eonfin<*<l to only those tracks for whieli both partners of eacli pair are 
measured. The full line curve represents the tlieoretieal distribution. 

the angle at which the maximum of this curve occurs will depend upon the 
photons used. The higher the energy of the ])hot<)n creating the pair, the 
greater the probability that the particles will be ejected in a nearly straight 
forward direction. For one member of a pair ejected by the MEV 

photons from ThC", the average value of E will bo or approxi- 

mately 1.3 MEV. Using this value of E it can be calcMilated that the maxi- 
mum number of particles should fall at angles near 13°. I'his prediction is 
illustrated by the theoretical curve. While the experimental data shown in 

H. Betbe and W. Heitler, Proc. Roy. Soc., A, 146, 88 (1034). 
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Fig. 7 are rather meager, and while the experimental errors are large, it is 
pleasing to see that the data fall as close as they do to the theoretical curve. 
Results of a study by Adams are in agreement in that they yield an average 
angle of about 30® between the electron and the positron components of a 
pair. On the other hand, Grosev and Frank found an average angle of 48® 
between these components. Furthermore, these observers found that the 
positrons are ejected in directions making smaller angles on the average with 
the original direction of the incident photon than do the directions of the 
corresponding electrons. 

It has been remarked that one study of pairs formed in a ‘gas led to a 
value 1.66 MEV for the average total kinetic energy of the pair. This is 
quite close to the theoretical value (^.62 — 1.02) = 1.60. The kinetic 
energies of pairs formed in gases were also measured by Simons and Zuber.^‘^ 
Their results are reproduced in Fig. 8. The rectangular curve represents 
the number of pairs for which the observed total kinetic energy was within a 
certain energy range. A majority of the observations fall close to the 
theoretical value of 1.6 MEV- From a consideration of the errors involved 
in their observations, the authors estimate that the probable error associated 
with their measurement of the total energy of a given pair is 0.17 MEV. 
The smooth curve of Fig. 8 is a Gaussian curve, an accidental distribution 
curve having its maximum arbitrarily placed at 1.6 MEV and having a 
distribution about this maximum corresponding to a probable error of 0.17. 
Except for the few observations at the higher energies, this accidental 
distribution curve fits quite well the experimental observations. Now the 
breadth of the smooth curve was drawn to represent the accidental distribu- 
tion, due to experimental error only, about the value 1.6. The agreement 
between the two curves therefore indicates that the apparent distribution is 
due entirely to experimental error, that the true total kinetic energy of each 
pair is 1.6 MEV. The authors felt that there were actually present a few 
pairs with total kinetic energies from 2.0 to 2.5 MEV. They attributed 
these to the probable presence of a few photons having energies considerably 
higher than 2.62 MEV. A weak but very penetrating gamma radiation 
from ThC'', a radiation of energy roughly 3.2 MEV, had already been 
reported.^^ If this estimate is taken as the actual energy of these few 
photons, then these should give rise to electron-positron pairs having total 
kinetic energies of 2.2 MEV. This agrees essentially with the few high 
energies recorded in Fig. 8. 

«H. Adam, Phi/s. Zeits., 38, 824 (1937). 

V. Grosev and I. M. Frank, Comptes Rendus (Doklady) de VAcad. des Scieriees, 
XJ.R.S.S., 19, 49 (1938). 

A. I. Alichanow, A. 1. Alichanian an<l M. R. Kosodaow, Jour. doPhynquc et le Radium, 
7, 163 (1936). 
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Studies of the energies of electron-positron pairs formed in lead and other 
heavy materials have also supported the concept of the creation of pairs 
from photons. In one recent study Takeuchi and Sugita^^ photographed 
the energy spectrum of electrons and positrons produced by gamma rays 
from Ra filtered through 6 mm. of lead. These gamma rays, which consisted 
of a mixture of photons of several characteristic energies, were allowed to fall 
on Pb, Ag, Bi and Sn. The energies of the ejected electrons and positrons 
were determined by bending the particles in a magnetic field. The posi- 
trons showed 5 distinct bands corresponding to the energy limits of positrons 
ejected by gamma rays of the 5 different characteristic energies known to be 
present in the gamma ray spectrum of Ra. In a cloud chamber study by 
Miwa and Kozima,^^ a study of 151 pairs formed in lead by the 2.6^ MEV 



Fig. 8. — Showing the distribution of measured values of tlic total kinetic energy of electron- 
positron pairs formed by photons from ThC". 

gamma rays of ThC", the kinetic energy of the j)air was found to be 
(1.51 + O.OJi) MEV. By making a small correction necessary for the loss of 
the energy in the load, the authors showed that the actual kinetic energy at 
the instant of creation was very close to the theoretical value of 1.60 MEV- 
Another interesting aspect of the creation of electron-positron pairs has 
to do with the relative average kinetic energies of the electron and the posi- 
tron constituting the pair. As has already been inferred, the formation of a 
pair almost always takes place near the nucleus of some atom. The prob- 
ability of pair creation is increased enormously by the ])resence of the addi- 
tional particle which can absorb a real but nearly negligible part of the 
momentum and energy. It lias been pointed out that this probability 
increases ra])idly with the atomic number of the nucleus near which the pair 
is created. Now if a pair is created close to a nuchuis which bears a large net 
positive charge, it is logical to expect that on the average the positron would 
leave the point of creation with a somewhat greater kinc^tic energy than 
would the electron. 'Fhe positron is repelled by the nucleus while the 
electron is somewhat attracted. The positron should therefore possess, on 
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the average, slightly more kinetic energy than the electron. Theoretical 
calculations^® show that while this difference is rather negligible for the 
elements of low atomic number, it is proportional'to the atomic number, and 
amounts to 0.£8 MEV for pairs formed near lead nuclei by photons of ^.6^ 
MEV energy. This is sufl&ciently large to be detected. 

No certain difference between the average kinetic energies of the positron 
and the electron was found in a study^^ of pairs ejected in xenon and krypton, 
though these data were not extensive; nor was the expected difference 
suflBciently large to make detection probable. In another study^-^ no differ- 
ence was found for pairs formed in argon, but the theoretical difference was 
smaller than the probable error associated with the measurements. This 
same study did show an apparently real difference for pairs formed in 
methyl iodide. Since these are formed mainly near the iodine nuclei, and 
since iodine has the relatively high atomic number 53, the theoretical differ- 
ence of energies should be measurable. The average kinetic energy of the 
positron was found to be larger than that of the electron by an amount of the 
general order expected. This theoretical difference has also been found^^ for 
pairs formed in lead. It is larger for this case and much more easily 
detected. A smaller difference, but again in agreement with theory, has 
also been found for pairs formed in Kr. While energy measurements are 
not sufficiently precise to allow one to say that the observed difference is 
equal to that theoretically expected, one can say that it is of about the 
expected size. There is no reason to think that it is different. 

Experiments of the types discussed leave no doubt of the interchange- 
ability of mass and radiant energy. The mass represented by an electron- 
positron pair often changes completely into either one or two photons of 
radiant energy. And a photon of radiant energy often disappears com- 
pletely, changing into an electron-positron pair with a kinetic energy equal 
to the difference between the photon energy and the energy required to form 
the rest masses of the two particles. And in all cases energy is conserved; 
but it is necessary to consider mass as one form of energy. It is interesting 
that experiments on the creation of electron-positron pairs also show rather 
conclusively that the mass of the positron is essentially the same as that of 
the electron. In calculating the theoretical kinetic energy of the created 
pair, the energy to form the rest mass of the positron is taken as 0.51 MEV, 
the same as that for the electron. This figure would not be appropriate if 
the mass of the positron were much different from that of the electron. But 
use of this figure leads to a calculated kinetic energy essentially equal to that 
observed. Hence, the positron mass must be essentially equal to that of the 
electron. It is difficult to say how closely these measurements fix it as equal 
to that of the electron, but perhaps to within 5 or 10 percent. This con- 

^0 J. C. Jaeger and H. R. Hulme, Proc. Roy. »Soe.. A, 163, 448 (1936^. 
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stituted the best information available previous to Spees and Zahn’s^® direct 
measurement of the ratio ejm. 

Electron-positron pairs have also been produced®*^*®^ by the bombardment 
of F with protons. It is known that gamma rays are produced in this 
process, and it first appeared®^ that the pairs resulted from the internal 
conversion of these gamma rays. A later study®^ showed, however, that 
there was little if any connection between the gamma ray emission and the 
pair creation. This work makes it appear more probable that the pairs are 
ejected from the nucleus as a result of the proton bombardment. There are 
numerous references in the literature®^ also to the creation of pairs, or at 
least positrons, by electron bombardment. In fact some observers have 
reported an unexpectedly high rate of production. In a recent careful study 
by Crane and Halpern,®*-^ however, no evidence whatever could be found for 
the creation of either pairs or positrons by electron bombardment. 

^0 J. Halpern and H. R. ( 'rane, Phya. Rev., 66, 260 (lOSO). 

W. A. Fowler and (\ C. Laiiritsen, Phys. Rev,, 66, 840 (1930). 

H. R. Crane and ,T. Halpern, Pkys, Rev., 65, 838 (1939). 



Chapter 10 

THE NEUTRON 

. I. DISCOVERY OF THE NEUTRON 

Almost simultaneously with the identification of the positron there was 
discovered still another particle, the neutron. In fact, the first experimental 
evidence indicating the existence of the neutron actually preceded by a year 
or so that bearing on the positron; but final recognition of the nature of the 
particle did not come until 1932, the same year as that in which the positron 
was announced. Announcement of these two new particles, particles as 
fundamental as the electron and the proton, doubled the number of funda- 
mental building stones of which matter might be constructed. Whereas 
before all nuclei had been conceived as being built from electrons and 
protons, it was now necessary to decide among a number of possibilities 
involving not only electrons and protons but positrons and neutrons as well. 
These various possibilities, and some evidence which bears upon the problem, 
will be discussed briefly in the next chapter. 

The first convincing evidence of the existence of some unrecognized 
particle or radiation came from studies having to do with the artificial dis- 
integration of the elements. Bothe and Becker^ found that if the alpha rays 
from the natural radioactive material polonium were allowed to fall upon 
certain of the light elements, among which were beryllium, boron and 
lithium, there was emitted from these elements a very penetrating radiation. 
Similar bombardment of certain of the other’light elements was soon founcP 
to result in the same type of radiation. Early works^~3 showed this radia- 
tion to be far more penetrating than the gamma rays from ThC", the hardest 
gamma rays known. This new radiation was originally interpreted as 
gamma radiation of unusually short wave length. There were several 
reasons for which such an interpretation seemed natural. First, no particles 
as penetrating as the hard gamma rays were known. It appeared more 
logical to conceive of the new radiation as an extension to shorter wave 
lengths of the already known penetrating gamma rays, than to postulate a 
new and altogether different radiation. Second, this new radiation left no 

^ W. Bothe and H. Becker, ZvUft.f. Phytiik, 66, 289 (1930); Naturvyiss., 19, 753 (1931). 

2 H. C. Webster, Proc. Roy. Sor.y A, 136, 428 (1932). 

® I. Curie, Comptes RenduSy 193, 1412 (1932). 
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track in a cloud chamber; it could not be a charged particle, for all such 
particles leave continuous tracks. 

Measurements 5f the absorption of this new radiation, made by using 
both Geiger tubes and ionization chambers to compare the intensities before 
and after passing through various absorbers, led to various estimates*-^-® of the 
order of 7 to 15 MEV for the energy of the most penetrating component of 
the radiation. This is several times the energy of the 2.62 MEV photons 
coming from ThC". In order to account for such a high energy, early 
workers assumed that the bombarding alpha particle was captured by the 
beryllium nucleus, that this nucleus was thereby transformed into a nucleus 
of carbon, and that the energy represented by the excess mass of the beryl- 
lium plus the alpha particle over that of the final carbon, was radiated as a 
gamma ray photon. This process might be indicated by writing 

4 Be« + 2 He^ + hv 

where the subscript preceding the symbol for the element represents the 
atomic number and where the superscript indicates the atomic weight of 
the isotope involved. That such a process might contribute an energy of the 
order of that believed to be possessed by the radiation can be shown by a 
simple calculation. If instead of the atomic masses available at that time 
one chooses the more recent values^ 4.00389, 9.01504 and 13.00761 for 
2 He\ dBe*’ and respectively, it follows that there would be a mass 
decrease of 0.01132 grams for every gram atom of carbon so formed. This 
means a mass decrease of (0.01132)/(6.023 X 10-'^) = 1.88 X 10~^® grams 
for each atom transformed. Now from the expression Energy == mc^ it can 
be calculated that a one gram mass represents an energy of 8.987 X 10*-^^ 
ergs, or 5.609 X 10'*- electron volts. A mass decrease of 1.88 X lO'^® 
grams per atom of carbon formed would therefore release an energy of 
(1.88 X 10- X (5.60<) X lO'^-^) - 10.5 X 10« electron volts, or 10.5 MEV. 
This, increased by tlie energy of the incident alj)ha particle, and decreased by 
the recoil energy of the carbon atom formed, should represent the actual 
energy released per atom transformed. This is of the order of the energy the 
supposed gamma ray was thought to possess. Otic might object to using in 
this calculation the mass of the helium atom instead of that of the alpha 
particle. 1^he two differ by the mass of two electrons, 2 X 0.00055, or 
0.00110 atomic mass units. ''I'his represents approximately 1 MEV of 
energy, a negligible item for the present [)ur])ose. Moreover, failure to take 
account of tliis is exactly counterbalanced by similarly neglecting the fact 
that the carbon atom formed originally lacks two planetary electrons which 
it must pick up before it has the atomic weight us(‘<l above. 

'' M. S. I^ivinj'Hton and 11. A. Bel, he, Jlrv. Mod. 9, n7S (19,S7). 
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The next important contribution along these lines was made by Curie 
and Joliot.® Whereas Bothe and Becker had used Geiger tubes, these 
workers used ionization chambers to measure the intensity of the new radia- 
tion. They found that this unknown radiation produced very much greater 
ionization in the chamber if, upon entering the chamber, it were made to 
pass through paraffin or some other material containing hydrogen. The 
ionization was increased sometimes by a factor of two. Allowing the radia- 
tion to pass through carbon, aluminum, copper, silver, or lead produced 
practically no change in the ionization. The presence of hydrogen as a 
component in the absorber was essential to the production of an increase in 



Fig. 1. — Showing the track 
of a proton ejected from paraflSn 
by a penetrating radiation now 
recognized as a neutron. Thi.s 
track is more than 14 cm. long. 



Fig. 2. — Showing the track 
of a helium nucleus projected 
by impact of a penetrating 
radiation now recognized as a 
neutron. 


ionization within the chamber. These observers were able to show that the 
increase in ionization was due directly to protons which had been knocked 
out of the hydrogen compounds by this new radiation. The resulting 
protons are far more efficient ionizers than the original radiation. Cloud 
chamber studies^ showed that some of these ejected protons had surprisingly 
long ranges, up to 26 cm. in air. The lengths of tracks showed that some of 
the protons were ejected with energies as high as 4.5 MEV. It was sug- 
gested that this energy was transferred from the photon to the proton by a 
process similar to the Compton effect with planetary electrons. Applying 
the laws of conservation of energy and conservation of momentum, it was 
calculated that if the energy was transferred in this manner, then the incident 
photon often had to possess an energy of some 50 MEV. 

^I. Curie and F. Joliot, CornpUs Hendus, 194, 273, 708 (1932). 
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Pig. 1 reproduces® the track of such a proton ejected from paraffin. 
The incident radiation, which has since been shown to be a neutron, leaves 
no track as it approaches the paraffin; it produces a negligible number of ion 
pairs along its path, probably*^ about one pair in passing through 3 meters of 
air. Fig. % shows® the track of a helium nucleus projected forward by the 
impact of this new radiation. Again the incident radiation, then thought to 
be a photon but now recognized as a neutron, leaves no track. Other light 
nuclei such as carbon, nitrogen, oxygen and argon are similarly projected.^ 
Still believing this new radiation to be an unusually penetrating gamma ray, 
early workers thought they had produced evidence showing that electro- 
magnetic radiation could impart high energies directly to the nuclei of light 
elements. From the energies imparted to these nuclei, an attempt was made 
to calculate the energy of the incident radiation. Unfortunately the energy 
which had to be assigned to the hypothetical photon did not always come out 
the same. The energy calculated for a given photon seemed to depend upon 
the projected nucleus used in determining this energy. 

It was recognized that if these supposed photons did communicate energy 
directly to the nuclei of light elements, projecting these nuclei in various 
directions, then it would be necessary to give up the laws of conservation of 
energy and conservation of momentum for the individual encounters. 
Physicists disliked very much to do this; too much respect had been gained 
for these laws to give them up so easily. It has often been thought in recent 
years that perhaps these laws hold only in a statistical sense, perhaps not for 
indivi(iual atomic or subatomic encounters. And perhaps we were destined 
to find that they held oidy statistically here. Investigators might have 
been reconciled to such a situation more readily were it not for the fact that 
on previous similar occasions some one had always succeeded in finding 
another solution of the difficulty, one showing clearly that these two laws 
hold even for individual encounters. 

Fortunately Chadwick^ soon solved this j)erplexing problem, and solved 
it so convincingly that he won the Nobel Prize. It has already been stated 
that if the recoil energies of various nuclei projected by im])act of this radia- 
tion are observed, and if the laws of conservation of energy and conservation 
of momentum are used to calculate from this the energy of the incident 
radiation, then on the photon hyi)othesis the energy of the photon comes out 
({iiite different for different recoil nuclei. Uha<lwick first emphasized again 
this difficulty, bringing out that the energy of the incident assumed photon 
calculated from absorption measurements did not agree with that calculated 
from recoil measureinents; and the energy calculated for a given supposed 

I. Curie mid F. JolioL, (^(ymplen Kendiw, 194, H7() 

7 P. T. Dee, Proc., Ro^/. Soa., A, 136, 727 (1932). 

8.J. Chadwick, Proc. Roy. A, 136, 692 (1932). 
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photon from recoil observations increased markedly as heavier nuclei were 
used for recoil. Using apparatus essentially that illustrated in Fig. 3, in 
which absorbing screens of aluminum were placed between the paraflBn and 
the ionization chamber, Chadwick found that the beryllium radiation pro- 
jected some protons from the paraffin with energies as great as 5.7 MEV. 
If one supposes that this maximum energy is communicated through a 
head-on collision of a photon with the proton, it turns out that the supposed 
photon must have possessed an energy of 55 MEV to have given the proton 
the observed recoil energy. When nitrogen was used it was found* that the 
same beryllium radiation produced a maximum recoil energy of at least 1.2 
MEV. It is natural that this recoil energy should be less than that observed 
for the proton, for the nitrogen nucleus is much the heavier and the photon 
would not be expected to communicate to it as large a portion of its energy. 



ParoFFin 


Fig. 3 . — Illustrating the method used by Chadwick to measure the maximum range, and 
thence the energy, of the protons ejected from paraffin by the neutrons from beryllium. The 
maximum range was determined by placing various thicknesses of aluminum sheet between 
the paraffin and the ionization chamber. 

In view of the 55 MEV energy assigned to the photon on the basis of observed 
hydrogen recoil, a nitrogen recoil of 1.2 MEV is much larger than one would 
expect. In fact a photon would have to possess an energy of 90 MEV to 
communicate the observed recoil energy to the nitrogen. Experiments 
involving the observed recoils of two different nuclei lead to quite different 
energies for the incident photon. The photon hypothesis was thus incon- 
sistent with the laws of conservation of energy and conservation of momen- 
tum. Investigators were in a position of having to give up either the photon 
hypothesis or these laws. 

Chadwick® went on to show that if this new and highly penetrating radia- 
tion were an uncharged particle having a mass essentially equal to that of 
the proton, all the difficulties disappeared. Such a particle is called the 
neutron. If one considers a head-on collision between a neutron and a 
proton, one can write from the law of conservation of energy, neglecting for 
the present purpose the change of mass with velocity, 

where M represents the mass of either particle, Vi the original velocity of the 
neutron, V 2 the velocity of this same particle after collision, and Vr the 
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x-olocnty <.f rc-coil of tlie proton. From the conservation of momentum one 
can write 

MV, =. MV2 + MV, 

Solving the second of these equations for V 2 and substituting this value in the 
first, one finds that I \ = Iq. This in turn shows that V 2 = 0. That is, for 
a hca<l-on collision hetween the two particles of equal mass, all the energy 
of the incid<^nt neutron is given over to the proton at collision. The proton 
pnxrecMis forward with this energy while the neutron remains at rest. Now 
( had wi<*k toiuid I hat beryllium radiation projected protons with a maximum 
energy ol 5.7 ME\'. 11 the incident radiation consisted of neutrons, then 

this fignn^ also repr(‘sonts the energy possessed by the incident neutron. 

If ii head-on <M)llision lietwccn a neutron and a nitrogen nucleus is con- 
sidered in exaxdly the same way, it turns out that closely one fourth of the 
(irigiual (Miergy of the incident neutron should be given over to the recoiling 
nitrogem tmeleus. Now (diadwick observed a nitrogen recoil energy of 
1 .!2 M hA . Hen<‘e, the incident neutron must have possessed an energy 
ot 4.S I\I1^\ . 'I'liis figure agrees, within the rather large probable experi- 
mental error, wil li the value 5.7 obtained through use of the hydrogen recoil. 
'PhaJ, this dill(‘r(Mic(‘ is only one of experimental error is indicated by the 
fact that anolli(‘r obs(‘rver‘^ found from cloud chamber photographs of 
nitrogen! n'coil tracks that the recoil energy is 1.6 MEV. This yields a 
vahu' 6.4 i\lK\ lor lh(‘ en(*rgy ol the neutrons used. This figure is’nearly 
as much above* ihal obtahie<I from hydrogen recoil as Chadwick’s value 
was Ix'low. Furl h(‘r exfieriment has shown that, on the neutron hypothesis, 
(‘n(*rgi(‘s ealculal<‘<l from recoil observations on still other nuclei likewise 
coim* out, consisli'nt, with t,h(*s(‘ figures. This concept of a new particle, 
llu* n<*ulron, r<‘mov(‘d not oidy those difficidties presented by Chadwick’s 
own data, but it, lit, in eejually well with all previous data gathered by other 
work(*rs. Tin* n<‘ul ron was immediately upon a firm experimental founda- 
tion. A bri(*f historical account of these early developments has been given 
l)y H()th<‘.*'’ Sinc<‘ lh(*s(‘ pioneering works a mass of information involving 
l h<‘ ncMi t roll has b<*(*n gal h<‘r(*d. And all of this only emphasizes the correct- 
n(*ss of ( 1iad wick's concept. ''Fhe existence of the neutron, a particle bear- 
ing no n(‘l, ('lectrical cha,rg<*, and one having essentially the same mass as 
th(^ jiroton, can no long(‘r be (pn^slioned. 

The great p(‘n<*t ra t ing power of the neutron, as well as failure of the 
f)art ich* l.o l(‘a,v(‘ a, visible t rack in a cloud chamber, is quite consistent with 
lh<* supposed natnix? of tin; ]>artiele. Particles such as electrons, protons, 

» N. rroc. liou. Sor., A, 136, 700 (1932). 

\V. Bolhe, Naturwis.H., 21, 825 (1933). 
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positrons, and alpha particles suffer most of their resistance in passing 
through matter due to the fact that they are charged. For all but the higher 
energy particles most of the resistance is due to interactions between the 
flying particle and the planetary electrons of the atoms of matter through 
which it passes. For the higher energy particles interactions between the 
particle and positively charged nuclei play an important role. One refers 
to interactions, whether they be with planetary electrons or with nuclei, 
as collisions. They are collisions, but no doubt of an electrical rather than 
a mechanical type. The mere fact that the particle is charged allows it, 
upon fairly close approach, to exert appreciable forces upon the other 
charged particles which make up the atom. In this way the flying particle 
gradually transfers its energy to the atoms of the absorber, the particle 
finally coming to rest. 

Now the neutron possesses 119 net electrical charge; no electrical field 
extends an appreciable distance from it. It is very unlikely, therefore, 
that the particle would suffer many collisions in passing through matter. 
There may be electrical or magnetic fields exceedingly close to the neutron, 
perhaps due to a nonuniform distribution of charges which neutralize elec- 
trically at appreciably distant points, or due to some magnetic property of 
the particle. If such residual fields exist they must be confined to a very 
small region. The neutron itself is exceedingly small, perhaps of the order 
of size of the proton. It is far smaller than the hydrogen atom. It is 
essentially a hydrogen atom with the one planetary electron placed down 
in the nucleus instead of in the K shell. Since any possible residual elec- 
trical field is confined to an exceedingly small region, the neutron would 
have to come very close to a planetary electron or to a nucleus before it 
could communicate any appreciable energy to it. Hence, the neutron loses 
energy but slowly as it passes through matter; it has a great penetrating 
power. 

It is known that there are forces exerted between neutrons and other 
particles, between neutrons and protons, or even between neutrons and 
neutrons. Experiments on the scattering of neutrons have shown the 
existence of such forces. The mere fact that neutrons are absorbed to some 
extent shows definitely that there are some retarding forces exerted between 
them and other particles. But these forces become appreciable only for 
very close approach of the particles involved. The lack of appreciable 
forces between the neutron and the planetary electrons of an atom accounts 
also for the failure of the particle to leave a visible track in a cloud chamber. 
The particle forms too few ions on which droplets can condense to make the 
track visible. 

It is interesting that the possible existence of a particle having the 
properties of the neutron had been discussed as early as 1920. Ruther- 
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forcl^l in his Bakeriaii Lecture, had considered the possibility of a “neu- 
tron/’ a particle consisting of a proton and an electron in close combination. 
t>uring the ensuing years there were many experiments® designed to detect 
tlie l)ossiV)le existence of such a particle. But it was not until 193^ that 
it.*4 existence was recognized, and this recognition came as a result of studies 
whicdi cxTtainly di(l not have as their primary purpose the finding of the 
neutron. '^.I'his is another illustration that the by-products of research may 
often l)e ol as great or greater importance than the direct results anticipated. 

2. SOURCES OF NEUTRONS 

It has heen stated that neutrons are given off when beryllium or other 
li^ht elements are bombanled with alpha rays. Let us look briefly into the 
tlK‘ rn(‘<‘hanisrn by which these particles are given off. This question is 
up intiinutely with another which will be discussed in some detail later, 
thc‘ nrtifi<‘ial traiisnuitation of the elements. We shall, therefore, content 
for the present with the bare essentials of the concept. Before 
i*<H*()gnition of the neutron, early workers regarded the penetrating radi- 
ation^ gi\'(ni off from beryllium when bombarded with alpha particles as 
higfh energy photons. It was suggested that the beryllium nucleus absorbed 
th<,‘ alpha particle, becoming a carbon nucleus, and gave off a photon of 
i*a<linnl <uiergy to compensate for the decrease of mass accompanying the 
cliaiig<‘. Sueli a reac'tion might be indicated by writing 

+ aHe-' + hv 

whorv till* subscripts preceding the symbol of the element represent the 
a tomic nunilxT ami where the superscripts refer to the atomic weight of the 
is<)t<)])e involved. 1'he dillieulties encountered by such a concept have 
alrtuidy hetui diseuss(*(l. With (diadwick’s recognition of the neutron, 
h<)\v<‘V(‘r, 'thiNse dillieulties disappeared. The reaction which had been 
l>i<-iure(l, the ou<‘ written above, was not correct. Experiment showed 
tha t I lie l)<*rylliuni nucleus <lid absorb the alpha particle and it did then 
Ix^come a, nuchuis of (‘arbon, but it became a nucleus of rather than 
( ^rhe actual nwtion was found to be 

.jBe'* + ijMe' — > + o/d 

\vl»<>r<‘ slan<ls for tb(‘ n<‘ulrou, a particle of zero charge, and hence zero 
ii.l omic number, ami of atomic weight I. (Iiadwick’s work left no room^ to 
<l<)nl)t I b(‘ corn'ctness of this eoneept. Experimentally determined energies, 
including mass a.s (‘m‘rgy, were* in lull aeeor’d with the laws of conservation of 
<uun'gy and inonumium. The meelianism of neutron ejection was no doubt 
as indica.l(‘<l by th(‘ Iasi, writU'ii reaction. 

>' K. Unllicrfunl, rmr. lioj/. A, 97, :t74 (U)i20). 
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Since recognition of the neutron as a fundamental particle, many other 
similar reactions have been shown to occur. Many light nuclei other than 
4 Be^ such as sLi^ 7 N^^ gF^®, uNa^^ isAP^ and others, capture 

the bombarding alpha particle and eject a neutron in the same way as does 
beryllium. The nucleus capturing the alpha particle then becomes the 
nucleus of another atom. The total energy of the ejected neutron, including 
both mass and kinetic energy, can be calculated from the known kinetic 
energy of the incident alpha particle and the difference between the mass 
of the two combined original particles and the one newly formed nucleus. 
Bombardment with alpha particles is not essential to the production of 
neutrons. Bombardment with other high energy particles, protons, 
deuterons, and even photons, often results in the emission of neutrons. 
Any one of the disintegration reactions which leads to the ejection of a 
neutron might be used as a source of neutrons. Thus many sources are 
available. Some of these reactions are much easier to produce than others, 
some give a much greater yield of neutrons per bombarding particle than 
others, and the energy of the ejected neutron depends upon the reaction 
producing the particle. It is from these considerations that choice of an 
appropriate source is made. 

The problem of collimating a beam of fast neutrons is difficult. A 
narrow beam of electrons, positrons or alpha particles can be obtained by 
placing in the path of the particles an absorbing screen having in it a small 
opening. Lead or similar metal screens a few millimeters thick will suffice 
for this purpose. A beam of hard X-rays or gamma rays can be collimated 
in the same way by using screens a few centimeters thick. Such screens 
are almost useless, however, in stopping fast neutrons. It can be shown 
that a particle making repeated collisions with other particles will give up 
its energy most rapidly if the particles being struck are of the same mass 
as the particle it is desired to stop. Consequently, the best neutron 
absorbers are those materials containing an abundance of hydrogen nuclei. 
Water and paraffin constitute the two most widely used neutron absorbers. 
It has been estimated that an initially homogeneous beam of 10 MEV 
neutrons would be reduced in number by a factor of 10® in passing through 
5 feet of water. 

Collimating arrangements for fast neutrons consist of channels 
through large thicknesses of water or paraffin. Aebersold^® has obtained 
a well-defined and intense beam by using a slightly tapering channel through 
a 50 cm. wall of paraffin or water. The large thickness of matter required 
to produce a well-defined beam introduces considerable difficulty due to the 

S. M. Dancoff, Phys. Rev.^ 67, 251 (1940). 

13 P. C. Aebersold, Phys, Rev., 66, 596 (1939); 66, 714 (1939). 

i^R. P. llachcr and D. C. Swanson, Phys. Rev., 66, 483 (1939). 
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scattering of radiation by the sides of the channel and the production of 
secondary radiation in the absorber. In Aebersold’s apparatus this 
difficulty was minimized by lining the channel with a 3 cm. thick lead wall 
and by surrounding the absorbing material with a 2.5 cm. lead wall. This 
lead absorbed a great part of the secondary gamma radiation. 

It is interesting that there is evidence^® indicating the existence of some 
neutrons in the atmosphere. Studies^®-^^ have shown that these are asso- 
ciated with the cosmic radiation, probably constituting a part thereof. 
From the general knowledge that cosmic rays are very penetrating, together 
with the fact that neutrons themselves are very penetrating, one might be 
tempted to conclude that the cosmic rays consist largely of neutrons. But 
a mass of experimental evidence, some of which will be discussed later, shpws 
that such is not the case. Certainly if neutrons are present in cosmic rays, 
they make up only a small part of the radiation. 


3. THE MASS OF THE NEUTRON 

It is clear from previous discussion that the mass of the neutron is 
essentially the same as that of the proton. It is both interesting and 
important to inquire, however, just how the mass of this particle can be 
obtained from experimental data, and just how accurately it is possible to 
determine the mass. Chadwick® originally assumed for the particle a mass 
equal to that of the proton, and proceeded to show that such a mass was 
entirely consistent with all , known observational data. It is obvious, 
however, that the procedure might have been reversed ; observational data 
might have been combined and the mass of the neutron solved for explicitly. 
This also* was done by Chadwick. For a head-on collision between a neutron 
of mass M and original velocity V\ and a recoil atom of mass Mr originally 
at rest, one has 


and 


+ yMrVr^ 
MVx - MV2 + MrVr 


where V 2 is the velocity of the neutron after collision and Vr the velocity 
of recoil of the atom struck. Solving the second ecpiation for V 2 and 
substituting this value in the first, one finds that the recoil velocity is 
given by 


Vr - 


2M 

Mr + M 


Vi 


E. Flinfer, Naturwiffit., 26, (1937). 

E. FUnfer, ZeiU J, Phynk, HI, 351 (19.3S). 

1). K. Froman and J. ('. Stearns, Phya. Urn., 64, 9()9 (19.S8). 
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Now if the recoil velocities are measured in hydrogen and in nitrogen, using 
the same neutrons, 


F.h = 


m 

1 + M 


Fi and Vtn = 




u + M 


Fa 


Dividing the first of these by the second, 

Fr/r _ 14 + M. 

f ;; ““ 1 + M 

At the time of Chadwick’s work the best observations for the maximum 
recoil velocities were 3.3 X 10® cm/sec. for hydrogen,*^ and 4.7 X 10® for 
nitrogen.® Inserting these values and solving for JIf, Chadwick found a 
mass 1.15 for the neutron. In view of the probable errors involved in the 
measurement of recoil velocities, estimated as easily 10 percent, this did not 
indicate that the mass of the neutron differs from that of the proton. 
Neither did it show to any degree of accuracy that the two are equal; but 
it did show that they are essentially the same. Unfortunately there seems 
little hope of ever measuring recoil velocities with sufficient accuracy for 
this method to provide a precise value for the mass of the neutron. One 
could not hope for an accuracy better than a few percent. 

In this same paper Chadwick® pointed out another method of evaluating 
this mass, a method which has since yielded the mass of the neutron to 
the same degree of accuracy as that to which the masses of the individual 
isotopes of the light elements are known. This method involves knowledge 
of the nuclear transformation giving the neutron, and accurate knowledge of 
the atomic weights of the nuclei involved. Since at that time the mass 
of the, beryllium isotope involved was not at all well known, no attempt 
was made to apply the method rigorously to the beryllium reaction. But 
boron also gives off neutrons when bombarded with the alpha rays from 
polonium, atid there were available accurate data on the atomic weights of 
the nuclei involved in this process. The reaction by which the neutrons arc 
formed is no doubt as indicated by 

+ 2He^ tN'^ + 

Now from the law of conservation of energy, considering mass as energy, 
one can write 

Mass of bB^^ -|- Mass of 2 He'* + K.E. of 2 He'^ = Mass of 

+ K.E. of tN^'^ + Mass of o//,’ + K.E. of 

The best values of atomic masses available at that time, and these were 
from Aston’s mass spectograph work, were (11.00825 ± 0.0016), (4.00106 ± 
0.0006) and (14.0042 ± 0.0028) for boron, helium and nitrogen, respec- 
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tively. Ihe kinetic energy of* the alpha particles from polonium was known 
to be 5.^5 MEV, the equivalent of 0.00565 grams on the atomic mass scale 
of energy. 

The kinetic energy of the neutron can be determined by allowing these 
particles to project protons and measuring the maximum energy of these 
projected hydrogen nuclei. This energy can be measured with fair accuracy, 
for these protons have long ranges. The kinetic energy of the neutrons 
formed, when converted to mass units, was found to be 0.0035. The recoil- 
ing nitrogen leaves a very short track; its energy can be obtained only 
roughly from such tracks. From the law of conservation of momentum, 
however, one can easily calculate the maximum velocity, and hence the 
maximum energy, with which the neutrons used could project a nitrogen 
nucleus. Such a calculation showed that this was 0.00061. One might 
object that the unknown mass of the neutron is involved both in the experi- 
mental determination of the kinetic energy of the neutron and in the 
calculation of the kinetic energy of the recoiling nitrogen. Both of these 
are relatively small quantities, however, and one is justified in using for 
their evaluation an approximate mass, say one equal to that of the proton; 
the error so introduced in the final result is quite negligible. Thus all 
((uantities except the mass of the neutron appearing in the energy equation 
are known. Inserting these values in this equation, one has 

11.00825 + 4.00106 -f 0.00565 = 14.0042 -h 0.00061 -1- Mass of 

-I- 0.0035 

[n this way Chadwick^* obtained for the atomic mass of the neutron the value 
1.0067. Allowing for the probable errors involved in the atomic weights 
and in the energy measurements, Chadwick felt that the mass of this new 
particle was pr()l)al)ly between 1.005 and 1.008. 

This general method of determining the mass of the neutron has since 
been used by many workers. The boron reaction is only one of many that 
might be employed for such purpose. Any reaction involving the neutron 
is suitable provided the atomic masses of the nuclei involved are known 
with sufiicient accuracy, and provided the original and final kinetic energies 
of th(^ |)articles can be determined accurately. One of the best reactions 
for this purpose is the photodisintegration of heavy hydrogen by pmma 
rays. It was found by Chadwick and Goldhaber^^ ^^^t irradiation of heavy 
hydrogen with gamma rays from ThC'^ produces protons and neutrons. 
Thus 

J. ('hadwick and M. (ioldhaber, Nature, 134, 2S7 (1984). 
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These gamma rays have an energy of MEV. Since the proton and 
the neutron have nearly equal masses these two particles will proceed from 
the disintegration with approximately equal energies. The energy of the 
proton can be measured readily. It is found^^ that the two particles 
together have a kinetic energy of 0.45 MEV. Recalling that 1 MEV is 
equivalent to 0.001074 atomic mass units, and taking the mass of iH® 
— 2.01473 and that of iH^ = 1.00813, one has 

2.01473 + 0.00281 = 1.00813 + Mass of neutron + 0.00048 

This gives for the mass of the neutron 1.00893. By methods such as those 
illustrated the mass of the neutron has become known to a high degree of 
accuracy. Table I summarizes the values which have been obtained. 

Experimental data having to do with many different types of reactions, 
some set off by alpha particles and some brought about by bombardment 
with other high energy particles, are incorporated in these values. The 
atomic mass of the neutron is accurately known, to about the same degree 
of precision as the atomic masses of most of the light elements. It is 
significant that in evaluating this mass one applies the laws of conservation 
of energy and conservation of momentum to individual interactions, and 
treats mass definitely as one form of energy. The fact that the neutron 
mass turns out so closely the same regardless of the reaction used in its 
evaluation, speaks convincingly in favor of both of these concepts. It is 
just as certain today that mass and energy are interchangeable as it is that 
heat is a form of energy. 

It is interesting that the mass of the neutron is definitely larger than 
that of the proton. If one takes for the atomic weight of the lightest isotope 
of hydrogen the value^ 1.00813, and subtracts the atomic weight of the 
planetary electron, 0.00055, one obtains for the proton the value 1.00758. 
This is less than the mass of the neutron^® by 0.00135. This represents a 
considerable amount of energy, 1.27 MEV. One might therefore suspect 
the neutron to be unstable with respect to the proton, perhaps becoming 
a proton through the ejection of a negative electron. While this may 
occur, there is no direct experimental evidence for it. Had it not been for 
the almost simultaneous discovery of the positron, one would have been 
tempted to view the neutron as a close combination of a proton and an 
electron. In this case one would expect that 

‘ Mn =* Mp + — Binding Energy 

where M represents the atomic weight and where the subscripts n, p, and e- 
refer to the neutron, the proton and the negative electron, respectively. 

10 H. A. Bethe, Phys. Rev., 53, 313 (1938). 
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Substituting appropriate values, 

1.00893 = 1.00758 + 0.00055 - Binding Energy. 

From this one finds a binding energy of —0.00080 atomic weight units, 
or — 0.74 ME V. Thus one would not expect a combination ol this sort to 
take place. Although the existence of the proton has been recognized far 

TABLE I 

Determinations of the mass of the neutron arranged in approximately chronological order. 
The increase from about 1.0084 to approximately 1.0090 came about in lOiJO as a result of 
recognition of an error in the atomic weights which had previously been used for the light 
elements. For example, although Chadwick and Goldhaber reported 1.0084 in 1985, they 
remarked that if the then apparent error in atomic weights should prove correct, this value 
would be raised to 1.0090. This error, mainly in the He/0 ratio, did prove to be real 


Observer 

Date 

Reference 

Mass 

Chadwick 

1982 ' 

8 

1.15 

Chadwick 

1932 

8 

1.0067 

Curie and Joliot 

1933 

20 

1.012 

Lauritsen and Crane 

1934 

21, 22 

1.00C8 ± 0.0003 

Chadwick and Goldhaber 

1984 

18 

1.0080 ± 0.0005 

Oliphant, Kempton and Rutherford 

1985 

28 

1.0083 ±0.0003 

Bethe 

1985 

24 

1.0085 ± 0.0005 

Chadwick and Goldhaber 

1985 

25 

1 . 0084 




(1 .0090) 

Ising and Helde 

1980 

26 

1 . 0080 

Oliphant 

1980 

27 

1.0091 ± 0.0008 

Cockcroft and Lewis 

1986 

28 

1 . 0087 

Bonner and Brubraker 

1936 

29 

1 .0090 :b O.OOOl 

Chadwick, Feather and Bretscher 

1987 

80 

1 . ()09() 

Mano 

1987 

81 

1.00904 :l: 0.00006 

Livingston and Bethe 

1987 

4 

1 .00897 :l: 0.00006 

Stetter and Jentschke 

1988 

82 

1 . 00895 .1: 0 . 00008 
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1988 

19 

1 .00898 il: 0.00005 
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longer than that of the neutron, this is no reason to regard the proton as 
necessarily the more fundamental building stone, and to conceive of neutrons 
as necessarily being manufactured of protons and electrons. With the 
discovery of the positron it became equally possible to view the neutron as 
more fundamental than the proton, and to conceive of the proton as being a 
neutron and a positron in close combination. On such a concept one would 
expect that 

Mp = Mn + Mc^ — Binding Energy 

where represents the atomic weight of the positron. Substituting 
appropriate values, 

1.00758 = 1.00893 + 0.00055 - Binding Energy. 

From this one finds a binding energy of 0.00190 atomic weight units, or 
1.77 MEV. This energy is of .the proper sign, but the mass defect, or the 
binding ei^ergy, is larger than one would anticipate from knowledge of 
similar mass defects in various atomic nuclei. Perhaps one must regard 
both neutrons and protons as fundamental particles. The nuclei of atoms 
could be conceived as made up from protons and neutrons, without regard 
to electrons and positrons, just as well as they could from protons and 
electrons, or from neutrons and positrons. In fact the most successful 
theory of nuclear structure today does just this. The proton -neutron 
concept of nuclear structure possesses several distinct advantages over the 
other possible concepts. 

4. THE MAGNETIC MOMENT OF THE NEUTRON 

It has been remarked that in the interpretation of some of the details 
of the emission of the characteristic spectral lines of atoms it has been found 
necessary to introduce the concept of the spinning electron. More directly, 
it is necessary to attribute to the electron a definite magnetic moment. One 
pictures this magnetic moment as due to a spinning of the electron. This 
spin would give to the electron a certain amount of angular momentum and 
perhaps, due to the charge of the electron, a certain magnetic moment. 
Other details of characteristic line spectra, known as hyperfine structure, 
have made it necessary to assign also to the nuclei of atoms certain magnetic 
moments. Early evidence for the existence of these nuclear moments, 
along with early measured values of the moments, have been summarized 
elsewhere.®^ 

In more recent years there have been developed several molecular beam 
methods of measuring nuclear moments fairly directly, and in some instances 
these give precise values. The fundamental experiments of this character 

N. Dallaporta, N. Cimento, 12, 576 (1935). 
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were those of Stern and his collaborators, in which the inagncjtic moments 
of the proton and the denteron were determined by deflecting molecular 
beams of these in inhcjinogeneous magnetic fields. Still more recently 
Rabi®*^ and his associates have developed a molecular beam resonance 
method which has been applied to determine accurately the magnetic 
moments of a number of nuclei. If a particle having angular momentum 
and a magnetic moment is placed in a magnetic field the particle will execute 
a precessional motion about the field. The frequency of precession increases 
as the strength of the magnetic field is increased. The resonance method 
of determining magnetic moments consists of increasing this magnetic field 
until the precession is in resonance with an auxiliary oscillating magnetic 
field. The magnetic moment can be calculated from the known frequency 
of the auxiliary oscillating magnetic field and the strength of the primary 
magnetic field required to produce resonance. 

Because of certain theoretical considerations it has become customary 
to express nuclear magnetic moments in terms of a unit known as the 
nuclear magneton. The size of the nuclear magneton is given by ehl^irMc^ 
where e, h and c have their ordinary significance and where M is the mass 
of the proton. Rabi®^ and his collaborators have found that the magnetic 
moment of the proton is (2.785 + 0.02) nuclear magnetons, and that 
the magnetic moment of the deuteron is (0.855 ± 0.006). The molecu- 
lar beam resonance method has been used to determine the magnetic 
moments of a number of other nuclei also. 

It is not difficult to conceive of a particle such as an electron, a proton 
or a neutron as possessing a certain angular momentum. They have mass, 
and therefore a moment of inertia. If they should be spinning as a whole, 
or if they should have certain parts that are spinning, they would possess 
angular momentum. Neither is it difficult to conceive that a charged 
particle such as an electron, a proton, or any nucleus might possess a mag- 
netic moment. On the other hand, one can not picture readily just what 
might give rise to a magnetic moment for the neutron. Nevertheless, it 
has been established definitely that the neutron has a magnetic moment of 
the same general order of magnitude as that of the proton or the deuteron. 
The magnetic moment of a neutron must be regarded as a fundamental 
property of the particle. It is a fundamental property just as much as is 
charge or mass. Since the deuteron is in all probability made by adding a 
neutron to a proton, and since the deuteron and the proton have magnetic 
moments 0.855 and 2.785 nuclear magnetons, respectively, it appeared likely 
that the neutron would have a magnetic moment approximately —1.93. 

0. Stem and Others, Zdts. f. Physik% 86 , 4, 17 (1033); 89 , 665 (1934); Phys, 46 , 
761 (1934). 

1. I. Rabi and Others, Phys. Rev,, 61 , 662 (1937); 66 , 526 (1939). 
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The negative sign indicates that the relative directions of the magnetic 
moment and the angular momentum of the neutron are opposite to that for 
the proton and for the deuteron. 

Convincing proof that the neutron does possess a magnetic moment 
came from studies of the scattering of slow neutrons by magnetic materials. 
It turns out theoretically that an appreciable part of the scattering of slow 
neutrons should be due to interactions between the magnetic moments of 
the neutrons and those of the extranuclear electrons in the scattering atoms. 
Furthermore, magnetization of the scatterer should change slightly this 
part of the scattering. Dunning and his associates; have shown that 
this small effect does exist for the scattering of neutrons by the strongly 
magnetic material iron. While studies of this character showed that the 
neutron does possess a magnetic moment, they did not allow an accurate 
determination of the moment. 

A precise value for this moment has been obtained recently, however, 
by an adaptation of the resonance method to a beam of neutrons. In this 
way Alvarez and Bloch find for the neutron a magnetic moment — (1.935 
± 0.02) nuclear magnetons. Actually these observers determined only the 
magnitude of the moment, but it had previously been shown by Powers'"*^ 
that the sign of the moment is negative. It is remarkable that this is exactly 
the magnetic moment that must be added to that of the proton in order to 
obtain that of the deuteron. In fact one would scarcely expect such close 
agreement, for as the neutron and the proton combine, the forces of inter- 
action might well modify slightly the moments of the individual particles. 
If effects of this character are present, however, they must cancel out, for 
to the accuracy with which the moments are known the magnetic moment 
of the deuteron is equal to that of the proton plus that of the neutron. 

J. R. Dunning and Others, Phys. Rev., 61, 1112 (1937); 52, 38 (1937). 

P. N. Powers, Phy,*i. Rev., 64, 827 (1938). 

38 L. W. Alvarez and F. Bloch, Phys* Rev,^ 67, 111 (1940). 



Chapter 11 

ATOMIC NUCLEI— ARTIFICIAL 
DISINTEGRATION 

I. EARLY EXPERIMENTS ON THE STRUCTURE OF THE NUCLEUS 

Although the general concept of the atomic structure of matter was 
firmly entrenched long before the beginning of the present century, it was 
more than a decade after the start of the century that convincing evidence 
regarding the details of this structure began to accumulate. Before this 
there was no definite knowledge concerning even the general distribution 
of the positive and the negative parts of the atom. It was in 1913 that 
Bohr had such notable success in interpreting line spectra in terms of 
planetary electrons descrioing orbits about a massive and positively charged 
nucleus. It was about this same time that Rutherford and his coworkers 
initiated a series of experiments that were to yield later definite information 
regarding the effective size of, and the net positive charge on, the central 
nucleus. The Rutherford-Bohr atom model grew largely from these two 
lines of evidence. 

Rutherford’s Work on the Scattering of Alpha Particles by Thin Films 
Before 1911 there was no convincing evidence regarding the size of the 
positively charged nucleus. In fact many, following Thomson,^ conceived 
of a jelly-like atom made up of positive and negative electricity, the positive 
charge being distributed throughout a sphere which was supposed to 
represent the atom. Evidence gathered from viscosity, diffusion, dis- 
crepancies from the perfect gas law, etc., had shown that the effective 
diameter of the atom is of the order of 10~® cm. On the Thomson model 
the positive part of the atom was supposed to extend over this entire region. 
A strong suggestion that the positive parts of the atom must be more 
concentrated than this was contained in the observation that alpha particles 
are shot oft* from many natural radioactive elements with tremendous 
energies, energies of the order of 5 MKV, The large energy given the 
positively charged ali)ha particle suggests that this particle may have been 
repelled strongly in leaving the other positive charges in the atom. A 
repulsion which could account for these tremendous energies could come 


1 J. J. Thomson, Camh. Lit. and Phil. Soc., 16 (1910). 
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about only if all the positive charge in an atom were concentrated in a very 
small region. 

The first convincing evidence that the positive charge is concentrated 
in a very small region came from studies'-^"'^ o/ the scattering of alpha 
particles as these particles passed through a gold foil approximately ().()0()4 
cm. thick. It had been found that, although most of the particles pro- 
ceeded nearly straight through the foil, approximately one particle in 20,000 
was deflected through an angle of the order of 90°. With this knowledge 
Rutherford and his associates undertook a long series of experiments on the 
scattering of alpha particles by thin films. The results of these studies 



Fig. 1. — Illustrating the method of studying the scattering of alpha particles by thin films. 

proved to be of utmost importance in the development of the modern 
concept of atomic structure. 

The basic procedure followed in these experiments is indicated in Fig. 1. 
Alpha particles from a distant source were allowed to strike the surface of a 
thin film perpendicularly. Films of gold, platinum, silver and copper were 
used at various times. The distribution of scattered alpha particles was 
determined by counting the number of scintillations produced per second 
on a small fluorescent screen placed in first one and then another angular 
position. It was found that most of the positively charged alpha par- 
ticles passed on through the film with but slight deflections. There were 
observed, however, a few particles which were deflected through very large 
angles; some were turned almost directly back on their paths. 

2 E. Ruthorfonl, Phil. Mag., 21, 6(59 (1911). 

3 H. Geiger, Proc. Hoy. Sor., .V, 86, ii2S5 (19l!2). 

^ H. Geiger au<l E. Marsden, Phil, May., 26, 604 (19IS). 

U. Chadwiek, Phil. May,, 40, 784 (,1920). 

® E. Kutherfonl, Proc. Hoy. Sor., .\, 97, 874 (1920). 

^ E. Rutherford and J. ( ’hadw'ick, Phil. May., 60, H89 (192/)). 

® H. (leiger and E. Marsden, Proc. Roy. Soo., A, 82, 495 (1909). 
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In attempting to form a proper concept of how the scattering of these 
particles takes place, the question arises immediately as to whether the 
deflection suffered by any given alpha particle is the resultant of a large 
number of small deflection^ brought about as the particle passes fairly close 
to atomic nuclei within the film (multiple scattering), or whether it is the 
result of a single deflection produced by a very close approach of the particle 
to some one particular nucleus (single scattering). The deflections suffered 
by the alpha particle because of close approaches to electrons would be 
insignificant; the mass of the electron is too small to cause the relatively 
heavy alpha particle to deviate appreciably from its path. 

It is possible to work out^*^^^ on the laws of probability the theoretical 
angular distribution of alpha particles scattered by either the single or the 
multiple scattering process. Theoretical conclusions regarding the details 
of the distribution resulting from the two types of scattering are somewhat 
different. On the theory of multiple scattering an entirely negligible 
number of particles should be scattered at large angles; on the theory of 
single scattering a much greater fraction of the particles should be deviated 
through large angles. On the theory of single scattering the number of 
particles scattered at a particular angle should be proportional to the 
thickness of the scattering film; on the theory of multiple scattering this 
number should be proportional to the square root of the film thickness. 
On the single scattering view, theory leads one to expect also that the 
number of particles scattered at any particular angle, per unit area of the 
fluorescent screen, should be proportional to cosec ** should be propor- 
tional to the square of the net positive nuclear charge, and should be 
inversely proportional to the square of the kinetic energy of the incident 
alpha particle. 

Many experiments*-^"’^ have shown that the scattering by sufficiently 
thin films at other than very small angles is definitely of the single scattering 
type. Brief summaries of these works can be found in the literature. 

All experiments show an excess of large angle scattering over that which 
would be expected on the theory of multiple scattering. This excess of 
scattering at large angles led Rutherford to suggest that the deflections 
suffered by these particles were the result of single very close encounters 
with atomic nuclei, that is, the result of single scattering. In order that a 
single encounter can produce such a large deflection, however, it is necessary 
that the deflecting nucleus have its positive charge concentrated in a very 

OC. G. Darwin, Phil. May., 23, 901 (1912); 27, 499 (1914); 41, 486 (1921). 

E. N. da C. Andrade, The Strneture of the Atom (3rd ed.; New York: Harcourt, Brace and 
Co., 1926), pp. 19-39, 

K. K. Darrow, Jntfoduction to (Contemporary Phyiiies (2nd ed.; Now York: D. Van 
Nostrand, 1939), pp. 122-138. 
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small region, and that the deflected alpha particle come quite close to this. 
Rutherford therefore assumed that the atom is composed of a positively 
charged nucleus, extremely small as compared to the size of the atom, 
surrounded by planetary electrons. An alpha particle should be able to 
move among the planetary electrons without experiencing a measurable 
deflection; an appreciable deflection should occur only when the alpha par- 
ticle approaches the central positive nucleus. It is quite apparent, there- 
fore, that experimental evidence concerning the type of scattering produced 
by thin films allows one to judge with some certainty as to the correctness 
or incorrectness of Rutherford’s concept of the nucleus. 

Numerous experiments bear upon the nature of this scattering. Careful 
investigation of the way in which the number of particles scattered varies 
with the angle of scattering have shown ^ that the number of scattered 
particles is proportional to cosec ^ 3^0, just as one expects on the concept 
of single scattering. These measurements extended over scattering angles 
ranging from 5 to 150°. Over this range the number of particles scattered 
per unit area varied by a factor of £50,000. This type of angular dis- 
tribution has been confirmed^^'^® by measurements on the scattering of 
particles produced in a gas confined in a cloud chamber. Experiments 
have shown also that the number of particles scattered at any particular 
large angle by a thin film is proportional to the thickness of the film, provided 
this thickness be small. For greater thicknesses the number of scattered 
particles increases with thickness less rapidly than that indicated by direct 
proportionality. This observation is of considerable importance. While 
for single scattering the number should be proportional to the first power 
of the thickness, for multiple it should be proportional to the square root of 
this thickness. This is further strong evidence that for sufiiciently thin 
films the large angle scattering is the result of single encounters and not of 
multiple scattering. The part played by multiple scattering would be 
expected to increase as one uses thicker films. It has been observed also 
that the number of particles scattered at any particular angle is inversely 
proportional to the square of the kinetic energy of the incident particles, 
just as one expects on the single scattering view. While it was impossible 
to determine directly whether the number of particles scattered at any given 
angle is proportional to the square of the net positive nuclear charge, for 
the nuclear charge was not yet known, it was found that the number is 
proportional to the square of the atomic number of the element. These 
many experiments confirmed in all respects the theory of single scattering 
for large angle scattering. It should not be inferred that multiple scattering 
does not take place. Both types of scattering are always present. At very 

P. M. S. Blackett, Proc. Roy. Soc., A, 102, 294 (1922). 

P. Auger and F. Perrin, Comptes Rendus, 176, 340 (1922). 
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small scattering angles, or for relatively thick films, multiple scattering 
predominates. For large angle scattering, however, particularly for thin 
films, it is the single scattering that predominates. 

Two highly important calculations can be made from the data on single 
scattering if one assumes that the electrical repulsion between the alpha 
particle and the nucleus follows the inverse square law. The analytical 
theory of single scattering was developed on the assumption that this inverse 
square law does hold, even for the close distances of approach between the 
alpha particle and the scattering nucleus. The fact that this theory is 
confirmed so beautifully by experiment gives one assurance that the law 
holds accurately even at these small distances. One observer® concluded 
that the power of the distance involved in the actual force law cannot be 
less than 1.97 nor more than 2.03. The inverse square law holds to at least 
this degree of accuracy even though the alpha particle often comes as close 
as 5 X 10“^^ cm. to the deflecting nucleus. Accepting the theory of single 
scattering, it is possible to calculate from data on the number of particles 
scattered at large angles both the closest distance of approach between the 
alpha particle and the deflecting nucleus, and the net positive charge on the 
nucleus. The closest distance of approach is that for those particles 
turned directly back on their paths. From the closest distance of approach 
one obtains an upper limit for the size of the nucleus, for the inverse square 
law still holds at these distances. Such calculations yield an upper limit 
for the diameter of the nucleus of the order of a few times 10"^^ cm. This 
upper limit depends somewhat, though not greatly, upon the atom whose 
nucleus is being considered. 

TABLE I 


Values of the net positive nuclear charge as obtained from the scattering of alpha particles 


Element 

Atomic No. Z 

Nuclear charge 

Reference 

Au 

79 

79 ± 2% 

7 

Pt 

78 

Z ± 5%* 

4 



77.4 ± 1 

5 

Sn 

50 

z ± r,%* 

4 

Ag 

47 

Z ± 5%* 

4 



4(i.3 ±0.7 

5 

Cu 

29 

Z ± 5%* 

4 



29.3 ± 0.5 

5 


18 

19 

13 

A1 

13 

Z ± 5%* 

4 



13.0 ± 0.5 

14 

Mg 

12 

12.(5 ± 1.0 

14 


* These values were calculated on the supposition that 2/ = 70 for Au. 
E. S. Bicler, Proc. Roy. Soc., A, 106, 434 (1924). 
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It is possible to calculate also the net positive nuclear charge. Experi- 
mental values obtained for various atoms are shown in Table I. Experi- ^ 
ments of this type leave no doubt that the net positive nuclear charge on an 
atom is equal to the atomic number. It is true that these results do not 
show this equality with any degree of precision, but this is due to the 
difiSculties inherent in such work. There are of course other lines of 
evidence which show this equality of net nuclear charge and atomic number. 
One convincing piece of evidence is the Moseley^^ law, which connects the 
frequency of characteristic X-rays with the atomic number of the target 
which emits them. This evidence became available shortly after the start 
of the work on the scattering of alpha particles. 

It is well to call attention here to some further evidence in favor of the 

theory of single scattering. If the 
tracks of alpha particles are photo- 
graphed in a cloud chamber one fre- 
quently observes an abrupt change in 
direction near the end of the particle’s 
path. These abrupt deflections are 
obvious from the photograph repro- 
duced^® in Fig. 2 . Since the chance of 
deflection through a given large angle 
is inversely proportional to the fourtli 
power of the velocity of the particle, 
these abrupt deflections are far more 
probable near the end than near the 
beginning of the path. These changes 
in direction are quite inconsistent with 
which occur near the end.s of alpha particle multiple scattering, but they are in 
paths. The forked track represents a close accord with the concept of single scat- 
collision between an alpha particle and an tering. The phenomenon of multiple 

oxygen nucleus. (These alpha particles scattering no doubt accounts at least 

were passing through oxygen.) . ^ j* j i i 

® in part tor the very gradual change 

in direction suffered by some of the particles. 

Many times an abrupt change in direction is accompanied by a spur 
track. This spur is due to a recoiling nucleus which has been struck by 
the alpha particle. Such a spur is shown in Pig. 2, the longer branch of the 
forked track being due to the alpha particle and the shorter spur representing 
the recoiling nucleus. That this interpretation is correct can be shown by 
calculations based upon the measured angles through which these two 
particles are deflected. .Obtaining these angles from stereoscopic views 

G. J, Moseley, P/iil. Mag., 26, 1024 (1918); 27, 703 (1914). 
lep. M. S. Blackett, Proc. Roy. Soc., A, 103, 62 (1923). 
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such as shown in Fig. Blackett^ ^ calculated the mass of the particle 
responsible for the spur track. This calculation involved only the assump- 
tion of the laws of conservation of energy and conservation of momentum, 
the measured angles of deflection, and the known mass of the alpha particle. 
It was calculated that the mass of the particle responsible for the spur 
track in Fig. 2 is 16.72 ± 0.42. This spur track was obtained when the 
cloud chamber was filled with oxygen. It seems quite certain, therefore, 
that the track is that of a recoiling oxygen nucleus. Similar calculations 
have been made^® on spur tracks made in hydrogen and in helium. The 
calculated mass of the particle responsible for the spur track in hydrogen 
is 1.024 ± 0.022 while that leaving the track in helium is 4.032 ± 0.032. 



Fio. S. — A forked' track formed by shooting alpha particles through helium. 


These spurs are certainly due to recoiling atoms of hydrogen and helium 
respectively. 

Another interesting forked track^^ is shown in Fig. 3. This was obtained 
by shooting alpha particles through helium gas. In this case the nucleus 
struck has the same mass as the oncoming alpha particle. By writing 
equations for the conservation of energy and the conservation of momentum 
for a collision between an oncoming particle and a second particle of equal 
mass which is originally at rest, it can be shown that the two particles should 
proceed in such directions that the angle between their paths is 90°. Really, 
this result is obtained only if one neglects the change of mass with velocity. 
If one considers this change for alpha particles, however, the theoretical 
angle is not appreciably different from 90°. The angle should have this 
value regardless of the way in which the collision takes place. Careful 
measurement of the angle between the two tracks of the fork shown in 

P. M. S. Blackett, Proe. Hoy. Noc., A, 107, S49 (um). 
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Fig. 3 shows that the angle between these is 89° 27', This is very close to 
the theoretical 90°. 

Failure of the Inverse Square Law of Repulsion between Nuclei 

Experiments on the scattering of alpha particles as they pass through 
films composed of fairly heavy atoms have shown that the inverse square 
law of repulsion between the alpha particle and the nucleus holds to the 
closest distances of approach encountered in these studies. It would be 
important to know for just how much closer distances of approach this law 
might hold. There are two ways in which the- alpha particle might be made 
to approach more closely the scattering nucleus. One of these is by using 
some atom of low atomic number for the scatterer. The nucleus of such 
an atom possesses a small positive charge and the alpha particle would, 
therefore, have to approach relatively close before the force becomes suffi- 
cient to stop its forward motion. Hydrogen would be the best material to 
choose for such purposes. Studies^^'^^ of the scattering of alpha particles 
by hydrogen have given valuable information regarding the limiting distance 
of approach for which the inverse square law still holds. 

In studying the scattering of alpha particles by heavy nuclei, it was 
permissible to neglect entirely the motion of the nucleus which had been 
struck. For light nuclei, however, this motion must be considered; in fact, 
for hydrogen the velocity with which the nucleus is projected is sometimes 
greater than the velocity of the incident alpha particle. Consider a head-on 
collision between an alpha particle of mass M and velocity Fi and a hydrogen 
nucleus of mass m originally at rest. If V 2 represents the velocity with 
which the alpha particle continues forward after the collision, and if v 
represents the velocity with which the hydrogen nucleus is projected 
forward, then one can write from the law of conservation of momentum, 

MKi = MV 2 + 'tnv 

Assuming also the law of conservation of energy, 

y^MVi^ = }4MV2^ + 

If one solves the first of these equations for V 2 and substitutes this into 
the second equation, and if one makes use of the fact that M/m — 4, it is 
found that v = I. 6 F 1 . Thus a hydrogen nucleus which is struck head-on 
proceeds forward with a velocity 1.6 times the velocity of the incident alpha 
particle. Now it can be argued that a proton of a given velocity should 

E. Marsden, Phil. Mag., 27, 824 (1914). 
i»E. Rutherford, Phil. Mag., 37, 537, 562 (1919). 

J. Chadwick and E. S. Bieler, Phil. Mag., 42, 923 (1921). 

E. N. da C. Andrade, The Structure of the Atom (3rd ed.; New York: Harcourt, Brace, 
and Co., 1926), pp. 75-88. 
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have essentially the same range in a given gas as would an alpha particle 
of the same velocity. Furthermore, the range of a particle is closely 
proportional to the cube of its velocity. One therefore concludes that a 
hydrogen nucleus projected straight forward should have a range (1.6) ^ 
or 4.1 times the range of the alpha particle which struck it. Consideration 
of minor differences in the ranges of an alpha particle and a proton of the 
same velocity indicates that the range of the proton should be slightly less 
than this. For the present purpose we shall say that it should be approxi- 
mately 4 times the range of the incident alpha particle. 

It had been noticed by Marsden^® that some protons of about this range 
are projected forward when alpha particles are passed through hydrogen. 
It is of course only those particles which are struck head-on that should 
have this range. The forward range of other particles would be smaller 
for two reasons. First, the velocity of a particle projected at an angle is 
less than that of one projected straight forward. Second, the forward range 
of a particle projected at an angle is only one component of its entire 
range. 

It is possible to work out analytically^ both the range distribution and 
the angular distribution of hydrogen nuclei projected by the impact of alpha 
particles. The calculation of this distribution involves the assumption 
that the inverse square law of repulsion holds, Rutherford^^ tested the 
theoretical distribution by observing the distribution of protons projected 
by alpha particle impact. The distribution was determined by observing 
the scintillations produced by the protons on a small fluorescent screen. 
The ranges of those particles projected straight forward agreed with expecta- 
tions. It was certain, however, that far more particles had this maximum 
range than one would expect to be projected straight forward. In other 
words, a far greater fraction than one expects of the hydrogen nuclei struck 
behaved as if they had suffered head-on collisions. In one instance'-^^ the 
number of protons projected within 30® of the direction of the incident 
alpha rays was found to be 100 times as great as that theoretically 
expected. 

Observations of this character have been made using alpha particles 
of various energies, ranges from 3.9 to 8.2 cm. For the slower alpha 
particles it is found that the distribution of projected hydrogen nuclei 
agrees more or less closely witli that calculated theoretically. As alpha 
particles of liigher velocity are used, the percentage of protons projected 
nearly straight forward increases rapi<lly. For example, using alpha 
particles of 4.3 cm. range the number of protons projected within 30® of 
straight forward is 15 times the theoretical number, whereas for alpha rays 
of 8.2 cm. range the number projected within this angle is 100 times as great 
as expected. 
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Results of such experiments can be interpreted only on the basis of 
failure of the inverse square law. Deviations from theory set in when the 
alpha particles have an energy sufficient to cause the particle to approach to 
within about 3 X cm. of the hydrogen nucleus. The inverse square 
law appears to hold down to this distance. It is interesting that this 
closest distance of approach is approximately }{o that encountered in the 
studies of the scattering of alpha particles by metallic films. The preference 
of projected hydrogen nuclei for the direction of the original alpha particles 
for these close distances of approach cannot be reconciled with a spherical 
nucleus. If the charged nucleus were spherical, and if it remained so even 
upon close approach to another nucleus, its charge would behave as if it 
were concentrated at a point, the center of the sphere. To account for the 
great number of particles projected forward it is necessary to suppose that 
one of the two nuclei is fiattened. Since the alpha particle, which is a 
helium nucleus, is more complex than the hydrogen nucleus it is supposed 
that this is the one which is flattened. If this flattened nucleus proceeds 
with its flattened face forward, the electric field would be such as to project 
an abnormally large fraction of the hydrogen nuclei nearly straight forward. 
It is not necessary to assume that the helium nucleus is normally flattened; 
it probably becomes flattened as it approaches the proton. It has been 
calculated^” that the shape of the helium nucleus which best fits experi- 
mental data for the closest distance of approach, is that of an elastic oblate 
spheroid of semiaxes 8 X 10“^^ and 4 X 10”^® cm. Such a particle, moving 
in the direction of its minor axis, accounts most satisfactorily for the 
observed distribution of projected protons. 

The First Successful Experiments on Artificial Disintegration 

Since the earliest days of chemistry it had been the dream of scientists 
that some day it might become possible to convert one element into another, 
to tear apart the structure of one atom and make it over into another. 
These dreams envisaged the turning of some cheap metal into gold, silver, 
or platinum to acquire huge profit. No success had been attained in this 
artificial disintegration of matter until 1919. At that time Rutherford, no 
doubt one of the greatest physicists ever to live, succeeded without question 
in disintegrating in the laboratory a number of materials. Since that time, 
physicists have learned how to disintegrate practically any element one 
might choose, and the new element produced in the process is now recog- 
nized. Today tlie artificial disintegration of matter has become an impor- 
tant division of physics, both because of the fundamental knowledge of 
atomic structure gained from such studies and because of certain possibh^ 
important applications of this knowledge to so-called practical problems. 
It is of interest therefore to review briefly the early work on the subject. 
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Tt was in 1919 that Rutherford^*'* first succeeded in demonstrating the 
artificial disintegration of matter. He had been studying^ intensely the 
projection of nuclei of hydrogen, nitrogen, and oxygen as alpha particles 
were passed through these gases. In each case nuclei were projected forward 
with ranges essentially in agreement with those expected on the basis of a 
collision between the alpha particle and the projected nucleus, the laws of 
cons.ervation of momentum and conservation of energy being assumed to 
hold. In studying nitrogen, however, Rutherford^^ observed an anomalous 
behavior. Using as a source RaC, containing no doubt some RaC', alpha 
particles having a range of approximately 7 cm. in air were shot through 
various gases. Now it is true that whenever one uses such a source of alpha 
particles one observes a few very long range protons, particles having a 



10 14 18 22 26 30 

Absorpflon in cms. of air 


Tm. 4, — Showing*’ the (li.stribution of protons coming from nitrogen di.sinlegrnlion by bombard- 
ment with alpha particles. 


maximum range approximately 4 times that of the alpha particle. While it 
is possible that these protons might be ejected during the radioactive 
disintegration, it seems far more likely that they are the result of a small 
amount of hydrogen impurity on the surface of the source. The maximum 
range is just that which one should expect from a hydrogen nucleus which 
has been struck and knocked straight forward. 

Curve A of Fig. 4 shows^*-* the range distribution of these natural long 
range particles from the source used by Rutherford. They are present even 
when the space around the source is evacuated ; they come from the source or 
from the gas absorbed thereon. It was observed that there were, surpris- 
ingly, a far greater number of these long range protons when the space 
around the source was filled with air. Curve B of Pig. 4 shows the number 
and range distribution when air is used. Curve (/, the difference between B 

K. Rutherford, PMl. Mcff.y 37, 581 (1919). 

K. Rutherford, P/iil Mng,^ 37, .571 (1919). 
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and Ay gives the number arising because of the presence of the air. The 
hydrogen content in air is by no means sufficient to account for these addi- 
tional particles. If oxygen or carbon dioxide be substituted for the air 
these long range particles disappear. It was demonstrated conclusively 
that these long range particles come from the nitrogen content of the air; 
they are proportionately more abundant when pure nitrogen is used. 
Detailed investigation, which includes deflecting the particles in magnetic 
fields, has proved that these particles are actually protons. It was con- 
cluded by Rutherford that these were knocked out of the nitrogen nuclei 
when these were struck by alpha particles. Atoms of nitrogen were truly 
disintegrated by bombardment with alpha rays. Rutherford suggested 
then that if there were available alpha particles or other particles with more 
energy than the particles he used, it would probably be possible to dis- 
integrate many other light elements. Even with his unusual foresight he 
could scarcely have visualized the wholesale disintegrations produced today. 

Immediately following Rutherford’s original work, many further 
studies25-27 i^ere made of the disintegrations produced by alpha particles. 
These early works, which have been well summarized elsewhere, showed 
still more conclusively that protons are actually knocked out of the nitrogen 
by disintegration of the nitrogen nuclei; and they have demonstrated 
that many other light elements can be disintegrated by alpha particle 
bombardment. 

That the long range particles are actually ejected from nuclei of nitrogen 
atoms rather than merely projected by virtue of the presence of hydrogen 
impurity, is evidenced by two other observations. If hydrogen nuclei as 
impurity in the nitrogen are struck and projected straight forward the range 
would be only 28 cm. when alpha particles having a range of 7 cm. are used. 
However, a few long range particles from nitrogen have a forward range as 
great as 40 cm. Furthermore, while hydrogen nuclei are projected pre- 
dominately in the forward direction when coming from hydrogen atoms, the 
hydrogen nuclei arising from nitrogen are distributed almost uniformly at all 
angles. It is true that the range of those particles projected forward is 
considerably greater than that of those projected backward. These facts 
show clearly that the protons are shot off from the nitrogen nuclei. Under 
these circumstances, the exceptionally long forward range of the particles 
must be due to release of nuclear energy accompanying the disintegration. 

E. Rutherford and J. Chadwick, Phil, Mag., 48, 509 (1924). 

E. Rutherford, Nature, 109, 614 (1922). 

E. Rutherford and J. Chadwick, Phil. Mag., 42, 809 (1920); 44, 417 (1922); Nature, 113, 
457 (1924); Proc. Phys. Soc., London, 36, 417 (1924). 

G. Kirsch and H. Pettersson, Phil. Mag., 47, 500 (1924). 

E. N. da C. Andrade, The Structure of the Atom (3rd ed.; New York: Harconrt, Brace and 
Co.. 1926), pp. 91-102. 
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The impact of the alpha particle seems only to trigger off the nuclear ejection 
of the proton. 

It was not only nitrogen that was disintegrated in these early experi- 
ments. Long range particles with forward ranges greater than 28 cm. were 
also, observed from B, F, Na, Al, and P. The fact that the protons resulting 
from disintegration are distributed almost equally at all angles while those 
resulting from hydrogen impurity are nearly all projected straight forward, 
has allowed the study of materials giving off slower protons during the 
disintegration process. These materials have been studied by observing 
the protons projected at right angles to the incident alpha rays. None of 
the 28 cm. natural long range particles are projected at right angles. Hence 
it is possible to make observations at this angle with the observing screen 
closer to the source. In this way, it is possible to search for the presence of 
much lower disintegration protons. By this method it was possible to show 
that Ne, Mg, Si, S, Cl, A, and K were also disintegrated. The ranges of the 
disintegration protons given out by these materials are shown in Table II. 

Rutherford and his associates did not succeed in disintegrating Li, Be, 
C, or 0. Kirsch and Pettersson'^^ confirmed the disintegration of Mg and 


TABLE II 

The disintegration of light elements by alpha particle bombardment, as judged from the 
early work of Rutherford and his associates 


Element 

Atomic number 

Ma.ximum 

range of protons in 

cm. of air 

Forward 

At 00° 

Backward 

Li 

il 




Be 

4 




B 

5 

58 


88 

C 

(5 




N 

7 

40 


18 

0 

8 




F 

}) 

C5 


48 

Ne 

10 


10 


Na 

I 1 

58 


80 

Mg 

1!2 


25* 


Al 

18 

90 


07 

Si 

14 


25* 


P 

15 

05 


49 

S 

10 


28* 


c\ 

17 


80* 


A 

18 


28* 


K 

10 


28* 



* These ranges are approximate only. 
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Si and reported also the disintegration of Li, Be, and C. In regard to the 
last three materials, this work is contrary to the results of Rutherford and 
his associates. In any case, all of these and many other materials have 
been disintegrated by newer methods. 

It has been remarked that the alpha particle serves only to trigger off 
the nuclear disintegration, and that a large part of the energy given to the 
projected particle comes from the release of nuclear energy. It has been 
shown that if an alpha particle of range 7 cm. strikes a hydrogen nucleus 
and projects it straight forward, this proton will have a range of approxi- 
mately 2S cm. Although the alpha particle may originally have had more 
energy than it gave to this proton, there is no possible way in which it 
could communicate more of its energy to the hydrogen nucleus. The fact 
that some disintegration protons have ranges in excess of 28 cm. shows, 



Fig. 5. — Showing a disintegration proton coming from nitrogen. 


therefore, that the original alpha particle served merely to trigger off the 
nuclear disintegration. The case of aluminum is particularly interesting. 
For this material the forward range of the ejected proton is 90 cm. If one 
makes use of the facts that the range of a particle is proportional to the 
cube of its velocity, that the kinetic energy of a particle is proportional to 
the square of its velocity, and that the proton has a mass ^ that of the alpha 
particle, it can be shown that the energy of a proton of 90 cm. range is 
greater than that of an alpha particle of 7 cm. range. It is approximately 
40% greater. Thus the ejected proton actually possesses more energy 
than the incident alpha particle had before it struck the aluminum nucleus. 
What more certain evidence could one ask that the alpha particle serves 
merely to trigger off the nuclear disintegration and thus release a large 
store of nuclear energy? 

Attention should be called here to some further beautiful evidence show- 
ing the disintegration of nitrogen with the accompanying ejection of a 
proton. By firing alpha y)articles through a cloud chamber filled with 
nitrogen, it has been possible’’^ to photograph the track of the proton 
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leaving the nitrogen nucleus. Figures 5 and 6 show this phenomenon. The 
thin track leaving the point of collision is that of the projected proton. In 
Pig. 6 it is clear that this proton is ejected nearly backward. Since there 
are only two tracks leaving the point of disintegration, it appears that the 
ruptured nitrogen nucleus must have absorbed in its structure the original 
alpha particle. If the original nitrogen nucleus absorbs an alpha 

particle and ejects a proton, its atomic number would be increased by 1 
and its atomic weight increased by 3. The new nucleus would be one of 
atomic number 8 and atomic weight 17. If the disintegration takes place 
in this way, the new nucleus should be This is one of the relatively 



Fig. (I. -Showing a disintegration proton projected nearly backward. 


rare oxygen isotopes. Whether or not these details of the disintegration 
are correct, the mere existence of the proton track leaving the point of colli- 
sion in these photographs is about as direct evidence as one could desire 
for the disintegration of the nitrogen nucleus. 

The Present Concept of Atomic Structure 

We are in a position to form a fairly definite concept of the general 
structure of the atom. There are a few basic requirements that this model 
must meet. First, the nucleus must be very small, not larger than 
cm.; almost the entire mass of the atom must be concentrated in this 
nucleus. Second, this nucleus must bear a net positive charge equal to 
Z electron units, where Z is the atomic number of the element. Third, 
there must be Z electrons not associated with the nucleus; these are the 
planetary electrons pictured by Bohr. Fourth, these planetary electrons 





418 


THE “PARTICLES’* OF MODERN PHYSICS 


TABLE III 


The structure of typical atoms on the proton-neutron concept of nuclear structure 


Element 

Known 

nuclear 

charge 

Known 

mass 

Contents 
of the 
nucleus 

Known 

outer 

electrons 

Distribution 
of electrons 

V 

n 

K 

L 

M 

N 

0 

P 

<2 

H 

1 

1 

1 

0 

1 

1 







He 

2 

4 

2 

2 

2 

2 







Li 

8 

7 

3 

4 

3 

2 

1 






Be 

4 

9 

4 

5 

4 

2 

2 






B 

5 

11 

5 

6 

5 

2 

3 






Ne 

10 

20 

10 

10 

10 

2 

8 






Na 

11 

23 

11 

12 

11 

2 

8 

1 





A 

18 

40 

18 

22 

18 

2 

8 

8 





K 

19 

39 

19 

20 

19 

2 

8 

8 

1 




Ca 

20 

10 

20 

20 

20 

2 

8 

8 

2 




Sc 

21 

45 

21 

24 

21 

2 

8 

9 

2 




Ni 

28 

59 

28 

31 

28 

2 

8 

16 

2 




Cu 

29 

64 

29 

35 

29 

2 

8 

18 

1 




Kr 

36 

83 

36 

47 

36 

2 

8 

18 

8 




Rb 

37 

85 

37 

48 

37 

2 

8 

18 

8 

1 



Sr 

38 

87 

38 

49 

38 

2 

8 

18 

8 

2 



Y 

39 

89 

39 

50 

39 

2 

8 

18 

9 

2 



pa 

46 

107 

46 

61 

46 

2 

8 

18 

16 

2 



Ag 

47 

108 

47 

61 

47 

2 

8 

18 

18 

1 



Xe 

54 

130 

54 

76 

54 

2 

8 

18 

18 

8 



Cs 

55 

133 

55 

78 

55 

2 

8 

18 

18 

8 

1 


Ba 

56 

137 

56 

81 

56 

2 

8 

18 

18 

8 

2 


La 

57 

139 

57 

82 

57 

2 

8 

18 

18 

9 

2 


Ce 

58 

140 

58 

82 

58 

2 

8 

18 

19 

9 

2 


Lu 

71 

175 

71 

104 

71 

2 

8 

18 

32 

9 

2 


Hf 

72 

179 

72 

107 

72 

2 

8 

18 

32 

10 

2 


Pt 

78 

195 

78 

117 

78 

2 

8 

18 

32 

16 

2 


Au 

79 

197 

79 

118 

79 

2 

8 

18 

32 

18 

1 


Rn 

86 

222 

86 

136 

86 

2 

8 

18 

32 

18 

8 



87 


87 


87 

2 

8 

18 

32 

18 

8 

1 

Ra 

88 

226 

88 

138 

88 

2 

8 

18 

32 

18 

8 

2 

Ac 

89 


89 


89 

2 

8 

18 

32 

18 

9 

2 

U 

92 

238 

92 

146 

92 

2 

8 

1 18 

32 

18 

12 

2 
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must be arranged in definite energy levels outside the nucleus. The actual 
arrangement of these electrons is obtained from chemical, magnetic, opti- 
cal, and X-ray data. 

The contents of the nucleus itself are open to some question. The 
particles which go into its structure must account for a net nuclear charge 
equal to the atomic number and for a mass essentially equal to that of the 
atom in question. These nuclei might be made up entirely from protons 
and electrons, the protons accounting for the mass and the difference 
between the number of protons and the number of electrons accounting for 
the net nuclear charge. This was the picture universally held before the 
almost simultaneous discoveries of the positron and the neutron. The 
discovery of these particles opened a large number of other possibilities of 
nuclear structure. Among these possibilities is that of constructing the 
nucleus entirely of protons and neutrons. On this view the number of 
protons going into the structure of any nucleus is equal to the atomic 
number; these provide the proper nuclear charge. In addition to these 
protons the nucleus contains a number of neutrons sufiBcient that the protons 
and neutrons together account for the proper mass of the nucleus. Evi- 
dence gathered from several sources points more and more strongly toward 
the correctness of the proton-neutron, concept of nuclear structure. The 
general structures of typical atoms are indicated in Table III. 

No account has been taken in this table of the existence of isotopes. 
These fit into the picture with no trouble. Consider, for example, the case 
of Ne. This element is composed of three isotopes, Ne^°, Ne^b and Ne^^. 
Each isotope has the same atomic number 10. Each of the three nuclei 
therefore contain 10 protons. contains 10 neutrons, Ne‘^^ contains 11 

neutrons, and Ne-^-^ contains 12 neutrons. The arrangement of planetary 
electrons is of course the same for each of the three isotopes. Isotopes of 
other elements can be built up in a similar manner. 

One might object to the proton-neutron model on the grounds that the 
nucleus contains no electrons. One might raise the question as to whether 
the ejection of beta rays from the nuclei of natural radioactive materials 
does not necessitate that the nucleus contain electrons. The present day 
answer to this question is that it does not. Convincing evidence that 
electron-positron pairs can be manufactured out of radiant energy has 
already been presented. A certain amount of radiant energy can be caused 
to disappear and one finds in its place an electron-positron pair. Perhaps 
the electrons which are ejected from the nuclei of atoms are actually manu- 
factured in this way; perhaps they are not present as electrons in the nuclear 
structure. It is the present belief that they are not; the nucleus is made up 
entirely of protons and neutrons. 
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2. RECENT PRODUCTION OF EXTREMELY HIGH ENERGY PARTICLES 

All of the early artificial disintegrations were produced by bombarding 
materials with alpha particles given off from natural radioactive materials. 
Disintegration studies could be carried out, therefore, only in those lab- 
oratories having a good supply of the proper radioactive substances. No 
other type of high energy particle was available in those years. It was 
recognized early that many other disintegrations might be produced if more 
energetic alpha particles were available, or if there were other particles with 
comparable energies. In fact some other particle; such as a proton, might 
cause certain disintegrations even though this particle have a somewhat 
lower energy. It was important, therefore, to develop laboratory methods 
of obtaining high energy particles if the study of artificial disintegration was 
to be pushed far. 

Early Types of Apparatus 

Several early methods of producing high energy charged particles were 
developed about 1930. These are of various types. One method used a 
group of high voltage transformer windings in series to obtain the high 
potential. Another utilized a series arrangement of vacuum tube rectifiers. 
A third method is based upon the principle of the electrostatic machine, 
while in still, another the equivalent of a high voltage is obtained by repeat- 
edly accelerating ions through the same relatively low potential. The first 
successful effort^** to develop a high voltage utilized several transformer 
windings in series. By this method a potential of 750 kv. was developed 
and applied across an X-ray tube. 

Cockcroft and Walton were the first to succeed completely in producing 
high energy ions in the laboratory, and to show that these artificially pro- 
duced particles actually cause disintegration. They used a number of 
special vacuum tube rectifiers, having their outputs in series, to generate 
the high d.c. potential. The full potential developed was then applied 
across an accelerating tube into which positive ions had been urged. The 
positive ions were produced by ionization of a gas in an auxiliary tube and 
then allowed to pass through a small opening into the main accelerating 
tube. In the original experiments of Cockcroft and Walton, the positive 
ions were those of hydrogen. Potentials slightly over 700 kv. were obtained, 
and these were steady to within a few percent. Proton currents of 10 micro- 
amperes were produced. Other high energy particles could, of course, be 
produced in a similar way. Particles having an energy of approximately 
one MEV have been obtained through use of vacuum tube rectifier arrange- 


C. C. Lauritsen and R. D. Bennett, Phys. 32, 850 (1928). 

J. D. CookcToft and B. T. S. Walton, Pro<\ Bjny, Son., A, 129, 477 (1980); 186, 019 (19.S‘?\ 
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ments, though the protons with which Cockcroft and Walton originally 
succeeded in disintegrating Li had an energy of only 150,000 electron volts. 

Another method which has been used consists of arranging coaxially 
a series of cylinders of ever increasing length, and of applying an aliernating 
potential of the proper phase between successive cylinders. The general 
arrangement is shown in Fig. 7. Positive ions produced in an auxiliary tube 
are urged into region S, from which they continue to move along the tube 
through the series of cylinders. ■ Alternate cylinders are connected together 
and a high frequency potential is applied between the two groups. During 
the proper half cycle ions are accelerated toward the first cylinder. After 
entering this cylinder they continue at a fixed velocity along its axis, entirely 
unaffected by any applied potential. Now if the length of this cylinder is 



Fig. 7. lllustniting tlie Sloan and Lawrence method of producing high ciiergy particles. 

properly proportioned to the speed of the ion traveling through it, the phase 
of the alternating potential will have reversed by the time the ion aiTives at 
the space between this and the next cylinder. It is clear that if the lengths 
of the cylinders are such that the more and more rapidly moving particle 
spends one-half period in going from one gap to the next, this particle will be 
given additional energy at each gap. Thus the final energy of the particle 
may correspond to a potential difference many times that used for the 
acceleration. In one of the early pieces of apparatus^' employing 30 
accelerating cylinders and an accelerating potential of 43,000 volts, Hg ions 
having an energy of 1.36 MEV were produced; the ion current was 10“''^ 
amperes. The concentration of these ions into a narrow stream is effected 
largely by the focusing action at each gap. Consideration of the electric 
field distribution at the gap shows that there is a net im|)ulse urging the ion 
always toward the axis of the cylinder. Wit h n later apparatus'^’* utilizing 

1). H. SloHli nti<l F. (). l.uwmiccs /V//y.v. Hrv., 38, liSOisJI ( IDSl); Froc, Nat. Acad. Sod.., 17, 
(14 (lasi). 

R. Iv. 'IMioriiton un<l R. H. Kinsey, Phi/N. Hrv., 46, UsJ4 

1). II. Slojiii jiiid W. M. (’ojiics, Phytt. Hrv., 46, .539 (1934). 
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36 cylinders and an accelerating potential of 79,000 volts, singly charged Hg 
ions were given an energy of 2.85 MEV ; the ion current in this case was 10“® 
amperes. The overall length of the accelerating system was 185 cm; the 
spacing between cylinders was about 20% of the length of the cylinders. 



Fig. 8. — The dees of a cyclotron. 


The Cyclotron 

One of the two most important methods of developing high speed ions 
today is that of the cyclotron.®^®® This is another method by which the 
ion is made to pass repeatedly through the same accelerating potential 

difference, the ion finally acquiring an energy 
corresponding to a potential difference many 
times that actually used for the acceleration. 
The principle of the cyclotron is illustrated in 
Pig. 8. Two semicircular hollow metal boxes 
are placed as shown. These pieces, referred 
to as ‘‘dees,” are usually made of copper. 
These disc-like dees are placed between the 
pole faces of a huge magnet so that there is a 
strong magnetic field perpendicular to the flat 
faces of the dees. An alternating potential of the order of 10,000 volts and 
of a frequency of the order of 10’ cycles is applied between the dees at a-6. 

Suppose that there is a supply of low speed positive ions at S, During 
the proper half cycle these will be accelerated toward one of the dees, say b. 
Once these ions enter the hollow space within the metallic dee they will no 
longer be accelerated; they will move with a constant speed. However, 
since they are traveling perpendicular to a magnetic field they describe a 
semicircular path, finally coming back to the gap between dees. Now if the 
frequency of the a.c. potential applied should be such that the time required 
to describe this semicircle corresponds to one-half cycle, then the ion will 
arrive at the gap at just the proper time to be further accelerated by the now 
reversed electric field. The ion is moving much faster after it enters 
the second dee and will, therefore, describe a circle of greater radius. The 
radius r of the circular arc described in any case can be obtained from the 
relationship 


Hev = — , 
r 


or 


T = 


tuv 

We 


O, Lawrence and N. E. Edlefson, Science, 72, S76 (1930). 

3®E. O. Lawrence and M. S. Livingston, Phya, Rev,, 37, 1707 (1931); 38, 834 (1931); 40, 
19 (1932). 

M. S. Livingston, Phys. Rev., 42, 441 (1932). 

M. S. Livingston and E. 0. Lawrence, Phys. Rev., 43, 212 (1933); 46, 608 (1934). 

3®M. S. Livingston, Rev. Sci. Instr., 7, 55 (1936). 
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where v is the velocity with which the ion is traveling at the time considered. 

Now the time t required for the ion to describe a semicircle and come back 
again to the gap between dees is 

V 

If the value of r be substituted into this, one finds that 

^ “ Fa 

Thus, neglecting the change of mass with velocity, the ion describes all 
semicircles, regardless of radius, in exactly the same time. The larger 
velocity of the ion when it describes the circle of larger radius is just sufficient 
to allow it to complete the longer path in the same time. Thus it is clear 
that the ion will arrive each time at the gap between dees at just the proper 
instant that the a.c. potential will accelerate it further. The ion therefore 
describes a series of semicircles of ever increasing radius, gradually spiraling 
outward and finally emerging at the outer edge of the dee. For each 
complete turn of the spiral the ion gains an energy equal to twice the voltage 
applied between dees. It emerges, therefore, with an energy equivalent to a 
potential very much higher than that used in the accelerating process. 

One might wonder that the ion beam could be kept at all well-defined as 
the ions execute the irregular spiral toward the outer edge of the dees. 
Fortunately, it turns out that both the magnetic field perpendicular to the 
dees and the electric field across the gap between the dees, produce a focusing 
action which tends to keep the beam well-defined. One might also wonder 
whether the ions might not have various energies as they arrive at the outer 
edge of the dees, the energy perhaps depending upon what part of the half 
cycle the ion was accelerated across the gap. It turns out that, although 
those ions which cross the gap before or after the peak of the a.c. potential 
wave are given less energy each time they cross the gap, these ions make 
more revolutions before reaching the outer edge of the dees and in so doing 
acquire the same total amount of energy as do those ions which cross the 
gap at the peak of t he wave. The ions arriving at the edge of the dees are, 
therefore, rather homogeneous in energy. 

The positive ions to be accelerated by the cyclotron are obtained by 
ionization of a gas. The entire vessel housing the dees is evacuated thor- 
oughly. It is then filled with the gas whose positive ion it is desired to use 
at a pressure of the order of one micron. A stream of electrons given off 
from a hot filament is shot, perpendicular to the faces of the dees, through 
the gap at the center of the decs. These electrons ionize the gas, and the 
resulting positive ions are accelerated toward the negative dee. If it were 
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desired to produce hi^^h-speed protons one would fill the cyclotron with 
hydrogen; if one desired energetic helium ions one would use helium gas in 
the cyclotron. Rec‘ently a low voltage arc^^^-^^ has been used for formation 
of the positive ions in the gas. This results in a more copious supply than is 
obtained through the use of a hot filament. 

These cyclotrons, together with, associated magnet and other auxiliary 
apparatus, become extremely large and massive. There are approximately 



T'ig. 9. — General view of Lawrence’s .S7" cyclotron at Berkeley. 

twenty-five cyclotrons either in use or well under construction. A great 
majority of these are at laboratories^^ in this country. Among those 
institutions having installations are California,®^"”®®’^® Illinois, Chicago, 
Massachusetts Institute of Technology,^® Purdue, Harvard, Cornell?®® 
Michigan, Princeton, Yale, Ohio State, Indiana, and Washington. Many 
descriptions of the general design and technique of the cyclotron, ^2-^® as well 
as that of other apparatus^^-®® for obtaining high energy particles, are 
available in the literature. 

Lawrence, to whom the Nobel Prize was awarded for his outstanding con- 
tributions in this field of physics, has supervised the building of several 
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cyclotrons at California. The first of these®® was one having pole faces 11'' 
in diameter. This apparatus was capable of producing 1.2 MEV protons- 
It was soon superseded by a much larger apparatus having originally 273^" 
diameter pole faces, and later poles of 37" diameter. This apparatus, the 
general features of which are shown in Fig. 9, was very large and massive. 
The magnet weighed some 85 tons; there were 9 tons of copper wire used to 
wind the magnet. A magnetic field of approximately 15,000 oersteds was 
produced®® between the poles whose faces were apart. A vacuum tube 
oscillator capable of furnishing 20 kilowatts of power supplied a high fre- 
quency potential of the order of 15,000 volts to the dees. The frequency of 
this alternating potential was approximately 10^ cycles per second. With 
this apparatus, using the 273^^" pole faces, molecular ions of hydrogen were 
given®® an energy of 3.6 MEV. Later, using the 37" pole faces, alpha 
particles of 16 MEV were produced. This energy is higher than that of any 
of the alpha particles given off by radioactive substances. In most respects 
the 37" California cyclotron is typical of numerous other installations. 

But Lawrence and his coworkers did not stop there. They soon con- 
structed a still larger instrument, one having pole faces 60" in diameter. 
This unit, weighing 200 tons, is the largest in use today. The high frequency 
oscillator supplying voltage to the dees delivers 60 kilowatts. With this 
apparatus Lawrence has produced"*® 8 MEV protons, 16 MEV deuterons, 
and 38 MEV alpha particles. A 25 microampere current of 8 MEV protons 
is available at the edge of the dees; 100 microamperes circulates within the 
dees. Those using this 60" instrument foresee no difficulty in adjusting it so 
as to produce 25 MEV deuterons and 50 MEV alpha particles. Lawrence 
has already started construction of a still much larger cyclotron. The 
magnet of this instrument will have pole faces 184" in diameter. This is 
three times the diameter of the poles of the largest cyclotron now in use. 
It is planned that this new instrument will produce deuterons of 100 MEV 
energy. 

On numerous occasions various science writers have discussed for the 
layman the practical significance of continued efforts to produce higher 
energy particles. Very large amounts of energy are liberated when certain 
atoms are caused to disintegrate. For example, some 175 MEV of energy 
are released in the splitting of one uranium atom. On this basis one can 
readily calculate that if one pound of uranium could be caused to disintegrate 
it would furnish as much energy as 800 tons of fuel oil. Scientists are still 
far from practical utilization of energy in this form, but the possibility 
appears less remote now than it did only a few years ago. Studies of 
disintegrations produced by extremely high energy particles may give just 
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the information needed to utilize this vast store of energy. These high 
energy particles are already being used in the preparation of many artificial 
radioactive substances, and some of these substances may prove even more 
effective in medical treatment than are the natural radioactive materials. 
Some of these artificial radioactive atoms are already proving valuable®^ 
as tracers in biological investigations. The high energy particles may them- 
selves, or through the neutrons produced by them, have useful effects on 
malignant tissue. 

It is always a positive ion that is given a high energy in the cyclotron; it 
is never the electron. As has already been shown, the resonance conditions 
necessary to have the charged particle arrive at the gap between dees always 
at just the right instant to cause it to be further accelerated by the alternat- 
ing potential across this gap, are very simple when no account is taken of the 
change of mass of the particle with velocity. But the velocities of these high 
energy particles are sufficiently near that of light that this change of mass is 
far from negligible. A 5 MEV electron has a velocity approximately 0.996 
that of light, while a 5 MEV proton has a velocity only 0.1 that of light. 
Calculation will show that the mass of an electron of this energy is increased 
over its rest value by a factor of approximately 11, whereas the mass of a 
proton of the same energy is increased by only }i%. It is therefore clear 
that approximate resonance conditions can be maintained at a far higher 
energy for the proton or other heavy ion than for the electron. 

Kerst^^“ has recently developed a method suitable for giving electrons very 
high energies. A magnetic field between two peculiarly shaped pole faces 
serves to guide the electron repeatedly around an orbit in^his field. As the 
electron moves in this orbit the magnetic flux through the orbit is changed 
rapidly, power to produce this changing flux being supplied by a 600 cycle 
alternator. The rapidly changing flux through the orbit induces in the orbit 
a high e.m.f. Thus the electron is accelerated. The apparatus is referred 
to as an ‘‘induction accelerator.” The change of mass of the electron with 
velocity does not disturb the operation of this accelerator. As a conse- 
quence, very high energies can be given the electron. With the first 
apparatus built Kerst succeeded in producing electrons of 2.3 MEV energy. 
He has recently constructed a much larger apparatus. With this he has 
produced^^ electrons having an energy of 20 MEV. This energy is higher 
than any yet given the proton in the cyclotron. Kerst has used these high 
energy electrons to produce X-rays. It is probable that their greatest 
application will be in this field. 
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In the case of the cyclotron the diflSculties introduced by even the rela- 
tively small change of mass of the heavy positive ion are serious. This 
change of mass, together with small inhomogeneities in the magnetic field, 
such as a slight falling off near the edge of the pole face, affects both the 
focusing®^ of the ion beam and the resonance condition necessary 
to produce extremely high energy particles. Both the focusing and the 
resonance conditions are extremely critical; they are affected seriously by 
changes of a small fraction of one percent in either mass or magnetic field. 
In order to establish resonance conditions it has been found necessary to 
place shims in the magnetic gap to cause the field to vary in the proper 
manner from the center of the pole face outward. Unfortunately the 
shimming required to produce resonance is not just that required for the best 
focusing.®^ As a result one is forced to strive for some medium in shimming 
the field, sacrificing some intensity of ion beam through lack of focusing to 
gain higher energy through resonance, or sacrificing higher energy in favor 
of the larger ion current obtained by careful focusing. 

Because of the impossibility of shimming properly for both focusing and 
resonance at the same time, practical limitations are set on the highest 
energy obtainable with the cyclotron for a given alternating potential 
applied to the dees. These highest practical energies have been calculated 
to be, for 50 kv. on the dees, approximately 15 MEV for protons, ^1 MEV 
for deuterons, and 42 MEV for alpha particles. Anotlicr calculation/’^ 
assuming 100 kv. on the dees, leads to practical upper energy limits of 
approximately 22 MEV for protons, 81 MEV for deuterons, and 62 MEV for 
alpha particles. Only through an unreasonable further sacrifice in intensity 
can the upper energy limit be increased appreciably for a given f)otential oti 
the dees. It is true that a higher alternating potential applied to the dees 
will lead to a higher ])article energy, but the increase is not as ni-pid, as one 
would like. C/alculation shows that the particle energy increases oidy as the 
square root ot this potential. Although the particle gains energy propor- 
tional to the dee potential each time it crosses the gaj), the liiglier energy 
particle describes fewer turns of the irregular spiral before reaching the edge 
of the dee. These two effects combine to give a particle energy projiortional 
to the square root of the dee potential. 

The Van de Graaff Machine 

Another entirely ])ractical and wi<lely used a])paratus for the ])rodu(‘tion 
of high energy particles is that known as the Van de (iraafi machine. 1 bdike 

'’■■‘H. A. Betho and M. E. Rose, Phy,^. Ilev., 62, 1254 (U)B7). 

M. E. Rose, Phys. Rev., 63, 302, 715 (19.S8). 

R. Wilson, Phys. Rev., 63, 408 (1938). 

‘■‘“L. H. Thonuis, Phya. Rev., 64, 580 (1038). 

J. Khurgin, ( omptes Rendus (Doklady) de PAead. des ^eienees, U.R.S.S., 19, 237 (1938) 



428 


THE “PARTICLES” OF MODERN PHYSICS 


the cyclotron, this apparatus does not utilize the repeated acceleration of a 
charged particle through a relatively small potential difference to give the 
particle its final high energy. In this method the full potential is actually 
developed. 

The principle of operation of the Van de Graaff high voltage generator®®-®® 
is illustrated in Fig. 10. Belt S, made of silk, paper, rubber or other 
flexible insulating material, is run at high speed over the motor driven 
pulleys P. The belt runs between two conductors A and D, one of which 
(Z>) has a smooth rounded surface and the other of which {A) consists of a 



Fig. 10. Ulustruting the principle of the Van de Graaflf machine. 

number of needle points or of a small wire placed parallel to the belt and 
perpendicular to its motion. A d.c. potential difference of the order of 
10 to 30 kv. is established between the conductors A-D. This potential is 
commonly obtained from a high voltage vacuum tube rectifier arrangement. 
F represents an insulating column on the top of which is mounted a large 
hollow metal sphere S. 

The operation of the apparatus is quite simple. The gap A-D is adjusted 
to maintain a brush discharge from the point A. Positive charge is thus 
sprayed onto the belt as it moves by. The charge density which can be put 
onto the belt is limited only by the breakdown of the air near the belt’s 
surface. This positive charge is carried up into the sphere In the 
simplest case the charge is taken off the belt by a sharp point C* and tr'ans- 
ferred to the sphere. (In this simple type of instrument, points C and E of 
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Fig. 10 would be omitted; likewise, there would be no negative charge N 
on the belt leaving the sphere.) Since except for the charge on the belt all 
points inside the conducting sphere would be at the same potential, it 
follows that the positively charged belt will, always be at a potential higher 
than that of point O'. Thus the charge passes readily from the belt to C' 
regardless of how high a potential the sphere may assume. This continual 
transfer of positive charge onto the sphere maintains the sphere at a poten- 
tial above that of the ground. By an exactly similar process, except that 
negative electricity is sprayed onto the belt and transferred to the sphere, 
another similar sphere is maintained at a potential below that of the ground. 
The full potential developed between spheres is, therefore, approximately 
twice that by which either sphere differs from the ground. The potential 
difference attainable is.limited only by the corona breakdown in the air at the 
surface of the sphere. Ihis depends of course on the radius of the sphere 
and the smoothness of the surface. It depends also upon the pressure of 
the surrounding air, and upon the moisture content of this air. 

The current which can be drawn from the apparatus is determined by the 
rate at which the belt transfers charge to the sphere. This can be increased 
by using wide belts or multiple belts, and by running them at high speed. 
It can also be increased by arranging the apparatus so that the same belt 
which carries one sign of charge onto the sphere will carry a charge of 
opposite sign away. Omitting C' and inserting C and E of Fig. 10 allows 
this to be done. The positive charge carried into the sphere is taken off by 
the point of collector (■; this collector assumes a high positive potential. 
The other end of the collector, which end is relatively large and smooth, is 
placed near that part of the belt just ready to leave the sphere. This draws 
from point K, and thus from the sphere, a spray of negative charge. Thus, 
in this modification of the apparatus, the belt conveys positive charge to the 
sphere and carries negative charge away. The capacity of the apparatus 
to furnish curr(‘nt is greatly increased. 

There exist a number of laboratory installations'*® of this general 
type of high voltage generator. Details of the various installations vary 

«« H. (i. Herb, 1). H. Piirkinson and 1). AV. Kerst, Rev. Sd. Instr., 6, 261 (19B5); Rev., 
51, 75 (1987). 

M. A. Tuve, L. R. Tlafstad and 0. Dahl, Rhys. Rev., i8, 315 (1935). 

L. C. Van At I a, 1). D. Northrup, (>. M. Van Atta and R. J. Van de GraafP, Phys. Rev., 49, 
761 (1936). 

W. H. Ih‘iiiietl, Rev. Nr/. Invfr., 7, .53 (1936) 

.1. (J. IViiitip, F. H, IVl(‘rrill and F. J. Safford, Rev. bW. hiMr., 9, 398 (1938). 

1). IV l^irkin.Hon, R. (j. Herb, E, J. Bernet and J. L. MoKibben, Phys. Rev., 63, 642 
f 1938). 

W. 11. Wells, R. O. ilaxby, W. K. Stephens and W. K. Shoupp, P%.s*. 68,162 (1940). 

R. (i. Herb, (’. M. 'Furuer, V. M. Hudson and R. E. Warren, Pliys. Rev., 68, 579 (1940). 

EaurilKeii, ('. (’. I>auritsen and W. A. Fowler, Phys. Rev., 69, 241 (1941). 



430 


THE ••PARTICLES" OF MODERN PHYSICS 


considerably. In all cases the apparatus is very large, requiring laboratory 
space which is usually not available except by special construction. The 
insulating columns F must be long and sturdy. The two metal spheres must 
be very large in order that the surface curvature shall be sufficiently small to 
prevent a corona discharge at the potential desired. One of the earliest 
installations®® used spheres %' in diameter mounted on upright Pyrex 
insulators 7' long. Using a 2.2" silk belt run at a linear speed of 3,500 feet 
per minute, and using a 10 kv. supply for spraying the belt, this apparatus 
developed a potential difference of 1.5 million volts between spheres and 
furnished a current of 25 microamperes. 

More modern installations are much larger. In one of the largest of 
these, at Massachusetts Institute of Technology, the hollow spheres are 15' 
in diameter and are made of aluminum alloy thick. The insulating 
columns are cylinders of Textolite 22' long, & in diameter, and wall 
thickness. The belts are made of insulating paper, are 47" wide, and run 
inside the Textolite cylinders. This generator has actually produced a 
potential difference of 5.1 Mv. between spheres, one sphere operating 2.4 
Mv. above ground potential and the other 2.7 Mv. below ground. The 
voltage fluctuation is less than 0.1% over reasonable time intervals. Oper- 
ating at this potential the apparatus will furnish a current of 1.1 milli- 
amperes. Thus the generator will develop 5.6 kilowatts power at a potential 
of 5'.! million volts. Although it was originally planned to utilize the entire 
potential difference between the two spheres to accelerate positive ions, 
practical difficulties have led to the elimination of one of the spheres. It is 
desirable to have certain parts of the associated apparatus at ground 
potential, and the use of but one large electrode allows one to do so. Another 
large installation,®^ utilizing only one large electrode and dift'ering consider- 
ably in many details of construetion, is that of the Department of Terrestrial 
Magnetism of the Carnegie Institution. One of the most recent installa- 
tions®® is that at the Westinghoiise Research Laboratory. This apparatus 
has developed 3.7 Mv., from its one metal electrode to ground, constant to 
0.5% for times of several minutes and to 0.2% for one-half minute intervals. 
Another recent installation®^ at the University of Wisconsin, one incorporat- 
ing a number of unusual features, is capable of developing a potential of 
4.5 Mv. 

Since the potential attained by the Van de Graaff machine is limited by 
the corona breakdown of the surrounding air, the maximum potential 
developed might be increased by operating the machine either in high 
vacuum or under a ]n*essure much greater than atmospheric. Operation in 
vacuum presents a number of grave difficulties. On the other hand, opera- 
tion under high pressure has been found entirely practical. By enclosing 
the entire apparatus in a steel tank in which an air pressure of from 
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75 to 100 pounds per square inch is maintained, it has been found possible to 
increase considerably the potential developed. It has also been found 
that the addition of CCI4, Freon or other similar vapor to the air increases 
the breakdown voltage. Herb and his associates at Wisconsin have 
obtained remarkable results with a generator operating under pressure and 
in an atmosphere containing Freon. Their new generator®^ operating under 
an air pressure of 100 Ibs./in.^ develops 3.5 Mv. When Freon is added to 
the air this same generator develops 4.5 Mv. This is the highest potential 
yet attained for actual application across an accelerating tube. As yet 
the current at this high potential is limited to approximately 5 micro- 
amperes, but it will no doubt be made larger in the future. Generators 
operating under pressure and in an atmosphere of Freon have the distinct 
advantage of being much smaller and more compact than those operating 
at atmospheric pressure. 

Accelerating Tubes 

Whereas in the cyclotron high energy particles are produced v/ithoiit 
the actual production of a high potential difference, in the Van de Graaff 
machine a high potential difference is developed directly and one has then 
to accelerate ions by means of this. The construction of an accelerating 
across which this potential can be applied is a real problem 
in itself. The accelerating tube, including a source of ions at one end 
and the target to be bombarded at the other, must have sufficient length 
to prevent spark-over along the outside of the tube. The potential gradient 
along an ordinary insulating tube, regardless of how large or how long, is 
suffieiently nonuniform that the tube will almost certainly break down 
somewhere when a potential of a few million volts is applied across it. 
Furthermore, a single tube sufficiently long for the purpose would be both 
costly and difficult to handle. For these reasons, and it is mainly to secure 
a more nearly uniform potential gradient alojig the tube, modern accelerat- 
ing tubes are built in sections. The insulator sections are usually of glass 
or porcelain, perhaps 10" in diameter. The entire accelerating tube may be 
15 or 20 feet long. 

The general construction of the accelerating tube is illustrated in Fig. 11. 
Positive ions obtained from the gas in. an arc or other electrical discharge 
at S are focused into a narrow l)eam by one or more focusing cylinders F. 
'^rhey then proceed into the main accelerating tube. Between adjacent 
glass sections there is mounted a metal tube F with rounded ends. From 
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the center of this tube a metal disk D passes out between the ends of the 
glass sections which are held firmly together. Gaskets or wax at these 
joints prevent leakage of air into the evacuated tube. To the outside 
rim of this projecting metal disk there is fastened a corona ring. Points 
on the corona rings, or adjustable gaps between the rings and a grounded 
conductor, are often used to maintain the desired corona discharge from 
each ring. With proper distribution of the corona leakage it is possible to 
maintain a more or less uniform potential gradient along the entire tube. 

The details of construction vary greatly among the accelerating tubes 
that have been built. One early tube^^ consisted of a single cylindrical 
section of fiber, Textolite, 53 cm. long and 7" in diameter. More or less 
uniform potential distribution was obtained by use of an artificial leak 
consisting of an India ink line drawn helically around the cylinder from one 



Fig. 11.- -Illustrating the construction of an accelerating tube. 

end to the other. This tube supported a potential difference of 300 kv. 
More recent tubes, designed to stand much higher potentials, have been far 
larger and more complex in structure. One such tube^^^ consisted of 3 lead 
glass sections, two 64" long and one 32" long. This tube was 8" in diameter 
and approximately 13'' long. A tube of this type withstood 1.2 Mv. Most 
tubes are built of more and shorter sections. Some^°-^^’^^ use porcelain 
instead of glass. Sometimes both the inner and outer surfaces of the 
porcelain are corrugated deeply to increase the length of the leakage path. 
One tube®°-®^ consisting of 53 corrugated porcelain sections each 2)'^" long 
and between 3" and 4" in diameter, was found to withstand a potential of 
2.5 Mv. Another recently constructed tube®® consists of 130 porcelain 
sections each 23 ^^" long and 15" in diameter. Instead of corrugations these 
porcelain sections have projecting flanges both inside and out. This tube, 
having an over-all length of approximately 23', has had applied to it a poten- 
tial difference of 3.7 MEV. 

It is necessary to evacuate these accelerating tubes to a pressure of the 
order of 10"*'^ mm. of mercury or less. Because of the large volume to be 
evacuated, and because of some leakage at the joints between sections, 
fast pumps are required. Large oil diffusion pumps are used; these are 
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backed with a ffood mechanical oil pump. In order to facilitate high speed 
pumping the tube connecting the diffusion pump to the accelerating tube 
is quite large, usually 8" or 4" in diameter. 

3. ARTIFICIAL DISINTEGRATION 

Whereas in the days of Rutherford’s early success in demonstrating 
the artificial disintegration of materials there were available as bombarding 
particles only the alpha particles given off by the natural radioactive stuffs, 
the development of the cyclotron and the Van de Graaff machine made 
available to investigators other energetic heavy ions. Energetic protons, 
deuterons, or alpha particles can be produced directly in the cyclotron, or 
the particles can be given high energies by accelerating them through the 
potential developed by the Van de Graaff machine. Such apparatus has 
also led to convenient sources of neutrons, for these can be produced by 
bombarding certain elements with those high energy particles which are 
produced directly. Thus there is now a wide choice of particles to use 
for the bombardment, and it is not surprising that experimenters have been 
able to produce almost unlimited disintegrations. ‘^ 2-77 attempt 

here only to call attention to the various types of disintegrations and to 
point out that nearly all elements can be disintegrated, many of them in 
numerous ways. 

Disintegration by Proton Bombardment 

The first disintegration brought about by particles produced in the 
laboratory was one for which the proton was used as the bombarding par- 
ticle. Cockcroft and Walton, in 1982, bombarded Li with protons having 
energies from 100 to 700 KEV and observed that alpha particles were given 
off. These alpha particles were first detected through the scintillations 
they produced on a fluoreiscent screen, but the results were immediately 
verified by electrical methods of detection^ and by photographing^®-^^ 
the tracks of the particles in a cloud chamber. Photographs of these tracks. 
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one of which is reproduced®® in Fig. 12, show that two alpha particles leave 
the point of disintegration and that these proceed with equal energies in 
almost opposite directions. The particles resulting from two distinct 
disintegrations are shown in the photograph, the two pairs of alpha particle 
tracks being O 1 -C 2 and ^ 1 -^ 2 * The range of each of these particles is approxi- 
mately 8.3 cm., corresponding to an energy of approximately 8.6 MEV. 
Thus the products of disintegration have a combined energy of over 17 MEV 
even though the bombarding proton used to produce the disintegration 
possesses an energy of perhaps only 0.3 MEV. Thus again, just as in 
Rutherford’s early work, the bombarding particle serves merely as a trigger 



l^ia. 12. — Showing the paired alpha particle tracks resulting from the disintegration of Li 

by proton bombardment. 

to set off the nuclear explosion ; the greater part of the energy of the products 
of disintegration comes from the disintegration itself. 

Accurate measurements have been made of the energy released during 
the disintegration of Li^ when bombarded with protons. One measure- 
ment^^’^^ yielded a value 17.13 ± 0.06 MEV; another®^ gave 17.28 ± 0.03 
MEV. The products of disintegration possess this much more kinetic 
energy than do the original particles. It has already been shown in Chapter 
5 that this energy agrees closely with the value 17.25 MEV which one might 
expect if the loss of mass accompanying the disintegration is converted into 
energy. The laws of conservation of momentum and conservation of energy 
hold for each individual disintegration. Since two particles of equal mass 
are shot off in the case under discussion, these laws would necessitate that 
they be shot off in almost opposite directions, not quite opposite because 
of the forward momentum given them by the incident proton. Energy 
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calculations show that energy is always conserved in disintegration proc- 
esses,^^ provided of course that mass is included as a form of energy. 

In discussing nuclear disintegrations one finds it convenient to have 
some concise method of writing just what goes on. For the disintegration 
just discussed one writes 

sLi^ + sHe^ + 2He4 

indicating that a Li atom of atomic number 3 and atomic weight 7 was 
bombarded with a proton of atomic number 1 and atomic weight 1, and 
that the products of the reaction were 2 alpha particles, each of atomic 
number 2 and atomic weight 4. The Li nucleus apparently absorbed the 
proton and was caused to split into two alpha particles. It was observed 
originally that protons with energy as little as 100 KEV were able to cause 
this disruption of the Li nucleus. Disintegrations have since been pro- 
duced with proton energies as low as 20 KEV. In general the number of 
disintegrations produced per given number of bombarding protons increases 
rapidly as the energy of the proton is increased. In any case the yield is 
small. For protons of moderate energy bombarding Li it is of the order 
of one in 10®; even for 1 MEV protons there is only one Li nucleus disinte- 
grated for every few thousand bombarding particles. It is often found 
that particles of a particular energy are more efficient in producing disinte- 
grations than are particles of somewhat higher energy. Particularly is 
this true in the lower energy ranges. There appear to be certain so-called 
resonance values of energy for which the particle can enter the nucleus fairly 
readily even though its energy be small. 

Early workers observed that when Li is bombarded by protons there 
are given out other particles with ranges far less than 8.3 cm. One group 
has a range between 1 and 2 cm. while another has a range of approximately 
0.5 cm. These shorter range particles apparently come from the disinte- 
gration of Li^ by the proton, a disintegration represented by 

gLi® + iHi aHe^ + 2He® 

It was recognized^® from the first that many materials other than Li can be 
disintegrated by bombardment with protons having energies as low as 150 
KEV. Since then these disintegrations have been verified and many others 
have been found. A few of the other disintegrations produced by proton 
bombardment are: 

gLi^ H- 4Be® + hv 

4Be» + iHi gLi® -t- 2He4 

4Be» + jIP 4Be® + ilP 

f,B^’ + iIJi sHe^ + + sHe^ 

2oCa44 + 2 iSc^4 
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In each one of these reactions the energy released by the disintegration is 
just that which might be accounted for by the loss of mass suffered by the 
original particles in being transformed into the final particles. That this 
is the case is evident from Table IV which appears later. 

Disintegration by Deuteron Bombardment 

It was only a short while after it had been demonstrated that nuclear 
disintegration can be produced by proton bombardment that investi- 
gators^«'8«'82 found that similar disintegrations could be produced by 
bombardment with deuterons. Since that time a large number of dis- 
integrations by deuteron bombardment have been studied. The first 
reaction observed was again that of the Li nucleus, a disintegra.tion repre- 
sented by 

sLi® + iH® aHe® + sHe® 

The ranges of the alpha particles ejected during this transformation have 
been studied both electrically^® and photographically.*® Each of the two 
particles has a mean range of 12.5 cm. The nuclear energy released in the 
disintegration process is unusually high, one observer^*'^^ giving 22.07 + 0.07 
MEV and another*i 22.20 ± 0.04. Again the observed energy released 
agrees closely with that expected on the supposition that the loss of mass 
suffered by the reacting particles is converted into kinetic energy. It is the 
many observations of this character that provide the unquestionable evi- 
dence that mass is simply another form of enei’gy. 

Just as in the case of proton bombardment, disintegrations produced by 
deuterons do not always yield alpha particles. Some disintegrations give 
off protons, some alpha particles and some neutrons. Gamma ray photons 
are often given off during the nuclear transformation. Many times the new 
nucleus formed in the process is stable, and it continues to exist as such. 
In many other cases, however, the newly formed nucleus is radioactive; it 
proceeds to disintegrate just as does any one of the natural radioactive 
materials. The disintegration follows the same laws of chance as are fol- 
lowed by the natural radioactive substances. One refers to these newly 
formed radioactive materials as being artificially radioactive. There is 
really nothing artificial about their radioactivity; they are artificial only 
in the sen.se that the material itself has been manufactured in the laboratory. 
In disintegrating, a majority of the artificial radioactive substances emit 
either an electron or a positron, though a number of them do disintegrate 
by some other proce.ss. We shall defer For the moment any further con- 
sideiation of artificial radioactivity itseli, coulenting ourselves with con- 
sideration of the artificially pro<luced disintegrations which give rise to the 
Jiew material, sometimes stable and sometimes radioactive. 

Cx. N. Lewis, M. S. Livingston and E. O. Lawrence, Phys. Rev.^ 44, 55 (1983). 
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Returning tigain t o the disintegration of Li by deuterons, attention might 
be called to the fact that disintegra.tion has heen observed to occur in three 
ways other than that already indicated. These are: 

aLi" + iH2 ^ sLi^ + iHi 

sLi^ + iH® — > aHe^ + aHe^ + av} 

sLi^ + iH 2 aLi* + iHi 

aLi* ->■ 4Be® + /S" T = 0.88 sec. 

In the last case the newly formed Li of atomic weight 8 is radioactive; it 
proceeds to disintegrate by ejecting an electron, the half life period being 
0.88 seconds. 

An interesting case is that in which deuterons are used to bombard heavy 
hydrogen. The heavy hydrogen target usually consists of heavy water 
frozen on a surface cooled by liquid air, or of some other solid compound 
containing heavy hydrogen. The two disintegrations resulting*® from the 
bombardment of heavy hydrogen with deuterons are : 

iH® + iH® '— >• aHe® + 

iH® + iH® iH» + iHi 

The product 2He® formed in the first reaction is a rare but stable isotope of 
of helium. The second transformation is particularly interesting since all 
of the particles involved are isotopes of hydrogen. It has been shown 
recently*'* that the hydrogen isotope of atomic weight 3 is radioactive; it 
ejects electrons and has a half life period*® of (31 ± 8) years. 

A few of the many other disintegrations which have been produced by 
deuteron bombardment are: 

sB*" + iH® ^ aHe^ + aHe* + sHe^ 

«C*® + iH®^ oC*® + iH* 

(iC*® + iH® — > 7N*® + ow* 

7N*® „C*® + /J+ T = 9.93 min. 

iiNa®® + iH® ^ laMg®^ + „«* 

„Na®® 4 - iH® iiNa®* + iH* 

iiNa®® nMg®* + r T = 14.8 hr. 

jsAl®® + iH® -> ijMg®® H- .,He® 

2 o€a®" H- iH® -> i,K®® + 2 He* 

lK®" ^ i«A®® + i 3 + T = 7.7 min. 

78Pt*''“ + iH® -> ,8Pt*»' + iH* 

78Pt*'’® -> 7i.Au*®’’ + / 3 - 7 ' = 18 hr. 

•“ M. L. E. Oliphant, P. llarteck and E. Rutherford, /Vor. Roy. Rnc., A, 144, 082 (18.S4). 

®*L. W. Alvarez and R. < Wnog, Phys. Ren., 66, 013 (1939); 68, 197 (1840). 

“ R. D. O’Neal and M. (Joldhaber, Phyn. Km., 68, S74 (1940). 
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The last transformation is interesting in two respects. First, although 
in general it is the elements of low atomic number which are most easily 
disintegrated by deuteron or other charged particle bombardment, it is 
nevertheless possible for these particles to cause disruption of some heavy 
nuclei. In general nuclei of high atomic number, and hence of high net 
positive nuclear charge, require that a charged particle have a very great 
energy before it can enter the nucleus. This is due to the large electrical 
repulsion. By using deuterons of 5 MEV it has been shown,®® however, 
that heavy elements such as Pt can be disintegrated by charged particle 
bombardment. As already mentioned in connection with disintegration 
by protons, there appear to exist certain resonance energies, sometimes 
rather low, for which the bombarding particle is able to penetrate the 
nucleus. It is probably only because of this resonance phenomenon that 
elements of high atomic number can be disintegrated by charged particle 
bombardment. 

The disintegration of Pt indicated above is interesting for a second 
reason. Here is a disruption of one of the noble metals. It is true that the 
disintegration proper results in another isotope of Pt, but this isotope is 
radioactive and proceeds to turn into Au. Here then is a transformation 
of one noble metal into another. The process would scarcely be profitable 
financially, for the platinum used is more costly than the gold obtained. 
Sherr and Bainbridge®^ have reported recently that both gold and platinum 
have been made from mercury by bombarding the mercury with neutrons. 
The small amounts of gold and platinum formed were detected through 
their radioactive properties. As far as is known no stable forms of these 
noble metals were produced, though the method of detection did not permit 
of finding these. In any case the total amount of gold and platinum 
formed was extremely small. The process of turning mercury into these 
metals would be far from profitable financially. 

Disintegration by Alpha Particle Bombardment 

It was by means of alpha particles that Rutherford and his coworkers 
first produced disintegration of many of the normally stable elements. 
Within the past ten years investigators have not only verified many of 
Rutherford’s original findings, but have also produced numerous other 
disintegrations by alpha particle bombardment. These additional trans- 
formations have been brought to light in part because of the most intense 
work in recent years and in part because there is now available, thanks to 
the cyclotron, a laboratory supply of alpha particles far more energetic 


J. M. Cork and E. O. Lawrence, Phys. Rev., 49, 205, 788 (1936). 

R. Sherr and K. T. Bainbridge, Phys. Rev., 59, 937 (1941); R. Sherr, K. T. Bainbridge and 
IT. H. Anderson, Phys. Rev., 60, 473 (1941). 
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than those given off by any of the radioactive materials. Rutherford and 
hrs coworkers knew oriy that an energetic proton was given off during these 
disintegrations; and they had only a rough measure of the energy of this 
particle. In contrast with this it is now known that alpha particle bom- 
bardment can produce disintegrations resulting in either proton or neutron 
ejection; and quite accurate measurements have been made of the energies 
released by the disintegrations. 

A few of the disintegrations now known to be produced by alpha particle 
bombardment are as follows: 


aLi’ 

+ 

alle^ 

4Be“ 

+ 

2He‘ 

5B*» 

+ 


oC'^ 

+ 

aHe^ 


+ 

aHe^ 


+ 

aHe^ 

loNc"* 

+ 

alle^ 

iiNa“’ 

+ 

aHe‘ 

uNa'-"’ 


allc* 


+ 

alTe'* 


+ 

alle^ 


+ 

alle' 

inIM'"" 

+ 

allc' 


+ 0^^ 
+ Qin} 


7N‘» ->■ „C“ + 

T = 9.95 min. 

gO*® -|- on‘ 


8016 ^ ^ 

T = 126 sec. 

gOi^ -1- iH^ 


jPii -|_ jjji 


_> jQi’ -1- /3+ 

r = 70 sec. 

laMg*® -H oM* 


laMg^ -h iH' 


mAP® -p ora‘ 



i 3 Ar-« ^ T = 7.0 sec. 

ibP'' + oni 


IbP'' ^ rj. ^ ^ 

2GFe^^ -h on^ 

26 Mn®® + /?+ T — 8.9 min. 


47Agi^^ 48Cdiii + T = 7.5 da. 


The fifth transformation shown in this group is of interest because it is 
no doubt tlie one originally observed by Rutherford. Protons were ejected 
from nitrogen boniliardcd with alpha particles. Although it seemed quite 
certain that these protons were actually ejected from the nitrogen nuclei, 
one could at first only speculate as to what became of the incident alpha 
particle and as to the nature of the newly formed nucleus resulting from 
the disruption of tlie nitrogen. ‘Cloud chamber photographs by Blackett, 
one of which is reiiroduced in Fig. 5, showed clearly that only two ionizing 
particles left the point of collision between the alpha particle and the N 
nucleus. One of these was clearly the ejected proton. The other was 
without que.stion the recoiling disrupted nucleus. There was no third track 
rer)resenting the alpha particle leaving the scene of the collision. This 
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particle most certainly was absorbed by the N nucleus in the disintegration 
process. If this be the case the original N nucleus of atomic number 7 
and atomic weight 14 became, after gaining an alpha particle and losing a 
proton, an 0 nucleus of mass 17. That is, the disintegration must have been 
in accord with 

It was then shown by Blackett^® that, assuming the laws of conservation 
of momentum and of energy, one can calculate the mass of the recoiling 
nucleus from the angles at which the particles leave the point of collision. 
This mass was calculated^® to be 16.72 + 0.42, a value entirely consistent 
with the formation of the nucleus. Further work^'^"’®® of the same 
character left little doubt of the correctness of this view. 

Experiment shows that in the reaction written last above, energy is 
absorbed by the disintegration. That is, the sum of the kinetic energies 
of the proton and the recoiling oxygen nucleus is less than the kinetic energy 
of the incident alpha particle. Measurements of these energies show an 
absorption^^ of 1.16 MEV. The energy of the reaction is said to be —1.16 
ME V, the negative sign indicating that energy is absorbed rather than freed. 
Absorption of energy occurs only in those reactions for which the sum of 
the masses of the final particles is greater than the sum of the masses of the 
original particles. In the reaction being discussed the sum of the original 
masses is 18.01139, while that of the final products is 18.01263. There is 
an increase in mass of 0.00124 atomic mass units. Since 1.000 atomic 
mass unit is equivalent to 931 MEV, this increase in mass represents an 
energy of 1.155 MEV. This is just the loss of kinetic energy observed. It 
is true that the mass of has not been measured with the mass spectro- 
graph; the mass used in this calculation was obtained from nuclear dis- 
integration studies. However, the mass of 0^^ has been obtained accurately 
from a nuclear reaction other than the one being considered here. Its use 
in this calculation is therefore justified. 

The capture of the bombarding particle seems to be the first step in all 
disintegrations produced by particle bombardment. The second step is the 
ejection of some other particle or particles. In the case of alpha particle 
bombardment the alpha particle is captured. Either a proton or a neutron 
is then ejected. Even though the same particle is used to bombard a 
particular material the nature of the ejected particle is not always the same, 
as is evident from the following transformations for Na: 

nNa23 + 2He^ 

nNa23 + .,He^ 13AP® + on' 


P. M. S. Blackett and D. S. Lees, Proc. Roy. Soc.y A, 134, 658 (1932). 
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Thus either Mg or A1 may result from the bombardment of with alpha 
particles. It is true that the Al^® produced is radioactive and proceeds to 
eject positrons and become Mg. One might wonder why bombardment 
with alpha particles does not result sometimes in the ejection of a deuteron, 
or in the simultaneous ejection of a proton and a neutron. Calculation of 
the mass changes that would be involved shows that reactions of these 
types would in general absorb a great deal of energy, often of the order of 
10 MEV. One could therefore not hope to produce such reactions without 
very energetic particles, and even then their production is improbable. 
Sherr®® has recently obtained some evidence for a reaction of one or the other 
of these types when sulphur is bombarded with MEV alpha particles. 

In general it is quite difficult to disrupt heavy nuclei by alpha particle 
bombardment, due no doubt to the difficulty the doubly charged alpha 
particle has in entering a nucleus of high net positive charge. But just as 
for protons and for deuterons, except perhaps more noticeable still, there 
exist certain resonance energies for which alpha particles of only moderate 
energy can enter these nuclei. These resonance energy bands are fairly 
narrow, roughly^^ 0.25 MEV wide for Al. If the particle energy differs 
by more than half of this from the resonance value, it has an exceedingly 
small chance of entering the nucleus unless it has an energy in excess of some 
critical value characteristic of the material. These resonance energies are 
much more in evidence for some nuclei than for others. Their existence and 
their values are connected, at least theoretically, with the existence of empty 
energy levels inside the nucleus. 

Disintegration by Neutron Bombardment 

With the discovery of the neutron in 1932 there was niade available 
another particle which has since been found unusually effective in producing 
disintegrations. This particle is capable of penetrating rather readily the 
nuclei of even the heavy, highly charged atoms, no doubt because the 
particle itself bears no electrical charge. The forces which arise to prevent 
the particle from entering a nucleus are so small in the case of a neutron 
that even very low energy neutrons have been found extremely effective in 
producing disintegrations. 

Of all the particles available for bombardment, many more disintegra- 
tions have been produced with neutrons than with any other. The reaction 
may give rise to any one of a number of particles, a proton, an alpha particle, 
more than one neutron, or a photon; in one case a deuteron is htTmed. A 
few typical reactions produced by neutron bombardment are the following: 

Sherr, Phys. 67, 987 (1940). 

J. Chadwick and J. K. R. Constable, Proc. Roy. Soo., A, 136, 4B (1982). 
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iH‘ + on* iH* + hv 

sLi* + owi -> iH« + 

iH*' -» aHe* + r 
4Be» + owi -> sHe® + jHe* 

sHe* — »• sLi® + ;S- 
sBi® + on‘ -» jLi? + jjHe^ 
iiNa®® -I- on» sF^*® + sHe* 

sF*® ioNe““ + /S- 

+ oni ^ + iH^ 

iiNa^^ — »• laMg®"* + ^- 

isAP^ + ow' -> ijMg**^ + iHi 

12Mg27 -> isAP' + 
isAF? + oni -»• nNa2< + 

iiNa^^ — >• i2Mg®^ + ^- 
laAP? + ^n'- jsAP® + hv 

isAP® — > i 4 Si®® 4 - / 8 ~ 
19K®® + ow* >• isK®® -j- ow^ + ow^ 

19K®® isA®® + /S+ 
asCu®® -j- on* >• 29 CU®* + oW* + o?i* 

asCu®^ -» 28Ni®2 + /3+ 
soCu®' + oM* — ^ 29 CU®® + hv 

29CU®® — >• 3oZn®® + j8~ 
79 AU*®’' + on* — »• roAu*®* + hv 

79 AU*®® — ^ soHg*®® + (8- 


r = 31 yr. 

T = 0.8 sec. 

T = 1% sec. 
r = 14.8 hr. 
T = 10.2 min. 
T = 14.8 hr. 
T = 2.4 min. 

T = 7.7 min. 
r = 10. ,5 min. 
T = 5 min. 

T = 2.7 da. 


( 1 ) 

( 2 ) 

( 3 ) 

(4) 

( 5 ) 

( 6 ) 

(7) 

(8) 
( 9 ) 

( 10 ) 

( 11 ) 

( 12 ) 

(13)’ 


These are but a few of the many disintegrations observed by neutron 
bombardment. Practically all elements can now be disintegratedTn thi 
way, a majority of them were disintegrated®* only a few years after the 

d,scov»y „t ft, Some „ ft, dUintegrati produSd by1,t tl 

bombardment r.ou.r, ft. us. „t very .uergeti, „.utm„,, r.f.r«7to™ 
fast neutroiM while many others are prodncml „or, eff<,liv.ly by sl„„ 
neurons. These slow neutrons are usually obtained by allowing the fast 
neutrons, produced by bombarding some material with energetic chLged 

found thirnruf substance containing hydrogen. It has bfen 

found that neutrons having energies as low as those corresponding to thermal 
velocities are capable of producing numerous disintegrations 

The W ’■^^‘^tions listed above. 

The first .one .shown repre.sent,s the conversion of ordinary hydrogen into 

forZtion ofn® a^h "r'"" second one results in the 

formation of H®, a hydrogen ..sotope only recently recognized as definitely 

Sec.!'A.’urS8 ®*>d E. Segrft, Prco. Roy. 
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radioactive.®"*’®® The sixth is interesting in that it is typical of a number 
of reactions in which the end product is identical with the original. The 
disintegration of i 2 Mg 2 ^ by neutron bombardment leads to radioactive 
iiNa^^ which in turn decays by beta ray ejection, becoming again i 2 Mg**^ 
The tenth disintegration listed is typical of a number of reactions produced 
by neutron bombardment in which the one neutron is captured and two 
neutrons are ejected. Evidence has recently been reported®^" that two 
neutrons and a proton, or three neutrons, are ejected in at least one instance. 
The last reaction shown is interesting in that it involves a change of gold 
from one isotope to another, the latter finally decaying into mercury. 

Another interesting and very important aspect of disintegration by 
neutron bombardment is the recent discovery of nuclear fission. In all 
the disintegrations discussed so far the disrupted nucleus splits into two 
quite unequal parts. One of these is a proton, a neutron, a deutron or an 
alpha particle. It was shown in 1939, however, that neutron bombardment 
of uranium causes the uranium nucleus to split into two parts not far 
different in mass. This approximately equal splitting is called fission. 
While fission was first produced by neutron bombardment, it has since been 
produced by other particles. Because of the importance of the fission 
process, and because the process is produced also by particles other than 
neutrons, this type of disintegration will be discussed later in a special 
section devoted to it. 

Disintegration by Photon Bombardment 

Many examples have been given of the disintegration of nuclei by 
bombardment with protons, deuterons, alpha particles, and neutrons. 
There is still another way in which the nuclei of a few elements can be torn 
apart, namely by bombardment with photons. One of these elements is 
heavy hydrogen. Chadwick and Goldhaber®^ discovered that when the 
penetrating gamma rays from ThC", for which hv = £.62 MEV, are 
allowed to fall upon the heavy isotope of H, the deuteron is split into a 
proton and a neutron. Thus 

iH2 + hv iI-P + oni 

Irradiation with gamma rays from RaC, for which hv = £.198 MEV, will 
also produce this reaction. The process is referred to as photodisintegra- 
tion. It is interesting that just the reverse of this process has already been 
mentioned, namely 


iHi + on' iH2 + hv 

J. M. Cork and W. Middleton. Phys, Rev., 68, 474 (1040). 
Chadwick and M. Goldhaber, Nai.urc, 134, 237 (1034). 
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In one of these, heavy hydrogen splits into a proton and a neutron; in the 
other a proton and a neutron combine to form heavy hydrogen. 

A calculation from the masses involved shows a loss of mass in the latter 
case and a gain in mass in the photodisintegration. This change of mass 
is 0.00233, representing an energy of 2.17 MEV. Thus 2.17 MEV of 
energy is released in the disintegration produced by neutron bombard- 
ment, whereas 2.17 MEV is absorbed in the photodisintegration process. 
One might therefore expect that the gamma rays used to produce this 
disintegration would have to be of a frequency sufficiently high that the 
photon possesses an energy of at least 2.17 MEV. This is found to be true. 
It has already been pointed out in Chapter 10 that the measured value 
of the energy absorbed in the photodisintegration of iH^ is 2.17 MEV, 
and that use of this measured energy constitutes one of the most accurate 
ways of evaluating the mass of the neutron. 

Another illustration of photodisintegration is that of 4 Be®. This reac- 
tion is 


480 ®, “f” hv — > 4 Be^ -f- 0 ^^ 

Again, consideration of the masses involved shows that this reaction 
absorbs 1.69 MEV of energy. The incident gamma ray photon must 
therefore have at least this energy in order to produce the disintegration. 
A number of other similar cases of photodisintegration can be found in the 
literature. In each case mass and energy are interchanged always in 
the same ratio as that found for disintegrations produced by particle 
bombardment. 

Different Ways of Producing the Same Material 

It has been seen that materials can be disintegrated in a number of 
different ways. In general the same substance can be disintegrated to 
form any one of several new materials, the nature of the newly formed 
substance depending upon the particle used to produce the disintegration 
and upon the particle given off during the disintegration. As an example 
illustrating the several new substances that can be produced from a given 
original material, let us choose the case of isAl®^, the only stable isotope of 
Al. This material has been made to undergo the following disintegrations: 

13AI27 + ^He" + oni 

13AI27 4. ,^He^ + iHi 

18AP7 + i2Mg25 + .^He^ 

13AI27 4. JI2 ^ ^ 3^128 + 

uA]^7 + iHl i4Si27 + 

H. A. Bethe, Phys. Rev., 63, 818 (1988) 

H. J. Walke, Rep. on Prog, in Phys., 6, 16 (1989). 
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+ OW.' 13 AP« + hv 

13A127 + 

13AI27 + nNa 2 ‘^ 4. 

Seven of the eight newly formed materials are different. Thus it is possible 
to make isAl^^ into at least seven different things. Five of these newly 
formed materials are radioactive while two of them, i 2 Mg 2 ® 148 !^^ are 
stable. In view of the large number of different isotopes that can often 
be made from a given material, is there any wonder that there are known 
today something like 600 different nuclei .J* 

In a similar manner it is possible to make a given substance by proper 
treatment of any one of a number of original materials. For example, the 
radioactive material laAl^® can be made in the following five ways: 

i2Mg^® + 2He^ — > isAl^® 4* 
laAP^ + 13AI28 + iHi 

laAl^^ + — » 13 AP® + hv 

i4Si2« + on^-^i3AP« + iHi 

13AP8 + 2He^ 

isAP^ uSi^^ + r = ^.4 min. 

isAl^® results from each reaction, and it proceeds to decay to stable uSi^* 
by the ejection of negative beta particles, and with a half life period of 
2.4 minutes, regardless of how it is made. The fact that a given radioactive 
material can often be made in a number of ways provides a greater possibil- 
ity that a desired radioactive stuff can be produced in practical quantities 
and on an economical basis. 

The Mass Changes and Energies Associated with Disintegrations 

It has been emphasized repeatedly that when mass appears or disappears 
during a disintegration process there always disap]>ears or appears a cor- 
responding amount of energy in some otlier form. Several numerical 
examples have been given to illustrate this interchange between mass and 
energy, and to show how accurately one can calculate the conversion ratio. 
For a large number of reactions there are accurate data available on the 
energy released during the disintegration and on the masses of the atoms 
involved in the reaction. A number of these are shown in Table IV. A 
more extended table has been given by Bethe,’^ and still other examples are 
scattered through the literature since. Most of the observed energies of 
disintegration shown in Table IV have been taken from a table by Bethe,’^ 
though a few have been taken from more recent measurements. 

®®T. W. Bonner, Phya, Rev., 69, SJ37 (1941). 

G. J. Perlow, Phya. Rev., 68, 218 (1940). 
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TABLE IV 


Comparison of calculated and observed energies of disintegration 


Reaction 

Decrease of mass 

Energy released, MEV 

Calculated 

Observed 

Li« + H‘->He‘ + He» 

.00412 

3.84 

3.95 

Li’ + HI -» He< + He* 

.01853 

17.25 

17.28 

Be» +H’-»Li« + He* 

.00242 

2.25 

2.28 

Be« + H’ -> Be* + H* 

.00052 

.48 

.40 

Bn + Hi-»Be»+He* 

.00924 

8.60 

8.60 

pn + H* -> 0“ + He* 

.00876 

8.16 

8.15 

h* + h*->h* + h* 

.00428 

3.98 

8.98 

H* + H*-^He* + n* 

.00355 

3.31 

3.31 

Li* + H* -> He* + He* 

.02381 

22.17 

22.20 

1 Li« + H*-»Li’ + H* 

.00528 

4.92 

5.02 

Li^ + > Be® + 

.01606 

14.95 

14.55 

Be» + H*-^.LF + He* 

.00770 

7.17 

7.19 

Be* + H* Be'* + H' 

.00493 

4.59 

4.59 

Be® + H® -> BIO + ni 

.00453 

4.22 

4.20 

B'o + H* ^ Be* + He* 

.01923 

17.00 

17.76 

BIO + H® Bii + 

.00999 

9.30 

9.14 

BIO 4- H® -► 

.00685 

6.38 

6.08 

B“ + H® Be® + He^ 

.00872 

8.12 

8.13 

Bu 4- H® -► C12 + 

.01474 

13.72 

13.4 

Ci2 4- H® -> 

.00297 

2.76 

2.71 

C13 + H® -> B^i 4- He^ 

.00553 

5.15 

5.24 

N14 4 - H 2 Q 12 4 . He 4 

.01436 

13.37 

13.40 

Ni* 4- H® + jji 

.00921 

8.57 

8 . 55 

016 4 . H® -> N14 4 . He 4 

.00334 

3.11 

3.13 

016 4 . H® 0^7 + 

.00210 

1.96 

1 . 95 

Ni* 4 - He^ 0 ^^ 4 - HI 

-.00124 

-1.15 

— 1 . 1 (> 

F19 4 . He^ -> Ne®® 4 - 

.00164 

1.53 

1 .58 

Na23 4 . He^ Mg®® + 

.00194 

1 .81 

1 91 

Mg24 4 - He^ -> A127 + HI 

-.00195 

-1.82 

— 1.82 

Al®7 + He^ Si3o 4 HI 

.00242 

2.25 

2 . 2 (> 

Si®8 4- He^ -4 p 3 i 4 - HI 

- .00242 

-2.25 

— 2.23 

SO® 4 He^ CPfi 4 HI 

-.00271 

-2.52 

“ 2.10 

H® 4 Hi 4 

-.00233 

-2.17 

— 2.17 

Be® hv Be® 4 

-.00181 

-1.69 



The agreement between calculated and observed energies in Table IV 
IS remarkable. It is true that the masses used in calculating these energies 
are not all mass spectrograph values; some of them have been determinetl 

such !s"t“b W correspondences, 

dre\rtSt^rfb^-f^ hy^irogen, are therefore 

due to the fact that it was just this reaction from which one of the masses 
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TABLE V 

omic weights used for the calculation of the mass and energy changes shown in Table IV. 
have been taken from Table IV of Chapter 5. The values chosen are those suggested 
end of that table 


Atom 

Atomic weight 

Atom 

Atomic weight 

n 

1 . 00893 

N14 

14 . 00750 


1.00813 

NIB 

15.00489 


2.01473 

016 

16 . 00000 


3.01705 

017 

17.00450 

He^ 

3.01698 

P19 

19.00452 

He^ 

4.00389 

Ne22 

21.99864 

Li« 

6.01686 

Na23 

22.99680 

LF 

7.01818 

Mg24 

23.99189 

Be* 

8.00792 

Mg20 

25 . 99062 

Be» 

9.01504 

AF7 

26.98960 

Bel® 

10.01671 

Si28 

27.98639 

BIO 

10.01631 

Si30 

29.98294 

Bii 

11.01292 

p31 

30.98457 

Cii 

11.01626 

S32 

32.98260 

C12 

12.00398 

CP® 

34.98107 

Q13 

13.00761 




ved was determined. In almost all cases, however, these masses have 
determined from more than the one reaction. This is true for the 
'on whose mass is involved in the photodisintegration of heavy hydro- 
Approximately half of the masses used are mass spectrograph values, 
:or many of the others there exist mass spectrograph values inappreci- 
different from the nuclear masses used. In a few cashes the atoms 
ved are radioactive, and for these no mass spectrograph measurements 
. The agreement between the calculated and observed disintegration 
jies leaves no doubt of the interchangeability of mass and energy, 
would be scarcely more justified today in questioning the interchange- 
ty of mass and energy than he would be in questioning the inter- 
geability of heat and energy. 

on 

ls early as 1934 it was realized by Fermi^*^ that bombardment of uranium 
leutrons might lead to the formation of elements of atomic number 
sr than 9^. As is evident from the list of typical neutron disintegra- 
! which has been given, these reactions often result in the formation 
radioactive isotope of the original material bombarded. This radio- 
''e isotope often decays by ejecting a negative beta ray, thus becoming 
lement of atomic number one higher than the original element. If 
K. Fermi, Nature, 133, 898 (1934). 
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TABLE IV 


Comparison of calculated and observed energies of disintegration 


Reaction 

Decrease of mass 

Energy released, MEV 

Calculated 

Observed 

Li® -h HI He^ + He® 

.00412 

3.84 

3.95 

Li7 + Hi->He^-l- He^ 

.01853 

17.25 

17.28 

Be»-l-Hi->Li® + He^ 

.00242 

2.25 

2.28 

Be® 4- HI Be8 + 

.00052 

.48 

.46 

Bii -f- HI -> Be® + He^ 

.00924 

8.60 

8.60 

F“ H- HI 0“ + He* 

,00876 

8.16 

8.15 

H* + H= -» H» + H^ 

.00428 

3.98 

3.98 

H2 + H2 He® + 

.00355 

3.31 

3.31 

Li« + H2 He* + He* 

.02381 

22.17 

22.20 

Lifi + Hs-^Li^-HHi 

.00528 

4.92 

5.02 

Li’ + H2 -> Be* + n* 

.01606 

14.95 

14.55 

Be’ + H’-^Li’ + He* 

.00770 

7.17 

7.19 

Be* + H« -» Be'" + H* 

.00493 

4.59 

4.59 

Be* + H* -+ B** + 

.00453 

4.22 

4.20 

BIO + H* -+ Be* + He* 

.01923 

17.90 

17.76 

B»“ + H* B“ + H* 

.00999 

9.30 

9.14 

B‘o + HO -»• C“ + n* 

.00685 

6.38 

6.08 

fill + HO -> Be® + He* 

.00872 

8.12 

8.13 

Bu + HO -♦ C*» + ni 

.01474 

13.72 

13.4 

CIO + HO -» C>* + fL 

.00297 

2.76 

2.71 

CIO + HO ^ B“ + He* 

.00553 

5.15 

5.24 

Ni* + HO C‘o + He* 

.01436 

13.37 

13.40 

Ni* + HO -»• Ni* + H‘ 

.00921 

8.57 

8.55 

0*0 + HO -» N‘< + He* 

.00334 

3.11 

3.13 

0“ + HO 0“’ + H‘ 

.00210 

1.96 

1.95 

N** + He* 0*’ + H* 

- .00124 

-1.15 

-1.16 

F‘» + He* Neoo + H* 

.00164 

1.53 

1.58 

Naos + He* Mgo« + H‘ 

.00194 

1.81 

1.91 

Mgo* + He* Alo’ + H‘ 

-.00195 

-1.82 

-1.82 

Al»’ + He* -» Si’o + H* 

.00242 

2.25 

2.26 

Sioo + He* po* + H* 

- .00242 

-2.25 

-2.23 

S02 4- He* -+ CPo + H‘ 

-.00271 

-2.52 

-2.10 

HO + A, -+ H‘ + n* 

-.00233 

-2.17 

-2.17 

Be* hp —* Be* + 

-.00181 

-1.69 



The agreement between calculated and observed energies in Table IV 
is remarkable. It is true that the masses used in calculating these energies 
are not all mass spectrograph values; some of them have been determined 
by the nuclear disintegration method. A few of the exact correspondences, 
such as that for the photodisintegration of heavy hydrogen, are therefore 
due to the fact that it was just this reaction from which one of the masses 
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TABLE V 

Atomic weights used for the calculation of the mass and energy changes shown in Table IV. 
These have been taken from Table IV of Chapter 5. The values chosen are those suggested 
at the end of that table 


Atom 

Atomic weight • 

Atom 

Atomic weight 

n 

1.00893 

Nu 

14.00750 

HI 

1.00813 

N16 

15.00489 

H* 

2.01473 

O'* 

16.00000 

H3 

3.01705 

017 

17.00450 

He3 

3.01698 

P19 

19.00452 

He< 

4.00389 

Ne®® 

21 . 99864 

Li« 

6.01686 


22.99680 

Li^ 

7.01818 

]Vlg24 

23.99189 

Bes 

8.00792 

Mg2® 

25.99062 

Be® 

9.01504 

AF^ 

26.98960 

Bel® 

10.01671 

Si28 

27.98639 

Bi® 

10.01631 

Spo 

29.98294 

Bii 

11.01292 

p31 

30.98457 

Cii 

11.01526 

S32 

32.98260 

C12 

12.90398 

Ci:i6 

34.98107 

QIZ 

13.00761 




involved was determined. In almost all cases, however, these masses have 
been determined from more than the one reaction. This is true for the 
neutron whose mass is involved in the photodisintegration of heavy hydro- 
gen. Approximately half of the masses used are mass spectrograph values, 
and for many of the others there exist mass spectrograph values inappreci- 
ably different from the nuclear masses used. In a few cashes the atoms 
involved are radioactive, and for these no mass spectrograph measurements 
exist. The agreement between the calculated and observed disintegration 
energies leaves no doubt of the interchangeability of mass and energy. 
One would be scarcely more justified today in questioning the interchange- 
ability of mass and energy than he would be in questioning the inter- 
changeability of heat and energy. 

Fission. 

As early as 19S4 it was realized by Fermi'*^ that bombardment of uranium 
by neutrons might lead to the formation of elements of atomic number 
higher than 92. As is evident from the list of typical neutron disintegra- 
tions which has been given, these reactions often result in the formation 
of a radioactive isotope of the original material bombarded. This radio- 
active isotope often decays by ejecting a negative beta ray, thus becoming 
an element of atomic number one higher than the original element. If 
E. Fermi, Nature, 133, 898 (1934). 
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then the bombardment of 92U should result in the formation of an isotope 
of U which is radioactive, and if this isotope should decay by ejecting a 
beta ray, then there would be formed an element of atomic number 93', 
If by chance this element should also be radioactive and should disintegrate 
by the same process, an element of still higher atomic number would be 
formed. Each successive beta ray disintegration would increase the atomic 
number by one. 

Now it was observed by Fermi and his associates*^^'^*^ that the bombard- 
ment of uranium by neutrons does result in one or more radioactive products 
which emit negative beta particles. Pour different half periods were 
observed for these products. It was natural to sii])pose tliat these may 
have come from a succession of beta particle disintegrations of elements 
having atomic numbers higher than 92. A great deal of effort was devoted 
to an attempt to isolate these products in order to ascertain the atomic 
numbers of the disintegrating elements. These many works have been 
well summarized in the recent literature. It appeared for some time 
that elements 93, 94, 95, and 96 had been produced. Somewhat similar 
evidence concerning the products resulting from neutron bombardment of 
goTh was construed as indicating the presence of other previoinsly unknown 
radioactive isotopes of the heavy elements. 

Among those working on this problem were Hahn and Strassmann.^'^ 
These workers finally secured unquestionable evidence that certain of the 
products resulting from neutron bombardment of uranium, which products 
had previously been thought to have atomic numbers greater than that of 
uranium, were in reality isotopes of DeBa. Another was an isotope of f,7La. 
The same situation was found to prevail among the products resulting 
from neutron bombardment of Th. Certain of the isotopes of Ba and La 
were ones which had already been recognized. For example, one product 
of the nuclear disruption was a Ba isotope having a half period of 86 min- 
utes; this agrees almost exactly with the then recognized period of 85.6 
minutes for seBa^^^ In a similar way another product was a nvLa isotope 
having a half period somewhat less than 40 hours; this was identified with 
57La^^° which was already known to have a half period of around 31 hours. 
Another of the products appeared certain to be 

These findings represented something entirely new. Although nearly 
all of the elements had previously been disintegrated by particle bombard- 
ment, in every previous case the new nucleus formed differed from the 
original only slightly in atomic number and atomic weight. When the 
bombarded nucleus disintegrated to form two or more particles, one of these 
was always a particle such as a proton, a neutron, or an alpha particle. 

A. Turner, Rev. Mod. Pkys., 12, 1 (1940). 

0. Hahn and F. Strassmann, Naturwi$s., 27, 11, 89 (1939). 
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Never before had there been observed a particle more massive than ^He^ torn 
from the nucleus. In the case of neutron bombardment of uranium, how- 
ever, there is definite evidence that the uranium nucleus is split into two 
approximately equal pieces one of which has an atomic weight of about 140. 
Since the atomic weight of 92U is m or 238, depending upon which 
isotope undergoes fission, and since the neutron is probably captured in the 
process, the remaining portions of the disrupted nucleus must have an 
atomic weight about 96 or 99 and an atomic number about 37. There is 
ample evidence for numerous fission fragments in this region. Among 
those‘»«'^‘>'^ which have been identified are asBr^^ gglCr^s, g^Kr^s, 
ssSr^®, 4iCb, 42M0 and element number 43. The products fall into 

two groups, one of atomic number in the range from 35 to 43 and atomic 
weight in the range from 82 to about 100, the other of atomic number from 
51 to 57 and atomic weight from 127 to about 150. Many of the products 
in each group are radioactive; others are stable. Among those in the 
heavier group are siSb^^T^ seBais®, 

and It is certain that the U nucleus is split into two or more 

fragments and that two of these have roughly equal masses. 

The energy released in the disintegration of a nucleus results from the 
fact that the total mass of the final products is less than that of the original 
particles. Whereas (Miorgies from 1 to 20 MEV are commonly released in 
ordinary disintegrations, fission of the U nucleus releases an energy of a 
still higher order of magnitude. This would be expected, for the loss of 
mass accompanying the splitting of a heavy atom into two approximately 
equal parts is very large. Henderson^^^ has measured calorimetrically the 
total energy released per fission of U. He obtained 177 MEV, with a prob- 
able error of about 1%. Kanner and BarschalP®^ have measured the dis- 
tribution of (Miergy among the individual fragments of fission. They found 
one grouf) of particl<NS with energies distributed about a most probable value 
of 65 MEV’^ and another group distributed about the value 98 MEV. The 
sum of these energies is 163 MEV. These investigators measured also the 
energy distribution under conditions such that the energy measured was 
the sum of the energies of the two fragments. This distribution curve was 
found to hav<‘ one p<‘ak, at 150 MEV. While this value is somewhat below 
the latc‘r one of Henderson, the agreement is rather satisfactory in 
view of the fact tluit entirely different methods were used. 

Mass c()nsid(‘rations alone indicate that approximately 200 MEV should 
be released in the fission of U. An appreciable part^*^^ of this probably 

IT. L. AndiM-soii, M. Kcrmi iiikI A. V. Grosse, Phys, Rev., 69, 52 (1941). 

M. (\ lI(‘U<lerson, /Vi//.v. Rrv., 68, 774 (1940). 

M. H. Kjumor and II. IT. Burschalt Phytt. Rev., 67, S72 (1940). 

N. Uohr and J. A. Whcolor, Phyv. Rev., 66, 426 (1989). 
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goes to excite the residual nuclei, however, and would not appear as kinetic 
energy of recoil. Some of this would certainly appear later as gamma 
radiation, and some of it might be dissipated by the ejection of electrons, 
positrons or neutrons. It is clear, therefore, that neither the ionization 
method used by Kanner and Barschall nor the calorimetric method used by 
Henderson would measure all of this energy. This probably accounts for 
the fact that both of these results are somewhat below the disintegration 
energy expected from mass considerations, and also for the fact that the two 
methods of measurement do not give exactly the same result. 

If by any chance this fission process can be put on a practical basis there 
exists the possibility of a tremendous supply of energy. It turns out that 
secondary neutrons are ejected in the fission process. These secondary 
neutrons may themselves produce still more fissions, which in turn produce 
more secondary neutrons, and so on. Such a chain reaction would release 
terrific amounts of energy in a very short time. It has been calculated 
that one cubic meter of UaOs might develop 10^^ kilowatt hours in less than 
0.01 seconds. The problem today is not only to propagate such a chain 
reaction but also to control the speed of the reaction. 

It is not only a single isotope of U that undergoes fission by neutron 
bombardment. Definite information concerning this has come from 
studies^®®’^®® of individual isotopes separated by a mass spectrograph. At 
least two U isotopes are split apart by neutron bombardment. Fast neu- 
trons are required for the splitting of thermal neutrons produce the 
fission of It is the latter isotope which appears to hold the greater 

promise for the release of a practical supply of energy. This isotope com- 
prises^®^ 3d!39 U. One of the real problems is to concentrate reasonable 
quantities of this isotope. Uranium is not the only heavy element which 
undergoes fission by neutron bombardment. Th and Pa have been shown 
to split apart in much the same way and with a comparable release of energy. 

It has been found that fission can also be produced by bombardment 
with particles other than neutrons. The first charged particle used to pro- 
duce fission was the deuteron. Gant^°® and Jacobsen and Lassen have 
induced fission of both U and Th by deuteron bombardment. The efficiency 
of fission production was found to rise rapidly at deuteron energies of about 
9 MEV. It was next shown by Fermi and Segre“® that the U nucleus 

104 g FlUgge, Naturwifts., 27, 402 (1939). 

A. O. Nier, E. T. Booth, J. R. Dunning and A. V. Grosse, Phys. Rev., 67, 546, 748 (1940). 

It*® K. H. Kingdon, H. C. Pollock, E. T. Booth and J. R. Dunning, Phys. Rev., 67, 749 
(1940). 

^0^ A. 0. Nier, Phys. Rev., 66, 150 (1939). 

10* D. H. T. Gant, Nature, 144, 707 (1939). 

C. Jacobsen and N. O. Lassen, Phys. Rev., 68, 867 (1940). 

110 E. Fermi and E. Segrd, Phys. Rev., 69, 680 (1941). 
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can be split by alpha particle bombardment. After bombarding U with 
32 MEV alpha particles, these investigators found present several of the 
iodine isotopes and in some cases tellurium. These are normal fission 
products. Care was taken to eliminate the possibility that this splitting 
was due to neutrons or to deuterons. The fission appears to have been 
produced by the alpha particles themselves. Even more recently Dessauer 
and Hafner^^^ have found that proton bombardment of Th and of U causes 
fission. The protons used had an energy of 6.9 MEV. Care was taken to 
eliminate the possibility that the observed splitting was due to secondary 
neutrons. The proton is apparently captured by the bombarded nucleus, 
after which this nucleus undergoes fission. 

In the meantime it had been discovered by Haxby, Shoupp, Stephens 
and Wells^^^ that fission of both U and Th can be produced by gamma rays. 
The 6.3 MEV gamma radiation given off when CaF 2 is bombarded with 
protons was used for the purpose. The possibility that the observed effect 
may have been due to secondary neutrons was carefully considered. The 
fission observed was certainly induced by the gamma ray photons. Langer 
and Stephens^ have identified two of the products of photo-fission as 
barium and strontium, two of the ordinary products of fission produced by 
neutrons. Yttrium building up from one of the radioactive fission frag- 
ments was also found among the products. Thus fission has been produced 
with neutrons, photons, protons, deuterons and alpha particles. Although 
it is not known that the products are identical in each case, there is no 
reason to believe that they are greatly different. Some of the products 
have been shown to be identical in a few instances. 

It has already been pointed out that observations on what has since 
been shown to be the splitting of U were first interpreted incorrectly as 
showing the existence of elements of atomic number higher than that of U. 
Elements 93, 94 and probably 95 and 96 were at one time thought to exist, 
each being radioactive. Recognition of the fission process, however, 
removed the evidence for the existence of these elements. It is all the 
more interesting, therefore, that other evidence^^'^ obtained recently shows 
the existence of elements 93 and 94. 

If U is bombarded with neutrons there appear two radioactive periods, 
one of 23 minutes and one of 2.3 <lays. Careful investigation of the prod- 
ucts seems to show clearly the existence of element 93. It is probably 
formed as follows: 

(i. Oessuuer and K. M. Hafner, Vhys. Rev., 69, 840 (1941). 

”2 R. 0. Haxby, W. E. Shoupp, W. E. Stephens and W. H. Wells, Phya. Rev., 68, 92 (1940); 
69, 57 (1941). 

A. Langer and W. E. Stephens, Phyn. Rev., 68, 759 (1940). 

E. McMillan and P. H. Abelson, Phys. Rev., 67, 1185 (1940). 
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‘ 92U‘^«« + «2U23» + 

y2U2^» + i0- T - 'iJS min. 

It has further been shown that element proceeds to decay with the 

emission of a negative beta particle, and with a half life period of 2.3 <iays. 
Thus 

. 93X23<J 94 X 230 + r = 2.3 da. 

Thus elements 93 and 94 again appear certain to exist, and it is not likely 
that this interpretation is in error. The question of what happens to ele- 
ment 94 after it is formed is still not settled. No radioactive properties 
have yet been detected. On the other hand, it is not likely that it W'ould be 
stable. Further experiments will be necessary to settle this point. 

4. ARTIFICIAL RADIOACTIVITY 
The Discovery and Extent of 

It was only a decade ago, in 1933, that artificial radioactivity wa.s dis- 
covered. At that time all of the radioactive elements known, with the 
exception of K and one or two others, were elements of high atomic number, 
above 82 Pb. Since the original discovery of natural radioactivity by 
Becquerel in 1896, investigators had learned of some forty of these naturally 
occurring radioactive elements. Little did physicists suspect then that 
within the next seven years they would actually produce some 300 other 
radioactive elements which do not occur normally in nature. 

Recall that the positron was discovered in 1932. In studying the posi- 
trons emitted by certain light elements when these are bombarded with 
alpha particles from polonium. Curie and Joliot^^*'’ observed that certain of 
these continued to emit positrons after the alpha ray bombardment had 
ceased. The emission of positrons gradually decreased with time, finally 
approaching zero. This continued emission of positrons after removal of 
the bombarding alpha particles was originally observed for B, Mg and Al. 
The alpha ray bombardment of these materials appeared to form new sub- 
stances, substances which were radioactive and which proceeded to decay 
just like a natural radioactive material. The only difference in behavior 
was that these new substances disintegrated by the ejection of positrons, 
whereas the natural radioactive substances disintegrate by ejecting either 
negative beta particles or alpha particles. Curie and Joliot found half life 
periods of 14 minutes, 2.5 minutes and 3.25 minutes, respectively, for the 
radioactive materials formed by alpha particle bombardment of B, Mg and 
Al. 


I. Curie and F. Joliot, Comptes Rendus, 198, 254 (1934); Nature, 133, 201 (19.S4). 
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Curie and Joliot suggested for the case of B that the alpha particle bom- 
bardment results in the disintegration 

5B10+ 2 He“'-^ 7 Ni»+ oni 

They suggested that emitted the positrons ,as it decayed to stable 
eC^®. This has proved to be correct, though the half period is now known 
to be 9. 93 minutes instead of the 14 minutes originally reported. 

Since the original discovery of artificial radioactivity in 1933 some 
300 artificially radioactive isotopes have been found. A great majority of 
these have been identified as to atomic number and atomic weight. -One 
or more radioactive isotopes exist for practically all of the elements. The 
total number of isotopes existing, counting stable, naturally radioactive 
and artificially radioactive, is around 600. Several tables of both the 
stable^^®~“® and the radioactive“'^~^^‘^ isotopes are available in the literature. 
As early as 1938, just five years after the discovery of artificial radioactivity, 
one author listed a total of 541 different nuclei, 287 stable and 254 radio- 
active. A more recent table, a very complete arid excellent one, lists 
278 stable isotopes and over 300 artificially radioactive ones. It is interest- 
ing that the number of stable isotopes listed in this recent table is smaller 
than that given a few years ago^^^; a few that were originally thought to be 
stable have been found radioactive. In the meantime numerous other 
radioactive ones have been discovered. 

Types of Radioactive Decay 

Although the first artificially produced radioactive materials disinte- 
grated by ejection of positrons, it was soon found that even more dis- 
integrated by ejecting electrons. These electrons are identical with the 
beta rays ejected by many of the natural radioactive elenumts. Regardless 
of whether positrons or electrons are ejected as the atoms decay, these par- 
ticles are given off with velocities distri!)uted over a wide range. These 
form a continuous velocity spectrum having a definite upper limit. The 
disintegration process seems to be identical with that of a natural radioactive 
material emitting l)eta rays. The upper limit of the continuous beta ray 
spectrum givc\s directly the total energy associated with the disintegration. 
Just why so many electrons are ejected with energi(\s l(‘ss than this maximum 
is understood no belter than the similar phenonumon in natural radio- 
activity. It is pr<‘snme<l again that a neutrino is ejected simultaneously 

^‘■‘*0, Haiui, S. J. IVljiltuiicK, Phya. /jcUa., 41, I (1940). 

R. Cfr%oire, Jour. Je Phyfiiyur ct Iv Had him, 9, 419 (lOSH), 

J. Liviii^'ood aiul (i. "P. R.i'v. Mod. Phys., 12, .SO (1940). 

M. S. lavin^ston and fl. A. Hot he, Rev. Mod. Phyti., 9, 959 (1997). 
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with the beta ray, and that this still unobserved particle shares the total 
energy of disintegration with the disintegration electron. On this hypothe- 
sis the sum of the energies of the electron and the neutrino is exactly the 
same for each individual disintegration; the sum of these energies, which 
would be the same as the upper limit of the continuous beta ray spectrum, 
gives the energy of the reaction. 

Disintegrations are known to occur also by processes other than the 
ejection of a nuclear positron or electron. A few of the artificially produced 
materials disintegrate by ejecting alpha particles. Far more of them dis- 
integrate by a process known as K electron capture. If a given nucleus 
normally ejects a positron as it disintegrates, there would exist a certain 
probability that this same nucleus might occasionally absorb an electron 
instead of emitting a positron. Since its own K electrons are the most 
readily available, it seems reasonable that the nucleus might absorb one of 
these, the vacancy created in the K shell being filled later by one of the 
outer electrons. A goodly number of the artificial radioactive nuclei do 
disintegrate in this way, decreasing their atomic number by one just as they 
would have by emission of a positron. 

When an atom decays by K electron capture one observes the emission 
of characteristic X-rays. Absorption of a if electron by the nucleus leaves 
a vacancy in the K shell, and as an outer planetary^ electron drops into this 
vacancy a characteristic line of the K X-ray series is emitted. This emission 
of X-rays is the most characteristic external effect accompanying disintegra- 
tion by this process. It was observation^ of these characteristic X-rays 
in 1937 that constituted the first evidence of disintegration by K electron 
capture. It was soon shown^^® definitely, by separation of the isotopes, 
that 3 iGa®^ does actually disintegrate by this process. Accompanying this 
disintegration are the characteristic^^®’^^^ and X-ray lines of aoZn. 
That is, the X-rays emitted are not those of the original atom but those of 
an atom one less in atomic number. The nucleus has actually changed, 
by absorption of the K electron, before the X-rays are emitted. It will 
be recalled that some of the 7 -rays accompanying the beta ray disintegration 
of a natural radioactive atom are really characteristic X-rays which follow 
the ejection of a planetary photoelectron by a nuclear gamma ray. And it 
will be remembered that these X-rays were not those of the original atom, 
but those characteristic of an atom of one higher atomic number. That 
is, the nucleus disintegrated preceding the ejection of the gamma ray. 
Thus those gamma rays which are really characteristic X-rays, and which 
are emitted by many both natural and artificial radioactive materials, are 
characteristic of the new element formed rather than of the original element. 

120 L. V^. Alvarez, Phys. Rev., 62, 134 (1937); 64, 486 (1938). 

^21 P. Abelson, Phys. Rev., 66, 424, 876 (1939). 
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In the case of a disintegration the X-rays are those of an element of one 
higher atomic number, whereas in the case of a positron disintegration or a 
disintegration by K electron capture they are characteristic of an element of 
one lower atomic number. For example, ^21 which disintegrates by 

ejecting a particle, gives off the characteristic X-rays of 54X0, while 
29Cu®^ part of which disintegrates by ejecting a positron, gives the charac- 
teristic X-rays of 28Ni. 

Characteristic X-rays are given off also by many atoms because of 
internal conversion of nuclear gamma rays, that is, through the ejection 
of a photoelectron from the planetary system of a given atom by absorption 
of a nuclear gamma ray emitted by this same atom. One must, therefore, 
be careful to distinguish between these X-rays and those which are con- 
sidered as evidence of disintegration by K electron capture. There is con- 
vincing evidence that certain nuclei disintegrate only by K electron capture. 
The case of is quite conclusive. When this isotope is carefully sepa- 
rated it is foundi22 characteristic X-rays. No disintegration 

/? rays or positrons have been detected, and no nuclear gamma rays are 
emitted. Furthermore, the characteristic X-rays are those of 22Ti. The 
nucleus 23V''^ must therefore change into 22Ti by capture of a K electron 
and by no other process. 

It has been found that in a number of instances there exist nuclei with 
the same atomic number and the same mass number which nevertheless 
exhibit different radioactive properties. These are called nuclear isomers. 
That such isomers might exist among the natural radioactive substances 
was first suggested by Soddy,^'^^ and experimental evidence^^^'^^c 
existence was observed shortly thereafter. In recent years numerous 
isomers^^ have been found among the artificial radioactive nuclei. The first 
example of this was the case of 3(.Br“^. There arc two half life periods asso- 
ciated with this, 4.4 hours for one isomer and 18 minutes for another. It 
seems that certain nuclei can exist for consi<lcrable time in an excited state, 
known as a metastable state. Otu^ would expect that sooner or later the 
nucleus would pass from the inetastable state to the normal ground state, 
probably with the emission of a gamma ray representing the energy differ- 
ence between the two states, ('areful separation of the isomers of ssBr**® 
has shown^'^®-’’-^^ conclusively that the 4.4 hour period is associated with 
the change from the upper to the lower isomeric state, while the 18 minute 

'22 H. Walke, K. J. Wllliain.s and (J. U. Kvans, Pror. Roy. A, 171, SCO (19S9). 

'2^* F. Soddy, Nature, 99, 414, 488 (1017), 

'2H). Hahn, Her. Deuisch. (^kem. Ge.sell., 64, 1181 (1921). 

126 jsj Feather and K. Bretscher, Pror. Roy. Hoe., A, 166, 580 (1088). 

'2® K. Segr^, R. S. Halford and (1. "P. Seaborg, Phys. Rev., 66, 821 (1089). 

'^27 D. C. DeVault and W. F. Libby, Phys. Rev., 66, 322 (1989). 
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period is associated with tlie decay of the lower isomeric form by ray 
emission. Similar information is available concerning a number of other 
isomeric pairs. 

In most instances it is very difficult or even impossible to observe the 
gamma rays associated with a change from one isomeric form to another. 
What one does observe is a group of fairly low energy electrons. These 
electrons have been ejected photoelectrically from the planetary system of 
the atom by absorption of the nuclear gamma ray accompanying the 
change from one isomeric state to the other. The gamma ray is absorbed 
in the same atom from the nucleus of which it was given out; it is internally 
converted. In many instances the internal conversion factor is very high, 
approaching unity in some cases. An internal conversion coefficient of 
unity means that each gamma ray photon emitted by the nucleus is absorbed 
in the planetary system of the same atom, ejecting thereby a photoelectron. 

It is not only those atoms the nuclei of which undergo transition from 
one isomeric form to another that eject photoelectrons. There are nuclear 
gamma rays associated with many of the disintegrations in which electrons 
or positrons are emitted. Appreciable internal absorption of these results 
likewise in the ejection of photoelectrons, followed by the emission of 
characteristic X-rays. These electrons are obviously not those associated 
directly with the nuclear disintegration. 

The approximate numbers of nuclei which disintegrate in different ways 
is of interest. According to a recent table by Livingood and Seaborg,^^^ 
which includes a number of cases for which the evidence is not yet trust- 
worthy, there are approximately 174 artificially produced nuclei which 
disintegrate by the ejection of electrons, 65 which disintegrate by emitting 
positrons, 3 by emitting alpha particles, and 35 by capturing a K electron. 
There are approximately 15 cases of a nuclear transition from an upper to 
a lower isomeric state. Gamma rays are known to accompany some 70 of 
the recognized radioactive changes. Internal conversion electrons are 
emitted from some 33 of these atoms. At least in one case, that of 29 Cu‘^S 
a given nucleus disintegrates in three different ways, by ejecting electrons, 
by ejecting positrons, and by K electron capture. It is of interest that this 
common source of electrons and positrons has been used quite recently 
for a direct comparison of the ratio ejm for positrons and electrons. 

The Possible Significance of These Materials 

It is impossible to predict with any certainty the future value of the 
tremendous effort which has been put forth in recent years on the trans- 
mutation of the elements and on the study of the radioactive properties of 


’28 A. H. Specs and C. T. Zahn, Thya, Rev.^ 68, 861 (1940). 
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artificially produced materials. Past experience has shown, however, that 
there is little need to fear that the store of knowledge which has come from 
these studies will not sooner or later be made to serve mankind. We have 
already emphasized the possible significance of the vast stores of energy 
which can be released by nuclear disintegration if one can but develop this 
process on a large scale and at the same time control it. 

The application of knowledge gained through studies of the radioactive 
properties of artificially produced materials seems definitely assured. Many 
of these materials are already being used for various purposes. One of the 
most obvious uses is their substitution for natural , radioactive materials 
in the treatment of diseased tissue. Certain advantages other than a 
possible saving in cost might result from this substitution. Among the 
artificial radioactive materials there are many which have relatively short 
half lives, say of the order of a few hours. Use of short lived materials 
eliminates the need of recovering these materials after treatment to prevent 
an excessive dose. The dose is controlled by using the proper amount of 
the material. Furthermore, the fact that the material need not be recovered 
allows it to be administered internally as well as externally. This may 
prove of utmost importance. It is well known that the physiological 
processes of the body carry certain materials mainly to definite parts of the 
body. By choosing a radioactive isotope of a material which the body 
localizes in some definite place, it may be possible to localize the desired 
treatment in that part of the body needing it. For example, it is known 
that a good part of the iodine taken internally goes to the thyroid gland. 
One can easily conceive of beneficial treatment of this gland with radioactive 
radiation. There exist radioactive isotopes of iodine, and if this iodine be 
taken internally the treatment will be localized in the thyroid. Experi- 
ments of this character are now being carried out in various laboratories. 
Other materials, and usually fairly common ones such as calcium and iron, 
go largely to certain parts of the body. The possibilities are at least 
intriguing. 

As another example, it has been found that neutrons produce biological 
effects rather similar to those produced by X-rays and gamma rays. But 
whereas X-rays and gamma rays are absorbed much more rapidly in the 
bony tissue than in the fleshy tissue, neutrons are absorbed more rapidly 
in the fleshy tissue. Since radiation will produce effects only in those parts 
of the body where it is absorbed, it is possible that neutron radiation may 
prove advantageous for some treatments. The greater absorption of 
neutrons in the fleshy tissue no doubt results because of the greater concen- 
tration of hydrogen nuclei there. In fact the biological effect of neutrons 
comes probably not from the neutrons themselves but rather from the 
protons they project forward. 
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Perhaps the widest use to which artificially produced radioactive atoms 
have been put is as “tracers” in chemical, biochemical and biological studies. 
As a matter of fact it is not only the radioactive isotopes that are useful in 
these studies, but many of the stable ones as well. For example, H, C, N 
and O are found in over 90% of all chemical compounds known, and they 
are especially important in all biological problems. All of these elements 
have rather rare stable isotopes, C^®, and 0^^ and each of these 
has been separated in amounts which are sufficient for many studies. Par- 
ticular isotopes such as these serve as tags; they can be distinguished from 
other similar groups of atoms. Their use may clarify or make more certain 
the structures of many organic molecules. They can be used as tracers 
in many biological problems, and this use has already yielded new 
information. 

Radioactive atoms serve even more admirably^^®*^®° as tracers, for their 
radioactivity is a very sensitive and definite proof of their existence at any 
particular place. By feeding these elements to man and animals it is pos- 
sible to study step by step their progress through and their absorption in 
the body. For example, the use of radioactive P has shown that 62% of the 
P absorbed goes into the bony structure within 5 days. By using calcium 
phosphate, in which the P has been made radioactive, the utilization of 
calcium by the rat has been studied. The greatest amount of calcium 
apparently goes to the front teeth. The storage and metabolism of iron 
in the body has been studied through use of radioactive Fe, and that of 
sugar through use of radioactive P. The absorption of minerals by plants 
has been studied^®^ through use of radioactive Na and P. The use of these 
and other^®^ radioactive isotopes will unquestionably contribute greatly to 
the future knowledge of living processes. 

It is entirely possible also that the gamma rays from some of the artificial 
radioactive materials may be used instead of X-rays or natural gamma rays 
in the inspection of the structural members of machines. One of the radio- 
active isotopes of Y gives considerable promise^®® of being useful in this 
field. Using the gamma rays from this material, photographs have been 
taken through iron 2" thick. These gamma rays are quite similar in hard- 
ness to those of radium, the material now used for such studies. 

It is true that these artificial radioactive materials have not yet been 
produced on a really large scale. A number of them have been produced 
in amounts, however, which are sufficient for many purposes. For example, 

R. D. Potter, Science SuppL, 89, 8 (1939); 90, 6 (1989). 

G. Hevesy, Phys, Rev., 67, 240 (1940). 

A. K. Brewer and A. Bramley, Science, 91, 269 (1940). 

132 H. Walke, F. C. Thompson and J. Holt, Phys. Rev., 67, 177 (1940). 
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by one day’s bombardment of sodium with deuterons one can now produce 
an amount of radioactive sodium, uNa®^ having a gamma-ray activity 
equivalent to that of $10,000 worth of radium. Radioactive Sr is available 
in large quantities for therapeutic purposes. Ten hours of deuteron bom- 
bardment with the 60" cyclotron at Berkeley will produce^®* about 12 
milligrams radium equivalent of radioactive Y. Once the most useful of 
the radioactive isotopes is found it seems fairly certain that ways will be 
developed to produce the required amounts. 



Chapter 12 

COSMIC RAYS 

I.THE EARLY HISTORY OF COSMIC RAYS 

As has already been pointed out, experiments^'- carried out nearly 40 
years ago showed that normal air is always slightly ionized. This residual 
ionization was made evident by demonstrating conclusively that con- 
siderable leakage normally occurs through the air surrounding the charged 
leaf system of an electroscope. It was found*'^ immediately that this 
residual ionization could be decreased greatly by surrounding the electro- 
scope chamber with lead or other absorbing material. It appeared clear, 
therefore, that at least a considerable part of this residual ionization was 
due to a rather penetrating radiation which came from outside the ionization 
chamber of the electroscope. At about this same time Rutherford and 
Soddy® showed that the radiations from spontaneously disintegrating radio- 
active materials were of three types, alpha, beta, and gamma rays. The 
gamma radiation had been found to be very penetrating, considerably more 
so than X-rays. Some gamma rays were capable of penetrating several 
centimeters of lead. It was therefore natural to suppose that the pene- 
trating radiation responsible for the residual ionization was gamma radiation 
coming from small amounts of radioactive materials present in the rocks and 
soil. This supposition seemed all the more safe when it was later shown 
definitely that the earth’s crust does contain such materials. While it was 
recognized that some penetrating radiation might come from the atmos- 
phere, no evidence in favor of such a concept appeared for some years. 
Kurz,® reviewing all the evidence up to 1909, concluded that there was no 
evidence contradictory to the concept that the entire radiation came, either 
directly or indirectly, from materials in the earth’s crust. The observed 
residual ionization might be produced directly by radioactive radiations 

^ C. T. R. Wilson, Proc. Camb. Phil, Soc,, 11, 52 (1900); Proc. Poy. Soc., A, 68, 151 (1901); 
69, 277 (1901). 

® H. Geitel, Phi/s. Zdts,, 2, 116 (1900-01); J. P!ilster and H. Geitel, Phys, Zeits., 2, 560 
(1900-01). 

® J. C. McLennan and E. F. Burton, Phys, Zeits., 4, 553 (1902-03); Phya, Rev.y 16, 184 
(1903). 

* E. Rutherford and H. L. Cooke, Phys. Rev., 16, 188 (1903). 

E. Rutherford and F. Soddy, Phil. Mag., 4, 370, 569 (1902); 6, 576 (1903). 
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from the materials; or it might be produced by radiations from radioactive 
gases which diffuse from the earth into the lower atmosphere. Both of 
these processes are no doubt actually at work. 

About 1910 there appeared, however, rather definite evidence that this 
was certainly not the whole story. Wulf,^ through observations made on 
high towers, and Gockel,^ through data obtained on several balloon flights, 
showed that the intensity of this ionizing radiation decreased but little if at 
all with increases in altitude above the earth’s surface. At an elevation of 
4500 meters, the highest attained by Gockel, the observed intensity was 
actually higher than that at the earth’s surface. These were important 
observations, for if the radiation came directly from materials in the earth’s 
crust, its intensity should decrease rapidly as one goes higher above the 
earth. It should® fall to one half its value at the earth’s surface in going 
up a few hundred feet. A similar decrease of intensity with altitude would 
be expected even though the radiations might come from radioactive gases 
in the lower atmosphere, though the decrease might not become appreciable 
until somewhat higher altitudes are reached. 

Recognition of the importance of such observations led to further and 
more extended balloon fiights by Hess^®*^^ and by Kolhbrster.^*-^ The 
resulting observations established that the intensity does actually increase 
with altitude. There appeared to be no reason to question this conclusion. 
The experiments were carried out with sufficient quantitative accuracy, 
and they extended to suflficiently high altitudes, to prove the point beyond 
reasonable question. Altitudes of 5,^00 and 9,000 meters were attained 
by Hess and Kolhorster respectively. Large increases in intensity were 
observed. At the higher altitudes the intensity appeared to be some 5 to 
10 times as great as that observed at sea level. This astonishing increase, 
considered together with the fact that any ordinary radioactive radiation 
coming from the earth’s surface should be almost completely absorbed in 
going up through the first one or two thousand meters of atmosphere, made 
it appear certain that the penetrating radiation has its origin either in or 
beyond the upper atmosphere. Hess^^ proposed as early as 1912 that the 
origin of this penetrating radiation was entirely beyond our atmosphere, 
and that it fell upon our atmosphere almost uniformly from all directions. 
Practically all of the detailed information gathered since that time has 
supported this view. The fact that this radiation produces observable 

^T. Wulf. Phys, ZviU,, 10, 1/52 (190})); 11, 811 (1910). 

8 A. Gockel. Phy.s. ZelLs,, 11, 280 (1910); 12, 595 (1911). 
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eflfects at sea level, and is therefore able to penetrate our entire atmosphere 
shows that this radiation is far more penetrating than even the gamma ray 
from radioactive substances. 

While most observers were convinced at an early date that this pene 
trating radiation from without truly existed, it was a number of years befon 
investigators acquired accurate data regarding its rate of absorption in ai; 
and other matter. And it was still much later, actually only in quite recen 
years, that physicists have come to any general agreement as to the nature 
of the radiation. Several points regarding this nature are still not settled 
Some details of absorption measurements will be discussed later. Of what- 
ever the radiation may consist, it is exceedingly penetrating, far more sc 
than the hardest gamma rays. Its penetration to several hundred meters 
depth of water has been observed.^® Its effect has been measured aftei 
penetrating far into the earth’s crust. Wilson^^ measured the radiation 
after it had penetrated approximately a quarter of a mile of rock, equivalent 
to 1100 meters of water, and others^® have observed it even deeper in the 
earth’s crust. After passing through 1100 meters water equivalent of rock 
the intensity was of the order of 1/10,000 that incident upon the rock. 
Something of the order of 99 percent of the most penetrating radiation 
incident upon a meter thickness of water actually gets through this thick- 
ness. Thus at least a part of the radiation is exceedingly penetrating. As 
will be seen later, that part of the radiation which penetrates to great depths 
of water or rock is considerably more penetrating than the average cosmic 
ray observed at the earth’s surface. And in turn that observed at the 
earth’s surface is far more penetrating than the average which falls upon 
the upper atmosphere. In either case the less penetrating component has 
been absorbed to a much greater extent in passing through great thicknesses 
of matter, thus leaving the more penetrating component. 

The nature of cosmic rays has been a much disputed question, and one 
not yet entirely settled. It was urged early by Millikan that the radiation 
consisted of electromagnetic waves, or photons, having wave lengths much 
shorter than the gamma ray. Evidence was presented by him for the 
existence of radiation of several wave lengths of the order of 5 X 10“^^ cm. 
Somewhat later it appeared that, on the photon hypothesis, there 
must be some waves as short as 0.8 X 10“^^ cm. This is only ^ioo the wave 
length of the most penetrating gamma ray known. Evidence for both this 
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wave mteptewtion and fte ^tea of tke wave length, were drawn 
largely from meaeuremmta of the rate of ab»rpUon in matter. TUa 
concept of their nature had conaiderable early evidence which aeemed to 
aupport It, and. bang ra4er appeahng, became rather widely accepted by 


Subsequent data seem to have shown conclusively, however, that by 
far the greater part of cosmic radiation consists of charged particles such as 
electrons and positrons. A variety of evidence has been brought to bear 
upon this question. A long series of papers by Millikan and his coworkers 
from about 1923 to the present, provides a wealth of information. And it 
is largely with this as a basis that one school maintained for so long the 
photon character of cosmic rays. In 1935 Millikan,^* in an article entitled, 
“What to Believe about Cosmic Rays,” summarized in a semipopular 
manner some of the more general findings. But there have been literally 
hundreds of other researches dealing with the subject. Some of these have 
been as extensive, or even more extensive than those of MniiVan and his 
collaborators. Professor A. H. Compton of the University of Chicago has 
been extremely active in helping to mould the present concept of cosmic 
rays, and he has given an excellent summary^o of researches which have 
caused physicists to conclude that the primary cosmic radiation consists 
largely of charged particles. More recent summaries^i-” and many still 
more recent researches provide much additional information. 


2. EVIDENCE BEARING ON THE NATURE OF COSMIC RAYS 

It will be convenient to review the various aspects of cosmic ray studies 
under several heads. The literature on even any one phase of the subject 
is often overwhelming. Attention will be called to only the more basic or, 
in a few insl.iinoes, the more interesting of these works. 


The Variation of Intensity with Altitude 

The very discovery of the existence of a penetrating radiation coming 
from the upper atniosj)here or from beyond this atmosphere, was made 
through ob.servations of the intensity of radiation at various altitudes. 
While only rough measurements of relative orders of magnitude were neees- 
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sary to show the existence of the radiation, very careful measurements 
were desired to aid in arriving at a proper knowledge of its nature and origin. 
The pioneering balloon flights of and Kolhdrster,^^ who attained 

respective altitudes of 5,200 and 9,000 meters, contributed some evidence 
regarding the manner of variation of intensity with altitude. No significant 
work followed these for some ten years, probably due to the intervention . 
of the World War, 

In 1922 Millikan and Bowen^® undertook a series of measurements which 
was the forerunner of a number of important works dealing with the subject. 
Rather tha,n to make observations in manned balloons, Millikan and Bowen 
chose to send up small balloons carrying sufficient recording apparatus to 
obtain the desired data. Higher altitudes could be attained in this way. 
The primary purpose of securing data at high altitudes at that time was to 
allow a decision as to whether the penetrating radiation had its origin in the 
uppermost atmosphere or beyond even the outer layers of this atmosphere. 
Four duplicate instruments were designed especially for the flights. Each 
of these included a recording electroscope, a recording thermometer and a 
recording barometer. The records were made on a moving photographic 
film driven by a clock spring. The largest over-all dimension of the assem- 
bled instrument was approximately six inches. The entire weight of the 
assembled apparatus was only 190 grams. These instruments were carried 
up by sounding balloons similar to those used for weather observations. 
Each instrument was carried by two balloons. It was hoped that after 
one balloon had broken at a high altitude, the other would carry the instru- 
ment back to earth without serious damage. The flights were made at Kelly 
Field, Texas. Three of the four instruments were recovered after the flight, 
and two of these had satisfactory records. These had attained altitudes of 
11,200 and 15,500 meters, respectively. In qualitative agreement with 
previous work, these experiments showed a marked increase of intensity 
with altitude. But the increase was not as large as it appeared from the 
pioneering work of Hess and Kolhdrster. The average intensity between 
the 5 and the 15 kilometer levels was some three times that at the earth’s 
surface. These general findings were confirmed^® shortly through measure- 
ments made on mountain tops and in airplanes. 

In more recent years reliable observations on the change of intensity 
with altitude have been carried practically to the top of the atmosphere. 
These have been made possible through airplane flights, sounding balloon 
flights, and stratosphere manned-balloon flights. Many of the results and 
conclusions to be drawn from airplane studies made up to 29,000 feet and 
from three stratosphere balloon flights extending up to 60,000 feet, have 

28 R. A. Millikan and I. S. Bowen, Fhya, Rev,, 22, 198 (1923); 27, 363 (1926). 
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been summarized by Bowen, Millikan and Neher.”^ Two of the more recent 
illuminating studies are those carried out by Millikan and his ooworkers 
at Port Sam Houston, Texas, and at Madras, India. In each case 
observations were made with photographic recording instruments carried 
up by sounding balloons. These flights extended to within less than 2% 
of the top of the atmosphere. That is, 98% of the atmosphere, by weight, 
was below the instrument at the highest altitude reached. Fig. 1 reproduces 



Fio. 1. 'Showing the variation of 
eosinie ray intensity with altitude at Fort 
Sam Houston, Texas, magnet, ic latitude 
iU)'' N. Abscissae represent the distance 
below the top of the atmosphere in meters 
of water equivalent. 



Fig. 2. — Showing the variation of cosmic 
ray intensity with altitude at Madras, India, 
magnetic latitude S* N. .\bscissae represent 
the distance below the top of the atmosphere in 
meters of water equivalent. 


the results of the Port Sam Houston study; Pig. 2 shows those obtained at 
Madras, India. In each case the ordinate represents the number of pairs 
of ions formed per cc. per .sec. in an ionization chamber in which the pres- 
sure is one atmosphere. The abscissa represents, in a way, the altitude. 
Assuming that a layer of air has the same absorption as a layer of water 
having the same mass per unit area of surface, it is possible to express the 
absorption in a given layer of the atmosphere as that in an equivalent layer 
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of water. The mass of the entire atmosphere is approximately equal to 
that of a layer of water 10 meters thick. Accordingly the abscissae in 
Figs. 1 and 2 represent the ‘"distance” below the top of the atmosphere 
expressed in meters of water equivalent. Ten meters of water equivalent 
would therefore correspond to sea level. 

Results of studies at the two places. are shown because of certain signifi- 
cant differences. Madras, India, is very close to the magnetic equator, 
actually at 3° N magnetic latitude. Fort Sam Houston is much farther 
north, at 38.5° N magnetic latitude. There are significant differences in 



Fig. 3. A comparison of the variations in cosmic ray intensity at Madras, India (mag- 
netic latitude 3 N), Fort Sam Houston, Texas (magnetic latitude S9^ N). and on two strato- 
sphere balloon flights (magnetic latitude 53® N). 


the curves obtained at the two places. We shall discuss later the variation 
of cosmic ray intensity with latitude and the reason for this variation. For 
suflScient to note that these two intensity-altitude curves 
are different. Although each has the same general form, and each reaches 
a maximum intensity well below the top of the atmosphere, the range of 
intensity variation is quite different. The intensity observed at high alti- 
tudes, say in the region of the maximum, is much greater at the higher lati- 
tude. Likewise, the altitude at which the intensity becomes a maximum is 
somewhat greater at the higher latitude. 

These facts are all the more evident from Pig. 3, which shows the two 
curves already discussed, together- with a third which represents data 
taken at a still higher magnetic latitude. 53“ N. This third curve results 
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from data obtained on two stratosphere flights, the Settle-Fordney flight 
in 1933 and the Kepner-Stevens-Anderson flight in 1934. These were made 
at the same latitude. It is pleasing to see how well the data agree. This 
curve, corresponding to a still higher latitude, shows a still greater intensity 
of cosmic radiation at any given elevation. Even the higher of these strato- 
sphere flights did not extend sufficiently near the top of the atmosphere to 
show the maximum at this latitude. This maximum occurs 90 percent of 
the way up near the equator, and about 93 percent of the way up at a lati- 
tude of 38.5°. The stratosphere flights at a latitude of 53° extended only 
93 percent of the way up, not high enough to show any maximum which 
might exist. More recent data®^ taken at latitudes of 51° and 60° have 
extended much nearer the top of the atmosphere than did these stratosphere 
balloon flights. They have gone 98.8 percent of the way to the top . Curves 
obtained at both of these high latitudes show maxima occurring still closer 
to the top of the atmosphere. The actual ionizations corresponding to 
these maxima are somewhat less than would be expected from a continuation 
of the stratosphere flight curve shown in Fig. 3; but they are still much 
greater than those obtained at lower latitudes. Thus data extending to 
more than 98 percent of the way to the top of the atmosphere are available®® 
at four different latitudes, 3°, 38.5°, 51° and 60° N. A maximum appears 
in each curve. The fact that the intensity increases to a maximum and 
then begins to fall off again appreciably below the top of the atmosphere, 
might at first seem to indicate that the cosmic radiation actually originates 
in the upper atmosphere. But such a conclusion is not at all necessary; 
there are other ways of accounting for the existence of this maximum. But 
if the primary radiation does come from entirely beyond the atmosphere, 
as everyone believes today, then the existence of such a maximum does 
show that the ionization in the atmosphere cannot be entirely due directly 
to the primary rays. The significant role probably played by secondary 
ionizing radiation will be discussed later. 

Many other studies of the variation of intensity with altitude have of 
course been made. The results have been in general agreement with those 
of the works discussed above. Data have recently been obtained still 
nearer the top of the atmosphere. The development of small counter tubes 
for measuring cosmic ray intensity, and the development of small and light 
radio tubes and associated equipment, has made it possible to approach to 
within Yt percent of the top of the atmosphere. In several recent studies 
such counting apparatus has been carried up to very high altitudes by 
sounding balloons. The apparatus periodically transmits the existing pres- 
sure and counting rate back to earth by radio. Thus, success in gathering 


33 1. S, Bowen, R. A. Millikan and II. V. Nchcr, ?hyB, Rev., 63, 217, 855 (1938). 
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very high altitude data no longer hinges on recovering the observing appa- 
ratus. Instruments of this character have been described’^^*^® for which 
the entire weight of the assembled instrument was only 5 pounds. Data 
have been obtained*^ in this manner up to an altitude of 21,300 meters 
(70,000 feet) in Lima, Peru, on the magnetic equator. Similar data taken**® 
at Washington, D. C., 50° N magnetic latitude, extend up to 35,300 meteirs 
(116,000 feet) above sea level. The pressure at this altitude is approxi- 
mately 4 mm. of mercury. Only percent of the atmosphere remains 
still above the highest point at which observations were made. 

These high altitude studies have furnished intensity-altitude data in 
essential agreement with those already discussed. The marked increase 
of high altitude intensity with magnetic latitude is confirmed. The data 
confirm also the existence of a maximum in the intensity-altitude curve, 
and the slight shift of the position of this maximum witli magnetic latitude. 
They yield additional information regarding the decrease in intensity near 
the very top of the atmosphere. After the maximum is reached, the 
intensity continues to decrease rapidly up to the highest altitude attained. 
At an altitude of 35,300 meters the intensity®® is approximately 1 % of that 
at the maximum; it is approximately the same as that observed only 0.4 of 
an atmosphere above the earth. The fact that the intensity becomes very 
small as the top of the atmosphere is approached confirms the view that most 
of the cosmic ray phenomena observed are secondary effects produced 
in our own atmosphere. The primary rays are either of such a nature that 
they are not detected with usual apparatus, or they are few in number as 
compared to the secondaries produced in the upper atmosphere. It should 
be kept in mind, however, that this maximum of intensity, and the subse- 
quent decrease at still higher altitudes, occurs very near the top ()f the 
atmosphere. The characteristic rapid rise of intensity with altitude (‘on- 
tinues 90 percent of the way to the top. 

The Absorption in Matter 

Much can be learned from studies of the rate of absorption of cosmic 
radiation in matter. Absorption studies have been made not only in air, 
but also in water, in rocks of the earth’s crust, and in lead and other similar 
materials. They have been made by a number of observers and l)y several 
different methods. It will be sufficient to call attention to a few of tlu^ 
typical studies, and to bring out the general findings resulting from such 
researches. 

Air is not a very good absorber of really penetrating ra<liation, and 
it might at first appear hopeless to attempt studies of the rate of absorption 

** S. A. Kortf, L. F. C'urtiss ami V. Astin, Fhyii. Ht'V., 63, 14 (1988). 

** L. F. Curtiss, A. V. Astin, L. L. Stockmann and B. W. Brown, Fhys. Ri>v.y 63, 28 (1988). 
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therein. Still, there is a lot of air above us, and the cosmic radiation must 
pass through all of this to reaTch the surface of the earth. Just as soon as 
one starts measuring the intensity of radiation at diflferent altitudes, he 
begins acquiring data relative to the rate of absorption of the rays in air. 
From even the earliest work of Kolhi)rster it was possible to calculate a 
rough value for the absorption coefficient. This appeared to be of the order 
of 0.55 per meter of water equivalent, or of the order of 0.0007 per meter of 
air near the earth’s surface. It has been remarked that the entire atmos- 
phere is equivalent, as far as its absorption of the radiation goes, to approxi- 
mately 10 meters of water. For one standard atmosphere of 76 cm. of 
mercury, the total mass of air above a square centimeter on the earth’s 
surface is 76 X 13.6 = 1034 grams. Now a column of water one meter 
high and of one square centimeter cross section would have a mass of 
100 X 1 = 100 grams. Hence, a standard atmosphere is equivalent to 
= 10.34 meters of water. Since atmospheric pressure at sea level 
is normally somewhat less than the standard 76 cm., the normally prevailing 
atmosphere is closely equivalent to 10 meters of water. Authors therefore 
find it convenient to express the distance above sea level in meters of water 
equivalent, and to express absorption coefficients as the fraction of incident 
energy absorbed per meter of water equivalent penetrated. The original 
absorption coefficient calculated from the work of Kolhorster was soon 
recognized to be much too high to apply to the entire radiation. That is, 
at least a part of the radiation which reaches the earth’s surface is far more 
penetrating than would be indicated by this rate of absorption. It is never- 
theless interesting that even this early high value for the rate of absorption 
was less than }4 that of the corresponding absorption for the most pene- 
trating gamma rays known. The absorption coefficient for these most 
penetrating gamma rays is of the order of 3 to 4 per meter of water. 

In the early <lays of high altitude studies it was of course not certain 
that the penetrating radiation being observed was of cosmic origin; perhaps 
it came from our own atmosphere. Trustworthy conclusions regarding the 
rate of absorption in the atmosphere could not be drawn, therefore, until 
it was known definitely that this radiation came from outside the atmos- 
phere. If it arose within the atmosphere the shape of the intensity-altitude 
curve would depend not only upon the rate of absorption, but also upon the 
distribution of the source of radiation throughout the atmosphere. One 
could imagine a source distribution which would lead to almost any kind 
of an intensity-altitude curve. Furthermore, the mere fact that the 
intensity-altitude curve depends markedly upon the magnetic latitude at 
which it is taken shows that the distribution of cosmic ray intensity through- 
out the atmosphere is not one determined by absorption alone. It was 
therefore natural that investigators turned rather early to the direct 
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measurement of rates of absorption in water and other materials more 
dense than the atmosphere. 

Kolhorster was perhaps the first to attempt direct measurement of the 
rate of absorption in water. This he did by sinking electroscopes to various 
depths in several different bodies of water near sea level, and by making 
observations in crevasses in glaciers at altitudes approximating 3000 meters. 
While the absorption coefficients obtained varied considerably, it was clear 
that the mean value was not more than one half that obtained from his 
early balloon measurements. He reported*® a coefficient of 0.25 per meter 
of water. This lower value was at least more nearly consistent with the 
early sounding balloon results of Millikan and Bowen.** 

The first really convincing experiments carried out under water were 
those of Millikan and Cameron^^ in 1926. Special water tight electroscopes 
were sunk to various depths in two snow fed lakes, Muir Lake and Arrow- 
head Lake. The first of these is at an elevation of 3595 meters; it is immedi- 
ately adjacent to Mount Whitney, the highest peak in the United States. 
The second lake is in the San Bernardino mountains, at an elevation of 
1555 meters. Observations were made at various depths extending to 
20.4 meters beneath the surface of Muir Lake. Similar depths were 
reached in the second lake. The electroscopes were sufficiently sensitive 
that they detected measurable radiation at least 15.2 meters below the water 
surface. . It is important that all electroscope readings in Arrowhead Lake 
corresponded to those taken at 1.8 meters greater depths in Muir Lake. 
Now the 2040 meters of atmosphere between the two lakes is equivalent to 
just 1.8 meters of water. It therefore appeared that the radiation observed 
in Arrowhead Lake was exactly that found in Muir Lake excepting for the 
fact that it had penetrated, and been somewhat absorbed in, the 2040 meters 
of atmosphere between. Hence it was concluded that no appreciable part 
of the radiation originated in that part of the atmosphere below Muir Lake. 
The atmosphere between lakes acted merely as an absorbing blanket, absorb- 
ing radiation coming from above. This fact, taken together with balloon 
observations then available, made it appear probable even at that time that 
the rays originate beyond the outer atmosphere. 

Some of this cosmic radiation was found to be more penetrating than 
had previously been suspected. Since that part of the atmosphere above 
Muir Lake is equivalent to 7.0 meters of water, and since some radiation 
was detected 15.2 meters below the surface of the lake, it was clear that at 
least a measurable part of the radiation is capable of penetrating 22.2 meters 
of water. On the basis of equal masses per sq. cm. of absorber, this is 
equivalent to nearly 2 meters of lead. Approximately 2 percent of the 


W. Kolhtirster, Ber. Preuss. Akad. Wiss,, S4, 366 (1923). 
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most penetrating cosmic rays observed by Millikan and Cameron got 
through this thickness of water, whereas only something of the order of 1 
part in 10^^ of the hardest gamma rays known will penetrate this thickness. 
The more penetrating of the cosmic rays appeared from this work to be some 
^0 times more penetrating than the hardest gamma rays. Millikan and 
Cameron concluded from this work that no one single absorption coefficient 
could be associated with all of the cosmic radiation striking the upper 
atmosphere, or even with all of that which reaches the surface of the earth. 
They felt that a considerable part of that radiation reaching the earth 
lay in two energy regions, one with an absorption coefficient of 0.30 per 
meter of water, and a more penetrating component with an absorption 
coefficient of 0.18 per meter of water. Their experiments under water 
showed definitely that there is a gradual hardening of the radiation as it 
passes through more and more matter. Just as for any other radiation 
made up of two or more components of different penetrating powers, the 
less penetrating components are filtered out first, leaving mainly the harder 
component after great thicknesses of matter have been traversed. 

Numerous other underwater studies have been made. Millikan and 
Cameron have extended their own measurements down to 72 meters 
beneath the surface of water, or 80 meters below the top of the atmosphere. 
The work has been made more accurate through certain refinements in 
electroscope design and through use of greater than atmospheric pressure in 
the ionization chamber of the electroscope. This last provides a greater 
amount of total ionization, and thus makes it more accurately measurable. 
The ionization continues to decrease down to the greatest depths attained. 
And the rate of absorption at these depths indicates an absorption coeffi- 
cient of only 0.028 per meter of water for some of the radiation. Observa- 
tions on mountain peaks showed, however, that the radiation at this higher 
level was much softer, having an absorption coefficient something like 0.35 
per meter of water. Other observers have extended the measurements to 
still greater depths, llegener,®® in a summary of extensive observations 
made by himself and his coworkers, both in the upper atmosphere and 
in lakes, gives data extending down to 240 meters depth of water. Fig. 4, 
rei)r<)duce<l from Regefier’s work, shows the manner in which the intensity 
falls off with increases in depth. The data yielding this curve are those 
obtained in a careful series of measurements carried out in two European 
lakes. From the observed rate of absorption in water, Regener found 
three absorption coefficients, 0.20, 0.073 and 0.020 per meter of water, 
correspomling to three different components of the radiation. A much 
softer component, with coefficient 0.85, is apparently present in the upper 

R. A. Millikjin and (5. H. Cameron, Phi/s. Rev., 37, 235 (1931). 

33 K. Regener, Phys. Zoits.y 34, 306 (1933). 
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atmosphere. This conclusion is reached through consideration of the rate 
of absorption in the atmosphere. 

Several other series of measurements extending to comparable depths of 
water have confirmed the existence of measurable radiation at these depths. 
Clay^® made measurements down to 270 meters depth in the Red Sea. 
While the general trend of results was much the same as that of those 
already discussed, an entirely unexpected increase in intensity was observed 
as the depth increased from 200 to 250 meters. At depths less than 200 
meters and at those greater than 250, the normal decrease of intensity with 



Fig. 4. — Showing the manner of decrease in cosmic ray intensity with increases in deplli below 

the surface of water. 

depth was observed. Although a similar increase has been observed'^'^ 
in a study carried out in a deep mine, the effect is probably not real. In 
the mine it was found to occur at a depth from 430 to 520 meters of water 
equivalent, whereas Clay found it from 200 to 250 meters. The observed 
increase in ionization was probably brought about by some extraneous 
effect, rather than through an actual increase in cosmic ray intensity. 
Ehmert'^^ has likewise made observations down to 240 meters in water, and 
he finds no indication of the peculiar increase. Clay and others^^ have 
recently extended these underwater studies to a depth of 440 meters. 

Evidence of by far the greatest penetration through matter yet known 
has been reported recently by several investigators. Wilson has made 

A. Corlin, Annals of the Observatory of Lundy 4, (1934). 

W. F. G. Swann, Phys. Rev.y 46, 432 (1934). 

A. Ehmert, Zeits. f. Physi/Cy 106, 751 (1937). 

J. Clay, A. Van Gemert and P. H. Clay, Proc. Acad. Wetmsch.y Amsterdam, 41, 094 
(1938). 


COSMIC RAYS 


473 


measufements in a deep mine, using a fourfold Geiger tube coincidence 
counter instead of an electroscope. The fourfold coincidence arrangement 
consisted of four (xeiger tubes placed one above the other, and connected 
to the amplifying and counting system in such a way that the counter would 
operate only when an ionizing radiation went through the four tubes simul- 
taneously. Such an arrangement is therefore directional; it counts radiation 
coming from one direction only. Because of this it is influenced to a lesser 
degree by stray radioactive radiation. With such apparatus Wilson made 
measurements down to a depth of approximately 384 meters in a mine. 
iMeasurable cosmic radiation penetrated this nearly one quarter mile of rock 
above the deepest observing station. This is equivalent to slightly over 
1100 meters of water, an absorbing layer far thicker than that used by any 
previous observer. By tipping the apparatus so that it recorded only those 
rays coming, obliquely through the earth, and hence through a greater 
thickness of rock, cosmic rays were detected at a depth equivalent to 1408 
meters of water. 

Ability to detect some cosmic radiation at these and even greater depths 
has been confirmed by others.^®* Gemert^® detected radiation at a depth 
of 610 meters in a coal mine; the absorption is here equivalent to 1600 meters 
of water. Some of the cosmic rays are thus extremely penetrating. It is 
true that only one part in approximately ^0,000 of the radiation incident 
upon the earth actually penetrates^^ to these great depths; but it is amazing 
that any measurable amount of it does. On the basis of equal masses per 
sq. cm. of absorber, the 1408 meters of water equivalent through which 
Wilson observed some radiation is equivalent to 124 meters of lead. Imag- 
ine any radiation getting through this! From observations made at 37 
different effective depths, Wilson found the cosmic ray intensity to decrease 
continuously with increasing depth. There was no evidence whatever for 
any peculiar increase similar to that which had previously been found by 
two observers. From the rate of decrease of intensity, Wilson calculated!^ 
that the effective absorption coefficient decreases from 0.07 per meter of 
water at the earth’s surface to 0.0025 at the greatest depth attained in the 
mine. This is by far the smallest rate of absorption, or the greatest pene- 
trating ])owcr, yet reported. The data emphasize again the continuous 
hardeuing of the rays as more and more matter is penetrated. 

or course lead and other heavy materials are excellent absorbers of 
cosmic rays. But the radiation is so penetrating that its intensity cannot 
be cut down many fold by any practical thickness of even these materials. 
Considerable amounts of absorbing lead, or even gold, have nevertheless 
been used to advantage in numerous measurements. Several specifac 
instances will be mentioned later. For the present only enough data will 
A. Van Geniert, Physica^ 6, 811 (1938). 



474 


THE ‘’PARTICLES" OF MODERN PHYSICS 


be cited to show the general rate of absorption in such materials, and to 
bring out how measurements of this rate at different distances below the top 
of the atmosphere show the hardening of the cosmic radiation as it pene- 
trates through more and more matter. Millikan and Cameron found that 
a considerably greater percentage of the total radiation is capable of pene- 
trating a 7.64 cm. thick lead screen at sea level than on top of Pike’s Peak. 
Eleven observations taken between these two extremes of altitude show that 
the percentage of cosmic rays passing through the lead increases con- 
tinuously from 61 percent on Pike’s Peak to 76 percent near sea level. The 
hardening of the general radiation is apparent. 

Nielsen and Morgan^^ have made similar observations of the rate of 
absorption in lead in a mine. The hardening effect produced by penetration 
through 60 meters water equivalent of earth is shown by the fact that the 
absorption coefficient in lead decreased from 0.0004 per gram per sq. cm. 
at the earth’s surface to approximately one-half this value after penetration 
through this amount of earth. Nearly a half meter of lead was used in this 
study. These and other studies have made it quite clear that the general 
radiation consists of two main components, one relatively soft or easily 
absorbed, the other very hard or penetrating. Each component no doubt 
consists of a band of radiation of varying penetrating power. The marked 
difference in the penetrating powers of the two components is indicated by 
the fact that the absorption coefficient in lead is^® something like 0.35 per 
centimeter for the soft component, whereas the penetrating component 
has^^ an absorption coefficient at least as small as 0.002 per centimeter. The 
number of penetrating cosmic rays which reach the earth’s surface is not 
diminished^^ greatly by as much as 36 cm. of lead. On the other hand, this 
thickness of lead is more than sufficient to cut out practically all of the softer 
component. 

Other workers have compared the rates of absorption in various mate- 
rials. Studies^® of the absorption of the soft component in lead, tin, copper, 
and aluminum indicate a considerable variation of the mass absorption 
coefficient from one material to another. The absorption of this soft com- 
ponent appears23.45 to be roughly proportional to the square of the atomic 
number of the absorber. The hard component seems to obey an entirely 
different absorption law. Observations^^ of the rate of absorption of the 
hard component, made after filtering the radiation through 25 centimeters 
of lead, in the materials lead, iron, aluminum, copper, and paraffin having 
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thicknesses between 100 and 1000 grams per square centimeter, show that 
approximately the same mass absorption coefiScient holds for all. For 
cosmic rays of the hardness used, the absorption coefficient was approxi- 
mately 0.00057 per gram per sq. cm. regardless of the material used as 
absorber. 

The Latitude Effect 

The existence of some sort of a latitude effect is obvious from the fact 
that the cosmic ray intensity-altitude curve depends upon the latitude at 
which measurements are made. In 19^7 Clay'^'^ found the cosmic ray 
intensity somewhat different in Holland and in Java. This difference was 
ascribed to the different effects the earth's magnetic field might produce at 
the two latitudes. Several expeditions by various workers tailed to con- 
firm Clay's findings, however, and it appeared up to 1932 that no real 
latitude effect existed. Nevertheless, subsequent investigations have shown 
Clay’s finding to be correct; they have shown conclusively the existence of a 
real latitude effect. That this effect is correlated with magnetic latitude 
rather than geographic latitude has been known since the discovery of the 
effect. It was recognized early that a careful study of this effect might 
yield highly important information regarding both the nature of, and the 
energy associated with, the radiation. As a result numerous studies have 
been made of the variation of intensity with latitude. A majority of these 
have been carried out near sea level, although some information is available 
concerning the effect at high altitudes. 

The real nature of the latitude effect, and the quantitative manner of 
variation of intensity with latitude, can be brought out best by dis- 
cussion of typical observations carried out at sea level. These are both 
far more extensive and more accurate than those made at high altitudes. 
Of the many series of observations available, I)robably one of the 
most reliable is that by Compton and Turner.'’'^ It is true that an earlier 
investigation®^^ comprising twelve different expeditions and including some 
eighty cooperating physicists, had provided measurements at more than a 
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Fig. 5. — A general view of the Carnegie Model C cosmic ray uwior. 



Fig. 6. — A more detailed view of the Carnegie Model C cosmic ray meter. 'I'he volnrm^ of the 

ionization chamber is 19.3 liters. 

This series (d‘ measureiiiejits was made on l!^ steamship voyages aitross the 
Pacific Ocean between Vancouver, Canada and Sydney, Australia. The 
observations thus extend from approximately 55® N to 42® S geomagnetic 
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latitude, well into both hemispheres. The measurements were more or less 
continuous over the major part of a year, and therefore provide also excel- 
lent data regarding possible seasonal variation. Thte observations have been 
greatly extended in number by Gill,®® who has summarized data gathered 
on 15 additional trips over the same route. 

The records on all of these voyages were obtained with a “Carnegie 
model C” cosmic ray meter developed and described®^ several years earlier. 
The instrument is entirely automatic in recording. 

A general photograph of the instrument is repro- 
duced®® in Fig. 5; a cross section view showing more 
detail is reproduced in Pig. 6. The essential 
features of the instrument are: (1) A very large 
ionization chamber, 19.3 liters, consisted of a 
spherical steel bomb filled with argon gas at a 
pressure of approximately 50 atmospheres. The 
ionization produced by a given radiation is 1.60 
times as great®® ®® in argon at atmospheric pressure 
as in air at the same pressure. While at normal 
pressures the ionization in a given gas is closely 
proportional to the pressure of the absorbing gas, 
this proportionality does not hold at high pressures. 

The ionization in argon at 40 atmospheres is 41.9 
times®® that in argon at atmospheric pressure. 

Thus the use of argon at high pressure provided an 
ionization 67.0 times that which would be produced 
in air at atmospheric pressure. (2) A balancing 
current was supplied by the ionization produced in 
a small auxiliary chamber by beta rays from metallic 
uranium. This balancing current was adjusted to 
approximate equality with the mean cosmic ray 
ionization current. Hence, the electrometer indi- 
cated directly small changes in cosmic ray inten- 
sity rather than the total intensity. This balancing 
action is illustrated by the photographic record 
reproduced in Fig. 7. Another advantage of this balancing method 
is that it automatically conn)ensates for pressure or temperature changes 
of the gas in the ionization chamber. (3) ’’Fhe readings of the Lindemaun 
electrometer, a barometer, and a thermometer were photographed con- 
tinuously on a moving strip of bromide paper. One loading of paper was 
sufficient for a month’s continuous run. (4) Once each hour the insulated 

A. H. Compton, E. O. Wollan and H. 1). Bennett, Rev. Indr., 5, 415 (1934). 
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Fig. 7. — Illustrating 
the balancing action ot* 
the electroscope in the 
Carnegie Model C cosmic 
ray meter. B shows the 
drift of the needle due 
to cosmic rays alone. C 
shows the drift due to the 
auxiliary radioactive source 
alone. A shows that due 
to both sources. A corre- 
sponds to a drift over 
approximately 15 minutes. 
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section of the electrometer was grounded for 3 minutes; it was then left 
insulated for 57 minutes. During the latter interval it drifted a distance 
proportional to the difference between the average cosmic ray ionization 
current and auxiliary balancing current. At the end of every four hour 
period the sensitivity of the electrometer was automatically measured and 
recorded. (5) Shielding from a major part of stray radioactive radiations 
was provided by a layer of lead shot 17.3 cm. thick placed between the 
spherical ionization chamber and the larger outer sphere. This is equiva- 
lent to some 12 cm. of solid lead, depending somewhat upon the size of shot 
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Fig. 8. — A typical record obtained with the Carnegie Model C cosmic ray meter. The 
vertical lines represent 15 minute intervals. In normal use, the camera is run more slowly and 
the vertical lines represent 1 hour intervals. The longitudinal wavy white line represents the 
position of the electrometer needle. The longitudinal continuous white trace is a record of 
temperature. The longitudinal continuous black trace is a record of pressure. There are 
three bursts shown here, two in the early part of the record and one near the end. 

used. This thickness is sufficient to reduce the normal local radiation to 
not more than percent of the cosmic ray ionization at sea level; and what 
is even more important, the variation in this small residual should not be 
more than 0.1 percent of the cosmic ray ionization. 

A typical record obtained with one of these cosmic ray meters is shown 
in Fig. 8. Although cosmic ray bursts or showers will not be discussed until 
later, it is interesting that three such bursts are apparent in this record, two 
very near the beginning and one nearly at the end. These bursts produce 
a terrific momentary ionization, causing an abrupt jump of the electrometer 
needle. The effect of any such burst upon the observations can be elimi- 
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nated by making allowance for the magnitude of the accompanying abrupt 
jump in electrometer reading. Instruments of this type have been used 
widely by Compton and his collaborators; they apparently yield entirely 
reliable information. Several other types of instruments, some of them 
quite similar in many respects to this one, have been used by other workers. 
References to descriptions of these are available in the literature. 

It was an instrument of the type just described that was used by Comp- 
ton and Turner®^ on tlieir 12 voyages across the Pacific Ocean. The 
same instrument was used by GilP® for the 15 additional voyages made later. 
Fig. 9 shows the observed variation of cosmic ray intensity with latitude. 
The ordinate represents the cosmic ray intensity in percent of the normal 



Fig. 9. — Sliovving the variation of cosmic ray intensity with maiunclic latitude. 

value observed at Chicago, corrected of course to standard atmospheric 
pressure and for residual ionization in the electroscope. Each ])oint is the 
average of the average intensity observed by Compton and Turner and 
the average of that observed by Gill. The minimum intensity occurs at the 
magnetic equator. The intensity at this minimum is 10.8 percent less than 
that at Vancouver, at 55° N latitude. This same difference was observed 
by Compton and Turner and by Gill. The rate of variation of intensity 
with latitude becomes very small at the higher latitudes. 

These general findings are in agreement with the results of other studies. 
For example, the 10.8 percent reduction at the ecpiator observed in these 
works using a shield ecpiivalent to 12 cm. of* lead, is to be coin])ared with the 
values 17 percent found with no shields,®’^ 14 percent with a 0 cm. shield, 
18 percent with a 6.5 cm. shield,-"'*^''^ 12.5 ])ercent with a 12 cm. shield,*^’ 11 
percent with a 12 cm. shield, and 10. 1 percent with a 10 cm. shield. The 

J. Clay, Pnxu Roy. Sor., A, 161, 202 (lOJir)). 

R, A. Millikan and II. V. Neher, Rhys. Hcv., 47, 205 (1905). 
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shield filters out some of the softer radiation and thereby reduces the mean 
latitude variation. Although these percentages do not represent differences 
between the equator and exactly the same latitudes in all cases, they are 
comparable. Compton and Turner®^ found the ‘‘knee’’ of the latitude- 
intensity curve at from 35^ to 40® latitude, whereas other observations place 
it ‘at®° from 40® to 45®, at®^ 41®, at^^ 55®, at^® from 40® to 45°, at®^ 40®, some- 
where below®® 56°, and somewhere below®^ 53®. 

There is definitely a small seasonal change in cosmic ray intensity. 
Although the literature®^ contains references to numerous previous observa- 
tions dealing with a possible seasonal variation, Compton and Turner’s 
Pacific Ocean data constituted the first major study of the effect. More 
recent studies by Gill,®®- by Forbush,®^ and by Millikan, Neher, and Smith®^ 
have confirmed the general findings made at that time. The shape of the 
observed intensity-latitude curve depends®^’®® slightly upon the season in 
which the data are taken. The variation is particularly apparent at high 
latitudes, being one or two percent of the mean intensity. The seasonal 
effect is opposite in the two hemispheres. It is definitely correlated with 
atmospheric temperature, the cosmic ray intensity being a maximum during 
the cold months. 

Through a:n experimental correlation between the seasonal variation 
and the temperature of the air mass above the observing point, Compton 
and Turner were able to resolve the observed intensity-latitude variation 
into two components. One of these represents an “atmospheric” latitude 
effect and the other a pure magnetic latitude effect. The atmospheric 
latitude effect is somewhat larger at high latitudes than at the equator, 
representing one or two percent of the total, and shows seasonal variations. 
The true magnetic latitude effect is free from seasonal variations. Whereas 
Fig. 9 shows actually observed changes in intensity averaged over all 
seasons, Fig. 10 represents the variation®® of intensity due to the true 
magnetic latitude effect. In plotting the curve for the true magnetic lati- 
tude effect no distinction has been made between data taken in the northern 
hemisphere and that taken in the southern hemisphere. The two sets of 
data are shown by different sets of points, however. The variations on the 
two sides of the magnetic equator are closely symmetrical. All observations 
fall on a smooth curve having a distinct minimum at the equator and a 
rather sharp knee at from 35° to 40®. Above this knee the intensity varies 
only slightly if at all. 

The fact that seasonal variation in cosmic ray intensity is correlated 
with atmospheric temperature does not mean necessarily that temperature 

R. A. Millikan, H. V. NeJher and D. 0. Smith, l^hya. Rev., 66, 487 (1939). 

H. Johnson, Phyn. Rev.y 54, 151 (1938). 

S. K. Forbush, Phys. Rev., 64, 975 (1938). 
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changes are directly responsible for the variation. It seemed®* more prob- 
able from the first that some then unknown condition of the upper atmos- 
phere, for which the temperature is an approximate index, is responsible 
for these changes in intensity. The electric potential gradient in the 
atmosphere and the height of the ionized Heaviside layer have been sug- 
gested as possible causes. What appears to be the real cause of it was 
suggested by Blackett®® in 1938. The penetrating component of cosmic 
rays is known to consist ot mesotrons, particles bearing the same charge 
as the electron, either positive or negative, but having a mass some 200 times 
as large. Evidence for the existence of these particles will be given in the 



Fig. 10. — Showing the variation of co.smic ray intensity witli niaguoLic latitude. The 
atmospheric latittide effect has been eliminated to obtain this curve. The curve is closely 
symmetrical about the equator. 

next chapter. They are now known to be secondaries produced®® high in 
the atmosphere. Previous to Blackett’s interpretation it hatl been sug- 
gested that these mesotrons are radioactive, decaying with a hall life period 
of a few microseconds. This radioactive property has now been established, 
as will be made evident in the next chapter. 

Blackett®® proposed to interpret the seasonal variation ol cosmic ray 
intensity in terms of the radioactive decay of tlie mesotron. Blackett 
supposed that these mesotrons are secondary particle.s |)rodnced in the upper 
atmosphere, perhaps 15 to '20 kilometers above the earth s surlace. If 
these particles are radioactive with a half life of a, few iriieroseconds, as is 
now known to be the case, .some of tliein deca.y before riuiehiiig the oarl.li s 

«•'' P. M. S. Hluckelt, Phyii. Rev., 64, 97» (1988). 

M. Schein, W. P. Jes.sc and K. O. Wollan, Phys, Hrv., 67, HI7 (1940); 69, (Ho (11)41). 
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surface. Now during the warm season the air mass is higher above the 
earth’s surface on the average, and the production of mesotrons would be 
expected to take place at a greater altitude. Since the particles would then 
have to travel farther to reach the earth’s surface, a greater fraction of them 
would disintegrate before arriving. The cosmic ray intensity would there- 
fore be smaller during the warm season, as it is observed to be. Numerous 
works®®’ have since indicated the essential correctness of Blackett’s 
interpretation. It has even been found that a decrease in cosmic ray 
intensity accompanies the passing of a warm air front, no doubt due to an 
increase in the altitude of the air layer in which the mesotrons are produced. 

Numerous studies have been made of the latitude effect at high altitudes. 
Specific reference to many of these can be found throughout the litera- 
ture. The magnitude of the latitude effect increases rapidly with 

increases in altitude. This has been shown consistently by nearly all 
observations made on high mountains, on airplane flights, and on both 
observation and manned balloon flights into the stratosphere. The general 
shape^^ of the intensity-latitude curve obtained at a fixed high altitude is 
similar to the sea level curve. But whereas the change in intensity between 
the equator and 50° latitude is only some 10 to 15 percent at sea level, the 
corresponding change^^ at an altitude of ^000 meters is ^2 percent, and that 
at an altitude of 4360 meters is 33 percent. The change becomes very large 
at high altitudes. Several of the more recent studies'^® of the latitude effect 
show that the latitude at which this effect begins, that is, the critical latitude 
above which no further increase in intensity is observed, is the same through- 
out the whole atmosphere; it is independent of altitude. 

The latitude effect has been of great significance in clarifying ideas 
regarding the nature of the cosmic radiation and in obtaining approximate 
values for the energy associated with the radiation. It has been remarked 
that one school maintained from the first, and with considerable supporting 
evidence, that the cosmic radiation consisted of unusually energetic photons. 
The radiation was thought to be of the same nature as gamma rays, except 
that the frequencies were very much higher. Measurements of the rate of 
absorption in matter indicated^® the presence of wave lengths as short as 
0.8 X 10“^'^ cm. In fact it appeared that the general radiation might con- 
sist of several fairly well-defined bands of wave lengths. It was recognized 

D. H. Loughricige and P. F. Gast, Phya. Rev.^ 57, 938 (1940); 68, 583 (1940). 

Y. Nishina, Y. Sekido, II. Siniainura and H. Arakawa, Phya. Rev., 67, 663, 1050 (1940). 

N. F. Beardsley, Phya. Rev., 69, 233, 402 (1941). 

70 V. F. Hess, Phyti. Rev., 67, 781 (1940). 

7^ A. H. (’ompton, Phya. Rev., 43, 387 (1933). 

79 M. Cosyns, Nature, 137, 616 (1936). 

73 B. Gross, Phya. Rev., 56, 112 (1939). 
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that the energies associated with these high frequency photons were enor- 
mous. The energy hv of a quantum of radiation of wave length 0.8 X 10“^® 
cm. is approximately 150 MEV. This is an energy which was unheard of 
before the study of cosmic rays. 

The question of a possible origin of such energetic radiation was an 
intriguing one. Millikan proposed to account for the radiation through 
the interchange of mass and energy in the annihilation of matter or in the 
creation of certain types of atoms from their component parts. Calculations 
showed that if the energy associated with the decrease of mass accompanying 
the creation of He from H were to be radiated as a photon, the frequency of 
the radiation would be essentially that of one of the more prominent cosmic 
ray bands. Other and more energetic radiation might well have come from 
the creation of 0 and Si out of H. Quantitative calculations seemed to 
carry some conviction that the origin of cosmic radiation was actually the 
creation of certain atoms out of H. There appeared to be little evidence of 
any radiation associated with the complete annihilation of an atom such 
as H. This theory stimulated a great interest in cosmic rays. It some- 
times happens, however, that some of the most stimulating suggestions are 
finally shown to be in error. The evidence against the photon character of 
primary cosmic rays is overwhelming today. The existence of a latitude 
effect was one of the earlier pieces of evidence which spoke strongly against 
this supposed character. The mere existence of a magnetic rather than a 
geographical latitude effect shows immediately that the earth’s magnetic 
field has some marked eft'ect upon the intensity of cosmic radiation. And 
how could the earth’s magnetic field affect in any way the number of photons 
coming to the earth’s surface from interstellar space? 

As a result of these difficulties it was suggested that the cosmic radiation 
coming from interstellar space consists of charged particles rather than of 
photons. The magnetic field of the earth wouhl he expected to affect these. 
Following this suggestion, it was shown by Stormcr’^® and by Lemaitre and 
Vallarta’'^^ that the earth’s magnetic field would influence the motion of 
charged particles coming from outer space in such a way that it might 
explain quantitatively the observed variation of intensity with latitude. 
It is true that the supposed charged particles would have to possess tre- 
mendous energies in order to penetrate the earth’s atmosphere and more. 
And it might be suspected that the relatively weak magnetic field about the 
earth would have a negligible influence upon the direction of such energetic 
particles. But when it is recalled that the earth’s field extends hundreds 
or even thousands of miles above the earth’s surface, it becomes apparent 

A. Millikan, Phys, Rev., 32, 5S3 (1928). 

C. Stcirmer, Zeitii. f. Astrophyft., 1, 237 (1980); Odo Ohs, PuhL, No. 10 (1934), 

G. Lemaitre and M. S. Vallarta, Phy.s. Rev., 43, S7 (1988). 
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that the total bending suffered by even a very high speed particle might be 
quite appreciable. 

It has been calculated that the magnetic field 15,000 miles from the 
surface of the earth is approximately one percent of the value at the surface. 
In considering the magnetic field distribution over such an extended region 
it is permissible to regard the earth as a bar magnet having a magnetic 
moment^^ of 8.1 X lO*^'' e.m.u. Now if a charged particle moves at any 
angle other than 0° with the direction of a magnetic field its motioji is 
modified by the field. If the particle moves at constant speed in a direction 
perpendicular to a uniform field its path is a circle. The more energetic the 
particle the larger is the radius of the circular arc described. If the magnetic 
field is not uniform the path is a section of a spiral rather than the arc of a 
circle. If the particle moves at any angle other than 0° or 90® with the 
magnetic field, then it executes a helical path about the field lines. 

Analytical treatment shows that if charged particles of various energies 
come equally from all directions of outer space, then the effect of the earth's 
magnetic field is to allow more particles to strike the earth at high latitudes 
than at low. Consider first a charged particle moving vertically toward 
the earth at one of the magnetic poles. This particle will be moving parallel 
to the magnetic field ; it will not be deflected by this field. As a consequence, 
as far as any effect produced by the magnetic field is concerned, particles of 
all energies can reach the earth equally well at the poles. It is true that a 
particle must have considerable energy to penetrate the atmosphere, and 
this fact alone would exclude some of the lower energy particles from the 
group that reaches the earth. Consider next a particle moving vertically 
in the magnetic equatorial plane. This particle, or any other moving in 
this plane, has a direction of motion perpendicular to the magnetic field. 
Other factors being equal, it will be deflected a maximum amount. As an 
example, think of a particle moving vertically toward the earth but still 
4,000 miles above the earth’s surface. It is obvious that such a particle 
will never strike the earth if it describes an arc having an equivalent radius 
less than 4,000 miles. It would be possible to calculate the limiting paths 
which particles might describe and still reach the earth. Since the particle 
must describe a path having a not too small radius of curvature, it is 
apparent that there exists a critical energy below which it is impossible for 
a particle of given e/mi to reach the earth in the equatorial region. This 
critical energy is of the order of 10^® electron volts. All particles having an 
energy smaller than this critical value are bent sufficiently by the magnetic 
field that they turn away from the earth before striking it. 

It is true that particles are incident from directions other than the 
vertical, and the paths of these are somewhat modified. Analysis shows 
that at a given latitude and for a particle of given energy, there exists a 
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cone which defines the directions from which a particle may' come and still 
strike the earth. T.he angular opening of this cone becomes larger with 
increases in the energy of the particle; it vanishes for that critical energy 
below which no particles can reach the earth. For particles of a given 
energy, the angular opening of the cone becomes larger as one proceeds to 
higher magnetic latitudes. It turns out that the minimum energy that a 
positive or negative electron can have and still reach the earth is somewhat 
larger at the magnetic equator than at higher latitudes. This critical 
energy in electron volts is given approximately by 

1^0 = 1.92 X 10^0 cos'^ \ 

where X is the magnetic latitude. It is therefore clear that if cosmic rays 
consist of charged particles of different energies, then more of these will 
reach the earth at higher latitudes than at the equator. The actual manner 
in which the intensity would vary with latitude would depend upon the 
energy (iistril)uti()n among the cosmic ray particles. The existence of a 
rather well deiined knee in the latitude curve at approximately 40° latitude, 
indicates that there must be present in the cosmic radiation an inappreciable 
number of particles having energies smaller than the critical value neces- 
sary to reach the earth at this latitude. In the absence of such low energy 
particles one would expect no further increase as one proceeds to higher 
latitudes. 

The existence of a marked latitude effect, together with the straight- 
forward interpretation of this in terms of the deflections suffered by charged 
particles, seems to demand that at least a part of the primary cosmic radia- 
tion consist of charged particles. As far as this interpretation goes these 
particles might l)e either positive or negative; they might be electrons, 
positrons, j)rotons or alpha particles. The type of particle would have to 
be judged largely from other experiments. Although the latitude effect 
recpiircs that an appreciable part of the radiation consist of charged particles, 
it by no means excludes the possibility of the presence of photons or neu- 
trons. When combined with other evidence, however, it indicates pretty 
definitely that at least a very large fraction of the primary cosmic rays 
are of the charged particle type. Quite recently there has appeared rather 
good evidence**'* that some of these ])articles are protons. 

It has been remarked that the manner of variation of intensity with 
latitude would depend upon the energy distribution among the cosmic ray 
particles. Knowing the manner in which the intensity does vary with 
latitude, it is ja)ssible^^ to calculate an energy distribution which would lead 
to the observed manner of variation. This calculation makes use of the 
facl, that the lowest energy, expressed in electron volts, which a charged 

^^11. /aiisl ni, N (UuTityinf!., 22, 171 (19S4) 
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particle can have and still proceed toward the earth at a magnetic latitude 
X is given approximately by 

Fo = 1.92 X 10^0 cos4 X 

Although a more rigorous expression for this energy has been given, this 
relation is sufficiently good for the present purpose. If one combines this 
expression with experimental data on the ionization due to rays coming 
vertically to the earth at various latitudes, one can obtain the energy 
distribution of the incoming cosmic rays. Such considerations have led to 
various estimates of the energies possessed by these particles. Compton 
and Turner®^ conclude that there are two primary components at sea level. 
The more prominent of these is made up of particles having energies in excess 



Fig. 11. — Showing the relative numbers of cosmic ray particles having various energies. 

of 7.5 X 10® volts, and the weaker consists of particles of energy as, low as 
2.5 X 10® volts. Johnson^® concludes that the average energy per cosmic 
ray particle coming in at the equator is 3 X 10^® volts. The average of 
particles at higher latitudes is of course smaller, for particles with less energy 
are able to penetrate the earth’s magnetic field at these higher latitudes. 

One of the most recent and complete calculations of the energy distribu- 
tion among the primary cosmic rays is one made by Bowen, Millikan and 
Neher®® from observations they had obtained on numerous balloon flights 
at various latitudes. Fig. 11 shows the energy distribution obtained by 
them. Particles having energies approximately 6 X 10® volts are appar- 
ently most numerous, although there exist some particles with lower energies 
and many with considerably higher energies. While this distribution will 

G. Lemaitre and M. S. Vallarta, Pht/s. Rev., 60, 493 (1936). 
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no doubt be modifed in the future, it does not seem at all likely that the 
orders of magnitude can be changed. Quite recent calculations by Hil- 
berrys^ have led to a similar distribution. These primary cosmic rays are 
truly high energy particles. The most energetic charged particle that can 
be produced directly in the laboratories today has an energy of the order of 
50 Mh«V. The average cosmic ray particle possesses an energy some 200 
times this, and many of them possess energies much higher. There is little 
hope ever to compete successfully with nature in the production of really 
high energy particles. 

Johnson^** has made some interesting calculations regarding the number 
of cosmic ray particles that strike the top of the earth*s atmosphere per 
second. Using experimental data for the total energy spent in producing 
ionization in the atmosphere, and a calculated value for the average energy 
of the cosmic ray particle capable of getting through the earth’s magnetic 
barrier, he found that approximately 8.0 X 10^^ primary cosmic ray par- 
ticles are incident per second upon the earth’s atmosphere. The total power 
carried by these primary cosmic rays is approximately 1,000,000 kilowatts. 
If all of the i)rirnary cosmic ray particles are positively charged, this stream 
of charged particles coming to the earth represents an electrical current of 
0.13 amperes. If there were no compensating effects this would increase 
the electrical ])()tential of the earth at the rate of 180 volts per second. It 
will be pointed out later that, although most of the primary particles respon- 
sible for the penetrating component at sea level appear to be positively 
charged protons, those primary particles responsible for the intense soft 
comi)onent observed high in the atmosphere are apparently electrons, about 

TABLE I 


Prohablo (‘liaraclcrislics of cosmic rays falling upon the top of the atmosphere at various 
iiiagncli<t lalitiKlcH, All energies are given in electron volts 



(leomagnetic latitude 


3° 

39° 

52° 

Energy falling p<T sec. on each sq. cm. of the atmos- 
phere 

1 X 10» 

i.r X io» 

3.2 X 10» 

Total numl)er of ions formed per sec. below each 
sq. <Mii. of the upper surface of the atmosphere . . . 

3 X 10’ 

5.4 X 10’ 

10 X 10’ 

Low energy limit impose<l by tlie earth’s magnetic 
field 

15 X 109 

8 X 10« 

2 X 10« 

Average energy per particle striking. the atmosphere 

3 X IQi® 

1.6 X lO’o 

0.88 X 10'» 

Probable number of particles striking each sq. cm. 
of surface of the atmosphere per min 

1.9 

6.5 

21.8 


N. Ililberry, Phys. Hrv., 69, 763 (1941). 
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half positive and half negative. Certain other interesting results are shown 
in Table I. It is interesting that so few particles strike a.ny small area of 
the atmosphere; the present estimate is only 1.9 per sq. cm. per minutt* 
near the magnetic equator. The number of particles, including both pri- 
mary and secondary, that arrive per minute per sq. cm. of the earth’s surface 
is even smaller. Experiments^^ indicate that approximately 1.5 particles 
per sq. cm. per minute arrive at sea level. Many of the primaries and 
many of the large number of secondaries formed high in the atmosphere 
are unable to penetrate the entire atmosphere. 

This number should not be confused with the number of ions formed 
by the cosmic rays per cc. per second at sea level. Numerous measure- 
ments of this latter quantity have been made. It is much easier to make 
accurate relative measurements of the ionization produced by cosmic rays 
than it is to make absolute determinations of the ionization. Variations 
among ionization chambers, shields, calibrations, and methods of reducing 
data introduce far greater probable errors in the absolute measurements. 
And often the relative measurements give the essential information desired. 
For example, variations of intensity with latitude are shown just as well by 
the relative ionizations produced as they would be by absolute ionizations. 
Hence, many of the ionization data are expressed relative to some more or 
less arbitrary zero. Even these relative measurements require correction 
lor ionization due to radioactive contamination ol the walls of the ionization 
chamber. This ionization is measured by taking the instrument to a great 
depth of water, or down in a mine; the cosmic ray contribution at sufficient 
depths becomes inappreciable. 

There have been a number of determinations of the absolute ionization 
produced by cosmic rays at sea level. These do not show the consistency 
one might expect. Phe value obtained of course depends upon whether 
some of the cosmic radiation has been cut off by shields used to eliminate 
the effect of stray radioactive radiations. For example, an 11 cm. lead 
shield has been found by one observer®^ to decrease the ionization due to 
cosmic rays at sea level from 2.48 to 1.75 ion pair per cc. per second in air at 
one atmosphere. The reduction allowed by another observer, however, 
for a 12.5 cm. lead shield is only from 1.28 to 1.10. A third value obtained'^^ 
after filtering through 12 cm. of lead is 1.22. There is thus considerable 
variation among the values 1.75, 1.10 and 1.22, all obtained after filtering 
the cosmic rays through essentially the same thickness of lead. 

To obtain the absolute ionization due to the entire cosmic radiation, it 
is of course necessary to make a correction for whatever shield is used. 

^ J. C. Street and R. H. Woodward, Phys. Rev., 46, 1029 (1934), 
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Since observations carried on oyer water relatively free from radioactive 
contamination require thinner shields and therefore smaller corrections than 
observations over land, several measurements have been made over water. 
-Typical values obtained over both land and water for the total sea level 
ionization at a pressure of one atmosphere of air are 1.37,^^ 1.6,^® 2.48, 
1.^8, and ion pairs per cc. per second. While it is true that these 

values were not all obtained at the same latitude, the variation is far greater 
than the 10% which might be introduced by the latitude effect. The last 
value, (1.63 i 0,05), is one of the most recent and probably one of the most 
reliable. It represents the ionization in air at atmospheric pressure and 
15° C due to all cosmic rays coming through an atmosphere corresponding 
to 76 cm. of Hg; it represents the ionization at magnetic latitudes greater 
than 50°, latitinles sufficiently large that there is no further variation of 
intensity with latitude. The ionization in gases other than air is of course 
different. .For example, an ionization of (2.35 i 0.06) ion pairs per cc. per 
second is found in argon at one atmosphere pressure when the pressure 
of the atmosphere is 76 cm. of Hg. For a barometer reading less than 
76 cm. of Hg the ionization is somewhat greater due to the smaller absorp- 
tion of the radiation in the atmosphere. The change is^*^ approximately 
5 percent per centimeter of Hg change in pressure of the atmospheric air. 

Seasonal, Diurnal and Other Changes in Intensity 

That tluM’c exist seasonal changes in cosmic ray intensity amounting to 
several percent of the total has already been mentioned in the discussion 
of the latitude effect. And it has been pointed out that at least a large part 
of this change is closely correlated with atmospheric temperature. There 
have been many investigations attempting to prove or disprove the existence 
of seasonal, daily, and erratic changes of one type and another. While 
many sl,u<li<‘s have l)een described in the literature, one of the most recent 
and extensive is that by Forbush.®^ The problem of unraveling possible 
seasonal, solar diurnal, sidereal diurnal and erratic variations is complicated 
at. best. Investigators have been further handicapped by the fact that all 
of ll»es(‘ are small and some, if they exist at all, are barely large enough to 
l>c detec led. 

'I'hc (|uestion of the existence of a diurnal variation of intensity with 
siilereal time has l)een considered of great importance. It was pointed out®® 
in 1935 that if the cosmic radiation originates outside of our own galaxy 
then the motion of our galaxy as a whole, combined with the earth’s rotation, 
should lead to a small daily variation with sidereal time. Astronomical 
evidence indicates that our entire galaxy is rotating with a small angular 


J. (’lay and V. 11. (day, rkydm, 6, 898 (1938). 
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velocity. Since our own planetary system is at a considerable distance from 
the center of this galaxy, it results that the sun and its planets are moving 
through space at a speed of approximately 300 kilometers per second. A 
recent investigation*^ indicates that this velocity may be nearer ^00 than 
300 kilometers per second- At the present time this motion is toward 
Cepheus, 47° N declination, 20 hours and 55 minutes right ascension. Since 
the angular velocity of the galaxy is small, the direction of this motion will 
be approximately that just stated for years to come. 

If the cosmic radiation comes from beyond our own galaxy, then the 
intensity observed in the northern hemisphere should be greater than that 
observed in the southern hemisphere. A difference in intensity would be 
expected whether the cosmic radiation consist of charged particles or of 
photons. If the rays are charged particles, then our motion through space 
would cause more particles per second to strike the northern hemisphere. 
This hemisphere is the forward face of the earth as it moves through space. 
If the rays are photons, there would be a Doppler effect with a resultant 
increase in frequency, and hence in energy and intensity, in the northern 
hemisphere. On either concept of the nature of cosmic rays, the intensity 
observed at high north magnetic latitudes should exceed that observed at 
high south latitudes by 0.5 percent. Early experiments appeared^® to bear 
out this expectation. Since the motion of our galaxy is not exactly to the 
north, then rotation of the earth would be expected to lead to a small daily 
variation with sidereal time. The magnitude of this variation should 
depend upon latitude. It was calculated that the magnitude of the daily 
variation should be of the order of 0.1 percent if the cosmic rays consist of 
charged particles; it should be from to 10 times larger*® if the primary 
cosmic rays are photons. In either case, the maximum intensity should 
occur at 20 hours and 40 minutes sidereal time. More rigorous theoretical 
treatment** has since modified these expected values slightly, but it has not 
changed the general conclusions. 

Even when this galactic rotation effect was first suggested, some experi- 
mental data** bearing on the question was available. These data appeared 
to speak strongly in favor of the existence of such an effect. The phase of 
the variation agreed almost exactly with that predicted; and the amplitude 
of the apparent effect was essentially that expected on the supposition that 
the primary cosmic radiation consisted of charged particles. Later evi- 
dence*® seemed to speak even more convincingly in favor of the existence 
of the effect. Most workers felt that both the north-south effect and the 
sidereal diurnal variation were real. 


G. L. Camin, Roy. Astron. Soc., M.N., 99, 71 (1938). 
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Although a few years ago the evidence seemed to be quite strong in favor 
of the existence of a variation of cosmic ray intensity with sidereal time, the 
existence of the effect is by no means as certain today. There is rather 
good evidence now that if such an effect does exist it is quite small, no larger 
•than the experimental errors present in the most reliable observations. This 
change of view has been brought about through recent success in unraveling 
the seasonal, solar diurnal, and other variations. Compton and Turner’s 
Pacific Ocean data®^ seemed at first^^ to show a definite sidereal time effect, 
and a slightly greater intensity in the northern hemisphere. The apparent 
existence of these effects appeared consistent with the results of other 
studies. A more complete treatment^^ of these data indicated, however, 
that there was no significant difference between the intensities observed at 
equal north and south latitudes. Any difference which might exist was 
much smaller than that theoretically expected. There still appeared to be 
a real sidereal time variation, but it was considerably smaller than the 
predicted value. 

Thompson®^ has shown that even this smaller sidereal time effect is 
probably fictitious. When the data are properly analyzed, making due 
allowance for the solar diurnal and for the seasonal changes, there remains 
no significant variation associated with sidereal time. Workers are fairly 
generally agreed today that no significant sidereal effect exists. Still more 
precise data will be required before one can feel quite safe in saying defi- 
nitely that no galactic rotation effect exists. If it does exist, however, it 
must certainly be smaller than suspected. This may be due in part to a too 
high original estimate of the velocity of our galaxy through space. If 
one accepts the theory behind such a possible effect, then one is almost 
forced to conclude*'^^ that the cosmic rays originate within our own galaxy. 
W'orkers in this field have thus completely about faced within the past few 
years. Several years ago it appeared quite certain that the cosmic rays 
originate outside ol* our own galaxy. Now there is equally good reason for 
concluding that they originate within this galaxy. If they do originate 
from without, then one must assume that before reaching us they have 
acquired in some way the motion of our galaxy. 

As the reader will have inferred from previous remarks, there do exist 
other recognized intensity variations. There can be no doubt of the 
existence of a seasonal variation. This was shown conclusively by Compton 
and Turner’s Pacific Ocean data,®^ as well as by numerous other extensive 
works. Tlie amplitude of this seasonal variation is zero at the magnetic 
equator; it increases as one proceeds to higher latitudes. Forbush has 
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recently reported the results of continuous cosmic ray intensity ()I>s(‘^^'aLio^s 
made over periods exceeding 17 months at four different observing stations. 
The locations of these stations ranged from 48° S to 50° N magnetic latitude. 
The seasonal variation, which has a period of months, has an amplitude 
ranging from zero at the equator to 1 or 2 percent of the total intensity at a 



latitude of 50°. The maximum of 
this seasonal variation occurs during 
the month of January in the northern 
hemisphere. The variation is in 
opposite phase in the southern hemi- 
sphere, the maximum occurring there 
in July. The maximum seems to 
occur always during the colder part 
of the year. 

The cause of the seasonal vari- 
ation has already been discussed in 
connection with the variation of 
intensity with latitude. The gencM*- 
ally accepted interpretation"® is that 
in terms of the decay of the meso- 
trons formed high in the atmosphere, 
and a seasonal shift in the height of 


MEAN SOLAR TIME 

Fig, 12, — Showing the variation of cosmic 
ray intensity with solar time of day. The 
curve is essentially independent of the lati- 
tude in which the data are taken. 


the layer of atmosphere in which the 
mesotrons are produced. The possi- 
bility®^ that it might be due to a 
magnetic field about the sun is ruled 
out by the fact that the phase of 


the observed effect is just opposite®^ that which such a magnetic field would 


cause. 


There appears definitely to exist also a variation of cosmic ray intensity 
with solar time of day. Such an effect appeared in Compton and Turner's®^ 
Pacific Ocean data. The cosmic ray intensity was consistently abov<^ 
average about noon. These data have been analyzed critically by Thomp- 
son® who finds a definite variation with solar time of day. The cosmic 
ray intensity is consistently large slightly after noon, at approxinuitctly 
two o’clock; it is a minimum shortly after midnight. The magnitude of tbV 
variation is small, the amplitude given by Thompson being 0.23% of tlu‘ 
total intensity. These findings agree approximately with those of another 
study®^ which indicated a variation with an amplitude of 0.20% and a 
maximum at noon. This latter study utilized continuous observations made 


M. S. Vallarta, Nature, 139, 839 (1937). 

J. L. Thompson, Phys, Rev., 64, 93 (1938). 

V. F. Hess and H. T. Graziadei, Terr. Mag., 41, 9 (1986). 




COSMIC RAYS 


493 


over a three year period. The «olar diurnal variation of cosmic ray intensity 
appears to be independent of latitude. Fig. 12 shows results®3 obtained at 
different latitudes between 40" S and 55" N. No appreciable, variation in 
either the magnitude or the position of the maximum of the effect is evident 
A comparison of results obtained from studies^^ carried out at sea level with 
those obtained in a similar study^^ at an altitude of 2300 meters indicates 
that this solar variation is essentially independent of altitude. 

The cause of the solar diurnal variation is not known. The time at 
which the maximum intensity occurs might indicate the possibility of some 
cosmic lays coming directly from the sun. All evidence indicates, however, 
that if any siidi contribution exists it must be very small. One might also 
hope to interpret the diurnal variation in terms of a shift in air mass accom- 
panying a change in temperature, much as is done for the seasonal variation. 
ITnfortunately the phase of the effect which would be expected on this basis 
is opposite that of the observed effect. There have been several suggestions 
that small variations of this character may be attributable to a magnetic 
field about tlie sun. One recent treatment®® of the possible effects of a solar 
magnetic field has indicated that such a field might influence considerably 
the actual cosmic ray intensity observed upon the earth. It appears further 
that it might introduce small annual and diurnal variations. These varia- 
tions miglil be of a proper order of magnitude to account for the daily varia- 
tion observed. 

lliei'e exist otlier more or less erratic changes in cosmic ray intensity. 
Significant chaiiges'-^'^'®® have often been observed during major magnetic 
storms, l^'liese seem to occur simultaneously at all points on the earth. 
They often amount to several percent. It is generally supposed that the 
change in intensity aecompanying these storms is due directly to the change 
in the (‘ffect of the abnormal magnetic field upon the charged particles 
constituting the cosmic radiation. There is some difficulty with such an 
interpretation, however. The changes in cosmic ray intensity are often 
far larger than one would expect from the observed accompanying changes 
in magnetic field. It has been calculated®® that the change in the magnetic 
moment of tlie earth during the storm would, to account for the observed 
changes in cosmic ray intensity, have to be some 150 times as great as any 
change recoMcilalile with the observed variation in magnetic field. In 
addition to these major changes accompanying recognized magnetic storms, 
there are small erratic changes of variable magnitude. Recent and rather 
extensive investigation of these has shown that they occur at all points of 
the world simnltaneonsiy. The magnitude of such changes increases 
raj)i(lly with in(;reases in altitude. It appears to increase rapidly also, 
particularly at high altitudes, as one goes to higher latitudes. These 

W S. Kpstoin, Hitju. Rev., 53, 862 (1988). 
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changes are apparently symmetrical about the magnetic equator. The 
origin of such small changes is not known. The fact that the ratio of 
magnitudes of these small erratic changes at different stations is essentially 
equal to the ratio of the changes produced at these same stations by major 
magnetic storms, leads one to suspect that the same mechanism may be 
responsible for both. Perhaps there are miniature magnetic storms in 
progress continually. 

The East-West Directional Effect 

If cosmic rays consist of charged particles, and if particles of one sign 
of charge should be more numerous than those of opposite sign, then one 
should find an east-west asymmetry in the cosmic ray intensity. Consider a 
positively charged particle coming from interstellar space. For simplicity 
choose a particle coming from directly overhead. As this particle proceeds 
through the earth’s magnetic field it will follow a curved path. Knowing 
the direction of the horizontal component of the earth’s magnetic field, and 
knowing the direction of motion of the positively charged particle, it is easily 
argued that this particle will appear to have come from a somewhat westerly 
direction. In a similar manner, it can be argued that negatively charged 
particles would appear more abundant from an easterly direction. Of 
course not all positive particles would appear to come from the west; nor 
would all negatives appear to come from the east. A positive particle com- 
ing from the eastern horizon would appear to come from the east; but 
the curvature of its path would cause it to come in at a smaller zenith 
angle than it would were it not for this bending. In a similar way a negative 
particle coming from near the western horizon would appear to come from 
the west. The deflections in the earth’s magnetic field, however, result 
in a preponderance of positives from the west and of negatives from the 
east. If the cosmic radiation consists of equal numbers of similar positive 
and negative particles there would be no east-west asymmetry in intensity. 
The two effects would just balance. It becomes clear, therefore, that 
important information regarding the nature of cosmic rays might be 
gathered from observations relative to the possible existence and possible 
magnitude of an east-west asymmetry. 

The literature^°'®®"“’°^ contains many references to studies of this char- 
acter. It has been recognized for some years that such an east- west effect 
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does exist. Quantitative measurements of the magnitude of the effect are 
ordinarily made through use of several coincidence counter tubes. These 
^re placed in line so that only that radiation coming from a definite direc- 
tion can pass through all counter tubes. Associated apparatus is arranged 
so that no count is recorded unless the radiation passes through all tubes. 
By tipping the apparatus one can measure the intensity of radiation coming 
in at various angles with the vertical. It has been found consistently that 
tlie intensity from the west exceeds that from the east. This is true for all 
zenith angles, lhat is, the intensity from a direction 30° west of vertical 
in an east-west plane exceeds that from a direction 30° east of vertical. 
Similarly, that from 45° west of vertical exceeds that from 45° east. This 
general finding indicates definitely that there is at least an excess of posi- 
tively charged particles in the cosmic radiation. 

The magnitude of the east-west asymmetry depends upon the latitude, 
altitude and zenith angle at which observations are made. The effect is a 
maximum at the equator, falling off rapidly at the higher latitudes. A small 
asymmetry exists^”^'^^^ latitudes higher than that corresponding 

to the knee of the intensity-latitude curve. Near sea level the asymmetry 
increases somewhat with altitude,®^ though at high altitudes it almost 
vanishes. The greatest asymmetry is found at zenith angles of from 
45° to 60°. The theory of the bending of charged particles in the earth’s 
magnetic field leads one to expect a maximum asymmetry at the equator, 
and an asymmetry which increases with zenith angle. A maximum is 
observed at the equator. Were it not for the absorption in the atmosphere 
one would expect the asymmetry to increase continually with zenith angle. 
But radiation coming from near the horizon must penetrate a great deal 
more atmosphere than that coming from above. For large zenith angles, 
•therefore, the low energy rays are absorbed to a greater extent than are the 
high- energy ])articlcs. This results in an actual decrease of asymmetry 
beyond zenith angles of about 60°. 

It is customary to define the percent asymmetry as 

W — E 

Percent asymmetry — 2 X ^ 

where W and E represent the intensities from a westerly and an easterly 
<lirection, respectively. At sea level locations near the magnetic equator, 
the asymmetry bctwce.a west and east zenith angles of 45° is®^ some 14 per- 
cent. One observer, having filtered out the softer component with an 
8 cm. lead shield, found near the equator and at 45° zenith angle, an asym- 
metry of 27 percent. The asymmetry of the unfiltered radiation decreases 
to 2 or 3 percent at latitudes of 40°. Only a slight asymmetry, but appar- 
ently definited*’* ’^'^ has been observed at latitudes greater than 50°. 
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The magnitude of the east-west asymmetry allows one to estimate tlie 
relative abundance of positive and negative charged particles ms, king up 
the primary radiation. The magnitude of the effect at sea level shows^^ *’^ 
that practically all of the primary radiation responsible for the cosmic 
ray effects at sea level must be positively charged. Only a small fraction 
could be negative. Since it is now known that the penetrating radiation 
observed at sea level consists largely of mesotrons, it must be that these 
mesotrons are formed in the upper atmosphere almost entirely by positive 
primaries. Several investigators^^’^®®*^^^^”^®® have suggested that these 
primaries' are protons, and a recent investigation®® of the production of 
mesotrons in the upper atmosphere has made it fairly certain that they are. 

The conclusion that the primary cosmic rays responsible for the pene- 
trating component at sea level are all positives raised another serious 
difficulty.^®®”^®® It has already been pointed out that this stream of positive 
particles coming to the earth would increase the potential of the earth by 
some 180 volts per second. This tendency might of course be offset by the 
gradual diffusion and attraction of negatives which might not possess 
sufficient energy to reach the earth. Surely the radiation coming to the 
earth must be statistically lieutral in space. If it were all positive tre- 
mendous potential differences would be developed between points relatively 
close together in interstellar space. The potential between two points 
one light year apart would^®® be of the order of 7 X 10^® volts. It therefore 
seems necessary to postulate a sufficient number of negative particles to 
maintain electrical equilibrium. It may be that these have energies too 
small to penetrate the earth’s magnetic field. Or what seems more likely,' 
as Johnson^®®’^®^'^®® argued, the positively charged particles may be of greater 
mass than the negative electrons. Johnson argued that these positives 
might well be protons, a suggestion that appears to have been confirmed 
by the recent experiments of Schein, Jesse and Wollan.”® The possibility 
that this heavy primary component might consist of mesotrons is ruled out 
by the fact that the mesotron is radioactive. 

It has been remarked that the east- west asymmetry is very small 
at high altitudes.^®® This is a quite recent finding and one which bears 
directly on the nature of the soft component of the primary radiation. 
The near absence of this effect at high altitudes means that there is nerr 
equality between the positive and the negative components of the primary 
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radiation responsible for phenomena in the upper atmosphere. 'Phns the 
total primary radiation is now thought to be made up of two components, 
one consisting of high energy protons which produce in the upper atmosphere 
the penetrating mesotron radiation, the other consisting of approximately 
equal numbers of electrons and positrons which constitute the more easily 
absorbable radiation. 
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Coincidence and Cloud Chamber Studies 

Much valuable information has been gathered from various types of 
coincidence studies. Many of these have had to do with the absorption of 
cosmic rays in materials such as lead. Others 
have been concerned with directional effects. 

The interpretations of such studies have until 
recently been somewhat clouded by the possi- 
ble presence of secondary effects. It is well 
known that the primary cosmic rays produce 
in the atmospliere or other matter a great 
deal of seco!idary radiation. These so-called 
secondaries may be either electrically charged 
particles or photons. As will be seen later, 
many of those secondaries start out almost 
simultaneously from a given locality. The 
((uestion arises, therefore, as to whether 
multiple coincidence tubes in line are set off 
simultaneously by a single partiqle moving in 
such a direction as to ])as.s through all tubes, 
or whether these tubes nia.y be set off 
simultaneously hy different secondary radi- 
ation passing through each tube. Certain 
interpretations of coincidence studies depend 
considerably upon which action is responsible 
for the impulse counted. 

Fortunately there are several experimental 
arrangements’^^' which show quite definitely 
whether the particles producing coincidence counts under given conditions 
are maiuly primary or secondary radiation. Fig. 13 shows an arrangement 
of three counter tubes f f 'o, and A lead block some 45 cm. thick can 
be placed between C, and di. A Wilson cloud chamber is placed between 
counters To and C 3 . Street, Woodward and Stevenson’^’* found that a 
majority of photographs taken when the cloud chamber is tripped by a 



Fig. m. — Showing the ar- 
rangement of apparatus used by 
Street, Woodward and Stevenson 
in photographing the tracks of 
cosmic ray particles. 
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particle going through counters Ci, C 2 and O3, show single straight paths ol* 
very high energy particles. As many as 90% of the photographs show this. 

Typical photographs are reproduced in Fig. 14. It seems quite certain 
that the particle leaving this track is the same one that affected the coinci- 
dence counters. It has been shown^^^ that about half of these particles will 
penetrate a lead block one meter thick, a thickness approximately equivalent 
to the atmosphere. This is about the same rate of absorption as that 
measured by the ionization the cosmic rays produce. The indication is 
strong, therefore, that these particles themselves are primary cosmic rays. 
If they are not primaries then they must be secondaries produced high in 
the atmosphere and which produce most of the ionization near sea level. 
A secondary arising in the lower part of the lead might provide such a track, 
but it could never have gone through counter 6h; hence the coincidence 



Fig. 14. — Typical photographs of single particle tracks. Each of these tracks was left by an 
electron after it had passed through the lead block shown in Fig. 18. 

counters would never have tripped the ‘cloud expansion chamber. If the 
particle is a secondary coming from above the lead it must have been a 
very energetic one to have gotten through the great thickness of lead. At 
one time it was thought very unlikely that secondaries could be this pene- 
trating. Since discovery of the mesotron, however, and proof that these 
are exceedingly penetrating secondaries formed high in the atmosphere, 
it appears probable that many of the tracks observed were actually due to 
secondaries. 

That the particles producing coincidence counts are not secondaries 
arising near the apparatus, particularly in the lead, is shown by another 
type of experiment. Fig. 15 reproduces the experimental arrange- 

ment used by Hsiung.^^^ The three Geiger-Muller tubes shown in a vertical 
line were so arranged that any particle coming through tubes 1 and 2 would 
record a coincidence on one mechanical counter. A second counter was so 
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arranged that it registered only when a particle passed simultaneously 
through tubes 1, and 3, Thus, double coincidences in the two upper 
tubes and triple coincidences in the three tubes were recorded simul- 
taneously. Counter tube number 3 was always inclosed in a lead cylinder 
whose wall was cm*, thick. This shield is sufficient to absorb practically 
all secondary radiation produced nearby, particularly in a block of lead used 
in different positions with respect to the 
several counter tubes. A block of lead %0 cm. 
thick could be used in three positions, com- 
pletely removed from the apparatus (^4), be- 
tween counters 1 and 2 (B), or above the 
upper-most counter (C). Under condition A 
the apparatus records double coincidences 
produced by single primary or secondary rays 
from above and by stray secondary rays, 
together with triple coincidences produced 
alone by energetic rays from above. Under 
condition B one would expect a decrease in 
both the double and triple coincidences. 

Although insertion of the lead block causes 
the production of a greater number of second- 
aries, these are not recorded; the highly 
absorbing lead is between the two tubes 
sensitive to secondary rays. The presence of 
the lead b\ock does reduce both double and 
triple coincidences due to rays from above; 
lead 20 cm. thick absorbs an appreciable 
fraction of these. 

Table II shows this decrease for data taken 
in a basement and for data taken on tlie roof 
of a building. Under condition secondaries 
produced near the bottom of the lead block 
will produce double coincidences in tubes 1 
and 2; the block will here absorb the same 
rays from above as it did in position B. The tal)le shows that the triple 
coincidences under condition C are essentially ecjual to those under B; but 
the double coincidences, many of them due to local secondaries, are more 
numerous with the block in position (K It seems clear that, altlunigh there 
are many secondaries produced near the apparatus, all of the triple^ 
coincidences produced are due to very energetic radiation coming from far 
above the apparatus. The.se coincidence producing particles have been 
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2.4±.8 30.5±.5 32.5±.5 

ER HR. PER HR. PER HR. 

Kia. 1.5. “'Pho arrangement of 
appaniliis u.sed in the Hsiung 
coincifleiiee experiTiient to .show 
that the penetrating coincidence 
particles are not seeondaries pro- 
duced in the apparatus. 
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TABLE II 

Showing the number of coincidences per hour observed with the apparatus of Fig. 15. 
Preliminary observations were made in the basement of the laboratory. Final data were 
taken on the roof 


Arrangement 
of apparatus 

Number of coincidences per hour 

In basement 

On roof 

Double 

Triple 

Double 

Triple 

A 

112 ± 3 

27 ± 1 

202.4 ± 1.8 

42.4 ± 0.8 

B 

92 ± 8 

23 ± 1 

184.5 ± 1,5 

80.5 ± 0.5 

C 

99 ± 3 

28 ± 1 

142.2 ±1.1 

82.6 ± 0.5 


found to show essentially the same sea level latitude effect^^®*^^® and 
essentially the same east-west asymmetry^*- as the total cosmic 
radiation shows. It was therefore felt for some years that they must be 
primaries. Since it has now been found that the east-west effect at sea 
level, as well as most other sea level effects, is due largely to secondary 
mesotrons produced high in the atmosphere, it appears that the penetrating 
coincidence producing particles are really mesotron secondaries. 

Something as to the penetrating power and as to the rate at which 
these particles lose their energy in passing through materiar^^-^ has been 
shown clearly by various cloud chamber experiments. The usual 

method of making such studies is to arrange a cloud chamber, with its plane 
vertical, between the pole pieces of a strong electromagnet. C-oincidenco 
Geiger tubes are placed one above an<l one below the expansion chamber. 
These tubes are arranged to trip the cloud chamber and camera arrange- 
ment whenever a suitably directed particle passes through the system. The 
automatic tripping arrangement greatly increases the probability of obtain- 
ing satisfactory photographs for a large fraction of the exposures made. 
Stereoscopic views are usually taken. One of these is often a mirror view, 
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taken by placing a mirror at such an angle as to view the track from an 
entirely different direction. 

Photographs of this character allow determination of the actual geometry 
of the path described by the particle in passing through the magnetic field. 
From the amount of bending observed it is possible to evaluate the energy 
of the particle. This statement needs some qualification, for in order to 
evaluate the energy it is necessary to know, in addition to the bending 
suffered, both the charge and the mass of the particle. On the other hand, 
the momentum of the particle can be evaluated from the amount of bending 
if only the charge carried is known; the mass of the particle does not enter 
this calculation. The truth of these statements is evident from the follow- 
ing elementary considerations. A particle of mass m and charge moving 
with a velocity v perpendicular to a magnetic field H, will describe a circle 
of some radius p. If all quantities are expressed in the same system of units 
the relation 

Hev = 

P 

holds for the quantities involved. The mass m is of course the actual mass 
of a particle having a velocity v\ it might be replaced by the quantity 
Wo/\/l — where mo is the rest mass. If this equation is solved for the 
momentum of the oarticle one obtains 

Momentum = mv = eTIp 

Thus, the quantity Up is a measure of the mcrmentum, provided the charge 
of the particle is known. 

(Calculation of the velocity of the particle, or of the energy of the particle, 
in general involves the mass as well as the charge. If in the above expres- 
sion for the momentum of a particle one substitutes mo/-\/l — for m 
and /3c for v, one obtains 


mope 

Vi - 


= eHp 


By squaring each side of this equation, solving explicitly for and then 
extracting the st|uare root, 




Hp 

Vimoc-J-ey 4 - {Hpy 


This involves both the rest mass and the charge of the particle. It is 
apparent that for very high speed particles, for which 0 approaches 1, the 
quantity (//p)^ must become very large as compared to (m>Qc/e)‘K This fact 
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is important in that it allows one to calculate the energy of a very high speed 
particle without knowing the mass of the particle. If K.E. represents the 
kinetic energy of a particle, R.E. the ‘‘rest energy'’ due to its mass, and 
T.E. the total energy of this particle, then 


T.E. - X.E. + R.E. = ------ — + 

Wi - ) 


o 


Vi - 


But mc'^ = mv and the momentum mv is given, from above, by mv = eHp. 
Hence, 

V 


Putting the value of Q obtained above in this^ one obtains, 

T.E. = ec ^J(~y + (Hpy^ 

Thus the expression for the total energy of the particle involves not only 
the quantity Hp but also the mass and charge of the particle. 

The kinetic energy of the particle is really less than this total energy by 
an amount moc^, but for an electron this amounts to only 0.511 MEV, an 
entirely negligible amount as compared to the kinetic energy of a cosmic 
ray electron. As a matter of fact, for really high energy electrons, the 
quantity (moc/e)- becomes negligible as compared to (ffp)^ and the above 
expression for the total energy reduces to 

T.E. = ecflp 

Thus, if one is certain that the quantity {m^cleY is negligible as compared 
to {Hp)^y one can evaluate the energy of the particle without knowing its 
mass. If it is certain that one is dealing with an electron, and not a more 
massive particle, then this approximation is justified for most cosmic rays. 
By putting into the last expression for the total energy the values of known 
constants, and by introducing an appropriate factor to convert this energy 
into electron volts, it is found that the energy of a cosmic ray electron is 
given by 

T.E. - 30077p 

where the energy is in electron volts and where Tip must be expressed in 
oersted-cm. 

It is not a simple matter to evaluate the mass of a particle from the track 
it leaves in a cloud chamber placed in a magnetic field. The degree of 
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ionization along the path depends almost altogether upon the charge and the 
velocity of the particle; the mass of the particle seems to have little effect. 
By trial, however, it is possible to find a mass which seems to fit best all 
of the evident characteristics of the particle. Details of this procedure 
will be made more clear when we discuss, in the next chapter, the recently 
discovered mesotron. 

Let us return now to experimental studies of the energy losses suffered 
by high energy particles in passing through appreciable thicknesses of 
materials such as lead. Fig. 16 shows the path of a heavily ionizing particle 
obtained^^^ in a cloud chamber placed in a strong magnetic field. This path 
appears to be one of a proton having an energy of 150 MEV; its velocity is 



Kig. 10. — The* truck of a strongly ionizing particle moving in a magnetic field of 71)00 
oersteds. The particle is judged to be a proton having an energy of 150 MKV and a velocity 
0.5 that of light. 

approximately one-half that of light. In many such studies there is place<l 
within the cloud chaml)er, and in such a position that the particle will have 
to pass through it, a sheet of Pb, (hi or other material. In this way it is 
possible to evaluate the energy of the particle before and after passing 
through the known tliickness of material; hence the rate of energy loss in 
this material can be found. Fig. 17 shows the tracks^**^^ of two different 
penetrating particles which were ma<le to pass throngli a *^2 cm. sheet of (hi. 
In (a) there is no apparent change of curvature of the ])ath as the particle 
passed through the (hi; tlie energy loss was tluTcfore not measurable. The 
fact that tlic fractional change of energy was too low to measure does not 
mean necessarily that this was an unusually energetic particle. In fact as 
such particles go, this represents a relatively low energy one; its energy was 
approximately 470 MEV. It just hap[)ens that particles of about this 
energy do not lose energy rapidly in passing through the (hi. In Fig. (h) 
the curvature of the track is measurably greater after the particle passed 
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through the Cu. Calculations show that the particle had an energy of 640 
MEV before passing through the plate and only 360 MEV after penetrating 
the plate. Thus it lost ^80 MEV of energy in passing through the 2 cm. 
of Cu. Similar studies have been made using, in place of the Cu, plates of 
Pb^n9, 120,122 ^\i^i 22 Pt,^^^ and other materials. It is interesting that 

blocks of platinum 1 cm. thick and of gold 9 cm. thick have been used. In 
the work^2® employing the 9 cm. Au block, the penetrating particles were 



(a) (6) 

Pig. 17. — Showing the tracks of two penetrating cosmic ray particles before and after 
passing through a copper plate 2 cm. thick. The small change of curvature caused by penetra- 
tion of the plate shows that the particles lose a surprisingly small amount of energy. 

made to pass through an additional 16 cm. of Pb before entering the cloud 
chamber. Thus only the more penetrating particles were studied. 

Studies of this and other types have shown the existence of two compo- 
nents of the cosmic radiation. One of these is fairly easily absorbed. This 
component apparently consists of free electrons and positrons. It is this 
component that is mainly responsible for the so-called showers which we 
shall soon discuss. The experiments show also the presence of another 
component which loses a relatively small amount of energy in passing 
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through any reasonable thickness of Pb or other material. The particles 
making up this component appear to be absorbed in an entirely different 
way. It seemed from the first that the particles could not be electrons, 
either positive or negative. It was presumed that they were particles 
having the same charge as an electron, either positive or negative, but 
a mass considerably greater. At first it appeared barely possible that they 
might be protons. More recent experiments have shown conclusively, 
however, that this penetrating component consists of mesotrons. Cloud 
expansion studies similar to those mentioned have allowed investigators to 
measure directly the energies of particles up to slightly over 10,000 MEV. 
For higher energy particles the curvature of the path in any magnetic field 
that is practicable is so slight that it cannot be detected. Magnetic fields 
as high as 20,000 oersteds have been used in attempts to bend the paths of 
these energetic particles. 

The presence of both an easily absorbable and a penetrating component, 
together with the fact that particles of different energies may lose a major 
portion of this energy in different ways, complicates the interpretation of 
studies of the rate of energy loss. It is convenient to speak of the relative 
energy loss of a particle rather than of its absolute energy loss. If R repre- 
sents the rate of relative energy loss, then 


^ ^ Edx 


where E is the energy of the particle and where dEfdx represents the rate 
of energy loss as this particle penetrates the absorber. Experiments show 
that the relative energy loss depends markedly upon the energy of the 
particle being studied. It appears that the relative energy loss R for 
particles having an energy le.ss than 200 MEV is of the order of 1 to 1.5, if 
energies are measured in MEV and distances in cm. As the energy of the 
particle increases above this the relative energy loss decreases rapidly. 
Particles having energies of the order of 500 MEV seem^-"*'’'**^ to suffer o. 
minimum loss in this region of energies, a relative loss of the order of 
that experienced by the loss energetic particles. These same studies 
indicate that at least in lead and copper the relative energy loss then rises 
slightly, reaching a maximum for particles having energies of the order of 
1500 MEV. The absorption corresponding to this maximum is still quite 
small; it is larger than that for particles of 500 MEV energy, but much less 
than that for ^>articles having less than 200 MEV. For still higher energy 
particles the relative energy k).ss srteadily decreases, becoming still smaller 
than that cori'esp< Hiding to the minimum existing in the energy range around 
500 MEV. It can not be said with certainty whether these small fluctua- 
tions in energy loss, which may be characteristic of the absorbing material. 
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are all real or whether they may be due in part to errors of measiireijient. 
In any case the rate of energy loss shows a general decrease for particles of 
increasing energy. 

Fig. 18 reproduces some early measurements by Neddermeyer and 
Anderson^^^ on the loss of energy of particles passing through 1 cm. of Pt. 
Similar curves representing other measurements are available in the litera- 
In the figure shown here the actual energy loss per centimeter, 
rather than the relative energy loss per centimeter, is plotted against the 
energy of the particle. Particles for which measurements were made were 



Fig. 18 . — Showing the rate of loss of energy of cosmic ray particles in Pt. 

of three types, shower particles, shower producing particles, and particles 
which do not produce showers. The shower particles and the shower pro- 
ducing particles lose energy at a relatively high rate, and at a rate which is 
apparently equal for the two. This is consistent with the view that both 
the shower particles and the shower producing particles are ordinary elec- 
trons and positrons. Those penetrating particles which lose energy at a 
much lower rate, and which do not produce showers, have been shown to 
be mesotrons. They are more penetrating not fundamentally because they 
are more energetic, but rather because they are a diflferent type of particle. 
Relatively few low energy mesotrons are found, for the mesotron is radio- 
active and decays with a half life of a few microseconds into an easily 
absorbable electron or positron. 
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Physicists are just beginning to understand the mechanism by which 
the cosmic ray particles dissipate their energy. It is recognized that 
energetic charged particles give up their energy in several ways as they 
pass through material. Very low energy particles give up most of their 
energy by excitation and ionization of atoms near which they pass. As the 
particle energy becomes greater, however, large amounts of energy may be 
, lost by several other processes. Among these ' processes are the following: 
losses by intimate collisions with the more firmly bound electrons within the 
atom, resulting in subsequent characteristic X-radiations; losses by actual 
disintegration of atomic nuclei; losses by impulse radiation excited during 
close encounters with nuclei. On the other hand, photons having energies 
no higher than those corresponding to the X-ray or gamma ray frequencies 
lose their energy by the ejection of photoelectrons from atoms. This of 
course results in the subsequent radiation of lower energy photons. It has 
already been pointed out, however, that there is another important process 
by which a high energy photon can lose its energy. This is by production 
of electron-positron pairs. The entire energy of a photon, provided it is 
sufficiently large, may disappear abruptly. There appears in its place an 
electron-positron pair having a kinetic energy equal to the difference 
between the photon energy and the energy represented by the masses of 
the newly formed electron and positron. Very high energy photons no 
doubt lose much of their energy through this pair production process. Thus 
the manners of absorption of both high energy photons and high energy 
charged particles such as found in the cosmic radiation may be quite different 
from those with which physicists have been familiar in the past. 

Bethe and Ileitler*-*^ have presented a theory of the nuclear absorption 
of high energy particles. In order to understand the basis of this theory 
it will be well to recall a few facts regarding the production of X-rays. 
When high s])(‘e(l electrons strike the target of an X-ray tube there are 
produced in general two types of radiation. One consists of photons whose 
frequencies are characteristic of the target. The other is the continuous 
radiation or irn])iilse radiation. It has beeti found that a greater and 
greater fraction of the total X-ray energy goes into impulse railiation as the 
bombarding electron energy is made greater. For X-rays produced by the 
application of several million volts across the tube, the relative energy 
represented by the cluiracteristic radiation has become quite negligible. 
Bethe and lleitlcr sui)p()se(l that when an energetic charged particle comes 
close to an atomic nucleus it suffers large decelerations. As a result energy 
is translbrnied into impulse radiation. The interaction between the 
(diarged particle and the luieleus which results in this inipiilse radiation is 
called a radiative collision. This distinguishes it from the so-called ionizing 
IT. ITetbo and W. Ileillcr, Prnr. Hof/. Soc., A, 146, (1984). 
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siifftTcd by lower energy particles, which result in subsequent 
characteristic photon radiation. The photons making up this impulse 
radiation are then supposed to lose their energy through the production of 
electron -positron pairs. These in turn produce new photons. The process 
is repeated until the energy originally possessed by the single particle has 
been dissipated finally in the formation of lower and lower energy particles 
or photons. It has l)een possible to develop this theory quantitatively/^^ 
and to test it in a rough way by experimental data. While definite proof 
of its correctness will recpiire more accurate experimental data, it appears 
fairly certain that the underlying concepts are essentially correct. 


Showers and Bursts 

The occurrence of extremely high momentary ionizations in an ionization 
chamber has been recognized for some years. These excessive ionizations 
were first evident'CHl-** clearly by abrupt jumps in the photographic trace of a 
recording cosmic^ ray electroscope. Such abrupt jumps have been observed 
many times siiute Hoffmann first found them in 1927. There are three 
recorded in tin* pliotographic trace reproduced in Fig. 8. The cosmic ray 
phenomenon r(‘S])()nsible for such excessive momentary ionizations is referred 
to as a burst. I inforttinately, little can be learned regarding the nature of 
aii<l the caus(' of ilu‘se hursts through electroscope ionization studies. In 
more r(‘eent yc'ars, however, two other methods of study have revealed a 
phenonumou which is in all probability identical with the burst. The two 
methods of sl iidy are ihal employing coincidence counters and that utilizing 
the cloud ehainber. 

If a lhr<M‘ or mor(‘ lube eoincidence counter is arranged with the several 
tubes out of liu<‘, it would appear that the number of counts registered would 
be extr<‘nu‘ly small. \ count is registered only when an ionizing particle 
affects eacli'lub<‘ sinmlUneonsly. No single [)article could do this, and the 
chanc(‘ of two iudepcMideni ])articles doing it simultaneously is very small. 
The fact is, how('V(‘r, Unit an appreciable number of counts are registered; 
an<l tlu‘S<‘ (‘ounls arc still more numerous if a lead shield approximately a 
cenlinu‘tcr thick is placed above the apparatus. A natural inference 
would l)<‘ that llu‘ various tubes were affected by two or more secondary 
particles produecMl simultaneously by a single cosmic ray as it penetrates 
the lead or other mat(‘ria.l nearby. Cloud chamber studies have shown 
that such s(‘<‘ondary (fleets ar<^ produc(‘d, and the number of secondary 
W. lloitk'r, Tkr QnaniMW Thcary of Radiation (Oxford: 'Vhv Clarondon Press, 1936). 


bVj. 11). SlH,winK various l.vp<‘.s oF slunvors. Thos<. r.prosoutod by a, r and . arc produced 
by ioniziuK parti(‘l<‘s; d ,uul / ntv produced by non-ion.znij; radiation, 

'the many low (Miergy ele(‘l,rons of / show no common origin; they were probably produce by 
imnuToiis soft photons from a shower near the cloud chamber. 
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particles arising at one time often runs surprisingly high. This phenomenon 
observed in the cloud chamber, and undoubtedly responsible for trigger- 
ing oflE the three out-of-line counter tubes, is called a cosmic ray shower. 
Although the evidence is not particularly direct, there can be little doubt 
but that these showers are identical with the bursts mentioned above. 
The size of the burst, as measured by the excess number of ions produced, 
is no larger than that which would be produced by some of the larger showers 
observed. And the frequency with which showers occur seems to be suffi- 
cient to account for the number of bursts observed. 

Present knowledge of these cosmic ray showers and bursts has been 
well summarized by Froman and Stearns. 23. 26 number of works, both 



Fig. 20 . — Two typical showers, each showing more than one origin. Each of these was pro- ' 
duced by an ionizing particle which passed through one of the two foci. 


experimental and theoretical, dealing with even this rather restricted field 
of cosmic radiation is quite impressive. We shall call attention to only a 
few of the more general and perhaps more important findings. Let us first 
see what evidence has been obtained from cloud chamber photographs. 
Pig. 19 reproduces photographs^® of several showers. In (a), (c) and (e) 
the track of the particle responsible for the shower is evident. An ionizing 
particle produced each of these showers as it passed through the lead sheet; 
the track of the approaching particle can be seen. The fact that many of 
the particles resulting from the shower leave tracks shows that many of the 
shower particles are charged. There are no doubt other shower particles 
also, photons, which leave no track in the cloud chamber. The number of 
charged particles resulting from the shower shown in (c) is quite large. One 
has no way of judging from the photograph how many photons may have 
been present in the shower. Other types of measurements indicate that 
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■fch.6 number ot photons present in e lErge shower is comparable to the number 
of ionizing particles. In fact some evidencei^s indicates that there may be a 
preponderance of photons. The showers of (6), (d) and (/) must have been 
produced by photons as they penetrated the lead; there is no track of the 
shower producing particle approaching the lead. 

While* many showers show a somewhat definite place of origin, others 
do iiot. Ihat shown in (/) seems to have started simultaneously at many 
points. These shower particles were no doubt produced by numerous rather 
soft photons arising from another shower in the vicinity of the cloud cham- 
ber. Photographs of the type shown in Fig. 19 make it clear that showers 



!Fig. 21. — A very shower consisting of some BOO electrons and positrons. Curvature 
of tlu‘ tracks is caused by a rnaguetic field of 7900 oersteds. The total energy, summed for all 
shower particles, is of the order of 15,000 MKV. 

may be induced by cilber a photon or an ionizing particle. There is avail- 
able no acennite iid’onnatiou as to the fractional number of showers produced 
by these two lyp(\s ol' radiation. Present evidence indicates that roughly 
one-half of the sliowers are produced by either type of radiation. Fig. 20 
shows two other sliow(‘rs,-=‘ each produced by a charged particle, and each 
showing two distinct foci. One ot* these foci probably locates the original 
sliower, while the ollna* repre.sents the location of a second shower produced 
by one of ilie first siio\v<‘r particles. Fig. 21 reproduces stereoscopic views^^® 
of a v'cM’y larg(‘ sh<)W(*r. ^Phe magnetic field in which the chamber was 
placed lias Ixmt some of these particles to the right and others to the left. 
Hence, lioth positive Jind negative particles are present in the shower. The 
total nninbc‘r of charged particles constituting this shower has been esti- 
mated as m). 'Vho total energy, summed for all particles, is of the order of 
15,000 MKV. 

11. (i<'ig<T hikI O. /I'illcr, ZcUit.f. Phyttik, 108, 212 (1988). 

('. I>. Ainlorson and S. U. Ncddornu'yt'J*, Phya. Rev., 60, 2«.5 (198f>). 
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In most of those photographs already referred to the numerous particles 
constituting the shower appear to leave the point of origin within a cone 
having an angle of 40° or less. Measurements of the distribution of particles 
at various angles are still none too certain. It appears, however, that the 
maximum number of shower particles diverge at an angle of approximately 
20° or less. This mean angle of divergence seems to increase slightly with 
the thickness of the material used for producing the showers. It is interest- 



Fig. 22. — A photograph of the relatively rare non-coUimated type of shower. 


ing that when a cosmic ray forms a single electron-positron pair these two 
particles seldom diverge at an angle exceeding 30°. Writers speak of these 
.showers as being well collimated. A large fraction of the momentum of 
any given shower particle lies along the direction of travel of the shower 
producing particle. Measurements show that the transverse momenta 
possessed by such shower particles correspond to energies of only a few 
MEV. The great preponderance of momentum in the forward direction is 
to be expected if these shower particles obtained most of their energy 
directly from the primary shower producing ray. A large fraction of all 
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showers observed is of this collimated type. When these showers are large 
they often exhibit no well defined focus. 

Fig. 22 reproduces an entirely different and relatively rare type of shower. 
As for the more common type, this shower consists of photons, electrons and 
positrons. But in this case the shower particles do not appear to be at all 
collimated; they leave the place of origin in all directions, some of them 
proceeding backward. The total number of particles involved in this rarer 
type of shower is seldom large. Some of these particles, however, possess 
transverse momenta corresponding to energies of the order of 100 or more 
MEV. It is evident, therefore, that there are, two distinct types of showers. 
Their distinctly different appearances indicate an entirely different mecha- 
nism of production. The fact that all particles in the collimated type of 
shower have a preponderance of momentum in the forward direction 
indicates that these particles acquired most of their energy directly from 
the shower inducing radiation. The existence of large transverse momenta 
and even of momenta in the backward direction among the particles con- 
stituting the rarer n on-collimated type of shower, indicates that these 
particles may have acquired the greater part of their energies from the 
disintegration of an atom. 

The question of what mechanism may be responsible for the usual 
type of shower has received considerable attention in recent years, l^he 
theoretical treatment of the production of electron-positron pairs by 
photons was started^^®*^^^ in 1933. Shortly afterwards Bethe and Heitler^^® 
published their theory of the impulse radiation from an electron under the 
influence of a strong nuclear field, that is, of the radiation given out during 
the so-called radiative collision suffered by the electron. Heitler ' has given 
a comprehensive account of various aspects of the theory of electromagnetic 
radiation and of electron-positron ])air creation in nuclear fields. Ihe 
so-called cascade theory of burst or shower tormation was suggested*'*"’*’*'^ 
almost immediately. On this theory shower formation consists of a series 
of radiative collisions resulting in photon production, and of pair creations 
resulting in the charged particle component oi the shower. It was soon 
shown that this theory could he put uj>on a <|uantitative basis and theoretical 
expressions were derived,’’^*^'*'^^’ tor the nuiuh(‘r ol shower ])HrticleS:f positives 
and negative electrons, and photons, which shoidd result per unit time when 
radiation of a given energy falls upon a given shower producing material 
of some definite thickness. 

130 G. Beck, Fhjdk, 83, 49H (UW:3). 

131 J. R. Oppenheimer and M. S. Pkuiset, Phya. Rev,, 44, 5‘i (1933). 

132 C. G. Montgomery, i%.v. Rcv„ 46, 02 (1934). 

133 p. Auger, Naturey 136, 820 (1935). 

134 H. J. Bhabha and W. HeiUer, Proc. Roy. Soc.y A, 169, 432 (1937). 

135 J. F. Carlson and J. B.. Oppenheimer, Phys. Rrv„ 61, 220 (1937). 
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The cascade theory of showers leads to several conclusions which can 
be tested experimentally. Although the experimental tests are often not 
precise they are nevertheless rather consistently in accord with the general 
theory. For example, the theory leads one to expect that the size of the 
shower should increase in passing from a material of low to one of high 
atomic number. However, the size of the shower should depend only upon 
the second material after it has passed through a sufficient thickness of this 
second absorber. Experiment^®® is in qualitative agreement with this 
expectation. Another prediction of the theory is that the thickness of 



Fig. 23. — Showing the growth of a shower as it proceeds through successive sheets of lead. 
This shower wa.s produced by an ionizing particle. 


absorber yielding a maximum number of showers of a given size should 
increase slightly with the size of the shower. Experimental evidence in 
accord with this prediction will be shown later. 

Perhaps the most direct evidence in favor of the cascade theory of 
shower production comes from cloud expansion photographs of showers 
produced in successive lead plates within the chamber. Fig. 23 sheds light 
upon the manner of growth of a shower. The single shower producing 
particle coming from above causes a shower consisting of a few particles as 
it penetrates the upper plate. One of these shower particles produces at 
the second plate a much larger shower. At the third plate there is a still 
further increase in the size of the shower. The growth of a shower of this 

K. Z. Morgan and W. M. Nielsen, Phjs, Rev., 62, 564 (1037). 
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type continues until the energies of the shower particles become so small 
that the probability of further photon production and electron-positron 
pair creation decreases sufficiently that no further increase in the size of 
the shower occurs. As the particles lose still more energy the shower begins 
to decay; each successive shower becomes on the average smaller and smaller. 
While the growth of the shower is illustrated beautifully in Fig. 23, a suffi- 
cient number of successive showers to show the gradual decay is not shown. 
Fig. 24 shows a somewhat similar series of showers, some of which are 
produced by ionizing particles and others of which are produced by photons. 



Fig. 24. — Showin^^ iiuniorous showcM’s, some produced by ionizing ptirLioles jiiid some by 
photons. Some of I lie showers consist of single pairs while others consist of many particles. 


It has been remarked that the number of shower particles ])ro(liice(l 
within a given region is increased markedly if one places above the region a 
sheet of absorbing material. The number of showers i)ro<liice(l continues 
to increase as one increases the thickness of this absorber until a certain 
optimum value is readied. For thicknesses beyond this the number of 
showers decreases. A niimher of observers have determined the manner 
in which the luimbcr of showers depends upon the thickness of the absorbing 
shield. Fig. 25 summarizes-’* the results of numerous workers. A curve 
of this character is referred to as a Rossi curve. The lower curve represents 
the number of showers of three or more particles produced in lead of various 
thicknesses. The middle curve gives the same ty])c of information for 
showers consisting of two or more particles, 'rhe iip])er curve represents 
results obtained for all showers, counting even those which have but a single 
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socondary particle. A distinct maxiiTiiim appears in each curve; there is 
an optimum thickness of lead shield for the most efficient production of 
showers. The optimum t hickness is about 2 centimeters for showers of three 
or more particles, centimeters for showers of two or more particles and 
about 1 centimeter for the production of some type of shower. 

It was remarked that the cascade theory of shower production leads one 
to expect that a somewhat thicker shield is required for the production of a 



Fig. 25. — Showiii^^ the way iu which the Jiumber of showers produced depends upon the 
thickness of lead used for production. The lower curve counts no shower having less than 
three ionizing particles. 'ITie middle curve counts no show'er of less than two particles. 
Showers of even one particle jirc counted in the uppermost curve. 

maximum number of large showers than is required for the production of a 
maximum number of some smaller sized shower. The observations repro- 
duced in Fig. 25 are in agreement with this expectation. It will be noticed 
that these curves are extended to only 6 }^ centimeters thickness of lead. 
This corresponds to 75 grams of absorbing material per square centimeter 
of surface. Actually such curves have been extended to much greater 
thicknesses.-*^’ Thicknesses of nearly 600 grams per square centimeter 

J, E. Morgan and W. M. Nielsen, Rev., 50, 882 (1936). 

R. H. Woodward, Ruv., 49, 71 1 
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of lead and iron have been used.^®® Aluminum shields of 200 grains per 
square centimeter have been used.^^^ Several studies involving great 
thicknesses of absorber show the presence of a second peak in the Rossi 
curve. This peak is very small as compared to the first. For lead it occurs 
at a thickness of 18 or 20 cm. This thickness corresponds to an absorber 
of about 200 gr./cm.^ The recent observations of Nielsen, Morgan and 
Morgan^^^ throw into serious question the actual existence of this second 
peak. They found no second peak when a four tube coincidence counting 
system was used. On the other hand, they did find the peak when three 
tube coincidences were counted. The shape of the Rossi curve at great 
thicknesses depends appreciably upon what allowance is made for back- 
ground counts. Since the four tube coincidence system reduces the back- 
ground count to a much lower level than the three tube system, and since 
Rossi curves showing the second peak have been obtained generally with a 
three tube system, these authors feel that the second peak may be intro- 
duced by failure to take proper account of the background count. Some^^'* 
believe, however, that the four tube system used by Nielsen, Morgan and 
Morgan was such that it actually produced a masking effect on the second 
peak. Just recently other good evidence^^'^** for the existence of this second 
peak has been obtained through a cloud chamber study of the showers 
produced by thicknesses of lead near this second maximum. These observa- 
tions, which are free from the questionable correction for background count, 
show a small but definite second inaxinium at about 17 cm. thickness of 
lead. 

It has been poitited out that the general cosmic radiation consists of two 
main components, a soft component which is practically all absorbed at sea 
level in 10 centimeters of lead, and a hard component which is capable of 
penetrating much greater thicknesses of matter. The soft component 
consists of electrons, [)<)sitn)ns and photons, tlie last of which are proliably 
all of secondary eharucter. Tha hard componen I consists < >f mesotrons, both 
positive and negative. It has been found that the intensity of shower 
pr6duction is apjiroximately |)roj)ortional to the in tensity of the soft compo- 
nent of cosmic rays. Furthermore, many observations'-*’* have shown that 
the absorption coefficient of the shower producing rays agrees fairly well 
with the absorption coeflicienl of the soft component of the eosmic radiation. 
These and other facts make it appear (Hjrtain that a great majority of the 
showers are produced by the soft c()in[>onent. On the other hand, the fact 
that showers are produced by cosmic ra<iialion whi(.‘h lias penetrated great 
thicknesses of tlie eartli’s crust shows that the hard coinpoucnl of the 
radiation is capable of producing showers. If the second peak of th(‘ Rossi 

A. K. Du ( 111 , Indian Jour. Pki/s., 14, 7J) (1940). 

L. BrousHH rd arid A, ('. Graves, Phys, Rev., 60, 4 Hi (1041). 



518 


THE “PARTICLES” OF MODERN PHYSICS 


curve proves to be real it may well be due to showers produced by the pene- 
trating component. 

The frequency with which showers are produced varies rapidly with 
altitude. It has been found that the frequency of shower production in a 
given material increases with altitude much faster than does the total 
cosmic ray intensity. This is in agreement with the fact that the softer 
component of cosmic rays increases with altitude much faster than does 
the hard component, and with the view that the soft component is responsi- 
ble for most of the showers. 

The intensity of showers varies with magnetic latitude. The 
manner of variation is similar to that found for the total radiation, but the 
magnitude of the variation between the equator and high latitudes is 
somewhat less for showers. Neher and Pickering^^^ found a minimum 
number of showers produced at the equator, and a 6 or 7 percent greater 
number produced at a latitude of 30®. There is some evidence^^-^^^ that the 
shower intensity-latitude curve has a knee at about 30® latitude, and that 
there is no further increase in shower production above this knee. Several 
earlier observers had found a small latitude effect agreeing essentially with 
that reported by Neher and Pickering. It seems to be well established that 
the shower latitude curve varies less from the equator to a high latitude than 
does the entire cosmic radiation. On the other hand, the percentage 
variation between the equator and 80® latitude appears to be about the 
same for the two. One recent observer has reported only a very small 
shower latitude effect over a range of latitude for which the cosmic ray 
intensity varied by 10 percent. This, however, has not been the usual 
finding. 

Observations^^® indicate that there may be a much larger latitude effect 
for very large bursts than for all types of showers considered as a group. 
The increase of frequency of large bursts with latitude continues up to about 
the knee of the intensity-latitude curve; and the increase between the 
equator and this latitude is approximately 80 percent. These large bursts 
were observed under 12 cm. of lead shielding, and were probably produced 
by mesotrons rather than by the normal shower producing radiation. This 
probably accounts for the different variation with latitude. 

There may exist a slight east-west effect for showers at sea level, but its 
magnitude is much smaller than that for the total cosmic radiation. This 
probable small effect vanishes at higher altitudes. The non-existence of an 
appreciable effect is consistent with the view that most of the showers are 
produced by the soft component and with the fact that it is the pene- 

H. V. Neher unci W. H. Pickering, Fhya. Rev., 53, 111 (1938). 

G. Occhiiilini, Cmnptes Rvndus, 208, 101 (1939); Riaerea SeimHfica, 11, 231 (1940). 
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rating romponenl that shows a high east-west asymmetry at sea level. 
;'here is no evidence tor any daily or seasonal variation of shower intensity. 

It has been remarked that the cosmic ray burst is probably identical 
nth the shower. The bursts make themselves apparent through abrupt 
limps of a recording electroscope. Such momentary increases in ionization 
^ere no doubt responsible for Hoffmann’s^^*^ observation that the total 
Dnization in an ionization chamber increased when this chamber was sur- 
ounded by thin absorbers. It is known now that these absorbers would 
ause the production of showers in the chamber. The equivalence of bursts 
,nd showers is indicated by the fact that both vary in much the same manner 
^rith altitude, latitude and thickness of material in which the effect is 
produced. It has been found^^-^"^^'^^^ that the frequency of bursts increases 
vith altitude more rapidly for large bursts than for small, and that the size 
►f the large l)urst increases rapidly with altitude. 

It is true that many of the l^rge bursts correspond to an increase in 
tmization greater than that which could be associated with many of the 
ihowers obser\x"d. Increases in ionization due to showers involving not 
nore than ten ionizing particles are probably too small to be distinguished 
rom statistic^al fluctuations in present day ionization apparatus. When a 
arge ionization chand>er is utilized, showers of less than 100 particles are 
irobably insignificant. On the other hand some of the larger showers 
nvolve a sufUcncmtly large number of particles to account for the bursts 
ibserved. Both the bursts'^^ and the showers are distributed at random in 
dme. And the frecpicncy with which showers occur seems to be sufficient 
:o account for the burst phenomenon. It seems almost certain, therefore, 
:hat Inirsts (xmrring in ionization chambers are really large showers pro- 
iuced in the walls and shield about the chamber. 


(J. IlolFnuniti, Nr/zr. Konig.'th. Gti. GctidLy 4, 1 (1927). 
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Chapter 13 

THE MESOTRON 

I. DISCOVERY OF THE MESOTRON 

Early History 

It has already been pointed out that previous to 1932 the physicist 
was aware of only two fundamental particles, the negative electron and the 
proton. It might be said that he was familiar with three if one wished to 
include as a fundamental particle the photon of radiant energy. The num- 
ber of recognized elementary particles was doubled with the discovery of 
the positron and the neutron in 1982. Information leading to the discovery 
of these was made possible by the development of modern techniques of 
studying the characteristics of particles, one of the most notable of these 
techniques being that of the cloud chamber. Even with these improved 
techniques available, it is remarkable that still another particle was dis- 
covered in 1936, This particle, the mesotron, was the third new particle 
to be discovered in the short span of four years. 

Shortly after Carl D. Anderson had been awarded the Nobel Prize for 
the discovery of the positron, this same investigator^ announced that he 
had found still another unknown particle. He found that cosmic rays 
include electrical particles which make tracks in a cloud chamber much like 
those left by electrons, but which appeared to have other characteristics 
differing from those of the electron. These new particles were unusually 
penetrating; they did not knock electrons out of matter as readily as the 
usual electron; they often proceeded through lead plates without producing 
any perceptible secondary effects. At that time Anderson was not certain 
as to the exact nature of the new particle. The indications were that it 
bore the same charge as the electron, but possessed a mass considerably 
greater than that of the electron. 

Fig. 1 reproduces^ one of the first cloud chamber photographs indicating 
the possible existence of this new type of particle. The particle responsible 
for this track was tentatively interpreted as a proton but it was recognized 
that the range, the degree of ionization, and the radius of curvature in the 
magnetic field were scarcely consistent with this interpretation. In fact 

1 Science SuppL, 84, 9 (1986). 

^ C. D. Anderson and S. H. Neddermeyer, Phys. Rev., 60, 270 (1936). 
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Andersou and Neddermeyer^ stated in their original article that, ‘‘If the 
observed curvature were produced entirely by magnetic deflection it would 
be necessary to conclude that this track represents a massive particle with 
ctxi e/w much greater than that of a proton or any other known nucleus.’’ 
Tbe authors were not certain how much of the apparent curvature may have 
been caused by scattering of the supposed low energy proton. They there- 
fore deferred final judgment as to the nature of the particle until further 
information could be obtained. 

Other evidence was forthcoming immediately. This soon became 
snfficiently ext,ensive that one could say with certainty that such a particle 
does exist. This new particle has gone under several names. At first it 
was referred to as the heavy electron. Shortly the name barytron was 
introduced, and it was taken up immediately by many writers. Soon 
afterward the name mesotron, meaning intermediate particle, was intro- 
duced, ami this is rather generally accepted today. Some writers now 
shorten this tiame to meson. 

The evidence for the existence of the mesotron has come principally 
from two types of studies. Both of these have grown out of cosmic ray 
investigations, 'riie one line of evidence came from cosmic ray studies 
having to do with the rate of absorption of the radiation. Although this 
evidence was somewhat indirect, it was nevertheless rather convincing. 
The second line of evidence came from studies of the paths left by particles 
while passing through a cloud chamber. These studies have now become 
.siifficiently numerous that, there can be no question as to the existence of a 
heavy electron having a mass .some 200 times the mass of the normal elec- 
tron. Several summaries''' ' of the evidence for such a particle are available 
in the literature. 

Evidence from Cosmic Ray Studies 

As has alr<'a(ly been pointed out in the preceding chapter, cosmic radia- 
tion has been shown to consist of two main components, a so-called soft 
component chiefly responsible for showers, and a so-called hard component 
which is almost unbelievably penetrating. Whereas the soft component 
at sea level, which is presumed to consist of electrons, positrons and photons, 
i.s almost completely ab.sorbed in 10 cm. of Pb, the hard component is but 
little affect, e<i by this amount of Pb. It was also pointed out that 8°“ 
component increases much more rapidly with altitude than does the hard 
component. Furthermore, the maimer of absorption of the two components 
i.s different. For the soft component the absorption per atom is roughly 

> D. K. l<'ro.n...> nn.l ,1. C. St.carn.s, Rev. Mod. Rhyv., 10, 176 (1938); Phyo. Teacher. 7, 
!)5 (li)3i>). 
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proportional to the square of the atomic number. The hard component 
obeys roughly a mass absorption law. It might appear possible at first 
to interpret this penetrating component as a group of unusually energetic 
electrons, both positive and negative. One can calculate theoretically the 
approximate energy that such a particle would have to possess in order to 
penetrate the thicknesses of matter that it does. Such a calculation shows 
that the energy required is out of all reason; it is very much larger than any 
of the energies associated with cosmic ray particles. One is therefore almost 
forced^ to one of two conclusions: (1) the theoretical expression for the rate 
of energy loss of fast electrons must break down for energies above some 
critical value; or, (^) the penetrating component of cosmic rays does not 
consist of ordinary electrons, either + or — , but must consist of some 
particle having a much greater mass, probably intermediate between that 
of the normal electron and that of the proton. 

For several years it was generally supposed that the first conclusion was 
the more likely. As experimenters began to measure the rate of energy loss 
for normal electrons of higher and higher energies, however, there appeared 
no direct evidence whatever for the breakdown of the modern theory of 
energy loss; and there appeared no real grounds for supposing that this 
theory breaks down for energies higher than those used by experimenters. 
From consideration of the atmospheric absorption curve, Heitler*^ has shown 
that if a breakdown of the theoretical expression for the rate of energy loss 
of normal electrons does take place, then it must be at energies higher than 
5,000 MEV. From still later observations of the shape of the absorption 
curve in the upper atmosphere, others'^ have concluded that there is no 
breakdown at energies below 10,000 MEV. Furthermore, calculation based 
upon the modern theory of energy loss by normal electrons shows^ that there 
is a negligible chance of a normal electron with energy less than 10,000 MEV 
reaching sea level. Although normal electrons of energy greater than 10,000 
MEV should not show a sea level latitude effect at magnetic latitudes 
greater than approximately 35°, variations of intensity with latitude actually 
extend to appreciably higher latitudes. It is apparent, therefore, that the 
assumption of a breakdown in the theory of the r|.te of energy loss for normal 
electrons does not rid one of all of the difficulties. On the other hand, if 
one assumes the existence of a particle having the same charge as the 
electron, either + or — , but a mass some 200 times as great, then practically 
all of these observations can be correlated in an orderly manner. In fact 
Bhabha,® in an excellent article on the penetrating component of cosmic 

SH. J. Bhabha, Proc. Roy. Soc., A, 164, 257 (1937). 

® W. Heitler, Proc. Ro-y. Soc.y A, 161, 261 (^9S7). 
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radiation, regards cosmic ray' evidence of this character as excellent evidence 
for the existence of a new particle. 

It is apparent that a heavy electron having a mass some 200 times that 
of the normal electron, would’, for a given high energy, be much more pene- 
trating than the normal electron. High energy electrons dissipate a con- 
siderable part of their energy during so-called radiative collisions with 
nuclei. During these abrupt decelerations of the particle, impulse radiation 
is given off as photons. These photons in turn produce electron-positron 
pairs. These new electrical particles in turn suffer radiative collisions and 
the process is repeated. In this way the energy of the original electron 
is dissipated at a rate which can be calculated. Now the particles making 
up the penetrating component of cosmic rays apparently do not lose energy 
this rapidly. If one is to suppose that the theoretical considerations are 
still correct, then the difficulty could be eliminated by assuming that these 
penetrating particles possess masses greater than that of the ordinary 
electron. In this way their decelerations, and hence their radiative collision 
energy losses, would be smaller than those for the normal electron. While 
evidence of this character is neither very direct nor entirely convincing, it 
did point strongly toward the existence of a new particle. 

Evidence from Cloud Chamber Photographs 

The number of protons found in cosmic rays by cloud expansion photo- 
graphs is very small, and this in spite of the fact that numerous workers 
have searched for them. As an example, Blackett,'*^ from a total of 1500 
photographs of nearly vertical cosmic ray tracks, 150 of which were left by 
particles having less than 600 MEV energy, found not a single track he could 
definitely attribute to a proton. In another series of experiments the 
observers reported 14 protons among 8,500 tracks. In still another series 
the experimenters^^ reported only two or three protons among 2,000 tracks. 
Thus the number of protons which can be identified by the greater ionization 
along the tracks left in a cloud chamber is very small near sea level, perhaps 
0.2 percent of the total number of particles leaving tracks. The actual 
number of protons present in the cosmic radiation may of course run much 
larger than this, for those of high energy cannot be distingnished from 
electrons merely by the degree of ionization along the track. It has been 
estimated that no more than 10 to 15 j)ercent of the penetrating component 
at sea level can be protons. On the other hand, it now appears^ rather 

® P. M. S. Blackett, Proc. Roy, Soc„ A, 169, 1 (1937). 
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definite that that part of the primary cosmic radiation responsible for the 
penetrating component consists largely of protons incident on the upper 
atmosphere. On this view a greater number of protons might be found at 
high altitudes. Herzog^® has found a relatively large number of proton 
tracks in cloud chamber photographs taken at altitudes from 15,000 to 
29,000 feet. 

In the course of such studies there have often been observed tracks 
showing greater ionization than that due to an electron, yet tracks which 
certainly cannot be due to protons. Knowing the value of Up for a proton 
in a given magnetic field, one can calculate the energy of the proton and 
thence the range of this particle. For example, the range of a proton having 
an Up = 2 X 10® oersted-cm., or an energy of 176 MEV, is® 18 gms/sq cm. 
The range appropriate to a proton of any measured Hp, and hence of a given 
energy, can be calculated. If the actual range of the observed particle 
agrees with this, then the assumption that a proton was responsible for the 
track is probably correct. If on the other hand the observed range of the 
particle describing the observed circular path is distinctly different from 
the calculated range, then the assumption that the particle was a proton is 
probably in error. 

Now numerous photographs have been obtained of tracks left by 
particles which ionize more than do normal electrons, but which have ranges 
far greater than would be possible were the particles protons having the 
observed values of Up. Since these particles ionize more intensely than do 
normal electrons, and since they have penetrating powers far greater than 
do normal electrons, it is almost impossible to avoid the conclusion that the 
particle is a newly discovered one. Since the specific ionization produced is 
but slightly greater than that by a normal electron, it appears that this new 
particle must bear the same charge as does the normal electron. In order 
to account for its great penetrating power, and for its specific ionization, 
it is necessary to attribute to this particle a mass intermediate between that 
of the electron and that of the proton. Various estimates of this mass will 
be mentioned shortly. Let us first review in a bit more detail the actual 
evidence for the existence of this particle. 

The first evidence pointing to the existence of the mesotron was reported 
by Anderson and Neddermeyer^ in 1936. Fig. 1 reproduces one of two 
similar photographs they obtained during a cloud chamber study of cosmic 
rays on Pike’s Peak. This particle has a range of approximately 4 cm. and 
an apparent Up approximately 5.5 X 10^ oersted-cm. The energy of a 
proton having the observed range would be 1.5 MEV. But a proton of this 
energy would have a value of Up = 1.7 X 10®, or a radius of 20 cm. in the 

G. Herzog, Fhys. Rev., 69, 117 (1941). 
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magnetic field used, rhis radius is 3 times that obtained from the photo- 
(Sraph. Af. that time the authors felt that the apparent curvature might 
be affected uppreciably by factors other than the magnetic field. They 
Concluded that if tJie observed curvature were produced entirely by magnetic 
tleflection the tra<fk must have been left by a massive particle with an e/m 



Kkj. 1. 'rhf first photograph in which was recognized a track of a particle which seemed 
to have a mass intennediate bclwccu that of an electron and that of a proton. Of the six 
lonbing particles t*Jcctcd from the same point of the lead plate by a non-ionizing ray, one 
profhurt^s fur more denst* ionization than do the others. This one is the particle in question. 



Vui. i. Allot luM* curly ph<>togra|)h of a track left by a positive heavy electron. The track 
tUMir t he center of I lu* plmtograph ami hclow the lead plate is inconsistent with the assumption 
I hut. it was left hy a normal (‘Icct ron; it is likewise inconsistent with the supposition that the 
piirt icle nvsponsihlc for it was a proLon. 

tnuch givsicp l.liiiii tluiL of a proton. This would necessitate a particle 
having a mii.ss ,small(M- than that of the proton but still far larger than that 
of the normal <‘l(^<!tron. 

Kig;. r(*|)ro<ln<*<‘s another early photograph obtained at the same time 
by Andcr.soii and Nvddcrmeycr. At almo.st the center of the cloud chamber 
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there appears a nearly vertical track which indicates that a particle has 
passed through the 0.35 cm. Pb plate. Above the plate the specific ioniza- 
tion is essentially that of a normal electron. Below the plate, however, the 
track indicates a much greater specific ionization. The 
direction of curvature in the magnetic field showed that 
the particle was positively charged. The value of Hf> is 
approximately 1.4 X 10^ oersted-cm. If this particle is a 
proton then in order to be bent in such a manner as to give 
this value of Tip it would have to possess an energy of 1 
MEV. The range of a proton of this energy would be 2 
cm. The observed range of this particle in the cloud 
chamber was at least 5 cm.; it was probably greater than 
this for the particle apparently went out of good focus in 
the photograph. Thus again there was indicated a particle 
having a mass intermediate between that of the proton and 
that of the normal electron. It is interesting that both of 
the particles originally reported by Anderson and Nedder- 
meyer bore a positive charge; they were really heavy 
positrons. Other workers have since detected similar 
particles bearing a negative charge. Thus heavy electrons, 
or barytrons, or mesotrons, or mesons, as one chooses to call 
them, may be either + or — . 

Street and Stevenson, seeking a somewhat critical test 
for the existence of a particle of intermediate mass, arranged 
^4^ a cloud chamber so as to observe the tracks of only those 

penetrating particles which were nearing the ends of their 
ranges. The arrangement of apparatus whereby the photo- 
graphs taken were so limited is shown in Fig. 3. Any 
particle passing vertically through the cloud chamber C had 
to pass first through the 11 cm. Pb block L. Thus only 
penetrating particles were observed. Geiger tubes 1, S 
and 4 were so arranged that the cloud chamber was ex- 
panded only when a particle passed through tubes 1, 2 and 
3 but not through tube 4. Thus only those particles which 
terminated their paths before reaching 4 were photographed. 
By confining their studies to particles nearing the ends of 
their ranges the differences in specific ionization and in 
curvature which would result from various types of particles were made 
more definitely observable. In order to permit a better estimate of the 
degree of ionization along the track, the expansion was automatically 


Fig. 3. — Ex- 
perimental ar- 
rangement used 
by Street and 
Stevenson, 
whereby t he 
probability of 
photographing a 
particle nearing 
the end of its 
range was in- 
creased. 


J. C. Street and F. Stoven.son, Phys. Rev.y 52, 1003 (1937). 
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delayed about a second after the particle passed through the chamber. 
In this time interval the ions diffused sufficiently that the droplets con- 
densed thereon during the expansion were sufficiently separated along the 


resulting broad track that a fair estimate 
could be made of the number of ions/cm. 
length of path. 

Fig. 4 reproduces one of the photo- 
graphs obtained by Street and Steven- 
son.^® If, as seems likely, this particle 
entered the chamber from above, then 
the particle bore a negative charge. The 
particle produced an ionization approxi- 
mately 6 times that of a normal electron, 
had an Hp = 9.5 X 10^ oersted-cm., and 
had a visible range of 7 cm. The track 
cannot possibly be that of a proton, for a 
proton of this Tip would have an energy 
of only 0.44 MEV, and a range of only 1 
cm. The range of this particle was at 
least 7 cm. It was probably somewhat 
greater than this; the i)article passed out 
of the lighted region within the chamber 
before coming to the end of its range. 
The evidence is quite convincing that the 
particle responsible for this track was not 
a proton; nor was it a normal electron. 
It was a new particle, one having a mass 
intermediate between that of the proton 



Fto. 4. — The track of a negative 
mesotron. The expan.sion was de- 
layed approximately one second after 
passage of the particle in order that 
the resulting ions might diffuse 
appreciably before droplets condensed 
upon them. 


and that of the normal electron. 

One additional ])hotograph of this character will be mentioned, one 
which probably i^rovidos the most convincing single piece of evidence 
available. Fig. .'5 reproduces'® a recent photograph of a particle coming 
up to, passing through, and emerging From a Geiger tube which had been 
placed in.si<le of a cloml expansion chamber. The use of thi.s tube, together 
with one placed above the api)aratus, to trigger off the expamsion increased 
the probability of observing particles nearing the ends of their ranges. 
This photograph is remarkable in that it .shows a particle having 10 MEV 
energy passing into the Geiger tube, and presumably this same particle with 
its energy reduced to 0.21 MEV emerging from the Geiger tube. This 
particle, which was positively charged, could not have been a normal 


S. H. Neddermeyer and C. 1). Anderson, Phys, Rev.t 64, 88 (1988). 
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positron. The specific ionization of the particle before it traversed the 
counter tube was definitely greater than that of an electron having the 
curvature shown. If the particle was a proton then the curvature above 
the counter tube indicates that it had an energy of 1.4 MEV. Such a proton 
would form at least 30 times as many ions per cm, of path as are indicated 
in the photograph. 

Consider next the path described by this same particle after it pene- 
trated the Geiger tube. If the particle was a normal electron the curvature 



Fig. 5. — Reproduction of a photograph which is at present regarded as the most convincing 
single piece of evidence for the existence of the mesotron. This positively charged particle has 
passed through a Geiger tube placed within the expansion chamber, and has come to rest 
within the chamber. 


of the track indicates that its energy was approximately 7 MEV. An 
electron of this energy would produce a low specific ionization, resulting in a 
thin track. Furthermore, such an electron would have a range of at least 
3000 cm. in air under standard conditions. The actual range observed was 
only cm. If the particle below the counter is regarded as a proton 
then the curvature of its track indicates an energy of only 25000 electron 
volts. Such a proton would have a range in air of less than 0.02 cm., 
whereas the actually observed range was cm. Again there is no escape 
from the conclusion that this entire track was left by a new particle, a 
particle having a mass intermediate between that of the proton and that of 
the normal electron. 
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And so it. has gone. As other observers have reported similar evidence 
the actual existence of the mesotron has become more and more certain. 

of these additional works^^ have shown the existence of positively 
oh.a.fged heavy elecitrons; others have shown the existence of negatively 
ctiarged heavy particles. The mesotron may thus be either positive or 
n^ga,tivc. 1 hero is every reason to believe it bears a single electronic 
<'harge. Its mass is definitely intermediate between that of the proton 
^tid that ot the normal electron. There is no question as to the actual 
existence of the particle. 


2. THE MASS OF THE MESOTRON 


It would be quite satisfying if the ratio e/m, and thence the mass, of the 
ixiesotron could be measured much after the fashion of that for the normal 
electron. This has so far been quite impossible for two reasons. First, 
there is available no convenient localized source of mesotrons. Second, 
the cosmic ray mesotrons which are available are so energetic that they are 
very difficult to bend appreciably by even the strongest magnetic fields, 
fortunately there are other ways of obtaining the mass of the particle. 
'These are none too direct and are far from precise. Nevertheless, they have 
ftllowed a good estimate of the magnitude of this mass. Although attention 
has not been called to the fact, most of the observers who have reported 
evidence For the existence of the mesotron have likewise reported a value 
for its mass. 

The mass of the mesotron can be evaluated in any one of several indirect 
ways. Various (luaut.ities which can be obtained from cloud chamber 
^photographs are the curvature of the track, the range of the particle, the 
ionization per (‘entirneter of path, and the rates of change of these quantities 
as the particl(‘ i)roceeds along its path. These several quantities depend 
in fairly well known ways upon the charge, the mass, and the velocity of 
the particle. If certain of those which involve the mass of the particle are 
known it should he possible to evaluate this mass. Although the specific 
ionization de])ends very little upon the mass of a particle, it is nevertheless 
an ini])ortant item in determining this mass. This ionization does depend 
upon the velocity of a particle. Hence two particles having the same Bp 
but different masses will ionize to perceptibly different degrees. Corson 
and Brode“<^ have prei)ared a nomograph connecting these several quantities 
with the mass of the particle. This is reproduced in Fig. 6. 
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Fig. 6. — A nomograph, prepared by 
Corson and Brode, connecting the mass of 
the mesotron with various observable char- 
acteristics of the track left by the particle. 
Up represents the product of magnetic 
field strength and radius of curvature of the 
track, the product being in oersted-cm. 
The quantity m/my represents the ratio of 
the rest mass of the particle responsible for 
the track to the rest mass of the normal 
electron. R is the range of the particle in 
cm. of air at 15 ® C and 750 mm. of Hg 
pressure. D is the ratio of the specific 
ionization produced by the particle to the 
minimum specific ionization actually pro- 
duced by a normal electron possessing the 
energy for which it produces this minimum 
ionization. D' represents the ratio of the 
specific ionization produced by the particle 
in question to the specific ionization a 
normal electron would be expected to pro- 
duce if its ionization were inversely pro- 
portional to v^. Any straight line drawn 
aqross the nomograph gives a consistent set 
of values for all of the variables plotted. 


This nomograph is constructed in 
such a way that the mass of the par- 
ticle is given, as a multiple of the rest 
mass of the normal electron, by the 
intersection on the m/mo line of a 
straight line drawn between those 
points representing any two charac- 
teristics appropriate to the particle. 
For example, if Hp and the range R 
are known, a straight line is drawn 
between the two points representing 
the values of these two quantities. 
The ratio m/mo can then be read 
directly from the nomograph. By 
way of example, consider the original 
particle photographed by Anderson 
and Neddermey er.^ As already 
stated, this particle had an Hp of 
5.5 X 10^ oersted-cm. and a range R 
of approximately 4 cm. A straight 
line drawn between these values of Tip 
and R intersects^® the m/mo line at 
35(X. Hence the particle responsible 
for this original track had a rest mass 
approximately 350 times the rest mass 
of the normal electron. It is not 
necessary to know both Up and R to 
obtain this mass. If some one of the 
quantities indicated along the third 
line of the nomograph is known, this 
coupled with either Hp or R leads to a 
value of the mass. It is interesting, 
however, that either Tip or R must be 
known. Even were all three quan- 
tities shown along the third line 
known, they would in no way deter- 
mine m/mo. 

As Corson and Brode^® point out, 
it is apparent from the nomograph 
that if all measurable quantities are 
known to the same degree of accuracy, 


then use of the Hp and R values affords the most accurate method of evaluat- 
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ing the mass. The use of Hp and the specific ionization D also affords a 
good determination of m/z/io, for a relatively large percentage change in D 
^produces a relatively small change in mfmo. Combining the specific 



Pig. 7. — A lypicjil pliolof^nipb taken For tlie expr<‘s.s purpose of making an aecuraie ion 
count. The expansion Ims l)cen <l<‘laye(l upf)roximal(*ly one s<M‘on(l aftt‘r passaj^e of the partiek^ 
in order to allow llie ions lo s<‘paraU‘ by dilfusion. 

ionization I) with I lie range It yitiUls a valiu* of tu/niyu bn I ll is a r(‘lalively 
poor way of evalnatiiig tlu‘ mass; I) inusl. be fairly aeenraU^ly known lo 
yield a good value for llie mass. It is l.nu^ llial Ibis las! melliod does not 
involve the enrvalnre of the track, a (juanlity wliicli, wlnni small, is often 
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influenced by turbulence within the chamber. Evaluation of the specific 
ionization D involves a reliable count of the droplets formed on ions during 
expansion of the cloud chamber. A reasonably accurate count can be. 
obtained only by allowing a time of the order of 1 .second to elapse between 
the passage of the particle and the subsequent expansion of the chamber. 
During this time the ions diffuse, forming a broad track. One such delayed 
photograph has been shown in Fig. 4. Another, taken for the specific 
purpose of making an accurate ion count, is shown in tig. 7. h. count of 
the ions shows that this particle produced a density of ionization 5.5 times 
that of an ordinary electron. Curvature of the track shows that T1 p — 
1.5 X 10^ These values, as is evident by reference to the nomograph, 
yield a rest mass of 250 times that of the normal electron. This track is 
therefore one produced by a mesotron. 

Using methods of this character, many investigators have obtained 
values for the mass of the mesotron. As one would expect from considera- 
tion of the methods, the results have associated with them rather laige 
probable errors. In fact these probable errors are .so large in most determi- 
nations that one can be certain of little more than the order ol magnitude 
of the mass. The.se methcxls have given definitely, however, the order of 
magnitude. It is interesting that a number’*’- of cloud cliamher iihoto- 
graphs of an elastic collision between a mesotron and an electron have been 
obtained. While the curvatures of the tracks are not appropriate in most 
cases for accui'ate measurement, in one in.stance-- these could be determined 
rather accurately. These measurements allow one to evaluate the ma.s.s ol 
the mesotron directly from collision data. The value so obtained agrees 
with values obtained by other methods. Table I summarizes a number of 
the values that have been obtained for the mass of the mesotron. 

It is useless to take an average of such widely divergent values. One 
can be certain only that the mass of the mesotron is approximately 200 times 
that of the normal electron. It has often been suggested that this particle 
may have no one characteristic mass; it may take on, with an ecpiivalent 
energy change, any mass over a rather wide range. Certainly there exist 
no experimental data showing that the particle does exhibit different masses 
under different circumstances. On the other hand, measurements are still 
so crude that one can scarcely be certain that it does not. 

It is indeed interesting that the existence of a particle having i)roj)erties 
at least closely similar to those of the heavy electron was predicte<l from 
theoretical considerations before any experimental evidence was available. 
Considerations of the forces between particles going into the nuclear strue- 


“L. Leprince-Hinguel, S. Gorodetzky, K. Nageotte anil R. Richard- toy, /■’/ly/.v. Rcii., 69, 
460 (1941). 
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table I 

\ Nutntiwn \ I v|MTitri(‘tiU\l v«liu\s of the ratio of the rest mass of the mesotron t,o the 


mass of the normal electron 


Antlior 

Date 

Reference 

m/mo 

An<t<*rson an<i Ne(l<h‘rin(‘v<‘r. . 

1936 

2 

Intermediate 

SlrcC ami St<'Vrnson 

1937 

16 

130 

Nishina, 'Takrtadii and Ichiiniva 

1937 

17 

180-260 

AnjJ!('r 

1938 

26 

100 

('orson ami Brodo 

1938 

23 

350 

UuhliK ami 1 'ram' 

1938 

19 

120 ± 30 

('orson and Bro<i(‘ 

1938 

23, 20 

250 



24, 20 

<200 



15, 20 

160 

. 


2, 20 

350 



2, 20 

<1000 



19, 20 1 

<110 



17, 20 

200 

Klut*nf(‘st 

1938 

18 

200 

N<*<hl<‘rim'yer und Anderson 

1938 

16 

240 

WilliaiUH ami tMckup 

1938 

26 

220 ± 50 




190 ± 60 




160 ± 30 




<430 

Nishina, 'rak»‘m’hi and hdniniva 

1939 

17, 21 

180 ± 20 



21 

170 ± 9 

Noher and Sh'vrr 

1940 

27 

160 

kenrim'cdtin^jm't, (iorodelzky, Nageotte and Richard- 




Kn.v,. 

1941 

22 

240 ± 20 


\[\rv <>r ntoins Usl to conceive of a then unknown particle which 

has since Ixsai r(‘f(*rr(‘(l to as the ‘‘Yukawa particle/’ The existence of such 
a parlicl<‘ simmixsI more or less essential to this worker’s view of nuclear 
struct un‘. \'ukawa assigned to this then hypothetical particle a mass 
lnt(*nm‘<liat(‘ between that of the normal electron and the proton. He 
assigned, again from purely theoretical considerations, one further property. 
1'h(‘ partiel(‘ was preciicted to be unstable; it disintegrated, supposedly 
in a<’(‘()r«l with the usual laws of radioactivity, into a normal electron and a 
niMjt ral ])art icl<‘. T\w. half life period was predicted to be very short, some- 

I). U. Corson und ll. II. Brode, Phys, Rev., 63, 216 (1938). 

B, B. Bro<l(‘ and M. A. Starr, Phyn. Rev., 63, 3 (1938). 

■■'f* V. An^cr, ('ompfes Jlrndus, 206, 343 (1938). 

K. .1. Williams and B. Pickup, Nature, 141, 684 (1938). 

II. \ . NcIut an<l H. (C Stover, Phys* Rev., 68, 766 (1940). 

*’« U. A'ukawa, /Vor. Phys. Math. Sac. Japan, 17 , 48 (1936). 

H. .1, Biiahha, NaturVy 141, 117 (1938). 
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thing of the order of one millionth of a second. Since convincing experi- 
mental evidence for the existence of the mesotron has been found the 
question arises as to whether this mesotron is the new particle predicted 
theoretically by Yukawa. The mesotron appeared from the first to have all 
the essential characteristics of this particle except possibly for the radio- 
active property, and during the last few years it has been shown rather 
definitely to be radioactive. 

3. RADIOACTIVE DECAY OF THE MESOTRON 

Evidence that mesotrons are unstable comes mainly, though not entirely, 
from observations that the absorption these particles suffer depends not 
only upon how much matter they traverse but also upon how long it takes 
the particles to pass through this matter. Lead is a very much better 
absorber of mesotrons than air, for a given thickness, but it is not as much 
better as one would expect from the known densities of the two materials. 
Carbon®°’^^ is also a much better absorber than air, but it likewise is not as 
much better as one might expect. In fact, a thick layer of rarified air 
appears to absorb mesotrons better than a thin layer of air at higher pres- 
sure, even though the two layers contain the same mass per unit area of 
surface. 

It has been recognized for several years that the mesotrons constituting 
the penetrating component of cosmic rays are absorbed in coming through 
the atmosphere more rapidly than can be accounted for by the mass of air 
they pass through. The most logical interpretation of this fact seems to 
be that some of the mesotrons disintegrate during the time required to pass 
through the atmosphere. Early discussions of this concept, together with 
references to the early experimental work, can be found in the litera- 
ture. That the mesotron is actually radioactive has been shown rather 

definitely by a number of more recent experiments. Some of these 
experiments^^' have been designed to test more accurately the relative 
absorption of mesotrons in the atmosphere and in supposedly equivalent 
layers of more condensed material. Others®^"®^^ have been designed to 

B. Rossi, N. Hilberry and J. B. Hoag, Phys. Rrv., 66, 8i}7 (1939). 

W. M. Nielsen, C. M. Ryerson, L. W. Nordheim and K. Z. Morgan, Pfiys. Rev., 69, 547 
(1941). 

H. Euler and W. Heisenberg, Ergeb, d. exakt. N af nrwus., 17, 1 (1988). 

33 T. H. Johnson and M. A. Pomerantz, Phyv, Rev., 66, 104 (1939). 

»4B. Rossi, Rev. Mod. Phys., 11, 296 (1939). 

36 B. Rossi and D. B. Hall, Phys. Rev,, 69, 223 (1941). 

3* H. V. Neher and H. G. Stever, Phys, Rev., 68, 766 (1940). 

37 F. Rasetti, Phys. Rev., 69, 706 (1941); 60, 198 (1941). 

38 E. J. Williams and G. E. Roberts, Nature, 146, 102 (1940). 

38 E. J. Williams and G. R. Evans, Nature, 146, 818 (1940). 
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detect the actual disintegration of the mesotron by observing the dis- 
integration particle. 

In the first group are the experiments of Rossi, Hilberry and Hoag,^° of 
Neher and Stever,®® of Rossi and Hall,^® and of Nielsen, Ryerson, Nordheim 
and Morgan.®^ Rossi, Hilberry and Hoag,^® using Geiger counter tubes 
shielded from cosmic ray showers with 10 cm. of lead and from the soft 
component in general with 1£.7 cm. of lead, measured the absorption of 
mesotrons in air by making observations of the intensity at different alti- 
tudes varying from that of Chicago to that of Mt. Evans. The absorption 
in carbon was measured by placing graphite layers of various thicknesses 
above the counters. It was found that the mass absorption in air is greater 
than that in carbon. For example, the air layer of 82 gr/cm.‘^ between Echo 
Lake (elevation 10,600 feet) and Mt. Evans (elevation 14,000 feet) reduced 
the mesotron intensity more than twice as much as did a graphite layer of 
84 gr/cm.^ Nielsen, Ryerson, Nordheim and Morgan®^ obtained similar 
data by a somewhat different method. Neher and Stever'*® have compared 
the absorption in air and water by making measurements with a recording 
electroscope at various depths in two lakes at widely different altitudes. 
.The air layer between lakes was found to be a better absorber than a layer 
of water having the same mass per unit area of surface. Rossi and Hall/'*^ 
again using Geiger tubes, have compared the absorjjtion in the air layer 
between Denver and Lake Echo (difference in elevation 5,880 Feet) with that 
in a supposedly equivalent tliickness of iron. A greater relative absorption 
was found to occur in the air. 

All of these experiments siiow definitely that some of the mesotrons 
disappear by some process other than true absorption, and that the number 
disappearing in this way becomes appreciable only when the i)articles have 
to travel a great distance in passing through the absorber. One can 
scarcely csca})e the conclusion that these mesotrons disintegrate. In fact 
one can calculate the mean life of the mesotron from observations of this 
character. It is of the order of 2 X 10"® seconds. Various values of the 
mean life obtained by different experimenters are given in Table 11. It is 
possible to calculate also the average distance the mesotron goes before 
disintegrating. A few of the values reported for this mean free path are 
8.5 X 10® cni.,'^® (8.0 ± 0.8) X 10® cm.,'*^ (4.5 ± 0.6) X 10® cm.,®® and 
(13.3 ± 0.9) X 10® cm.®® There is some indication®® that tlu^ mean free 
path may be longer, and the mean life corres])on(lingly longer, for high 
energy mesotrons than it is for low energy mesotrons. 

It is clear from the table that the mean life j)eriod of the mesol.ron is of 
the order of 2 microseconds. 1 1 is possible that this mean life is not constant 
but depends upon the energy of the particle.®® In any case the mean lib' 
is not far from Ihal prediclx'd for the Yukawa particle^. T"lie fact that the 
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TABIJE II 

Typical values for the mean Mfe period of the mesotron 


Author 

Date 

Reference 

Mean life in 
microseconds 

Peierls 

1939 

40 

2-4 

Rossi, Hilberry and Hoag 

1939 

30 

2 

Cocconi 

1940 

41 

2 

Neher and Stever 

1940 

36 

2.8 

Rossi and Hall 

1941 

35 

2.4 ± 0.3 

2.5 

Fedorenko 

1941 

42 

Nielsen, Ryerson, Nordheim and Morgan 

1941 

31 

1.25 ± 0.3 
3.1 ± 1.5 

2 

Rasetti 

1941 

43 

Rasetti 

1941 

37 

Rasetti 

1941 

37 

1.5 ±0.3 



mesotron is radioactive eliminates the possibility that these particles, which 
are known to constitute the penetrating component of cosmic rays, are the 
primary cosmic rays themselves. The mean life is too short for the particle 
to have reached the earth’s atmosphere before decaying. The mesotrons 
themselves must be of secondary origin. It appears^ now that the primary 
cosmic radiation responsible for the penetrating component observed at sea 
level consists largely of protons. The mesotrons are apparently formed'^'** 
by the bombardment of these protons on the earth’s atmosphere. Most of 
the production occurs high in the atmosphere,^® and the number of mesotrons 
found^^ in the atmosphere decreases with decreasing altitude due to the 
subsequent disintegrations. The decaying mesotrons probably give rise 
to electrons which in turn account either directly or indirectly for at least 
a part of the soft component of cosmic radiation. 

A few experiments have been designed to detect the disintegration 
particle given out by the mesotron. The first^^ of these was unsuccessful. 
More recently the presence of the disintegration particle has been indicated 
by experiments of two types. Williams and Roberts'^* have obtained h . 
cloud chamber photograph of tracks which appear to represent a positiv(^ 
electron arising from the disintegration of a positive mesotron. The low 

R. Peierls, Rep, on Frog, in Phys., 6, 78 (1989). 

G. Cocconi, Phys. Rev., 57, 61 (1940). 

N. Fedorenko, Phyit. Rev., 69, 461 (1941). 

F. Rasetti, Phys. Rev., 69, 613 (1941). 

M. Schein, W. P. Jesse and E. 0. Wollan, Phys. Rev., 59, 615 (1941). 

J. F. Carlson and M. Schein, Phys. Rev., 69, 840 (1941). 

M. Schein, W. P. Jesse and E. O. Wollan, Phys. Rev., 57, 847 (1940). 

C. G. Montgomery, W. E. Ramsey, D. B. Cowie and D. D. Montgomery, Phys. Rev., 
56, 635 (1939). 





the mesotron 


537 


energy «PP«rent,lv g,ves to the disintegration electron approxi- 

mately luilf ol Its r<>st mass energy. In order to allow the conservation of 
energy a.n<l momentum. ,t is postulated that a neutrino also results from 
the (lisint(‘^riiti<)ii. A second somewhat less convincing photograph of 
tracks hy an original mesotron and its disintegration electron has been 
obtained by Williams and Evans.’® 

llascltr’’ has d(‘t(‘cted what appear to be disintegration electrons by an 
entirely ddfereut, method. A beam of mesotrons selected by a fourfold 
coinci(l(‘ne<‘ system of eoimter tubes was allowed to pass through iron 10 cm. 
thick. 1 h(' numbei ot mesotrons absorbed in the iron was determined by 
an au.xiliary eount(‘r arrangement. It was found that a certain fraction of 
the mesotrons stopped in the iron is associated with the emission of ionizing 
particles from th<‘ iron. The emission of these particles was found to lag 
by a few mi<‘n)s<‘eon(ls the passage of the mesotrons. It is presumed that 
these ionizing parlides are electrons arising from the disintegration of those 
mesotrons which w(‘r(‘ stopped by the iron. The mean life of the mesotron 
obtjiiiuMp’’- from m<>asurements of this character agrees with that obtained 
by ot.h<‘r nH‘th(Mls. All of these different experiments leave no doubt that 
the mesotron is ra(lioa<'tiv(‘, and it appears that the disintegration electrons 
have lK‘<*n <h*t(‘<‘t<‘<l l)y two methods. The fact that the mesotrons dis- 
integrat(‘ ace<mnts for the rarity*^’'**” of tracks left by mesotrons nearing the 
end of th(‘ir rang(‘. 

In Has<‘t t i’s=’" <‘\perinieni the number of disintegration electrons observed 
was slightly' less than half the number of mesotrons absorbed in the block 
of absorbing mat<‘rial. While* the measurements are subject to fairly large 
errors, the* indiealion is that e>nly half the mesotrons disintegrate with the 
ejection of an el<‘<*t ron. Now <‘\periments show that roughly equal numbers 
of positive and n<‘gativ<* nH*sotrons are present at sea level. Furthermore, 
c(‘rtain th<‘oretieal (*onsi<l(‘rations lead one to expect that it is only the 
posiliv<' nn^sotrons that disintegrate with the ejection of an electron when 
die mesotrons are st<)pp<*<l in an absorber. The negative mesotrons have a 
high prol>al)ility of Ix'ing absorbed in the nuclei of the absorber. Thus 
Unset ti’s obs(*rvat ion that there is about one disintegration electron for 
each two in<vsotrons alisorlxMl, is consistent with the concept that it is only 
the disintegrations of tin* positiv(‘s that are observed under such conditions. 

'‘Mi. llriv.oK', lirv., 56, il9S»). 



Chapter 14 

PARTICLES?— OR WAVES? 

There has been presented in preceding chapters a great deal of evidence 
that light, X-rays, and gamma rays behave as photons. On the other hand, 
the phenomena of propagation, reflection, refraction, diffraction, inter- 
ference, and polarization are logically and naturally interpreted by supposing 
that these are waves. In fact the phenomena of diffraction, interference 
and polarization had convinced physicists at one time that light, X-rays 
and gamma rays are definitely of wave character. Then came Planck's 
interpretation of the energy distribution of the radiation from a black 
body, Einstein’s interpretation of the photoelectric effect, Bohr’s interpreta- 
tion of the emission and absorption of line spectra, Compton's interpretation 
of the scattering of X-rays, etc. The successes of these interpretations 
convinced everyone of the photon character of radiant energy. It appears 
that radiant energy sometimes exhibits the properties attributable to waves 
while under other circumstances it exhibits those pro|)erties which are 
associated definitely with the photon, or '"particle,” of energy. This dual 
character^’^ of radiant energy stimulated a great deal of speculation as to 
the actual nature of light. While some progress had been made toward a 
more general concept of the actual nature of light, as a logical consecjnencc 
of which this dual character might result, physicists were still far from a 
satisfactory solution when de Broglie offered in 1925 a suggestion of far- 
reaching consequence. 

L DE BROGLIE'S THEORETICAL CONSIDERATIONS 

Among those attempting to reconcile existing concepts with the dual 
character of radiation was L. de Broglie. De Broglie*'* argued that if 
radiant energy behaves in some experiments as waves and in other experi- 
ments as particles, or photons, then might not one expect those entities 
which ordinarily behave as particles to exhibit the properties of waves under 
appropriate circumstances. That is, although electrons, protons, neutrons, 
atoms and molecules appear definitely to behave as particles in all experi- 

^ K. K. Darrow, Bell System Tech. Jour., 4, 280 (1925). 

2 A. H. Compton, Jour. Frank. Inst., 205, 155 (1928). 

®L. de Broglie, Ann. d. Physique, 3, 22 (1925). 
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ments previously tried, might not one devise other experiments in which 
these entities of matter show all the characteristics of waves. 

Recall that the energy of a photon of radiation is given by £ = hv. 
On the mass-energy equivalence concept one must assign to this photon a 
mass m such that E = mcK By equating these two expressions for the 
energy one finds that me = hu/c = h/\. The quantity at the left is the 
momentum of the photon having a mass m and traveling with a velocity c. 
Hence, in terms of wave characteristics, the momentum is given by hv/c or 
h/'K. That is, one can express the momentum of radiant energy either in 
terms of the wave characteristic X or in terms of the mass and velocity 
characteristic of the equivalent particle. De Broglie’^ carried this idea over 
to those entities which had previously been regarded definitely as particles. 
If a particle such as an electron has a mass m and travels with a velocity 
V, its momentum is given by mv. Arguing that this particle should some- 
times behave as a wave, de Broglie equated this momentum to that of the 
equivalent wave. Thus 

h 

mv = 

From this the wave length of the wave e<iiiivalent to a particle is found to be 



inv 


That is, a particle of mass m having a velocity v sliould under proper experi- 
mental conditions exhibit the characteristics of a wave whose wave length 
is h/mv. This equation has become one of the most important of modern 
physics; it is known as the de Broglie e(|uation. While Sclirodinger, Dirac 
and others have greatly extended the original wave ideas into an elaborate 
theoretical treatment now known as wave mechanics, these various theo- 
retical treatments all emluxly the original de Broglie eciiiation. 

At the time de Broglie advanced this hypothesis there was no experi- 
mental evidence whatever to indicate that electrons, ])rot()ns, atoms, etc., 
ever exhibit properties other than those logically attributable to a particle. 
De Broglie’s hypothesis woidd reciuire that every particle of matter behave 
as a wave when studied under |)roper experimental conditions. It neces- 
sitates that all entities which had previously been regarded as simple 
particles should show the dual particle-wave characteristics just as does 
radiant energy. The wave length attributable to any particular particle 
can be calculated from the de Broglie equation. The wave lengths asso- 
ciated with a few typical particles are shown in ''rable 1. 

On the wave concef)t of the electron, or of matter in general, one does 
not conceive of any entity as a particle in the classical sense of the word. 
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TABLE I 

The theoretical de Broglie wave lengths associated with various particles and bodies of gross 

matter 


Particlo 

Mass in 
grams 

Velocity in 
cm /sec. 

de Br<3g1ie 
wave-length 
in A° 

1-volt electron 

6.1 X 10-«» 

5.9 X 107 

12. 

100- volt electron 

9.1 X 10-*“ 

5.9 X 10 “ 

1.2 

10,000-volt electron 

9.1 X 10-*“ 

5.9 X 10* 

0.12 

H 2 molecule at 200° C 

3.3 X 10”-*^ 

2.4 X lOf 

0.82 

100- volt proton 

1.67 X 10~24 

1.38 X 107 

0.029 

100-volt a particle 

6.6 X 10“24 

6.9 X 10« 

0.015 

a particle from radium ; . . . 

6.6 X 10-24 

1.51 X 10« 

6.6 X 10-“ 

22 rifle bullet 

1.9 

32,000 

1 . 1 X io-*» 

Golf ball 

45 

3,000 

4.9 X 10-*“ 

Baseball 

140 

2,500 

1.9 X 10-*“ 


The electron is npt pictured as a particle of definite dimensions. Rather, 
it is pictured as a reinforcement in the standing wave pattern formed by 
two hypothetical wave trains moving in opposite directions. Instead of 
being localized, the electron charge is supposed to be distributed over a 
considerable space. The distribution of charge can be obtained mathe- 
matically from the standing wave pattern. Carrying this picture over into 
the atom, these hypothetical wave trains are supposed to move about the 
nucleus of the atom. The Bohr orbits are supposed to be those paths 
for which, the wave has to travel some whole number of wave lengths in 
encircling the nucleus. For these paths there is formed a standing wave 
pattern, a number of nodes and antinodes. The electrons in this shell are 
represented by the reinforcements in this standing wave pattern. The 
number of electrons in a particular shell is given by the number of reinforce- 
ments. It was pointe<l out early that in order to account for the Bohr 
nonradiating orbits on this view, it was necessary that the wave length of 
these assumed electron waves be given by X = hj'mv, where rn is the mass and 
V the velocity of the electron. 

It turns out theoretically that these electron waves travel with a velocity 
greater than that of light. The ])roduct of the electron wave velocity w 
and the electron particle velocity v can be shown to be equal to the square 
of the velocity of light. That is, uw = c'K For those entities commonly 
regarded as material particles v is always less than c. It follows that the 
wave velocity associated with these is always greater than c. In the case 
of electromagnetic waves propagated with a wave velocity w = c, the 
equivalent particle velocity v also turns out to be equal to c. The equivalen t 
particle, the photon, thus travels with the velocity of light. 
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Many other interesting parallelisms can be drawn between the wave 
and the particle. Much more extended (li.sciissions of this character can 
be found elsewhere. It is onr primary purpose to present the more 
important experimental evidence bearing on present concepts, and to hold 
closely to this insofar as possible. There is definite evidence that electrons 
do exhibit those properties which one associates only with a wave, namely, 
diffraction and interference. Let us therefore consider this evidence. 

2 . EXPERIMENTAL OBSERVATIONS OF THE DIFFRACTION OF ELECTRONS 

Reflection from Crystals 

Shortly after de Broglie's theoretical treatment of the wave properties 
of particles such as electrons, it was recognized that the wave length asso- 
ciated with relatively low energy electrons is essentially that of an X-ray. 
Consider, for example, a 100- volt electron. Ignoring the negligible change 
of mass of this low energy particle with velocity, the velocity of the electron 
can be calculated from 

~ mv^ = Ve or v 

2 

The de Broglie wave length associated with this particle is, therefore, 

\ = A. = ^ h 

m.v If I ^ % Ve I'm. s/ ^nie V 

For V = 100 volts this yields a wave length of 1.2 A®, a wave length equal 
to that ol a typical X-ray. Since the spacing of atomic planes in a crystal 
is of tlu^ proper size to procluoo clear-cut diffraction and interference effects 
with X-ray waves, then wliy should a crystal not diffract these electron 
waves in a similar manner? 

A successful attem])t to diffract electrons by a crystal was first carried 
out by Davisson and (iermor** ’^ of the Bell I'elephone Laboratories. The 
essentials of their c<)rn])liea,ie<l exf)erimental arrangement are shown in Fig. 1. 
Electrons from a hot filaimait F were accelerated through a potential 
difference of the ohUt of 100 volts. A narrow beam of these, defined by 
openings in the plate /^ was allowed to strike the face of a Ni crystal C 
perpendicularly. An electrode F connected to a sensitive galvanometer 

'‘H, Semat, InirodmiUrn to Ahmio Phyma^ (Nom’ York: Farrar & Uinehart, ID.SO), pp. 184- 
150. 

G. Thomson jind W. (’oohranc. Theory and Practice of lUcetron Diffraction (London: 
Macmillan, 1980). 

“ G. Davisson and L. 11. (icnncr, Phya, licv., 30, 705 (1927); Proc, Nat. Acad. Sci., 14, S17, 
010 (1028). 

7 L. H. (h‘rmer, /jvUh. f. Phynilc, 64, 408 (1020). 
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was then set to intercept those electrons scattered at first one and then 
another angle <#>. The experimental results, plotted in polar coordinates, 
are reproduced®-^ in Fig. 2. The intensity in any particular direction is 

represented by the length of a line drawn 
in this direction from the origin to the 
curve. First, it is important to note that 
electrons are scattered in all directions, 
not just straight backward as one might 
expect of particles being reflected at the 
surface. Second, the distribution of the 
scattered electrons is definitely a function 
of the energy of the incident beam. As 
the accelerating potential is increased from 
40 to 68 volts a characteristic peak, which 
was entirely absent at 40 volts, gradually 
appears and then disappears. This peak 
reaches a maximum, occurring at an angle 
of 50°, for electrons of 54 volts energy. 

Davisson and Germer interpreted this 
peak as due to a Bragg reflection, that is, 
reinforcement of electron waves reflected 
from a certain set of regularly spaced 
atomic planes within the crystal. A set of planes which might be respon- 
sible for the peak is shown in Fig. 3. In order to produce the normal 
Bragg reflection this set of planes must be perpendicular to a line bisecting 










the essential 
Davisson and 


Fig. 1. — Showing 
arrangement used by 
Germer in studying electron diffrac- 
tion by reflection from a nickel crystal. 



Fig. 2. Showing how the intensity of the scattered electron, beam varies with the angle of 
scattering and with the energy of the incident electrons. 


the angle </> of Fig. 1. The angle yp is therefore 3^0. The Bragg angle B 
occurring in the Bragg expression 


n\ = sin B 

is of course (90 or (90 — The spacing d is that between planes 

in the set responsible for the reinforcement. . Knowing from X-ray measure- 
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ments that the spacing D between atoms making up the surface plane of the 
Ni crystal is 2.15 A®, the spacing d can be calculated from the geometry 
of the crystal. The spacing of those planes causing a reinforcement peak 
at ^ = 50® is, 

d D sin — 2.15 sin 25® 

Also, from the relationship among angles, the Bragg angle 6 = 65®. Hence, 
the wave length responsible for this supposed first order Bragg reinforcement 
is ‘ 


X 2(2.15 sin 25®) sin 65® = 1.65 A® 

This is the experimentally determined wave length associated with .a 
54- volt electron. If one calculates from the de Broglie expression X = h/mv 
the theoretical wave length of this electron, one finds a value 1.67 A®. 
Davisson and Germer’s work on the reflection of electrons from the atomic 
planes of a Ni crystal therefore provided excellent evidence that the electron 
does exhibit wave properties, and that 
the wave length associated with the 
electron is at least closely that given 
by the de Broglie expression. 

In the above experiment the 
electron beam was projected perpen- 
dicularly upon the crystal face, and 
these electron waves were reinforced 
by that particular set of planes for 
which the Bragg law was satisfied. 

These planes were not those parallel 
to the surface of the crystal, but those 
inclined at an angle with the face. 

An attempt was also made by Davis- 
son and Germer to obtain reinforce- 
ment from those [)lanes parallel to the 
surface. In order to do this the elec- 
trons were ])rojected <)bli(|uely onto 
the face. As the electrode A’ connected to a sensitive galvanometer was set 
to intercept those electrons reflected at various angles, it was found that the 
reflected beam was most intense in that direction for which the grazing 
angle of reflection was just ecpial to the grazing angle of incidence. This 
is exactly the same finding as that made by the Braggs for X-rays. 

Now in the case of X-rays the intensity of reflection was found to vary 
markedly as the grazing angle of reflection $ was varied, always kee])ing 
it equal, however, to the grazing angle of incidence. A given wave length 



Fig. JL — illustrating the reinforcement 
of electron waves reflected from certain 
planes of the Ni crystal used by Davisson 
ami (lermer. 
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reinforced at that angle d which satisfied the Bragg law nX = 2d sin d. 
Or, for a given setting 6 of the two angles, the reinforcement was much more 
pronounced for those wave lengths satisfying the Bragg expression. Davis- 
son and Germer attempted a similar experiment with electron waves. 
Keeping the grazing angles of incidence and reflection each equal to 80°, 
the de Broglie wave length of the electron was changed by varying the 
potential difference V through which the electrons were accelerated. Fig. 
4 shows the observed®-® intensity of reflection for electrons of various 
energies. Pronounced maxima and minima are obtained. Now it has 
already been shown that the de Broglie wave length is given by X 
= hl\/^meV. The electron wave length is inversely proportional to the 
square root of the electron energy expressed in volts. Whenever the 
potential V leads to a wave length which satisfies Bragg’s law, with n equal 
to any integer, there should be an intense reinforcement. The peaks shown 
in Fig. 4 are due to these reinforcements. Each peak corresponds to 



Fig. 4. — Showing the variation in intensity of reflection at a fixed grazing angle of S()°, for 
various wave lengths of electrons. 

reinforcement of a different wave length; and it corresponds to a different 
order of reflection. The wave length corresponding to any peak can be 
calculated from the angle of incidence and the spacing of the crystal. It is 
found that the wave length obtained for a given peak agrees closely with 
the wave length calculated from the de Broglie expression by substituting 
into this expression the electron velocity corresponding to the potential 
required to produce the peak. 

It is true that these diffraction peaks do not occur exactly where one 
would expect from the de Broglie wave length and the Bragg law. The 
arrows of Fig. 4 indicate the wave lengths for which the crystal should yield 
a maximum reinforcement according to the Bragg law. It is well to recall 
here that X-rays of a given wave length were found to reinforce at angles 
slightly different from those given by the Bragg expression ; or, a wave length 
slightly different from that given by the Bragg law reinforced at a given 
angle. It was from this flnding that investigators first concluded that 
X-rays are refracted, that crystals have an index of refraction for X-rays 
slightly different from one. And this conclusion was later borne out com- 
8 S. Kikuchi, Phys. Zeits., 31, 777 (1930). 
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pletely by other types of refraction experiments. It was necessary to 
modify the Bragg law to take account of this refraction. 

Then why should one not attempt a similar interpretation in the case 
of electron waves? It has been found that an index of refraction can be 
assigned for these waves which makes the positions of reinforcement agree 
accurately with those expected for a wave length given by the de Broglie 
expression. This index turns out to be somewhat greater than 1, of the 
order of 1.1 for a 100-volt electron and, a Ni crystal. Furthermore, the 
index varies with wave length much as it does for any other type of wave. 
Davisson and Germer’s work indicated that the index becomes smaller for 
the shorter wave lengths. Work of this character left little doubt that 
electrons do exhibit those properties which can logically be associated only 
with waves, namely, diffraction and interference. The Nobel Prize was 
awarded to de Broglie in 1929 and to Davisson and G. P. Thomson in 
1937 in recognition of their contributions in this field of physics. 



Fig. 5. — lllustniting ThoinHon’s arrangement for studying the diffraction of electrons. 

Transmission through Crystals 

Carried out simultaneously with the work described above was another 
highly important pioneering investigation.®"^^ If electrons are of wave 
character then they should produce Laue patterns upon passing through 
crystals. G. P. Thomson,® a son of J. J. Thomson, therefore projected 
a beam of electrons perpendicularly through a thin film of crystalline 
material. After passing through the film the electrons struck a photo- 
graphic plate placed as indicated in Fig. 5. If electrons behave as particles 
one would expect a continuous distribution as they strike the photographic 

» G. P. Thomson, Proc. Roy. Soo., A, 117, 000 (19Z7); 119, 651 (l9^^8); 125, 352 (1929), 

'0 A. Reid, Proc. Roy. «oc., A, 119, 663 (1928). 

R. Ironside, Proc. Roy. Soc., A, 119, 608 (1928) 
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plate. Many passing straight through the crystal would strike at the center, 
while those deflected at various angles during their passage through the 
film should strike at various places on the plate. If particles were scattered 
at all angles, as one would certainly expect them to be, the exposure on the 
plate should grade off gradually and continuously from the center. But 
this is not at all what was found. Fig. 6, reproduced from Thomson’s 
early work* illustrates what was found. A clear-cut diffraction pattern is 
obtained, a pattern entirely analogous to that obtained with X-rays passing 
through a powdered crystal. If powdered crystal diffraction photographs 
are regarded as convincing evidence of the wave character of X-rays, then 



Klu. ({. Showing llio 
diffnicLioii pattern pro- 
duced by electrons passing 
through a piece of gold foil. 


hicj. 7. “ Laue spots” forrne<l 

by passing electrons through a 
thin film of crystallized aluminum. 



results similar to those illustrated in Fig. 6 must be considered as e(|iially 
convincing evidence of the wave character of electrons. It was Thomson’s 
pioneer work on electron diffraction by transmission through crystals that 
won for him the Nobel Prize. 

Diffraction patterns similar to Fig. 6 are found for all metallic films 
w ich have been rolled or beaten. The uniform rings indicate that the.si' 
films are of micro-crystalline structure; they are composed of innumerable 
small crystals oriented at random within the film. It appears that rolling 
or beating produces the equivalent of a powdered crystal. If one were to 
send an electron beam through a single crystal of material one would expect 
the formation of Laue spots rather than concentric rings. This is iust 
what is found.*-’* Fig. 7, again from the early work of Thomson,* shows 
G. P. Thomson, Pmc. Hoy. Snc., A, 183, 1 (1931). 
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the spots obtained by passing a beam of electrons through a thin film of 
crystallized aluminum which had not been subjected to rolling or beating. 
The similarity between this and the original Laue spots obtained with 
X-rays is apparent. Just as for X-rays, electron waves passing through 
single crystals produce spots, whereas they produce concentric ring diffrac- 
tion patterns when passed through a random mixture of small crystals. 

Knowing the spacing of atom planes in a crystal, it is possible to evaluate 
the wave length of the electrons used from the dimensions of the diffraction 
pattern and to compare this with the de Broglie wave length. Or, accepting 
the de Broglie wave length as correct, it is possible to use the observed 
diffractiojx pattern to evaluate the crystal spacing and to compare this 
spacing with that obtained from X-ray studies. Either procedure con- 
stitutes a check on the correctness of the w'ave length assigned to the electron 
by de Broglie and on the concept of the formation of the diffraction pattern. 
Choosing the second method of comparison. Table II shows results^’’ for a 
ixumber of crystals. The agreement of values obtained from electron 


TAULK II 

Comparison of llio graling space as delormined from X-ray and electron diffraction patterns 

for a number of metals 


lyietal 


Spacing 
from X-rays 


Spacing from 
electron waves 


Alumiimin .... 

Gold 

Platimnu 

Lea<l 

Iron 

Silver 

Copper 

Cuprous oxide 
Tin (while) . . . 


1 . im 


t . ()(;•[ 


4 . 

2.H7 

4.071) 

5. (U) 

4 . 

*2. 91 


4.onr> 
14.20 
/S.09 
S . 89 
1 . 99 
2 . 8 ,^ 
4.11 
8 . ()(> 

4 . 80 

2.80 


diffraction studies with those from X-ray studies is entirely satisiacLory. 
Such results, amplified by many later extensive investigations''’'^' give 
one complete confidence in electron wave studies. In one recent investiga- 
tion^^ the de Broglie e(iualion for the wave IcMigth of an electron has been 
found valid over an energy range extending From M to (>4 electron kilovolts. 


Diffraction by Gases 

Although a gas certainly has no crystalline-like strncliire, no regularity 
of atomic s])acing, it nevertheless possesses certain characteristics which 
Kirch ner, Phys. Zeits., 31, 1025 (1980); Zrita. f, Phydk, 76, 570 (1982). 

J. Cl. 'PapperL, /Vr//,v. Hnu, 64, 1085 (1988). 
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cause it to produce diffraction patterns. Although attention has not been 
called to it> certain diffraction phenomena associated with the passage of 
X-rays through liquids have been known for some time and have been the 
bases of numerous experimental studies. This X-ray diffraction seems to 
be brought about by a semblance of regularity in the average spacing 
between molecules of the liquid and by a more definite regularity associated 
with the interatomic spacing within the molecules. In a similar way one 
might hope to obtain electron diffraction patterns produced by gases due 



Fig. 8. — Electron diffraction by As 4 vapor. 


to the regularity of the atomic arrangement and interatomic spacing within 
the gaseous molecules. Many experimental and theoretical investigations 
have been carried out on electron diffraction by gases. All except the most 
recent of these have been well summarized in the literature.^* Diffraction 
phenomena are definitely observed, and some of the resulting photographs 
are surprisingly sharp. One such photograph showing electron diffraction 
by As 4 vapor is reproduced^* in Fig. 8. Similar diffraction patterns have 
been obtainedi^ for other gases such as CCI4, CS2, C2H2, and NH3. Con- 
siderable information regarding the spacing of atoms within the molecule 

^*G. W. Stewart, Rev. Mod. Phys., 2, 116 (1930). 

^®L. 0. Brockway, Rev. Mod. Phys., 8, 231 (1936). 

^■^P. P. Debye, Phys. Zeits., 40, 66, 404 (1939). 
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and regarding the orientation of certain groups of atoms with respect to 
other groups can be obtained from electron diffraction studies. 

3. CRYSTAL STRUCTURE BY ELECTRON DIFFRACTION 

It was soon recognized that an electron beam possesses a distinct advan- 
tage over an X-ray beam in the study of the crystal structure of thin films 
of material and of the surface structure of large crystals. X-rays are 
relatively penetrating, and only a small fraction of the energy is reflected 




9. Kloctroii diffraction pattern 
train an evaporated gold film 22 A° 
thick. 


Fig. 10. — Electron diffraction 
pattern from an evaporated cae- 
sium iodide film 30 A® thick. 


from any given plane of atoms. In very thin films there does not exist a 
sufficient miniber ol* planes to reflect an appreciable amount of X-ray energy. 
But electrons of (Hpiivalent wave length are far less penetrating, and these 
thin films will TorTn w(dl defined electron diffraction patterns. Electron 
diffraction studies are therefore of great importance in investigating the 
crystalline struclnre of thin films. In a similar way, since these electrons 
do not penetrate far into the surface of a large crystal, electron beams can 
be used to study the surface structures of crystals. 


1). P. SU‘V(‘iiH<)n and V. Sclioiimkcr, Jour. Anicr. (Uirni. Sor., 61, 3173 (1939); 62, 1267, 
2423 (1940). 

D. P. Su*v(‘iis<)n and H. Russell, Jour, .iiurr. (Jivm. ^Sor., 61, 3204 (19.39). 

J. K. laiVtill<‘ Jind V. Schoinakcr, Jour. .(///. (Jivui, iSoe., 61, 3520 (1939). 

J. Y. Rciurh and S. H. Rauer, Jour. Aiuvr. (Jiem. Son., 62, 3440 (1940). 

II. U. Wcis(‘r and W. 0. Milligan, Jonr, Phyu. ('Jmn.y 44, 1031 (1940). 

H. A. Skinner and L. K. Sutton, Trans. FarmUiy Soc., 36, 1209 (1940). 
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With such studies in mind there have been devised a number of 
so-called electron diffraction cameras. These are simply convenient 
designs of apparatus for obtaining the necessary diffraction patterns. The 
technique of such studies has naturally improved greatly in recent years and 
it is now possible to obtain exceedingly sharp diffraction rings. Among 
those studies already mentioned and numerous others referred to in the 
literature, there appear many excellent photographs. Perhaps two 
of the most remarkable series are an early one by Kirchner^^ and a recent 
one by Germer.^^ Two photographs of this latter series are reproduced 
in Figs. 9 and 10. The sharpness of the diffraction rings is truly remarkable. 
Many similar photographs were obtained by Germer for films of both metals 
and inorganic compounds deposited by evaporation upon thin supporting 
films. A great deal has been learned about the structure of thin films from 
studies of this character. 

4. DIFFRACTION OF ATOMS AND MOLECULES 

It is evident from Table I that the de Broglie wave length associated 
with a hydrogen molecule participating in the average thermal agitation at a 
temperature of ^00*^ C is 0.82 A°. This again is of the proper order to show 
diffraction and interference effects upon reflection from or transmission 
through a crystal. The penetrating power of such low speed molecules 
is so small that it is impossible to study any possible diffraction pattern 

G. P. Thomson and C. G. Pruser, Proc. Roy, Soc,, A, 128, 641 (1930). 

H. Germer, Rev. Sci. Inafr., 6, 138 (193.5). * 

2“ R. Morgan and N. Smith, Rev. ScL Instr., 6, 310 (1935). 

J. A. Darbyshire and E. R. Cooper, Jour. Scl. Insir., 12, 10, (1935). 

28 H. J. Yearian and J. 1). Mowe, Rev. ScL Insfr., 7, 26 (1936). 

2^> G. I. Fincli, Rep. on Prog, in Phys., 2, 291 (1935). 

'^®R. Jackson and A. (i. Quarrell, Proc. Phyv. London, 61, 237 (1939). 

2^ G. P. Thoin.son, Phil. Mag.y 6, 939 (1928); Proc. Roy. Soc., A, 128, 649 (1930). 

22 R. C. French, Proc. Roy. Soc., A, 140, 637 (1933). 
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produced by transmission through a crystal; the molecules will not go 
through even the thinnest crystalline film. It is possible, however, to 
study the reflection of these molecules from the surface planes of a crystal. 
Experimental studievs of this character have been made for several different 
atoms or molecules reflected from different crystals. 

Typical of this work is the pioneering investigation of Estermann and 
Stern. A stream of He atoms issued from an oven held at a known 
temperature. A narrow beam of these was allowed to strike the face of a 
LiP crystal at a known angle of incidence. In order to measure the intensity 
of the atomic beam scattered in various directions, a sensitive manometer 
M'WidiS arranged to catch the atoms scattered in any particular direction. 
The essential arrangement is shown in Fig. 11. The atomic or molecular 
beam entering this manometer produces an excess pressure therein. The 


jF crystal 

FROM OVEN 

Kig. 11. — Showing the cvsseiiLiiil arrangement used to study the diffnietioii of atoms or 

iiKileetiles by erystals. 

magnitude of the excess ])ressure is a measure of the intensity of atomic or 
molecular rays scalUTed in any given direction. ''Idle sensitive pressure 
indicating device M was arranged so that it could be rotated about an axis 
perpendicular to the j)}tp(‘r in Fig. 11. Keeping the angle of incidence of 
the molecular beaiu on IIk' crystal constant, ihe distribution of molecules 
scattered at various a,ngl(‘s was investigated by scttitig M at various angles. 
Typical results a,r(‘ reproduced’^ in Figs, and Kb 

The abscissae of tliesc ciirviss represent the angular scd'ting of the manom- 
eter M from that position corresponding to regular reflection. That is, 
angles are measured with respect to the direction in which a regularly 
reflected beam should appear. Both Hgurcs show an intcTisc scattering of 
atoms at 0®, corresponding to r(‘gnlar reflection. But each figure^ shows also 
quite distinct peaks on cither side of this. The existence of these peaks is 
conclusive evidcaice of difl‘raction. Tlie strong central reinforcement 
accompanied by lh<‘ weak(‘r reinforcements, one on cither side, is entirely 

1. Kstornmnn and O. Sloni, Zrifn. f. Phj/siM\ 61, {>,5 (UI.SO). 
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analogous to the similar pattern of light intensity reflected from a ruled 
grating. 

Assuming that the two side peaks are first ordei- diffraction peaks 
produced by the LiF crystal grating, it is possible to calculate the wave 
length of the atomic beam from the position of the peak and the known 
spacing of atoms in the surface plane of the crystal. The wave length 
calculated in this way turns out to be just that which the de Broglie equation 



Fig. 12. — Showing the diffraction of Fig. IS. — The diffraction of He atoms 

He atoms by a LiF crystal. The beam by a LiP crystal. The beam of atoms 
of atoms came from an oven at 295° K came from an oven at 580° K and fell upon 
and fell upon the crystal face at an angle the crystal face at an angle of incidence 
of incidence of ll H°* llj'^°- 

assigns to an atom having the velocity of thermal agitation characteristic 
of the temperature at which the oven is held. It is important to note that 
figures 12 and 13 represent identical conditions except for oven temperature. 
The atoms of Fig. 12 came from an oven held at 295° K, whereas those of 
Fig. 13 came from an oven at 580° K. In the latter case the thermal 
velocity of the atoms is greater, and the de Broglie wave length should 
therefore be smaller. That the actual wave length is smaller is indicated 
by the fact that the first order diffraction peaks fall closer to the central 
“image’’ in Fig. 13 than they do in Fig, 12. Estermann and Stern studied 
helium beams having velocities corresponding to various temperatures 
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from 100 to 580 K°, and molecular hydrogen beams having velocities 
corresponding to temperatures from 290 to 580 K°. Furthermore, they 
reflected these beams from crystals of both NaCl and LiF. In every case 
diffraction patterns were obtained, and in every case the wave length 
calculated from the diffraction pattern was essentially that given by the 
de Broglie equation. 

The width of the diffraction peaks in these experiments is due jointly 
to the width of the slit and to the fact that the beam contains atoms of 
various velocities. The atoms of different velocities have different wave 
lengths and therefore reinforce in different directions. The width of the 
diffraction peak seems to be entirely consistent with the view that the atoms 
have a Maxwellian distribution of thermal velocities. It is interesting that 
investigators'^® have used for such experiments “monochromatic beams” 
of molecules, molecules of one velocity only. Such a beam should have one 
definite de Broglie wave length instead of a distribution of wave lengths. 
These monochromatic beams have been obtained in two ways, one by using 
rotating, toothed wheels to sort out atoms having the one velocity which 
enables them to pass the wheels at a time when their path is not blocked 
by a tooth, tlie other by using those atoms reflected from a crystal which 
produce one particular part of the diffraction peak. In either case the atoms 
should be of one velocity and, therefore, of one wave length. Reflection 
of these monochromatic beams from a LiP crystal has led^® to relatively 
sharp diffraction })eaks, much sharper than those of Figs. 12 and 13. These 
measurements with monochromatic atomic beams have shown that the 
measured wave length agrees with the theoretical de Broglie wave length 
within a])proximately one percent. 

Similar findings regarding the diffraction of atoms and molecules have 
since been made l)y others, and methods of measuring the scattered intensity 
have been greatly improved. The Firaui gauge, consisting of an electrically 
heated wire the rate of loss of energy from which depends upon the gaseous 
pressure, has been refined^® until it is sensitive to pressure changes of 10“® 
mm. of Hg. Using this pressure indicator ZebaU® has obtained diffraction 
j)atterns by reflecting He, Ne and A atoms from a NaCl crystal. Diffraction 
has also been obtained®' with atomic hydrogen reflected from a LiF crystal. 
An entirely different method of detection was used for this. The scattered 
hydrogen atoms were allowed to strike a plate coated with molybdenum 
oxide. 11 k* oxi<le was reduce<l to metallic molybdenum where struck by 

T. Kslorinunn, H. Kri.sc^h «n<l (). Sleru, Phys. XfitM., 32, 070 (1931); f. Fhyieik, 73, 348 

(1931). 

A. Kllott iuid R, M. Zabol. Phy». Rev., 37, 1113 (1931). 

f’" R. M. ZiilK-l, Phyv. Rev., 42, 218 (1982). 

T. 11. .lohii-son, Pkya. Rev., 36, 1299 (1930); 37, 847 (1931). 
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the difEracted hydrogen beam. The distribution of the diffracted beam was 
then obtained from the distribution of metallic molybdenum. This method 
is of course applicable to the study of hydrogen beams only. All of these 
diffraction patterns are those characteristic of a two-dimensional space 
lattice made up of the surface layer of atoms. Atomic and molecular beams 
do not have sufficient penetration to be scattered by the deeper atomic 
planes. 

Several efforts have been made to observe also the diffraction of protons. 
Dempster®^ obtained quite complex patterns by reflecting from a calcite 
crystal, protons which had fallen through from 15,000 to 40,000 volts. 
These patterns have never been interpreted clearly. Siigiura®^ obtained 
proton diffraction by reflection from thin Pt and W films sputtered on glass. 
Patterns formed by protons having energies of several hundred electron volts 
were consistent with the calculated de Broglie wave length. Yearian®^ 
has obtained evidence for the diffraction of 15 to £0 kilovolt protons as these 
were passed through CCI 4 vapor. . Here again the results are not incon- 
sistent with the concept that the proton behaves as a de Broglie wave. In 
no case, however, have results with protons been as clear-cut as they have 
with electrons and with thermal atoms and molecules. 

Experiments such as those described leave no doubt that atoms and 
molecules as well as electrons exhibit wave properties, and that the wave 
length associated with these is just that given by the de Broglie equation. 
One must admit that physical entities such as electrons, atoms and mole- 
cules behave sometimes as particles and sometimes as waves. They 
possess this dual characteristic just as truly as does radiant energy. No 
"‘particle’’ ever exhibits both the particle and the wave characteristics in 
the same experiment. It will be recalled that light coming through an 
opening which is large as compared to the wave length appears to cast a 
sharp shadow, although close inspection shows the presence of diffraction. 
When light is sent through an opening whose dimensions are not too many 
times the wave length, the phenomena of diffraction and interference become 
quite clear. The only reason one does not observe these as readily for large 
openings is that the diffraction peaks occur so near the central “image” 
as to be indistinguishable from it. In order to observe diffraction and 
intereference phenomena with radio waves, heat waves, light or X-rays, 
the spacing of diffraction centers must be comparable with the wave length 
being used. 

In a similar way electrons, atoms and molecules passing through large 
openings appear to proceed in straight lines as particles. Or if they are 

<^2 A. J. Dempster. Fhya. Rev., 34, 1493 (1929); 36, 1405 (19S0). 

Y. Sugiura, Inst. Fhys. Chern. Res., Tokyo, »Sm. Papers, 16, 29 (1931). 

H. J. Yearian, Jour. Phys., 8, 24 (1940). 
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scattered by points many wave lengths apart they appear to be scattered 
as particles. It is only when they are scattered by points only a few wave 
lengths apart that diffraction becomes obvious. No doubt the diffraction 
peaks are always present, but under ordinary circumstances they fall so 
close, to the central “image’’ that one fails to distinguish them. One 
therefore interprets the behavior as that of a particle, not realizing that the 
submerged diffraction effects are actually present. For years before the 
advent of the wave theory physicists did just this in the case of light. From 
present knowledge one would certainly expect electrons passing through a 
sufficiently narrow slit to cause diffraction and interference fringes just 
as does light. Because of the small slit dimensions required it has been 
only in relatively recent years that observations of this character have been 
made for X-rays. A slit comparable with that used for X-rays would be 
required to observe the effect for electrons. As far as the author knows, no 
definite experimental observations have been made regarding this point. 
It is theoretically possible also to observe electron diffraction from ruled 
gratings, much as has been done for X-rays. Here again no one has yet 
overcome the experimental difficulties. 

One might logically inciuire why gross matter such as a rifle bullet, a 
golf ball, or a baseball does not exhibit wave properties. Certainly no 
diffraction and interference effects are observed with such bodies of matter. 
A glance at Table I shows the reason immediately. The de Broglie wave 
length associated with any one of these bodies traveling at a usual speed is 
of the order of 10"'^^ A°. Clear-cut diffraction phenomena could be observed 
only when these bodies pass through an opening having dimensions not 
many multiples of this. There is nothing even remotely approaching this 
in either an opening or a spacing of diffraction centers. Even if there were, 
what chance would one have of projecting such bodies through these open- 
ings? It a])peiirs hopeless that physicists will ever obtain directly diffrac- 
tion effects with gross bodies of matter. But there is no reason to doubt 
that even these have a de Broglie wave length associated with them. 
Perhaps the future will bring some indirect if not some direct way of showing 
that they do. Lack oF knowledge of what the future has in store, along 
with the firm conviction that it has a great deal once the mysteries of nature 
are further unraveled, ])rovides the irresistible incentive to carry on research. 
And past experience has taught that the necessary Forerunner of practical 
application is a thorough understanding of the workings of nature. Pow(‘r 
be to those who make a real attempt to understand these workings. 
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Answers given are frequently only to slide rule accuracy. 

For the sake of uniformity it is suggested that the following values be 
used for constants : 


e = 4.803 X 10“^° e.s.u. = 1.60£ X 10“^® coulombs 
c = ^.99776 X 10^° cm/sec. 
h = 6.614 X erg sec. 

L 

- = 1.377 X 10~^’^ erg sec/e.s.u. 

— = 1.758 X 10^ e.m.u./gr. 


N = 6.023 X 10^® atoms/gram-atom 
k = 1.380 X lO-i® erg/C° 
g = 980.0 cm/sec. 2 


Again for the sake of uniformity it is suggested that for masses of the liglit 
atoms the following be used: 


n = 1.00893 

Be® = 

8.00792 

= 

14.00763 

HI = 1.00813 

• Be® = 

9.01504 

Ni® = 

13.01008 

H* = 2.01473 

Be“ = 

10.01671 

N14 = 

14.00750 

H» = 3.01705 

B‘» = 

10.01631 

N>® = 

15.00489 

He® = 3.01707 

B" = 

11.01292 

0‘« = 

16.00000 

He^ = 4.00389 

C" = 

11.01526 

O'® = 

17.00450 

Li® = 6.01680 

. * C‘® = 

12.00398 

O'® = 

18.0065 

Li® = 7.01818 

C'® = 

13.007()1 




Ch APT Jilt 1 

1. An electrometer having a capacity of 30 micromicrofarads has a potential sensitivity of 
400 min. per volt difference 6f potential applied to the quadrants. In a certain experi- 
ment the electroiucLer drifts through 5 cm. on the scale in 2 niinutes. Calculate the 
current flowing to the electroiueter quailruiit; express this current in amperes. 

Auif,: 3.1 X 10~^^ amperes. 

ii. Calculate tlie average kinetic energy of thermal agitation of a gaseous atom or molecule 
at room temperature, 20® C. Calculate the velocity of a hydrogen molecule (M 2 ) hav- 
ing this average energy. C alculate the velocity of an oxygen molecule (Oa) having this 
energy. /1/i.v.; (1.1 X 10”^^ ergs; 1.9 X 10® cm, j sec.; 4.8 X 10^ cm! sec. 
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8. A saturation current of 10”^’’' amperes is observed from a given ionization chamber of 
1000 cc. volume. There is a fixed source which produces uniform ionization throughout 
the chamber. Calculate the number of pairs of ions formed per second per cc. 

Ans.: 625 pairslcc/sec, 

4. The coefficient of recombination of ions in a given gas at a given pressure is 2 X 10"* per 

sec. per pair/cc. Suppose that an ionizing agent, say X-rays, falls continuously on this 
gas and that the intensity of the ionizing radiation is sufficient to produce 5000 pairs of 
ions per cc. per second. No electric field is applied across the ionized gas. Calculate 
the number of pairs of ions that exist per cc. after the ionizing agent has been acting for 
a time sufficiently long that equilibrium conditions exist. Ans.: 5 X 10* pairs/cc, 

5. Suppose that in the last problem the ionizing agent is shut off abruptly. How long will 

it be before the ion concentration present will have dropped to }4 of the value existing at 
the instant the ionizing agent was turned off? How long before it will have dropped to 
10% of the initial value? Ans.: 10 sec.; 90 sec. 

6. Fig. 14 of the text illustrates the electrical shutter method used by Tyndall and Powell 

for measuring ion mobilities. Gauze electrodes AB represent one electrical shutter, 
CD a second shutter. These shutters are large as compared to the distance between 
them. Ions come up to A B slowly from the left. An alternating potential of variable 
frequency / is applied between electrodes A and jSpthe same alternating potential is 
applied between C and D. (/I, is connected to C, B to D.) A d.c. potential of 50 volts 
is maintained between shutter AB and shutter CD. The distance between shutters 
is 1.5 cm. As the frequency of the alternating potential is varied from 100 to 200 
cycles/scc., it is found that a maximum current flows to electrode E only when the 
frequency is either 120 or IHO. Calculate the mobility of the ion. Is there any fre- 
quency below 120 which would lead to a maximum current, and if so what is the lowest 
one? Would it be possible, and perhaps more convenient, to perform this experiment 
by applying an alternating potential of fixed frequency and varying the d.c. potential 
applied between shutters? 2.7 cm/src/voJi/rni.; yes, 60 cycles/ sec.; yes. 


Ghaptkii 2 


1 . 


2 . 


3 . 


A small oil drop has a radius of 6 X 10“® cm, and a density of 0.851 gr/cc. It falls freely 
through air at 76 cm. Ilg pre.ssiirc and 23® C temperature, under which conditions air 
has a viscosity of 1.832 X 10"* e.g.s. units. Calculate the velocity with which the drop 
falls: (1) using the uncorrecied form of Stokes’ law; (2) lusing the corrected form of the 
law. /!«.<»..• 3.64 X lO"’’ cw/.w.; 4.13 X 10“*cm/5ec. 

Suppose the oil drop of the last problem had been much larger, say 0.01 cm. in radius. All 
other conditions being the same, calculate the velocity with which this drop would fall: 
(1) using the uncorrccted form of Stokes’ law; (2) using the corrected form of the law. 

/17J.9.: 101 cm /see.; 101 cm/ sec. 

In a Millikan oil drop apparatus, with plates shorted so there is no electric field, an oil drop 
of density 0.891 gr/oc. is observed to fall freely through a distance of 0.140 cm. in 30.0 
seconds. Ihiromelric pressure of tlie air in the apparatus i.s 74 cm. of Hg; the tempera- 
ture is 23° Under these conditions the viscosity of air is 1.832 X 10"* e.g.s. units, 
(hilculate tile radius of the drop, using of course the corrected Stokes’ law. (This cal- 
culation is readily made by a scries of approximations. First calculate the radius 


ignoring the correction term 



The radius so found will be somewhat in error; 


too high. Now put this slightly incorrect value for r in the correction term and calculate 
again the radius. This value of r is much nearer the true value, but probably still 
slightly high. If this last value is used in the correction term a still better value will 
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result. Continue the approximation in this way until the resulting value of r isS the 
same as that last used in the correction term.) Ans.: 6.237 X 10”® cm: 

4. In the apparatus of the last problem the distance between plates is 0,700 cm. A potential 

of 550 volts is applied between plates in such a direction as to cause the oil drop of tha t 
problem to rise. The time required for the drop to rise through a distance of 0.1 40 cm . 
is observed. Various values are found, 71.5, 16.4, 9.2 and 6.4 seconds. Calculate the 
charge on the drop in each of the four cases. Arts.: Closely 1, 2, 3 and 4 electron units, 

5. A certain spherical oil drop 10“® cm. in radius has on it at a given time a net charge of 

50 electron units. Calculate the energy that would be required to put one additional 
unit of charge of the same sign onto it. How does this compare with the average kinetic 
energy of thermal agitation (calculated in problem 2 of Chapter 1) at room tempera- 
ture? Would another ion of the same sign of charge as the drop be likely to drive itself 
onto the drop due to its thermal motion.^ Ans.: 11.5 X 10"^^ ergs; about ttoice; no. 

Chapter 3 

1. The cathode fall of potential in a given glow discharge is 600 volts. The Crookes dark 

space is 5 mm, long. Approximately what is the electric field strength, expressed in 
volts per centimeter, at the surface of the cathode? Ans,: 2400 volts /cm. 

2. For a given cathode metal and a given gas the cathode fall of potential in the normal glow 

discharge is independent of the pressure of the gas and independent of the length of the 
Crookes dark space. Suppose that in the last problem the pressure of the gas were 
doubled. What change, if any, would you expect in the electric field strength at the 
surface of the cathode? Ans.: Wovld he doubled. 

Chapter 4 

1. Fig. 3 of the text illustrates one method, used by Kirchner, of determining directly the 

velocity of electrons. A^ JB, and C are small openings which define a narrow beam of 
electrons. An alternating potential of variable frequency is applied between the 
two plates of the first pair. This same altern^ing potential is applied between the two 
plates of the second pair. The lowest frequency of alternating potential for which 
the two spots on the fluorescent screen merge into one centrally located spot is 3.0 X 10^ 
cycles/sec. State three other frequencies which would produce a single spot. If the 
distance between the two pairs of plates is 40 cm., calculate the velocity of the electrons. 

Ans.: 2, 3 and 4 times S X 10^ cycles/sec.; 2.4 X 10** cm /see. 

2. A stream of electrons with velocity 2 X 10® cm/sec. enters a uniform electric field of 100 

volts/cm. At the moment of entering the field the electrons are moving perpendicular 
to the direction of the field. The electrons of course continue to move across the field 
(in their original direction) and at the same time are deflected laterally by the field. 
Calculate how far from their original line of flight the electrons would be deflected by the 
electric field while they are moving 5 cm. measured in the direction of their original line 
of flight. Ans.: 0.549 cm. 

3 Although the electrons of the last problem really describe a parabolic path while in the 
electric field, at least the first part of the path can be approximated closely by a circle. 
Calculate the radius of the approximately equivalent circle, Ans.: 22.75 cm. 

' 4. Consider two points, A and B, on a circle of radius R. Let a line be drawn tangent to the 
circle at A. Let h be the perpendicular distance from point B to the tangent; let d be 
the perpendicular distance from point B to the radius of the circle drawn to point A, 
From the geometry of the circle it can be shown that if h is fairly small as compared to 
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dy then h is given approximately hy h = d^/^R. Consider the stream of electrons of 
problem 2, and let the path be approximated by the circle whose radius was calculated 
in problem 3. Thence calculate the lateral deflection of the stream while the electrons 
are moving 5 cm. measured in the direction of their original flight. How does the result 
of this approximation compare with the true deflection calculated in problem 2 ? 

Ans.: 0.549 cm, 

5. An electron with a velocity of 3 X 10® cm/sec. moves perpendicular to a uniform magnetic 

field of 20 oersteds (dynes per unit north pole) . Calculate the lateral force exerted on 
this electron by the magnetic field Ans.: 9.6 X 10"*^® dynes. 

6. Consider the same electron as in the last problem, one moving with a velocity of 3 X 10® 

cm/sec. perpendicular to a magnetic field of 20 oersteds. Calculate the radius of the 
circular path described by the electron while in the field. If this electron had been 
moving twice as fast in tlie same magnetic field, what would have been the radius of the 
circular path? Ans.: 8.53 cm.; 17.06 cm. 

7. Neglecting any possible change of mass with velocity, calculate the velocity of an electron 

after it lias moved freely (starting from rest) between two electrodes differing in poten- 
tial by: (1) 500 volts; (2) 1000 volts. Ans.: 1.33 X 10® cni/scc.; 1.88 X 10® cni/sec. 

8. Calculate the average force on the plate of a two electrode tube when bouibarded with 

electrons, if the plate potential is 1000 volts and the plate current 20 milliainperes. 

Ans.: 0.21 dynes. 

9. Calculate the number of ergs energy in one electron-volt. (The electron-volt is the energy 

acquired by an electron in falling thnmgh a potential difference of one volt.) Referring 
to pnjblem 2 of ('hai)ter 1, what is the average kinetic energy of thermal motion of a 
molecule at about room temi)eralure when this energy is expressetl in electron-volts? 

/la.s*.; l.(> X 10'**^ crys; 0.038 fileclr on-volts. 

10. An electron falls frec'ly through a i)oLential difference of 5000 volts. What velo(‘ity does 

it ae(piire? It then pass(‘s through (perpen<li(rular to) an electric field of 200 volt.s/cm., 
2 cm. in hmgl h, and falls on a tluoreseent .screen 30 cm. distant from the center of the 
electric fi<‘l<l. What is (lie rjulius of the apjiroximate circular i)ath while in the electric 
fiehl? What is I la* laltM’al displacenumt of the spot on the screen caused ])y the electric 
field? Ans.: >1.2 X 10® ctn/srr.; 50.0 cm,; 1.20 cm. 

11. Kleeh'ons (liv(‘rg(‘ from a beta ray source in a magnetic fiehl which is ]>arallel to the axis 

of lh(‘ lul)t‘ ill wliicli lh(‘ (deelroiis are being sliidl(‘<l. d'ho electrons are shot off from 
t Ik‘ source w it li a vehx'ily of 10*® em/see., am! in a. direction imilviiig an angle of 10° with 
the focusing iiiagiiclic Held. Calculalc how strong a. magnetic liidd will be m^cessary 
to cause propiT focusing (that is to can.se the eI<‘elron to coiiqdeic one turn of the 
spiral described in jiassiiig the Icngih <»f the lube) on a, screen 25 cm. from the source. 

141 oersteds. 

12. (hdeulal<‘ |h<* ralio m/m^ for an electron moving with each of the following velocities: 

(1) 0.1 that of llglil; (2) 0.5 (hat of light; (3) 0.0 that of light ; (4) 0.005 that of light. 
'Pliis last V(d()city is apfiroximalcl.y that of the most energetic b«da particles (electrons) 
given ofl* by radioaetiv(* inatc'i'ials. Ans.: 1.004; 1.15; 2.20; 10.0. 

13. An el(‘<‘troii movi's fnady llirongh a poleiil.ial difference of 50,000 volts, (hdculate the 

velocity it, attains: (1) Negh cling any change of mass with vehadly; (2) Taking account 
of IIh^ <*liaiig(‘ of mass with velo(‘ily. vfa,s’.; 1.33 X 10*^® rni/see.; 1.24 X 10“’ cm/sec. 

14. ( alenlale t h(‘ poleidial dill'(‘rene<‘, e\pn-.s.sed in volts, through w'hich an eleolroii would 

hav^^ to fall to ae<[uin! a velocity of 0.005 that of light. Ans.: 4.(> X 10® volts. 

15. (’al<;ulat<‘ lli<‘ ratio v/e for an el<*elron accelerated through a. potential difference of 10® 

volts. What is the ralio /a/mo for thi.s electron after it ha.s acfinirecl llie energy of 10® 

eleelron-volts? Ans.: 0.94; 2.95. 
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Chapter 5 

1. Hydrogen canal rays proceed through a small hole in the cathode. When viewed in line 

with the motion a 5000 A* line has a Doppler shift of 7.5 A®. What is the velocity of 
the canal rays.?^ ^4??.^.: 4.5 X 10^ cm! sec. 

2. In Dempster’s study of positive rays, he used a fixed magnetic deflecting field and a 

variable accelerating potential sufficient to bring the positive particles of the mass 
desired onto the slit after deflection. If 1000 volts accelerating potential brings 
onto the slit, what accelerating potential is required to bring Mg^® onto the slit? 

Ans.: 960 volts. 

3. The most abundant isotope of carbon, has an atomic weight 12.00398. Calculate the 

packing fraction for this atom. Ans.: 3.3 X 10"“^. 

4. The physical and the chemical scales of atomic weights are slightly different. On the 

physical scale the isotope is given the weight 16.000000. On the chemical scale the 
average oxygen mixture which exists in nature is given the weight 16.000000. This 
average oxygen existing in nature has been found to consist of 99.76 % 0^®, 0.04 % 0^^, 
and 0.20% 0^®. Calculate the mean atomic weight of the normal oxygen mixture, 
expressed on the physical scale. Hence w'hat is the ratio of any atomic weight on the 
physical scale to the corresponding atomic w^eight on the chemical scale? 

Ans.: 16.0044; 1.00027. 

5. Calculate the energy which would result fi'om the conversion of one gram of mass into 

energy. Express this energy in ergs, in electron-volts, and in foot pounds. 

Ans.: 9 X 10^® ergs, 5.6 X lO®^ elec.tr on-volts; 6.0 X lO^'V''- 

6. In the disintegration of one gram atom of a material the total energy released or absorbed 

(due to the change in mass) is of course divided among the number of atoms in the gram 
atom disintegrated. Hence, using the result of the last problem, calculate the number 
of electron-volts energy that should be furnished per atom disintegrating when the 
disintegration results in tlie loss of one unit in atomic weight. (No actual disintegration 
results in the loss of one whole unit, in atomic weight. The loss is often of the order of 
0.01 unit, however, ^riie energy furnished per atom disintegrating is of course propor- 
tional to the loss of mass.) 931 MEV. 

7. Wlfen Li'^ is bombarded with energetic protons it is found tliat the Li^ nucleus ab.sorb.s a 

proton and tlieu splits into two Ife^ nuclei. In a given experiment where the protons 
used had a kinetic energy of 500,000 electron-volts, it was observed that each of the two 
lielium nuclei resulting from the disintegration of a lithium nucleus left the point of 
disintegration with a kinetic energy of 8.8 MEV. Knowing the masses of H*- and He'‘, 
knowing the net gain in kinetic energy accompanying the disintegration, and assuming 
that this gain in kinetic energy came from the conversion of mass into energy, calcu- 
late the atomic weight of Li’. Ans.: 7.01802. 

8. A proton is accelerated through a potential difference of 50,000 volts. Calculate the 

velocity it attains: (1) Neglecting any change of mass with velocity; (2) Taking account 
of the change of mass witli velocity. In problem 13 of Chapter 4 you made a similar 
calculation for an electron accelerated through tliis same polential difference. How 
does the error intnxluced by neglect of the change of muss compare in the Iw'o cases? 

Ans,: 3.09 X 10® cm/ sec.; 3.09 X 10® cm/ see.; m uch less for the proton. 

9. Calculate the ratio v/c for u proton accelerated through a poleiiLiul difference of 10® volts. 

What is the ratio m/m.Q for this proton after it has acquired the energy of 10® electron- 
volts? In problem 15 of Chapter 4 you made a similar calculation for a 10® electron- 
volt electron. How do the ratios m/nta compare in the two ca.ses? 

Ans.: 0.0461; 1,001; much less for the proton. 



PROBLEMS 


563 


Chapter 6 

1. Calculate, according to the Bohr theory, the radius of the circular K orbit in the hydrogen 

atom. Calculate also the radii of the L and the M orbits. 

Am.: 5.27 X IQ-o cm..; 2 .U X 10“8 cm.; 4.74 X 10”« cm. 

2. Calculate for the hydrogen atom, according to the Bohr theory, the ratio of tlie velocity 

of the electron in the K orbit to the velocity of light. Make similar calculations for an 
electron in the L orbit and for one in the M orbit. 0.007d; O.OOSb; 0.0024. 

S. Using numerical values for the individual constants involved, calculate the value of the 
Kydberg constant for hydrogen. Express this in two ways: (1) So that the frequency 
will come out in the unit ‘"per sec.’*; (2) So that the frequency will come out as a wave 
number, in the unit “per cm.” Ans.: 3.312 X lO^® per sec.; 1.105 X 10® per cm. 

4s. Calculate the theoretical wavelength of the spectral line that would be emitted by the 
* hydrogen atom as an electron transfers from the N to the L shell. Express this wave- 
length in A®. Of what series is this line a member.? ^ 4862.8 A ® in vacuum; Balmer. 

5. The ionization potential of Na vapor is 5.13 volts. What is the shortest wavelength 

radiation Na vapor can emit due to transfers of the outermost electron from one energy 
level to another? Express this in A®. ^ ns.: 2410 .4®. 

6. Compute the constant relating the resonance potential of an atom in volts and the wave- 

length, in A®, of the radiation associated with this resonance potential. 

Ans.: X = 12367/K. 

7. The photoelectric work function for a Na surface is 2.0 volts. Calculate, and express in 

A®, the longest wavelength light that will eject photoelectrons from the Na surface. 

6100 .4®. 

8. The photoelectric work function of a Na .surface is 2.0 volts. Calculate the maximum 

velocity with which photoelectrons are ejected from a Na surface when the surface is 
illuminated with light of 4000 A® wavelength. An.t.: 0.21 X 10^ cm/sve. 

9. The mercury line of wavelength 2536 A® is used to eject photoelecLrons from silver. The 

difference in potential required to bring the ejected electrons to rest is 0.11 volts. 
Calculate the energy expressed in electron-volts necessary to remove an electron from 
silver. . 4.77 electro n-voU.'i. 

10. In order to detennine the wavelength of a given gamma ray tlie radiation is allowed to 

fall upon Pt. I'he velocitie.s, and thence the energies, of tlie photoelcctrons ejected 
were delcnnined by bending a beam of the ejected electrons in a magnetic Hold. Pholo- 
electron groups of several different energies were found. 'Phe energies of llirco of these 
groups \v(‘re 121,000, 180,000, and 107,000 electron-volts. Knowing that Pt has energy 
levels of 2,200, 3,400, 11,500, 1,3,000, and 78,400 electron-volls, what is tlie wavelength 
of the gamma ray, cxfirossod in A®? .la.v,; 0.()()2 -4®. 

11. If the gamma, ray of the last problem were ixllowcd to fall upon Ph, whieli has known 

energy levels of 87,400, 15,800, 13,000 and 3,200 electron-volts, what (Miorgies would you 
expect to find for the varion.s groups of photoelectrons ejected? 

/(//A*.; 112, 184, 186 oid 196 kilo-elcctromvolis. 

12. Monochromatic X-rays of 0.7078 A® wavelength are scattered by a small carbon block. 

The X-rays scattered at an angle of 90° with the direction of the original beam are 
observed. What is the wavelength, expre.ssed in A®, of the scattered X-rays observed? 

Am.: 0.7320 J®. 


Chapter 7 


1 . The spacing Ix'l weeii successive planes in a NaCl crystal is 2.820 A®. When a given X-ray 
is shown upon the surface it is found that the first order Bragg reflection occurs at a 



564 


THE “PARTICLES’* OF MODERN PHYSICS 


grazing angle of 8® 35'. What is the wavelength of the X-ray? At what angle would 
the second order Bragg reflection occur? An$.: 0.842 17® 22'. 

2. It is found that the critical grazing angle for X-ray reflection of a given wavelength from 

glass is ^0 minutes. What is the index of refraction of glass for X-rays of this wave- 
length? Ans,: 0.9999881. 

3. The index of refraction of glass for X-rays of 0.7 A® wavelength is less than unity by 

1.64 X 10"®. Calculate rather accurately the critical angle at which total reflection 
sets in. Ans.: 0.00181 radians or 6.22 minutes, 

4. A piece of polished metal to be used as a reflection grating for X-rays is ruled with 2000 

lines per centimeter. X-rays of 2.5 A® wavelength are shown upon this grating at a 
grazing angle of exactly 1 degree. At what grazing angles would you expect to find the 
two first order spectra? Notice how accurately one would have to measure these 
angles in order to measure precisely by this method the wavelength of an X-ray. 

Ans.: 0.0143 radians or 49.1', and 0.0202 radians or 1® 9.3'. 

5. X-rays of 0.0900 A® wavelength fall on a carbon scatterer. The X-rays scattered in a 

given direction are found to have a wavelength of 0.1000 A®. At what angle with the 
original beam was this scattered radiation observed? Ans.: 54®. 

6. The absorption coeflScient of Pb for X-rays of about 0.2 A® wavelength is 1.30 per cm. 

Calculate what thickness of lead would be necessary to reduce the intensity of these 
X-rays to of its original value. Ans.: 2.3 cm. 

7. A potential difference of 50,000 volts is applied across an X-ray tube. Calculate the 

. wavelength, expressed in A®, of the shortest X-ray emitted. A7is.: 0.248 A°. 

8. If the K, L, and M energy levels of Pt involved in the emission of the K X-rays of this 

element are 78,000, 12,000, and 3,000 electron-volts respectively, calculate the wave- 
lengths of the Kct and Kp lines from Pt. Express these in A®. Ans.: 0.187 ^®; 0.165 A°. 

9. Prom the energy level values given in the last problem, what is the minimum potential 

that must be applied across an X-ray tube with a Pt target to cause the emission of the 
La line? 12,000 volts. 

10. Taking the molecular weight of Na(T as 58.46 and the density at near room temperature 
as 2.167 gr/cc., calculate for this crystal the spacing between; (1) 100 planes; (2) 110 
planes; (3) 111 planes. Express these in A®. Ans.: 2.82 ^®; 1.99 A°; 1.63 *4®. 

Chapteb 8 

1. The half life of radon is 3.825 days. What fraction of a given sample of radon will dis- 

integrate in one day? 'The atomic weight of radon is 222. Starting with one micro- 
gram of radon, how many atoms will disintegrate in one day? Ans.: 0.166; 4.48 X lO^**. 

2. The half life of ThX is 3.64 days. Calculate the average life of ThX atoms. Calculate 

the transformation constant of TliX, expressed in units “per sec.” 

Ans.: 5.25 days; 2.20 X 10"® per see. 

3. The half life of UXi is 24.1 days. How many days after IJXi has been i.solated will it 

take for 90 percent of it to change to 11 X 2 ? Ans : 80 days. 

4. ThB has a fairly long life as compared to that of ThC. The half life of ThB is 10.6 hours; 

that of ThC is 60.5 minutes. 'J'hH disintegrates into ThC. Neglecting the fact that 
a small percentage of the ThB a toms di.sintegralc during the process, calcula te the time 
required for ThC to build up from 0 to 0.8 of its final equilibrium value. 

Ans.: 140 ^ninutes. 

5. It is observed that 3.67 X 10^® alpha particles are emitted per second per gram of radium. 

The atomic weight of radium is 226. C'alculate the half life of radium in years. 

Ans.: 1595 years. 
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6. The transfonnation constant of radium is 1.38 X 10“^' per second (half life 1590 years). 

The atomic weight of radium is 226 and that of UI is 238. It is found that 0.331 micro- 
grams of radium are in equilibrium with one gram of UI. Calculate the half life of UI 
in years. Ans.: 4.56 X 10® ^/ears. 

7. The three successive products of thoron, that is ThA, ThB and ThC, are in radioactive 

equilibrium. If there are N atoms of ThA present, calculate the number of ThB atoms 
present. Calculate also the number of ThC atoms present. 

Arts.: 2.7 X 10^ A’; 2.6 X 10^ N. 

8. The absorption coefficients in aluminum for beta rays from UXi and UX 2 are 460 and 18 

per cm., respectively. What thicknesses of aluminum are needed to reduce these beta 
rays to Hoo of their original intensity.^ A?ts.: 0.010 cm.,* 0.26 cm. 

9. 'J'he absorption coefficient of the hard gamma rays from TbC'^ in lead is 0.46 per cm. 

Calculate the thickness of lead required to reduce the intensity of these gamma rays to 
l { 0 of its original value. Calculate also the thickness required to reduce the intensity to 
Hoo of its original value. Arts.: 5.0 cm.; 10.0 cm. 

10. A gamma ray whose wavelength is 0.0124 A® is allowed to fall upon platinum. The 
energy required to remove a K electron from the Pt atom is 78,000 electron-volts. 
What is the energy, expressed in MEV, of a photoelectron ejected from the K shell of 
Pt by this gamma ray.^ Arts.: 0.92 MEV. 

Chapter 9 

1 . ( ’onsider a positively charged particle having an energy of 100 MEV moving perpendicular 

to a magnetic field of 15,000 oersteds. Calculate the radius of curvature of the path if 
the particle is a proton. Calculate the radius of curvature if the particle is a positron. 

Arts.: 98.7 cm.; 22.3 cm. 

2. Calculate the energy necessary to create an electron-positron pair. Express this energy 

in MEV. Arts.: 1.022 MEV. 

3. Calculate the wavelength of the gamma ray which would result if in the annihilation of an 

electron-positron pair a single gamma ray photon is given out. Assume that the elec- 
tron and positron were at rest at the time of annihilation. 0.0121 A^. 

4. Electron-positron pjiirs are produced by gamma rays having a wavelength of 0.0055 A®. 

What is the total kinetic energy of the pair at the moment of production? Express this 
energy in MEV. .Ins.: 1.23 MEV. 

<Ji AFTER 10 

1. ;\. neutron strikes a nitrogen nucleus and projecLs it .straight forward. The kinetic energy 

of the nitrogen nucleus, as judged from its range, is 2.5 MEV. By using the laws of 
conservation of inoinentuin and conservation of energy, calculate the kinetic energy 
of the iieiilron. Express this energy in ME!'. Am.: 10.1 MEV. 

2. (iarniua rays from whicli have an energy of 2.62 MKV, are used to disintegrate 

lieavy hydrogen. 'I'he heavy hydrogen is tliii.s disintegrated into a proton and a 
neutron. It is found that tlie proton leaves the point of disintegration with a kinetic 
(‘nergy of 0.225 MEV. Since the neutron mass is about that of the proton, the neutron 
f)ossess(‘s essentially tlic same kinetic energy. (Calculate accurately the atomic ma.ss 
of the lUMitron. .dn.v.; 1.00893. 

( IIAPTEK 1 1 

1 . < onsider an alpha particle striking a hydrogen nucleus and projecting this nucleus straight 
forward. .\sHuiniiig the conservation of kinetic energy and conservation of inonientuirj 
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at the collision, calculate the ratio of the velocity of the projected hydrogen nucleus to 
that of the incident alpha particle. Ans.: 1.6. 

2. The range of alpha particles from RaC' is approximately 7.0 cm. and the velocity of ejec- 

tion is approximately 2 X 10® cm/sec. Using the result of the last problen^, knowing 
that a proton of a given velocity has approximately the same range as an alpha particle 
of the same velocity, and knowing that the range of a particle is proportional to the 
cube of its velocity, calculate the range of a proton projected straight forward by impact 
of a RaC' alpha particle. Arts.: 29 cm> 

3. Using the data and results of problems 1 or 2, calculate what fraction of the kinetic energy 

of an alpha particle is given to a proton which is projected straight forward by the alpha 
particle. Ans,: 0.64. 

4. The range of alpha particles from RaC' is approximately 7.0 cm. and the velocity of ejec- 

tion is approximately 2 X 10® cm /sec. When A1 is bombarded with alpha particles 
from RaC' it is found that the disintegration protons have forward ranges of 90 cm. 
Knowing that a proton of a given velocity has approximately the same range as an 
alpha particle of the same velocity, and knowing that the range of a particle is propor- 
tional to the cube of its velocity, calculate the ratio of the kinetic energy of the dis- 
integration proton ejected from A1 to the kinetic energy of the RaC' alpha particle 
which ejects it. 1.37. 

5. Alpha particles are fired through a gas in a cloud chamber. One photograph taken shows 

a forked track, representing apparently not a disintegration but a collision between the 
alpha particle and a nucleus of the gas. Measurements from the photograph show that 
the alpha particle was deviated by an angle of 60® at the collision; the struck nucleus 
went oflP at an angle of 30® with the original direction of the alpha particle. Assuming 
conservation of momentum and conservation of kinetic energy at collision, calculate the 
atomic mass of the nucleus struck. What was the gas in the cloud chamber? What 
is the ratio of the velocity of the projected nucleus to the velocity of the incident alpha 
particle? Ans.: 4.0; helium; 0.87, 

6. Protons in a cyclotron, across which there is a magnetic flux density of 6,500 gauss, 

describe a circle of radius 32.0 cm. just before emerging from the dees. Neglecting any 
change of mass with velocity, calculate to two significant figures: (1) The velocity of the 
protons; (2) The energy of the protons, in MEV; (3) The frequency of the alternating 
potential applied between dees; (4) The number of complete turns of the spiral described 
by the protons if the peak value of the alternating potential applied between dees is 
20,000 volts. Ans,: 2.0 X 10® cm/sec.; 2.1 MEV; 10^ cycles/sec,; 52. 

7. Deuterons in a cyclotron describe a circle of radius 32.0 cm. just before emerging from the 

dees. The alternating potential applied to the dees is the same as that for the protons 
of the last problem, frequency 10^ cycles per second and peak 20,000 volts. Neglecting 
any change of mass with velocity, calculate to two significant figures: (1) The velocity 
of the deuterons; (2) The magnetic flux density necessary; (3) The energy of the 
deuterons in MEV; (4) The number of complete turns of the spiral described by the 
deuterons. Am.: 2.0 X 10® cmlsec,; 13,000 gauss; 4.2 MEV; 105. 

8. Alpha particles (helium nuclei) in a cyclotron describe a circle of radius 32.0 cm. just 

before emerging from the dees. The alternating potential applied to the dees is the 
same as that for the protons and the deuterons of the last two problems, frequency 
10^ cycles per second and peak 20,000 volts. Neglecting any change of mass with 
velocity, calculate to two significant figures: (1) The velocity of the alpha particles; (2) 
The magnetic flux density necessary; (3) The energy of the alpha particles in MEV ; 
(4) The number of complete turns of the spiral described by the alpha particles. 

Ans.: 2.0 X 10® cm/sec.; 13,000 gauss; 8.4 MEV; 105 
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9. 

10 . 

11 . 

12 . 

13. 

1 . 

2 . 

3. 

4 ). 

5. 

1 . 

2 . 


When Li® is bombarded with deuterons the disintegration results in the formation of Li^ 
and a proton. Calculate the energy, in MEV, that is released or absorbed. 

Am.: 4.92 MEV released. 

When is bombarded with alpha particles the disintegration results in the formation of 
017 and a proton. Calculate the energy, in MEV, that is released or absorbed. 

Ans.: 1.15 MEV absorbed. 

When Bi" is bombarded with neutrons the disintegration results in the formation of Li^ 
and an alpha particle. Calculate the energy, in MEV, that is released or absorbed. 

2.95 MEV released. 

When IjV is bombarded with deuterons the disintegration results in the formation of two 
alpha particles and one neutron. Calculate the energy, in MEV, that should be 
released or absorbed. Ans.: 15.08 MEV released. 

In the fission of U*®® by slow' neutrons it appears that the U nucleus absorbs the neutron 
and then splits into two fragments, one having an atomic weight about 140 and the other 
an atomic weight about 96. According to Dempster (see curve on page 197 of text) the 
packing fraction for an atom of atomic weight 236 is 5.5 X 10“S that for an atom of 
atomic weight 140 is —3.0 X and that for an atom of atomic weight 96 is —6.0 X 
lO"*. Calculate the appro.ximate total energy released in the splitting of uranium. 
Express this in MEV. Ans,: 214 MEV. 


Chapter 12 


Wilson found that the absorption coefficient of the very penetrating cosmic rays observed 
in deep mines is 0.0025 per meter of water equivalent. These rays were observed at 
depths equivalent to 1400 meters of water. Calculate for these penetrating cosmic 
rays: (1) The fraction of the radiation which gets through 1 meter of water; (2) The 
fraction that gets through 1-1 00 meters of w'ater. /la.-?..* 0.998; 0.030. 

Cosmic ray mesotrons travel with approximately the velocity of light. They are radio- 
active, having a mean life (not half life) of 2 microseconds. Knowing that they dis- 
integrate in accord w'itli the usual law' of radioactive decay, and neglecting any relativity 
considerations, calculate: (1) The fraction of mesotrons that travel 1 kilometer before 
disintegrating; (2) The fraction that travel 10 kilometers before disintegrating. 


Aw.9..- 0.19; 5.8 X 10“8. 

Calculate the minimum energy, in MEV, that must be possessed by a positive or negative 
cosmic ray electron in order that this electron shall penetrate the Earth’s magnetic field 


and reach the Earth’s surface: 
of 40®. 


(1) At the magnetic equator; (2) At a magnetic latitude 
Ans.: 19,200 MEV; 6,610 MEV. 


The path of an energetic cosmic ray charged particle in a magnetic field of 20,000 oersteds 


has a radius of curvature of 50 cm. The nature of the track indicates that the particle 
bears a single electronic charge; the muss of the particle is not known. Calculate the 


momentum of the particle. Ans.: 1.6 X 10“i4 cm/sec. 

Assuming that the particle of the last problem is an electron, calculate the approximate 
kinetic energy of the particle. Express this in MEV. Ans.: 300 MEV. 


(.'hap'i’er 13 

It is found from a cloud diumher photograph that the radius of curvature of the path of a 
particle in a magnetic field of 4,000 oersteds is 10 cm. The range of the particle, in air 
at 15® C and 750 mm. of Hg, is 8.0 cm. What is the ratio of the rest ma.ss of this 
particle to the rest mass of the normal electron? 175. 

The path of a charged particle has a radius of curvature of 25 cm. in a magnetic field of 
3,000 oersteds. Assuming Ihnt this is a mesotron having a rest mass 200 times that of 
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the normal electron, what range would one expect for the particle in air at 15® C and 
750 mm. of Hg? Ans.: 55 cm. 

3. Taking the average life (not half life) of the mesotron as 2.0 microseconds, what percent 

of the mesotrons present at a given instant would you expect to disintegrate within 
the next: (1) one microsecond; (2) five microseconds? Ans.: 39%; 92%. 

4. The mean life of the mesotron is 2.0 microseconds. What is the radioactive decay con- 

stant of mesotrons, expressed as the fraction that decay per second? 

* 5 X 10*^ per sec. 

Chapter 14 

1. Calculate the DeBroglie wavelength of an electron having a velocity of: (1) 10® cm /sec.; 

(2) 10® cm/sec. Express these wavelengths in A®. Ans.: 7.3 .4®; 0.73 A^. 

2. Calculate the wavelength of an electron having an energy of 1000 electron-volts. 

Ans.: 0.39 A^. 

3. The thermal velocity of a hydrogen molecule at 200® C is approximately 2.4 X 10® cm/sec. 

Calculate the DeBroglie wavelength of this molecule. Ans.: 0.82 A^. 

4. Calculate the DeBroglie wavelength of a 2.0 gram rifle bullet traveling with a velocity of 

400 meters/sec. Ans.: 8,3 X 10"®^ A**. 

5. Calculate, in electron-volts, the energy of a proton which would have a DeBroglie wave- 

length of 0.5 4l®. A ns.: 0.33 electron-volts. 
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Artificial disintegration, by alpha particle 
bombardment, 393, 396, 412, 438 
by deuteron bombardment, 184, 436 
by neutron bombardment, 441 
by photon bombardment, 393, 443 
by proton bombardment, 184, 433 
first successful experiments, 412 
radioactivity, 373, 437, 439, 442, 445, 452 
Atomic character of electricity, 46, 40 
structure, general concept of, 40, 417 
weights, accurate determination of, 168, 
183, 187 

physical versus chemical scale, 182 
tables of, 169, 182, 187, 447 
Atoms and molecules, diffraction of, 550 
Atoms, the general structure of, 40, 417 
Avogadro’s number, methods of evaluating, 
54, 57 

table of experimental values, 64 

Balmer series, 214, 220, 221 
Barytron, utr Mesotron 

Beta rays, continuous velocity spectrum, 352 
ionization by, 44, 350 
line vehxnty spectra, 354, 359 


Beta rays, nature of, 317, 349 
origin of, 353, 355 

tables of materials emitting, 318, 323 
Bohr’s theory of radiation, 216, 221 
Brackett series, 221, 222 
Bragg’s law, 270 

Bursts, cosmic ray, 478, 509, 519 

Carnegie Model C cosmic ray meter, 477 
Cathode dark space, 67, 71, 80, 89, 91 
drop of potential, 83, 84 
rays, nature of, 72, 101 
Characteristic beta ray velocity spectra, 354, 
359 

line gamma ray spectra, 355 
X-ray spectra, 295, 358, 454 
Collision, ionization by negative ions, 11 
by positive ions, 18 
theory of ionization by, 11 , 18, 21 
C’ompton effect, 255, 281 
Contact potential, 245 
( ’ontmuous beta ray velocity spectrum, 352 
X-ray spectrum, 291 

Cosmic rays, absorption in imitler, 462, 468, 
500, 503 

altitude variation, 461, 463, 518 
bursts. 478, 509, 519 
coincidence stii<iies, 497 
dissipation of energy, 507 
diurnal variation, 489, 491, 492 
early history, 460 
east-west effect, 494, 518 
energy distribution, 486 
galactic rotation effect, 490 
ionization at sea level, 488 
latitude variation, 406, 475, 479, 481, 
482, 484, 518 

nature of, 462, 463, 483, 496, 504, 517 
number per second, 487 
penetration to great depths, 2, 462, 
472 

seasonal variation, 480, 489, 491 
showers, 509 


57Q 



580 


SUBJECT INDEX 


Creation and annihilation of electron-posi- 
tron pairs, 366, 373, 374, 378, 507, 
513 

Critical potentials, see Ionization and reson- 
nance potentials 

Crookes dark space, 67, 71, 80, 89, 91 
Crystal structure from, electron diffraction, 
547, 549 

x-ray diffraction, 303 
Current density at cathode, 71 
Currents, small, methods of measuring, 5 
Cyclotron, 422 

DeBroglie, equation, 227, 539 
wave lengths, table, 540 
waves, 227, 538 

Decay of a radioactive material, 325 
Deflection of charged particles in electric 
fields, 104 

in magnetic fields, 106 
Deuteron, magnetic moment of, 401 
Deuterons, disintegration by, 184, 436 
Diffraction of, atoms and molecules, 550 
electrons by gases, 547 
by crystals, 541, 545 
protons, 554 

X-rays, 262, 265, 271, 303 
Disintegration by, alpha particles, 393, 396, 
412, 438 

deuterons, 184, 436 
neutrons, 441 
photons, 397, 443 
protons, 184, 433 

Diurnal variation of cosmic rays, 489, 491, 
492 

Duane-Hunt law, 292 

r, early methods of measuring, 47 

experimental values, table, 62, 64 
Millikan’s determination of, 49 
typical student data to determine, 52 
X-ray method of determining, 57 
East*- west effect, cosmic ray, 494, 518 
Einstein’s photoelectric equation, 240, 250 
Electric field distribution in glow discharge, 
experimental results, 79 
methods of measuring, 74 
Electrical conductivity of a gas, dependence 
on field strength, 2, 4 
on gas pressure, 2 


Electrical conductivity of a gas, dependence 
on ionizing agent, 3 
on shielding, 2 
ionization theory of, 7 
normal air, 1, 3 
discharge, types of, 65 

Electron-positron pair creation and annihila- 
tion, 366, 373, 374, 378, 507, 513 
Electrons, deflection in electric fields, 104 
in magnetic fields, 106 
diffraction by crystals, 541, 545 
by gases, 547 

crystal structure by, 547, 549 
discovery, 46, 49 

early methods of measuring c, 47 
ejection of positive ions by, 22, 90 
experimental values of e, table, 62, 64 
ionization by, 44, 92 
mean free path of, in discharge, 96 
Millikan’s determination of e, 49 
mobility of, 39 
reflection from crystals, 541 
refraction of De Broglie waves, 544 
typical student data to determine Cy 52 
velocity, direct measurement of, 102 
X-ray method of determining e, 57 
Electrostatic generator, Van de Graaff, 427 
e/iu for electrons, by deflection methods, 108, 

120, 121, 130 

by spectroscopic methods, 119, 120, 

127, 130 

methods of measuring, 108, 119, 

121, 127 

summary of experimental values, 

128, 130 

variation with velocity, 111, 113, 
116, 129, 134, 138 

Energies of disintegration, table, 446 
Energy and mass, interchangeability of, 185, 
374, 387, 396, 445, 449 
distribution of cosmic rays, 486 

Faraday dark space, 67, 97 
Fine structure of alpha rays, 830, 341, 344, 
346 

of spectral lines, 224 
Fission, 447 

Galactic rotation, effect on cosmic rays, 49 
Gamma rays, ionization by, 351 
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(iamma rays, line spectra, 355 

methods of determining wave lengths, 
351 

nature of, 317, 350 
origin of, 355 
wave length range, 350 
(lases, conductivity of, 1 
Geiger-Nuttall law, 335 
Glow discharge, cathode dark space, 07, 71, 
80, 80, 01 

fall of potential, 83, 84 
Crookes dark space, 67, 71, 80, 89, 91 
distribution of ions in, 86 
electric field distribution in, 74, 70 
elementary tlieory of, 89 
Faraday dark space, 67, 97 
general appearance, 66 
negative glow, 67, 07 
normal versus tlie abnormal, 71 
positive cohinin, 67, 68, 80, 08 
potential distribution in, 82 
required to maintain, 73 
atriations in, 66, 68, 08 
typical photographs of, 67, 60 
Growth of a radioactive product, 326 

hy value of, 244, 245, 204 
Half life period, 31(5, 326 
table, 318 

Heavy electron, .vrr Mesotron 
water, i)roperties of, 210 
h/<\ value of, from, Dnane-lliint law, 203 
photo(‘lecl ric (*IFeet, 243 
Rydberg constant, 257, 203 
High energy parli(*les, pro<hiclion of, 420 

Induction accch'rator, 42(5 
Inverse square law, failure of, 410 
Ionization ami resonance potentials, ca,l- 
culaU‘<l from spectral lines, 234, 
235 

general existence of, 220 
melluxls of measuring, 231 
tabl(‘s of, 234, 235 
by, alpha rays, 43, 336, 350 
(‘ollision, 4\»wnsend’s theory, II 
cosmi(‘ rays at sea level, 488 
(‘lectrons, 44, 02, 350 
mesotrons, 524, 527, 531 
lu^galive ion collision, 11 


Ionization by, positive ion collision, 18 
X-rays or gamma rays, 44, 351 
current, dependence on field strength, 4 
methods of measuring, 5 
saturation, 2, 4, 10 
theory of conduction, 7 
Ions, distribution in glow discharge, 86 
manner of formation, 39, 43 
Isomers, nuclear, 455 

Isotopes, existence of, 153, 155, 160, 162, 177 
masses from mass spectrograph studies, 
168, 178, 187 

from nuclear studies, 183, 187 
tables, 160, 182, 187, 447 
methods of detecting existence, 198 
of studying, 148, 154, 156, 198 
separation of, 203 
table of stable, 163 

Kinetic energy, exact expression for, 145 

Latitude variation of cosmic ray intensity, 
466, 475, 470, 481, 482, 484, 518 
Lane, X-nty photograplis, 266 
Lead, variation in atomic wciglit of, 322 
Life, mean, of inesolrons, table, 536 
'Line beta ray velocity spectrji,, 354, 350 
Lives, Jialf, of ra.<lioaetive nuiierials, tables, 
318, 323 

Long range alplia. particles, 330, 34() 

Lyman series, 221, 222 

Magnetic moment of, deuteron, 401 
neutron, 400 
proUm, 401 

Mass and eiuu’gy, inlereliaiigeabilily of, 185, 
374, 387, 306, 445, 440 
Mass f>r tile im'sotron, metluxis of eviduatinir, 
520 

tal)l(^ of experimental values, 533 
of the neutron, 300, 305, 300 
spectrographs, 148, 154, 156, 173 
variation with velocity. 111, 113, 116, 
120, 134, 138 
Meson, tivc Mesotron 
Mesotron, discovery, 520, 524 

evidence from cloud chamber photo- 
graplis, 523 

from cosmic ray studies, 521 
ionizing power, 524, 527, 531 
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Mesotron, mass, 522, 529, 533 
mean life, table, 536 
methods of evaluating mass, 529 
observation of disintegration particle, 
536 

radioactive decay, 481, 534 
Millikan’s oil drop experiment, 49 
Mobilities of ions, aging effect, 34, 37 
effect of impurities on, 34, 38 
methods of measuring, 31 
simple theory of, 9, 36 
typical values, 34, 35 
variation with pressure, 35 
with temperature, 35 
Moseley’s law, 296, 302 

Negative glow, 67, 97 
Neutrino, 354, 356 
Neutron, coUimation of beam, 394 
discovery, 386 
disintegration by, 441 
magnetic moment, 400 
mass, 390, 395 

table of experimental values, 399 
projection of nuclei by, 388, 390 
sources, 393 

Normal versus the abnormal discharge, 71 
Nuclear charge equal to atomic number, 
408 

isomers, 455 
Nucleus, size of, 407 

Packing fraction curve, 170, 196, 197, 198 
Parabolas, positive ion, 151, 172, 173 
Paschen series, 221, 222 
Pfund series, 222 

Photoelectric effect, early history, 236 
Einstein’s theory of, 240, 250 
Millikan’s study of, 241 
possible time lag, 248 
with X-rays or y-rays, 249 
Photons, disintegration by, 397, 443 

ejection of photoelectrons by, 240, 249 
production of electron-positron pairs by, 
374, 378 

radiation and absorption of, 213, 216 
scattering of X-ray, 254 
Pickering series, 222 
Polarization of X-rays, 278 


Positive column, 67, 68, 98 

ions, ejection by electron bombardment, 
22, 90 

rays, existence of isotopes, 153, 155, 160, 
162, 177 

methods of studying, 148, 154, 156 
nature of, 147 

Positron, abundance in nature, 371 
charge, 370 

creation and annihilation of electron- 
positron pairs, 366, 373, 374, 375, 
378 

discovery, 362 

ejected from artificial radioactive 
materials, 453 
e/w, 371 
mass, 370 
sources, 372 

Potassium, radioactivity of, 167, 211, 316, 323 
Potential distribution in glow discharge, 82 
required to maintain discharge, 73 
Production of high energy particles, 420 
Proton, magnetic moment of, 401 
Proton-neutron model of the nucleus, 419 
Protons, diffraction of, 554 
disintegration by, 184, 433 

Radiant energy, emission and absorption, 
213, 216 

Radioactive constants, relationships among, 
325 

decay of mesotrons, 481, 534 
equilibrium, 327, 329 
materials, table, 318, 323 
transformation series, 317, 319 
theory of, 324 

Radioactivity, artificial, 373, 437, 439, 442, 
452 

natural, 315 

Range of alpha particles, 318, 323, 330 
Recombination of ions, coefficient of, 8 , 27 
disappearance of ions due to, 28 
measurement of coefficient of, 29 
rate of, 8, 27 

variation with pressure, 30 
with temperature, 30 
Reflection of electrons from crystals, 541 
of X-rays, 269, 271, 277 
Refraction of electron waves, 544 
of X-rays, 272 
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Refractive indices, X-ray, table, 275 
Resonance potentials, see Ionization and 
resonance potentials 
Richardson^s equation, 240 
Rossi curve for cosmic ray showers, 510 
feydberg constant, 219, 220, 002 

Scattering of alpha particles by thin films, 400 
of X-rays, classical theory, 2S0 
Compton theory, 255, 201 
Seasonal variation of cosmic rays, 400, 480, 
401 

Separation of isotopes, 200 
Siiowers, and bursts, cosmic ray, 478, 509, 519 
Size of the nucleus, 407 
Sotninerf eld’s theory of fine structure, 224 
Sparking potenlials, available tables of, 20 
exi^erimental test of theory, 25 
theory of, 28, 25, 20 
Spectrorneler, lirugg crystal X-rjiy, 207 
Spinning electron, 227 
Stokes’ law, 47, 50 

Striations in positive eohimii, 00, 08, 80, 98 
Structure of atoms, general, 40, 417 

TMiorium, radiouelive H<‘ries, 818 
’’rowiisend, first and second c‘o<‘fHci(‘nts, 28 
theory of ionizntion by collision, 11, 18, 
21 

of sparUiiig pohMilial, 28, 25 
T’racers, rsKlioactivo and sinblc isolo[)cs as, 
458 

T’ransformal ion series, radiouelive, 817, 819 
theory, radioactive, 824 

liraninm, Hssion of, 447 
radioactive series, 818 


Van do (iraaff generator, 427 
Variation of mass with velocity, experimental 
evidence, 188 
theories of, 111, 129, 184 
Velocity of electrons, direct measurenicnt of, 
102 

Viscosity of air, elimination of small error 
in, 00 
table, 01 

Water, heavy, properties of, 210 
Wave lengths, J)e Uroglie, of i)arLieles, table, 
540 

obtained from pliotoeleetrie data, 251 
mechanics, 228, 258, 259, 285 
Wilson cloud expansion chamber, 41 
Work function, 84 , 240, 244 , 245, 247 

X-rays, absorption, 280 

Bragg crystal spi^ctrometer, 207 
characteristic spectra, 295, 858, 454 
eontinnous spectnini, 291 
crystal si met u re by, 808 
<liffraction ami interfereJUie, 202, 205, 
271, 808 
discovery, 200 

imlices of r(‘f ruction, table, 275 
ionization by, 44 
Lam* pln/tograpbs, 200 
polarization, 278 
pnxluelion, 201 
refl(‘<*(ion by crystals, 209 
by riile<l gratings, 271 
re fraction, 272 
scattering, 154, 280 
velocity, 202 



